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� Í¨µ´ ²Ó´Ò° Ê´¨¢¥·¸¨É¥É ¨³. ’.˜¥¢Î¥´±µ, Š¨¥¢, “±· ¨´ 

‚ ¶µ¸²¥¤´¨¥ £µ¤Ò · §¢¨¢ ¥É¸Ö ´µ¢Ò° ¶µ¤Ìµ¤ ± É¥µ·¨¨ Ö¤¥·´ÒÌ ·¥ ±Í¨°, ¸µ¶·µ¢µ¦¤ Õ-
Ð¨Ì¸Ö · §¢ ²µ³ ¢§ ¨³µ¤¥°¸É¢ÊÕÐ¨Ì ¶µ¤¸¨¸É¥³ ¶µ · §²¨Î´Ò³ ± ´ ² ³. �ÉµÉ ¶µ¤Ìµ¤ ¶µ²ÊÎ¨²
´ §¢ ´¨¥  ´É¨¸¨³³¥É·¨§µ¢ ´´µ° ³µ²¥±Ê²Ö·´µ° ¤¨´ ³¨±¨ (�Œ„),   ¥£µ £² ¢´ Ö ¨¤¥Ö ¸µ¸Éµ¨É ¢
¸µ¶µ¸É ¢²¥´¨¨ ´Ê±²µ´ ³ ¢µ²´µ¢ÒÌ ¶ ±¥Éµ¢ (µ·¡¨É ²¥° �·¨´± ) ¨ ¢ ¸¢¥¤	¥´¨¨ ¤¨´ ³¨Î¥¸±µ° § -
¤ Î¨ ± É ±¨³ ±² ¸¸¨Î¥¸±¨³ Ê· ¢´¥´¨Ö³ ¤²Ö Í¥´É·µ¢ ¢µ²´µ¢ÒÌ ¶ ±¥Éµ¢, ±µÉµ·Ò¥ ¶·¨´¨³ ÕÉ ¢µ
¢´¨³ ´¨¥ ÔËË¥±ÉÒ  ´É¨¸¨³³¥É·¨§ Í¨¨, ´µ ´¥ ÊÎ¨ÉÒ¢ ÕÉ ¤·Ê£¨Ì ±¢ ´Éµ¢ÒÌ ÔËË¥±Éµ¢. ‚ µ¡§µ·¥
¨²²Õ¸É·¨·ÊÕÉ¸Ö µ¸´µ¢´Ò¥ ¶µ²µ¦¥´¨Ö �Œ„ ´  ¶·¨³¥·¥ ¶·µ¸ÉÒÌ Ö¤¥·´ÒÌ ¸¨¸É¥³, ·¥§Ê²ÓÉ ÉÒ
�Œ„ ¸· ¢´¨¢ ÕÉ¸Ö ¸ É¥³¨, ±µÉµ·Ò¥ ¤ eÉ ÉµÎ´µ¥ ±¢ ´Éµ¢µ-³¥Ì ´¨Î¥¸±µ¥ µ¶¨¸ ´¨¥ ¢ ¶·µ¸É· ´-
¸É¢¥ ”µ± Ä� ·£³ ´´ , µ¡¸Ê¦¤ ¥É¸Ö µ¡² ¸ÉÓ ¶·¨³¥´¨³µ¸É¨ �Œ„, ¢ Éµ³ Î¨¸²¥ ¨ ¤²Ö ¸µ¸ÉµÖ´¨°
¤¨¸±·¥É´µ£µ ¸¶¥±É· , ¨ Ê¸É ´ ¢²¨¢ ¥É¸Ö ¸¢Ö§Ó ±² ¸¸¨Î¥¸±¨Ì É· ¥±Éµ·¨° �Œ„ ¨ ±¢ ´Éµ¢ÒÌ · ¸-
¶·¥¤¥²¥´¨° ¸ ¶·¥¤¸É ¢²¥´¨Ö³¨ ¸É É¨¸É¨Î¥¸±µ° Ë¨§¨±¨. �¤´µ¢·¥³¥´´µ ¶·¥¤² £ ¥É¸Ö ´µ¢ Ö ¨´-
É¥·¶·¥É Í¨Ö µ·¡¨É ²¥° �·¨´±  ¨ ¶µ¸É·µ¥´´ÒÌ ´  ÔÉ¨Ì µ·¡¨É ²ÖÌ ¤¥É¥·³¨´ ´Éµ¢ ‘²¥°É¥·  ± ±
¸µ¡¸É¢¥´´ÒÌ ËÊ´±Í¨° µ¶¥· Éµ·  ±µµ·¤¨´ ÉÒ, µ¶·¥¤¥²e´´µ£µ ¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´´ .

In recent years, a new approach to the theory of nuclear reactions accompanied by a break-down
of the interacting subsystems into various channels has been developed. This approach was named
the Antisymmetrized Molecular Dynamics (AMD), and its main idea consists in the description of
the nucleons by wave packets in which the antisymmetrization effects (but not other quantum effects)
are accounted for. In this review, the basic principles of AMD are illustrated with the examples of
simplest nuclear systems, and the results are compared with those provided by an exact quantum-
mechanical description in the FockÄBargmann space. The applicability region of AMD is discussed,
in particular, in the cases of systems with discrete spectrum, and a relation between the classical
AMD trajectories and the quantum distributions is established. At the same time, a new interpretation
of Brink orbitals and Slater determinants built on them as eigenfunctions of the coordinate operator
deˇned in the FockÄBargmann space is proposed.

1. ‚‚…„…�ˆ…

‘Éµ²±´µ¢¥´¨¥ ÉÖ¦e²ÒÌ ¨µ´µ¢ ¤µ¸É ÉµÎ´µ ¢Ò¸µ±µ° Ô´¥·£¨¨ ¸µ¶·µ¢µ¦¤ -
¥É¸Ö ¨Ì · §¢ ²µ³ ¨ ¶µÖ¢²¥´¨¥³ · §²¥É ÕÐ¨Ì¸Ö Ö¤¥·´ÒÌ Ë· £³¥´Éµ¢ [1]. �·µ-
Í¥¸¸ ÔÉµÉ µ± §Ò¢ ¥É¸Ö ¸ÊÐ¥¸É¢¥´´µ ´¥· ¢´µ¢¥¸´Ò³, ¨ ·¥ ²Ó´µ ¢ ´¥³ ÊÎ ¸É¢Ê¥É
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¡µ²ÓÏµ¥ Î¨¸²µ ´Ê±²µ´µ¢. �µÔÉµ³Ê Ê¦¥ ¤ ¢´µ ¡Ò²  µ¸µ§´ ´  ´¥µ¡Ìµ¤¨³µ¸ÉÓ
µ¡· Ð¥´¨Ö ± ¶·¥¤¸É ¢²¥´¨Ö³ ±¨´¥É¨Î¥¸±µ° É¥µ·¨¨, ÎÉµ¡Ò ´ °É¨  ¤¥±¢ É´µ¥
µ¡ÑÖ¸´¥´¨¥ Ö¢²¥´¨°, ´ ¡²Õ¤ ¥³ÒÌ ¶·¨ ¸Éµ²±´µ¢¥´¨¨ ÉÖ¦e²ÒÌ ¨µ´µ¢ [2]. �¤-
´ ±µ ¥¸²¨ ¢ µ¸´µ¢Ê ¸É ´¤ ·É´µ£µ ¸É É¨¸É¨Î¥c±µ£µ ¶µ¤Ìµ¤  ¶µ²µ¦¥´Ò § ±µ´Ò
±² ¸¸¨Î¥¸±µ° ³¥Ì ´¨±¨, Éµ ¨¸Ìµ¤´Ò³ ¶Ê´±Éµ³ ±¨´¥É¨Î¥¸±µ° É¥µ·¨¨ Ö¤¥·-
´ÒÌ ¸Éµ²±´µ¢¥´¨° ¤µ²¦´Ò ¡ÒÉÓ Ê· ¢´¥´¨Ö ±¢ ´Éµ¢µ° ³¥Ì ´¨±¨ ¨²¨ É ±µ° ¨Ì
±² ¸¸¨Î¥¸±¨° ¶·¥¤¥², ±µÉµ·Ò° ¶¥·¥¤ eÉ ÌµÉÖ ¡Ò ´ ¨¡µ²¥¥ ¢ ¦´Ò¥ ±¢ ´Éµ¢Ò¥
µ¸µ¡¥´´µ¸É¨ ´Ê±²µ´´µ° ¤¨´ ³¨±¨. ’ ±, ¢ ·¨ ´É ±¨´¥É¨Î¥¸±µ£µ ¶µ¤Ìµ¤ , ÊÎ¨-
ÉÒ¢ ÕÐ¥£µ ¢²¨Ö´¨¥ ±¢ ´Éµ¢µ£µ ÔËË¥±É   ´É¨¸¨³³¥É·¨§ Í¨¨ ´  ±² ¸¸¨Î¥¸±¨¥
É· ¥±Éµ·¨¨ ´Ê±²µ´µ¢, ¡Ò² ¶·¥¤²µ¦¥´ ¢ · ¡µÉ Ì [3,4] ¨ ´ §¢ ´  ´É¨¸¨³³¥É·¨-
§µ¢ ´´µ° ³µ²¥±Ê²Ö·´µ° ¤¨´ ³¨±µ° (�Œ„).

�µ§¦¥ ¸É ²µ Ö¸´µ [7], ÎÉµ ´Ê±²µ´´Ò¥ É· ¥±Éµ·¨¨, ¸É ¢Ï¨¥ ¶·¥¤³¥Éµ³ ¨¸-
¸²¥¤µ¢ ´¨Ö �Œ„, ¶·¥¤¸É ¢²ÖÕÉ ¸µ¡µ° ±² ¸¸¨Î¥¸±¨° ¶·¥¤¥² ¢µ²´µ¢ÒÌ ËÊ´±-
Í¨°, µ¶·¥¤¥²e´´ÒÌ ¢ £¨²Ó¡¥·Éµ¢¸±µ³ ¶·µ¸É· ´¸É¢¥ Í¥²ÒÌ  ´ ²¨É¨Î¥¸±¨Ì
ËÊ´±Í¨° (¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´´ ) [8,9]. ‡ ³¥Î É¥²Ó´µ¥ ¸¢µ°¸É¢µ
ÔÉ¨Ì ËÊ´±Í¨° ¸µ¸Éµ¨É ¢ Éµ³, ÎÉµ ¨Ì ´¥§ ¢¨¸¨³Ò³¨ ¶¥·¥³¥´´Ò³¨ Ö¢²ÖÕÉ¸Ö
¨³¶Ê²Ó¸Ò ¨ ±µµ·¤¨´ ÉÒ ´Ê±²µ´µ¢ µ¤´µ¢·¥³¥´´µ, É.¥. µ´¨ § ¤ ´Ò ¢ Ë §µ¢µ³
¶·µ¸É· ´¸É¢¥. � ¶µ³´¨³, ÎÉµ µ¡ÒÎ´µ ¶¥·¥Ìµ¤ µÉ ±µµ·¤¨´ É´µ£µ ± Ë §µ¢µ³Ê
¶·µ¸É· ´¸É¢Ê µ¸ÊÐ¥¸É¢²Ö¥É¸Ö ¢ ·¥§Ê²ÓÉ É¥ ¢¢¥¤¥´¨Ö ³ É·¨ÍÒ ¶²µÉ´µ¸É¨ ‚¨£-
´¥·  [10], ´µ Éµ£¤  ¶·¨Ìµ¤¨É¸Ö ³¨·¨ÉÓ¸Ö ¸ É¥³, ÎÉµ ËÊ´±Í¨Ö ‚¨£´¥·  ³µ¦¥É
¡ÒÉÓ §´ ±µ¶¥·¥³¥´´µ°,   ÔÉµ ¶·µÉ¨¢µ·¥Î¨É ¥e Ë¨§¨Î¥¸±µ³Ê ¸³Ò¸²Ê. Œ É·¨Í 
¶²µÉ´µ¸É¨, ¶µ¸É·µ¥´´ Ö ´  ¢µ²´µ¢ÒÌ ËÊ´±Í¨ÖÌ ¶·µ¸É· ´¸É¢  ”µ± Ä� ·£³ ´-
´  ¸ ÊÎeÉµ³ ³¥·Ò � ·£³ ´´ , §´ ±µ¶µ²µ¦¨É¥²Ó´  ¶·¨ ¢¸¥Ì §´ Î¥´¨ÖÌ ¨³-
¶Ê²Ó¸µ¢ ¨ ±µµ·¤¨´ É ¨, ¸²¥¤µ¢ É¥²Ó´µ, ²¨Ï¥´  ´¥¤µ¸É É± , ¸¢µ°¸É¢¥´´µ£µ
ËÊ´±Í¨¨ ‚¨£´¥· . �µÔÉµ³Ê µ¡· Ð¥´¨¥ ± ¶·µ¸É· ´¸É¢Ê ”µ± Ä� ·£³ ´´  ¤²Ö
Ê¸É ´µ¢²¥´¨Ö ¸¢Ö§¨ ³¥¦¤Ê ±¢ ´Éµ¢µ° ¨ ±² ¸¸¨Î¥¸±µ° ¸É É¨¸É¨±µ° ¨³¥¥É ´¥
³¥´ÓÏ¥ µ¸´µ¢ ´¨°, Î¥³ ¢¢¥¤¥´¨¥ ËÊ´±Í¨¨ ‚¨£´¥· . �·µ¸Éµ¥ ·¥Ï¥´¨¥ ´ Ìµ-
¤¨É ¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´´  ¨ ¶·µ¡²¥³  ¸µµÉ´µÏ¥´¨Ö ³¥¦¤Ê ±² ¸-
¸¨Î¥¸±µ° ¨ ±¢ ´Éµ¢µ° ³¥Ì ´¨±µ°, ¢±²ÕÎ Ö ¶· ±É¨Î¥¸±ÊÕ µÍ¥´±Ê ÉµÎ´µ¸É¨
·¥§Ê²ÓÉ Éµ¢ ±² ¸¸¨Î¥¸±µ° ³¥Ì ´¨±¨ ¢ ¶µ£· ´¨Î´µ° µ¡² ¸É¨ ±¢ §¨±² ¸¸¨±¨. ‚
¸¢Ö§¨ ¸ ÔÉ¨³ µ¸µ¡µ¥ ¢´¨³ ´¨¥ ³Ò Ê¤¥²Ö¥³ ¨§²µ¦¥´¨Õ µ¸´µ¢´ÒÌ ¶µ²µ¦¥´¨°,
± ¸ ÕÐ¨Ì¸Ö ¶·µ¸É· ´¸É¢  ”µ± Ä� ·£³ ´´ , ¤¥³µ´¸É·¨·ÊÖ ¨Ì ´  ¶·¨³¥· Ì
¶·µ¸ÉÒÌ ÉµÎ´µ ·¥Ï ¥³ÒÌ § ¤ Î.

‚µ ¢Éµ·µ³ · §¤¥²¥ ¤ ´µ µ¶·¥¤¥²¥´¨¥ ¶·µ¸É· ´¸É¢  ”µ± Ä� ·£³ ´´  ¨
¶µ± § ´  ¸¢Ö§Ó ³¥¦¤Ê ¢µ²´µ¢Ò³¨ ËÊ´±Í¨Ö³¨, § ¤ ´´Ò³¨ ¢ ±µµ·¤¨´ É´µ³ ¨²¨
¨³¶Ê²Ó¸´µ³ ¶·¥¤¸É ¢²¥´¨¨, ¨ ¨Ì µ¡· §µ³ ¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´´ . ‚
É·¥ÉÓ¥³ · §¤¥²¥ µ¡¸Ê¦¤ ÕÉ¸Ö Ë §µ¢Ò¥ É· ¥±Éµ·¨¨ É¥Ì ¸¨¸É¥³, ¤²Ö ±µÉµ·ÒÌ ¢
¶·¥¤Ò¤ÊÐ¥° £² ¢¥ ¡Ò²¨ µ¶·¥¤¥²¥´Ò ¢µ²´µ¢Ò¥ ËÊ´±Í¨¨. ‚ Î¥É¢e·Éµ³ · §¤¥²¥
· ¸¸³ É·¨¢ ¥É¸Ö ¢²¨Ö´¨¥ ¢§ ¨³µ¤¥°¸É¢¨Ö ³¥¦¤Ê Ë¥·³¨µ´ ³¨ ´  ¸É·Ê±ÉÊ·Ê ¨Ì
¢µ²´µ¢ÒÌ ËÊ´±Í¨° ¨ Ë §µ¢ÒÌ É· ¥±Éµ·¨°. � ±µ´¥Í, ¢ ¶ÖÉµ³ · §¤¥²¥ ¢Ò¢¥-
¤¥´Ò Ê· ¢´¥´¨Ö ¤¢¨¦¥´¨Ö ¸ ÊÎeÉµ³ · ¸¶²Ò¢ ´¨Ö ¢µ²´µ¢ÒÌ ¶ ±¥Éµ¢, µ¡ÒÎ´µ
¨¸¶µ²Ó§Ê¥³ÒÌ ¢ �Œ„.



���‘’���‘’‚� ”�Š�Ä���ƒŒ���� 763

2. ���‘’���‘’‚� ”�Š�Ä���ƒŒ����

•µÉÖ § ±µ´µ³¥·´µ¸É¨, Ì · ±É¥·´Ò¥ ¤²Ö ¶·µ¸É· ´¸É¢  ”µ± Ä� ·£³ ´´ 
¨ µ¶·¥¤¥²e´´ÒÌ ¢ ´e³ ¢µ²´µ¢ÒÌ ËÊ´±Í¨°, ´¥ µÉ´µ¸ÖÉ¸Ö ± Î¨¸²Ê Ï¨·µ±µ
¨§¢¥¸É´ÒÌ, ´¥±µÉµ·Ò¥ Î ¸Éµ ¨¸¶µ²Ó§Ê¥³Ò¥ ¢ Ö¤¥·´µ° Ë¨§¨±¥ ±µ´¸É·Ê±Í¨¨
¨³¥ÕÉ ¶·Ö³µ¥ µÉ´µÏ¥´¨¥ ± ÔÉµ³Ê ¶·µ¸É· ´¸É¢Ê.

2.1. �·¡¨É ²¨ �²µÌ Ä�·¨´± . ‘·¥¤¨ ¶·µ¸ÉÒÌ ¶·¨³¥·µ¢ ¢µ²´µ¢ÒÌ ËÊ´±-
Í¨°, µ¶·¥¤¥²e´´ÒÌ ¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´´ , µ¸µ¡µ ¸²¥¤Ê¥É ¢Ò¤¥²¨ÉÓ
µ·¡¨É ²Ó �²µÌ Ä�·¨´± 

φr(R) = π−3/4 exp
{
−r2

2
+
√

2(Rr) − R2

2

}
, (1)

¶·¥¤²µ¦¥´´ÊÕ ¢ · ¡µÉ¥ [11] ¤²Ö  ´ ²¨§  ±² ¸É¥·´µ° ¸É·Ê±ÉÊ·Ò ²e£±¨Ì Ö¤¥·.
‡¤¥¸Ó r Å É·eÌ³¥·´Ò° ¢¥±Éµ· ´Ê±²µ´ ,   R Å ¢¥±Éµ·´Ò° ¶ · ³¥É·, ¢¢µ-
¤¨³Ò° ¤²Ö ³¨´¨³¨§ Í¨¨ ËÊ´±Í¨µ´ ²  Ô´¥·£¨¨  Éµ³´ÒÌ Ö¤¥·, ±µ£¤  ¨§ µ·-
¡¨É ²¥° (1), ¶·¥¤¸É ¢²ÖÕÐ¨Ì ¸µ¡µ° µ¡µ¡Ð¥´¨¥ s-µ·¡¨É ²¨ ´Ê±²µ´  ¢ ¶µ²¥
£ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· , ¸É·µ¨É¸Ö ¶·µ¡´ Ö ËÊ´±Í¨Ö. ‚ (1) ¢ ± Î¥¸É¢¥
¥¤¨´¨Í ¨§³¥·¥´¨Ö ¤²¨´Ò, ³ ¸¸Ò ¨ ¤¥°¸É¢¨Ö ¢Ò¡· ´ , ¸µµÉ¢¥É¸É¢¥´´µ, µ¸Í¨²-
²ÖÉµ·´ Ö ¤²¨´ , ³ ¸¸  ´Ê±²µ´  ¨ ¶µ¸ÉµÖ´´ Ö �² ´±  �.

�µ² £ Ö, ÎÉµ ¢¥±Éµ· R ¸µ¤¥·¦¨É ¤¥°¸É¢¨É¥²Ó´ÊÕ ¨ ³´¨³ÊÕ Î ¸É¨, § ¶¨-
Ï¥³ ¥£µ ¨ ±µ³¶²¥±¸´µ-¸µ¶·Ö¦e´´Ò° ¥³Ê ¢¥±Éµ· ¢ ¢¨¤¥

R =
ξ + iη√

2
, R∗ = S =

ξ − iη√
2

, (2)

£¤¥ i Å ³´¨³ Ö ¥¤¨´¨Í , ξ Å · ¤¨Ê¸-¢¥±Éµ·,   η Å ¨³¶Ê²Ó¸. Š ± ¨ ¢ · ¡µÉ¥
�·¨´±  [11], ¨¸¶µ²Ó§Ê¥É¸Ö µ¡µ§´ Î¥´¨¥ S ≡ R∗.

�·¡¨É ²Ó (1) Ö¢²Ö¥É¸Ö Í¥²µ°  ´ ²¨É¨Î¥¸±µ° ËÊ´±Í¨¥° É·eÌ ±µ³¶²¥±¸´ÒÌ
¶·µ¥±Í¨° Rx, Ry, Rz ¢¥±Éµ·  R. �µÔÉµ³Ê ¥e ³µ¦´µ · ¸¸³ É·¨¢ ÉÓ ± ± ¢µ²-
´µ¢ÊÕ ËÊ´±Í¨Õ ÔÉ¨Ì É·eÌ ¶¥·¥³¥´´ÒÌ ¢ £¨²Ó¡¥·Éµ¢¸±µ³ ¶·µ¸É· ´¸É¢¥ ”µ± Ä
� ·£³ ´´ . �µ Éµ£¤  ´ ¤µ µÉ¢¥É¨ÉÓ ´  ¤¢  ¢µ¶·µ¸ : ± ± µ´  ´µ·³¨·µ¢ ´  ¨ ´¥
¶·¨´ ¤²¥¦¨É ²¨ µ´  ± Î¨¸²Ê ¸µ¡¸É¢¥´´ÒÌ ËÊ´±Í¨° ± ±µ£µ-²¨¡µ µ¶¥· Éµ· .
‚µ¶·µ¸ µ ´µ·³¨·µ¢±¥ ·¥Ï ¥É¸Ö ¢ÒÎ¨¸²¥´¨¥³ ´¥¸µ¡¸É¢¥´´µ£µ ¨´É¥£· ² 

I(r, r′) =
∫

φ∗
r′(R)φr(R) exp {−(RS)} dξdη

(2π)3

¶µ ¢¸¥³Ê Ë §µ¢µ³Ê ¶·µ¸É· ´¸É¢Ê, £¤¥

exp {−(RS)} dξdη

(2π)3

Ö¢²Ö¥É¸Ö ³¥·µ° � ·£³ ´´  [12]. Œ´µ¦¨É¥²Ó (2π)3 ¢ §´ ³¥´ É¥²¥ µÉ· ¦ ¥É
ÉµÉ Ë ±É, ÎÉµ ¶·¨ ¨´É¥£·¨·µ¢ ´¨¨ ¶·µ¨¸Ìµ¤¨É ¶µ¤¸ÎeÉ Î¨¸²  ±¢ ´Éµ¢ÒÌ ¸µ-
¸ÉµÖ´¨° ¢ Ë §µ¢µ³ ¶·µ¸É· ´¸É¢¥. �¥¸²µ¦´µ ¶µ± § ÉÓ, ÎÉµ

I(r, r′) = δ(r − r′). (3)
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’ ±¨³ µ¡· §µ³, ËÊ´±Í¨¨ φr(R), ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ · §´Ò³ §´ Î¥´¨Ö³ ¢¥±Éµ· 
r, µ·Éµ£µ´ ²Ó´Ò,   ±µ³¶µ´¥´ÉÒ ¢¥±Éµ·  r Ö¢²ÖÕÉ¸Ö ¸µ¡¸É¢¥´´Ò³¨ Î¨¸² ³¨
ÔÉ¨Ì ËÊ´±Í¨°. Ÿ¢´Ò° ¢¨¤ µ¶¥· Éµ·  r̂ ¸²¥¤Ê¥É ´¥¶µ¸·¥¤¸É¢¥´´µ ¨§ ¢Ò· ¦¥´¨Ö
¤²Ö µ·¡¨É ²¨ (1):

r̂ =
1√
2
(R + ∇R). (4)

Šµ´¥Î´µ, ¢ ·¥§Ê²ÓÉ É¥ ¤¥°¸É¢¨Ö µ¶¥· Éµ·  r̂ ´  ¥£µ ¸µ¡¸É¢¥´´ÊÕ ËÊ´±Í¨Õ
φr(R) ¶µ²ÊÎ¨³ ¸µµÉ´µÏ¥´¨¥

r̂φr(R) = rφr(R). (5)

Š ± ¨ ¤µ²¦´µ ¡ÒÉÓ, µ¶¥· Éµ· r̂ ¨³¥¥É Éµ²Ó±µ ´¥¶·¥·Ò¢´Ò° ¸¶¥±É·, ¨ ¶µ ÔÉµ°
¶·¨Î¨´¥ ¢¸¥ ¥£µ ¸µ¡¸É¢¥´´Ò¥ ¢¥±Éµ·Ò ´µ·³¨·µ¢ ´Ò ´  δ-ËÊ´±Í¨Õ.

�¤´ ±µ ´  ÔÉµ³ §´ Î¥´¨¥ µ·¡¨É ²¨ �²µÌ Ä�·¨´±  ¤²Ö ¶·µ¸É· ´¸É¢ 
”µ± Ä� ·£³ ´´  ´¥ ¨¸Î¥·¶Ò¢ ¥É¸Ö. …Ðe µ´  ¨£· ¥É ·µ²Ó Ö¤·  ¨´É¥£· ²Ó´µ£µ
¶·¥µ¡· §µ¢ ´¨Ö, µ¸ÊÐ¥¸É¢²ÖÕÐ¥£µ ¶¥·¥¢µ¤ ¶·µ¨§¢µ²Ó´µ° ¢µ²´µ¢µ° ËÊ´±Í¨¨
Ψ(r) ±µµ·¤¨´ É´µ£µ ¶·¥¤¸É ¢²¥´¨Ö ¢ ¸µµÉ¢¥É¸É¢ÊÕÐÊÕ ¢µ²´µ¢ÊÕ ËÊ´±Í¨Õ
Φ(R) ¶·µ¸É· ´¸É¢  ”µ± Ä� ·£³ ´´ , É ± ÎÉµ

Φ(R) =
∫

φr(R)Ψ(r)dr. (6)

‚µ ³´µ£¨Ì ¸²ÊÎ ÖÌ ¢ÒÎ¨¸²¥´¨¥ ¨´É¥£· ²  (6) ³µ¦¥É ¡ÒÉÓ ¢Ò¶µ²´¥´µ  ´ ²¨-
É¨Î¥¸±¨.

2.2. ˆ´É¥£· ² ¶¥·¥±·ÒÉ¨Ö ¨ ³ É·¨Í  ¶²µÉ´µ¸É¨. �µ¸²¥ ¨´É¥£·¨·µ¢ ´¨Ö
¶·µ¨§¢¥¤¥´¨Ö cµ¡¸É¢¥´´ÒÌ ËÊ´±Í¨°

φ∗
r(R)φr(R)

¶µ ¢¸¥³ ¢µ§³µ¦´Ò³ ¨Ì ¸µ¡¸É¢¥´´Ò³ §´ Î¥´¨Ö³ ³Ò ¶·¨Ìµ¤¨³ ± ¢ ¦´µ³Ê ¢Ò-
· ¦¥´¨Õ

I(R,S) =
∫

φ∗
r(R)φr(R)dr = exp (RS), (7)

±µÉµ·µ¥ Î ¸Éµ ´ §Ò¢ ÕÉ ¨´É¥£· ²µ³ ¶¥·¥±·ÒÉ¨Ö ¨ ±µÉµ·µ¥ µ¤´µ¢·¥³¥´´µ
Ö¢²Ö¥É¸Ö ³ É·¨Í¥° ¶²µÉ´µ¸É¨ ¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´´ . ‡¤¥¸Ó ·¥ÎÓ
¨¤eÉ µ ³ É·¨Í¥ ¶²µÉ´µ¸É¨ Î¨¸ÉÒÌ ¸µ¸ÉµÖ´¨°, ¨ ¸¥°Î ¸ ³Ò ¤µ²¦´Ò Ê¡¥¤¨ÉÓ¸Ö
¢ Éµ³, ÎÉµ ¢Ò· ¦¥´¨¥ (7) Ê¤µ¢²¥É¢µ·Ö¥É ¢¸¥³ ¨§¢¥¸É´Ò³ É·¥¡µ¢ ´¨Ö³, ¶·¥¤Ñ-
Ö¢²Ö¥³Ò³ ± ³ É·¨Í¥ ¶²µÉ´µ¸É¨.

„¨ £µ´ ²Ó´Ò¥ Ô²¥³¥´ÉÒ ¸É ´¤ ·É´µ° µ¤´µÎ ¸É¨Î´µ° ³ É·¨ÍÒ ¶²µÉ´µ¸É¨,
§ ¶¨¸ ´´µ° ¢ ±µµ·¤¨´ É´µ³ ¶·¥¤¸É ¢²¥´¨¨ (É.¥. ±µ£¤  ¤¢  ¥e ¢¥±Éµ·´ÒÌ  ·-
£Ê³¥´É  ¶µ² £ ÕÉ¸Ö µ¤¨´ ±µ¢Ò³¨), ¶¥·¥Ìµ¤ÖÉ ¢ ¢Ò· ¦¥´¨¥ ¤²Ö ¢¥·µÖÉ´µ¸É¨
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· ¸¶·¥¤¥²¥´¨Ö ±µµ·¤¨´ É [13]. Œ É·¨Í  ¶²µÉ´µ¸É¨ (7) É ±¦¥ ¤ eÉ ¢¥·µÖÉ-
´µ¸ÉÓ · ¸¶·¥¤¥²¥´¨Ö, ´µ ¢ Ë §µ¢µ³ ¶·µ¸É· ´¸É¢¥ (ξ, η) ¨ ¶µ¸²¥ Ê³´µ¦¥´¨Ö
´  ³¥·Ê � ·£³ ´´ . ‚ ¨Éµ£¥ · ¸¶·¥¤¥²¥´¨e ¢¥·µÖÉ´µ¸É¨ ¶·¨´¨³ ¥É ¢¨¤

exp (RS) · exp {−(RS)} dξdη

(2π)3
=

dξdη

(2π)3
, (8)

¨ ³Ò ¶·¨Ìµ¤¨³ ± µ¤´µ·µ¤´µ³Ê · ¸¶·¥¤¥²¥´¨Õ ¶µ ¨³¶Ê²Ó¸ ³ ¨ ±µµ·¤¨´ É ³
¸ ¶µ¸ÉµÖ´´µ° ¥¤¨´¨Î´µ° ¶²µÉ´µ¸ÉÓÕ. „ ²¥¥, µ¡¸Ê¦¤ Ö ¢µ²´µ¢Ò¥ ËÊ´±Í¨¨
¸¨¸É¥³Ò ´¥¸±µ²Ó±¨Ì Î ¸É¨Í, ³Ò ¶µ± ¦¥³, ± ± ¢µ§¤¥°¸É¢Ê¥É ´  ÔÉµ · ¸¶·¥-
¤¥²¥´¨¥ ÔËË¥±É  ´É¨¸¨³³¥É·¨§ Í¨¨. �·¥¤¸É ¢²Ö¥É ¨´É¥·¥¸ ¨ · ¸¶·¥¤¥²¥´¨¥
¢¥·µÖÉ´µ¸É¨ ¤²Ö ¸µ¸ÉµÖ´¨Ö (1):

φ∗
r(R)φr(R) exp {−(RS)} = π−3/2 exp {−(r − ξ)2}. (9)

ŒÒ ¶µ²ÊÎ¨²¨ ¶²µÉ´µ¸ÉÓ · ¸¶·¥¤¥²¥´¨Ö, µ¤´µ·µ¤´µ£µ ¶µ ¨³¶Ê²Ó¸Ê ¨ £ Ê¸¸µ¢-
¸±µ£µ ¶µ ±µµ·¤¨´ É ³ ¸ Í¥´É·µ³ ¢ ÉµÎ±¥ r. Šµ£¤  µ·¡¨É ²Ó (1) ¨¸¶µ²Ó§Ê¥É¸Ö
¢ ± Î¥¸É¢¥ ¶·µ¡´µ° ËÊ´±Í¨¨ ¢ ·¨ Í¨µ´´µ£µ · ¸ÎeÉ , Éµ ξ cÉ ´µ¢¨É¸Ö ¢ ·¨ -
Í¨µ´´Ò³ ¶ · ³¥É·µ³, ¶µ ±µÉµ·µ³Ê ¶·µ¨¸Ìµ¤¨É ¢ ·Ó¨·µ¢ ´¨¥, ¢Ò· ¦¥´¨¥ (9)
· ¸¸³ É·¨¢ ¥É¸Ö ± ± ¶²µÉ´µ¸ÉÓ · ¸¶·¥¤¥²¥´¨Ö ¶µ r,   ¢ ·¨ Í¨µ´´Ò° · ¸ÎeÉ
¸¢µ¤¨É¸Ö ± ¶µ¨¸±Ê µ¶É¨³ ²Ó´µ£µ ¶µ²µ¦¥´¨Ö Í¥´É·  ξ £ Ê¸¸µ¢¸±µ£µ · ¸¶·¥¤¥-
²¥´¨Ö.

‚ ±² ¸¸¨Î¥¸±µ³ ¶·¥¤¥²¥, ±µ£¤  |r| � 1, É.¥. |r| ³´µ£µ ¡µ²ÓÏ¥ µ¸Í¨²²Ö-
Éµ·´µ° ¤²¨´Ò, · ¸¶·¥¤¥²¥´¨¥ (9) ¶¥·¥Ìµ¤¨É ¢ δ(r − ξ), ± ± ¨ ¤µ²¦´µ ¡ÒÉÓ
¤²Ö · ¸¶·¥¤¥²¥´¨Ö ¢ ¸µ¸ÉµÖ´¨¨ ¸ § ¤ ´´Ò³ §´ Î¥´¨¥³ · ¤¨Ê¸ -¢¥±Éµ· .

‘µµÉ´µÏ¥´¨¥ (7) ³¥¦¤Ê ³ É·¨Í¥° ¶²µÉ´µ¸É¨ ¨ ¥e · §²µ¦¥´¨¥³ ¶µ ¡ §¨¸Ê
µ·Éµ´µ·³¨·µ¢ ´´ÒÌ ¸µ¸ÉµÖ´¨° ¤¥³µ´¸É·¨·Ê¥É ¨§¢¥¸É´µ¥ ¶µ²µ¦¥´¨¥ [14] µ
¤¨ £µ´ ²Ó´µ¸É¨ ³ É·¨ÍÒ ¶²µÉ´µ¸É¨ ¢ Ô´¥·£¥É¨Î¥¸±µ³ ¶·¥¤¸É ¢²¥´¨¨. �·¨
ÔÉµ³ ¸µ¡¸É¢¥´´Ò¥ ËÊ´±Í¨¨ ²Õ¡µ£µ £ ³¨²ÓÉµ´¨ ´ , ± ±µ° ¡Ò ³Ò ´¨ ¢§Ö²¨,
¤¨ £µ´ ²Ó´µ¸ÉÓ · §²µ¦¥´¨Ö ³ É·¨ÍÒ ¶²µÉ´µ¸É¨ ¶µ ¸µ¡¸É¢¥´´Ò³ ¸µ¸ÉµÖ´¨Ö³
£ ³¨²ÓÉµ´¨ ´  ¸µÌ· ´¨É¸Ö.

’ ±, ´¥¸²µ¦´µ ³ É·¨ÍÊ ¶²µÉ´µ¸É¨ · §²µ¦¨ÉÓ ¶µ ¸µ¡¸É¢¥´´Ò³ ¸µ¸ÉµÖ´¨Ö³
£ ³¨²ÓÉµ´¨ ´  ¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö ¨²¨, ÎÉµ Éµ ¦¥ ¸ ³µ¥ ¤²Ö µ¡¸Ê¦¤ ¥³µ£µ
¸²ÊÎ Ö, ¶µ ¸µ¡¸É¢¥´´Ò³ ¸µ¸ÉµÖ´¨Ö³ µ¶¥· Éµ·  ¨³¶Ê²Ó¸ 

k̂ = − i√
2
(R −∇R). (10)

�·Éµ´µ·³¨·µ¢ ´´Ò¥ ¸µ¡¸É¢¥´´Ò¥ ËÊ´±Í¨¨ ¶µ¸²¥¤´¥£µ, ¨²¨, ¨´ Î¥, ¶²µ¸±¨¥
¢µ²´Ò, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ ¨³¶Ê²Ó¸Ê k, ¨³¥ÕÉ ¸²¥¤ÊÕÐ¨° ¢¨¤:

φk(R) = π−3/4 exp
{
−k2

2
− i

√
2(Rk) +

R2

2

}
, (11)
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ÎÉµ ²¥£±µ ¶·µ¢¥·¨ÉÓ, µ¡· É¨¢Ï¨¸Ó ± Ö¢´µ³Ê ¢Ò· ¦¥´¨Õ ¤²Ö µ¶¥· Éµ·  k̂
¨ ·¥Ï¨¢ ¤¨ËË¥·¥´Í¨ ²Ó´µ¥ Ê· ¢´¥´¨¥ ¢ Î ¸É´ÒÌ ¶·µ¨§¢µ¤´ÒÌ ¶¥·¢µ£µ ¶µ-
·Ö¤± . „·Ê£µ° ¶ÊÉÓ ¶µ²ÊÎ¨ÉÓ φk(R) ¸¢µ¤¨É¸Ö ± ¢ÒÎ¨¸²¥´¨Õ µ¡¥¸¶¥Î¨¢ ÕÐ¥£µ
¶¥·¥Ìµ¤ ± ¶·µ¸É· ´¸É¢Ê ”µ± Ä� ·£³ ´´  ¨´É¥£· ²  (6) c ¶²µ¸±µ° ¢µ²´µ°

Ψ(r) = (2π)−3/2 exp {−i(kr)},

µ¶·¥¤¥²e´´µ° ¢ ±µµ·¤¨´ É´µ³ ¶·µ¸É· ´¸É¢¥:

φk(R) =
∫

φr(R)(2π)−3/2 exp {−i(kr)}dr. (12)

� §²µ¦¥´¨¥ ¨´É¥£· ²  ¶¥·¥±·ÒÉ¨Ö ¶µ ¸µ¸ÉµÖ´¨Ö³ ¸ µ¶·¥¤¥²e´´Ò³ §´ Î¥-
´¨¥³ ¨³¶Ê²Ó¸   ´ ²µ£¨Î´µ · §²µ¦¥´¨Õ (7):

exp (RS) =
∫

φ∗
k(R)φk(R)dk, (13)

  · ¸¶·¥¤¥²¥´¨¥ ¢¥·µÖÉ´µ¸É¨ ¤²Ö ¶²µ¸±µ° ¢µ²´Ò (11)

ρk(R) = φ∗
k(R)φk(R) exp {−(RS)} = π−3/2 exp {−(k− η)2}. (14)

‘´µ¢  ³Ò ¨³¥¥³ £ Ê¸¸µ¨¤ ²Ó´ÊÕ § ¢¨¸¨³µ¸ÉÓ, ´µ ¤²Ö ¨³¶Ê²Ó¸  ¶·¨ µÉ¸ÊÉ¸É¢¨¨
§ ¢¨¸¨³µ¸É¨ µÉ ±µµ·¤¨´ ÉÒ. ‚ Ë §µ¢µ° ¶²µ¸±µ¸É¨ ËÊ´±Í¨Ö · ¸¶·¥¤¥²¥´¨Ö
¶·¨´¨³ ¥É ³ ±¸¨³ ²Ó´µ¥ §´ Î¥´¨¥ ´  ¶·Ö³µ° η = k, É.¥. ´  ±² ¸¸¨Î¥¸±µ°
Ë §µ¢µ° É· ¥±Éµ·¨¨ ¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö Î ¸É¨ÍÒ ¸ ¨³¶Ê²Ó¸µ³ k.

“³¥¸É´µ § ³¥É¨ÉÓ, ÎÉµ ËÊ´±Í¨Ö ‚¨£´¥·  ¢ Éµ³ ¦¥ ¸µ¸ÉµÖ´¨¨ ¸¢µ¡µ¤´µ£µ
¤¢¨¦¥´¨Ö ¸ ¨³¶Ê²Ó¸µ³ k ¨ Ô´¥·£¨¥° E = k2/2 ¨³¥¥É ¢¨¤

ρw(ξ, η) = δ(k − η). (15)

�´ , ¸²¥¤µ¢ É¥²Ó´µ, ¸µµÉ¢¥É¸É¢Ê¥É ±² ¸¸¨Î¥¸±µ³Ê ¶·¥¤¥²Ê ³ É·¨ÍÒ ¶²µÉ´µ¸É¨
¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´´ .

’¥¶¥·Ó µ¡· É¨³¸Ö ± ¶·¨³¥·Ê £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· , ±µÉµ·Ò° ¨³¥¥É
Éµ²Ó±µ ¤¨¸±·¥É´Ò° ¸¶¥±É·. —Éµ¡Ò ³ ±¸¨³ ²Ó´µ Ê¶·µ¸É¨ÉÓ ¸¨ÉÊ Í¨Õ, ´µ ¸µ-
Ì· ´¨ÉÓ £² ¢´Ò¥ µ¸µ¡¥´´µ¸É¨ ¢¸¥Ì ¢ ¦´ÒÌ ¢Ò· ¦¥´¨°, ³Ò µ£· ´¨Î¨³¸Ö ´ 
¶¥·¢µ³ ÔÉ ¶¥ µ¤´µ³¥·´Ò³ ¸²ÊÎ ¥³. �Ê¸ÉÓ Éµ£¤  R ¨ S Å ¸± ²Ö·´Ò¥ ±µ³-
¶²¥±¸´Ò¥ ¶¥·¥³¥´´Ò¥:

R =
1√
2
(ξ + iη), S = R∗ =

1√
2
(ξ − iη),

£¤¥ ξ Å ±µµ·¤¨´ É ,   η Å ¨³¶Ê²Ó¸. �¡Ð Ö µ¤´µ³¥·´ Ö ³ É·¨Í  ¶²µÉ´µ¸É¨
exp (RS), É ± ¦¥, ± ± ¨ É·eÌ³¥·´ Ö (7), ¶·¥¤¸É ¢¨³  ¢ ¢¨¤¥ · §²µ¦¥´¨Ö ¨²¨
¶µ ¸µ¸ÉµÖ´¨Ö³ ¸ ±µµ·¤¨´ Éµ° x, ¨²¨ ¶µ ¸µ¸ÉµÖ´¨Ö³ ¸ ¨³¶Ê²Ó¸µ³ k, ¨²¨



���‘’���‘’‚� ”�Š�Ä���ƒŒ���� 767

¶µ ¸µ¸ÉµÖ´¨Ö³ µ¤´µ³¥·´µ£µ £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· . ˆ³¥´´µ ¶µ¸²¥¤´¥¥
· §²µ¦¥´¨¥ ´ ¸ ¸¥°Î ¸ ¨´É¥·¥¸Ê¥É:

exp (RS) =
∞∑

n=0

1
n!

(RS)n, (16)

µÉ¸Õ¤  c²¥¤Ê¥É ¢Ò· ¦¥´¨¥ ¤²Ö µ·Éµ´µ·³¨·µ¢ ´´ÒÌ ¸ ³¥·µ° � ·£³ ´´  ¢µ²-
´µ¢ÒÌ ËÊ´±Í¨° φn(R) µ¤´µ³¥·´µ£µ £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· :

φn(R) =
1√
n!

Rn, (17)

£¤¥ n Å Î¨¸²µ ±¢ ´Éµ¢ ¢µ§¡Ê¦¤¥´¨Ö. —Éµ ¦¥ ± ¸ ¥É¸Ö £ ³¨²ÓÉµ´¨ ´  µ¸Í¨²-
²ÖÉµ·  Ĥosc ¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´´ , Éµ

Ĥosc = R
d

dR
+

1
2
. (18)

‘²¥¤¸É¢¨¥³ (4) Ö¢²Ö¥É¸Ö ¢Ò· ¦¥´¨¥ ¤²Ö µ¶¥· Éµ·  ±µµ·¤¨´ ÉÒ

x̂ =
1√
2

(
R +

d

dR

)
, (19)

  ¨§ (10) ¸²¥¤Ê¥É ¢Ò· ¦¥´¨¥ ¤²Ö µ¶¥· Éµ·  µ¤´µ³¥·´µ£µ ¨³¶Ê²Ó¸ 

k̂ = − i√
2

(
R − d

dR

)
(20)

¨ µ¶¥· Éµ·  ±¨´¥É¨Î¥¸±µ° Ô´¥·£¨¨

T̂ =
1
2
k̂2 = −1

4

(
R − d

dR

)2

. (21)

�Î¥¢¨¤´µ, ÎÉµ

Ĥosc = T̂ +
1
2

x̂2.

‡ ³¥É¨³ É ±¦¥, ÎÉµ ¸¢µ°¸É¢  ËÊ´±Í¨° (17) ¨§²µ¦¥´Ò ¢ [7].
� ¸¶·¥¤¥²¥´¨¥ ¢¥·µÖÉ´µ¸É¨ ¤²Ö £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ·  ¸ Î¨¸²µ³

±¢ ´Éµ¢ n ¨³¥¥É ¢¨¤

ρn(ξ, η) = φ∗
n(R)φn(R) exp (−RS) =

1
n!

(
ξ2 + η2

2

)n

exp
{
−ξ2 + η2

2

}
. (22)
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�´µ ¶·¨´¨³ ¥É Éµ²Ó±µ ¶µ²µ¦¨É¥²Ó´Ò¥ §´ Î¥´¨Ö ¨ ±µ´Í¥´É·¨·Ê¥É¸Ö ¢µ±·Ê£
µ±·Ê¦´µ¸É¨

ξ2 + η2

2
= n, (23)

±µÉµ· Ö ¶·¥¤¸É ¢²Ö¥É ¸µ¡µ° Ë §µ¢ÊÕ É· ¥±Éµ·¨Õ ±² ¸¸¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· ,
¨³¥ÕÐ¥£µ Ô´¥·£¨Õ n. �Î¥¢¨¤´µ, ÎÉµ ²¥¢ Ö Î ¸ÉÓ · ¢¥´¸É¢  (23) Ö¢²Ö¥É¸Ö
±² ¸¸¨Î¥¸±µ° ËÊ´±Í¨¥° ƒ ³¨²ÓÉµ´  µ¤´µ³¥·´µ£µ µ¸Í¨²²ÖÉµ· .

� ¸¸³µÉ·¨³ ¤¥É ²¨, ± ¸ ÕÐ¨¥¸Ö ¶·¥¤¥²Ó´µ£µ ¶¥·¥Ìµ¤  ± ¡µ²ÓÏ¨³ §´ Î¥-
´¨Ö³ n. ‘¶· ¢¥¤²¨¢  ¸²¥¤ÊÕÐ Ö  ¸¨³¶ÉµÉ¨Î¥¸± Ö ¶·¨ n � 1 Ëµ·³Ê² 

ρn(ξ, η) ∼ 1√
2πn

exp

{
− 1

2n

(
ξ2 + η2

2
− n

)2
}

. (24)

ŒÒ ¶µ²ÊÎ¨²¨ ±¢ ´Éµ¢ÊÕ ËÊ´±Í¨Õ · ¸¶·¥¤¥²¥´¨Ö ¤²Ö µ¤´µ³¥·´µ£µ µ¸Í¨²²Ö-
Éµ·  ¶·¨ n � 1. �¡· É¨¢Ï¨¸Ó ± ´¥°, ´¥¸²µ¦´µ ¶µ¤¸Î¨É ÉÓ ¸·¥¤´¥¥ §´ Î¥´¨¥
±² ¸¸¨Î¥¸±µ° ËÊ´±Í¨¨ ƒ ³¨²ÓÉµ´  ¨ ¥e ¤¨¸¶¥·¸¨Õ:

ξ2 + η2

2
= n,

√ (
ξ2 + η2

2
− n

)2

=
√

n.

—Éµ¡Ò ¶µ¤Î¥·±´ÊÉÓ ¶·µ¡²¥³Ò ËÊ´±Í¨¨ ‚¨£´¥·  ρw(ξ, η), µ¶·¥¤¥²¨³ ¥e,
¸²¥¤ÊÖ µ¡ÒÎ´µ³Ê  ²£µ·¨É³Ê, ¤²Ö £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ·  ¢ ¸µ¸ÉµÖ´¨¨ ¸
n = 1. ’µ£¤ 

ρw(ξ, η) =
ξ2 + η2 − 1

2
exp

{
−ξ2 + η2

2

}
. (25)

�µ¸²¥¤´¥¥ · ¸¶·¥¤¥²¥´¨¥ ¨³¥¥É µÉ·¨Í É¥²Ó´Ò¥ §´ Î¥´¨Ö ¢¸Õ¤Ê ¢´ÊÉ·¨ ±·Ê£ 
ξ2 + η2 = 1, ÎÉµ, ¡¥§Ê¸²µ¢´µ, Ö¢²Ö¥É¸Ö ¥£µ ´¥¤µ¸É É±µ³. �·¨ ¡µ²ÓÏ¨Ì §´ Î¥-
´¨ÖÌ ξ2 + η2 µ¡  · ¸¶·¥¤¥²¥´¨Ö Å ρ1(ξ, η) ¨ ρw(ξ, η) Å µ± §Ò¢ ÕÉ¸Ö ¨¤¥´-
É¨Î´Ò³¨.

2.3. ’·eÌ³¥·´Ò° µ¸Í¨²²ÖÉµ·. ‚ ¸²ÊÎ ¥ É·eÌ³¥·´µ£µ µ¸Í¨²²ÖÉµ·  · §²µ-
¦¥´¨¥ (16) ´¥¸±µ²Ó±µ Ê¸²µ¦´Ö¥É¸Ö ¨ ¶·¨´¨³ ¥É ¢¨¤

exp (RS) =
∞∑

n=0

1
n!

(RS)n. (26)

�¶ÖÉÓ n Å Î¨¸²µ ±¢ ´Éµ¢ ¢µ§¡Ê¦¤¥´¨Ö. �¤´ ±µ É¥¶¥·Ó ³Ò ¨³¥¥³ ¤¥²µ ¸ ¢µ²-
´µ¢Ò³¨ ¶ ±¥É ³¨ (RS)n ¡ §¨¸´ÒÌ ¸µ¸ÉµÖ´¨°, ¨³¥ÕÐ¨Ì SU(3)-¸¨³³¥É·¨Õ
(n, 0), ¨, ÎÉµ¡Ò ¶µ²´µ¸ÉÓÕ µ¶·¥¤¥²¨ÉÓ ÔÉ¨ ±¢ ´Éµ¢Ò¥ ¸µ¸ÉµÖ´¨Ö, ¢¢¥¤e³ ¥Ðe
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¤¢  ±¢ ´Éµ¢ÒÌ Î¨¸² : l Å µ·¡¨É ²Ó´Ò° ³µ³¥´É ¨ m Å ¥£µ ¶·µ¥±Í¨Õ ´ 
¢´¥Ï´ÕÕ µ¸Ó. ’µ£¤ 

exp (RS) =
∞∑

n=0

∑
l,m

Wn,l
1
n!

(RS)nDl
0,m(Ω)Dl

m,0(Ω
∗), (27)

£¤¥ ¤¨ £µ´ ²Ó´Ò¥ Ô²¥³¥´ÉÒ ³ É·¨ÍÒ ¶²µÉ´µ¸É¨

Wn,l =
n!(2l + 1)

(n − l)!!(n + l + 1)!!
. (28)

Š·µ³¥ Éµ£µ,

R2 = R2
x + R2

y + R2
z; R = (Rx, Ry, Rz).

�µÔÉµ³Ê ¶·µ¨§¢¥¤¥´¨¥ RnDl
0,m(Ω) Ö¢²Ö¥É¸Ö µ¤´µ·µ¤´Ò³ £ ·³µ´¨Î¥¸±¨³ ¶µ-

²¨´µ³µ³ ¸É¥¶¥´¨ n.
Šµ´¥Î´µ, ¢Ò¶µ²´Ö¥É¸Ö Ê¸²µ¢¨¥

∑
l

Wn,l = 1.

‡ ³¥É¨³, ÎÉµ l ¨³¥¥É ÉÊ ¦¥ ÎeÉ´µ¸ÉÓ, ÎÉµ ¨ n, ¨ ´¥ ¶·¥¢µ¸Ìµ¤¨É n.
‚ ¶·¥¤¥²Ó´µ³ ¸²ÊÎ ¥, ±µ£¤  n � l � 1,

Wn,l ∼ (2l + 1) exp
{
− ln (n + 2) +

3
2

1
n + 2

}
exp

{
− l(l + 1)

2(n + 2)

}
→

→ 2l + 1
2n

exp
{
− l(l + 1)

2n

}
. (29)

ŒÒ ¶·¨Ï²¨ ± ³ É·¨Í¥ ¶²µÉ´µ¸É¨ ¤²Ö ¸µ¸ÉµÖ´¨° ¸ n ±¢ ´É ³¨ ¨ µ·¡¨-
É ²Ó´Ò³ ³µ³¥´Éµ³ l. �´  ¨³¥¥É ÉµÉ ¦¥ ¢¨¤, ÎÉµ ¨ · ¸¶·¥¤¥²¥´¨¥ ƒ¨¡¡¸ 
¤²Ö ·µÉ Éµ·µ¢ ¸ ³µ³¥´Éµ³ ¨´¥·Í¨¨, · ¢´Ò³ n, ¨ kT = �ω, £¤¥ ω Å Î ¸ÉµÉ 
£ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· .

2.4. „¢  É·eÌ³¥·´ÒÌ µ¸Í¨²²ÖÉµ· . „¢  É·eÌ³¥·´ÒÌ µ¸Í¨²²ÖÉµ·  ¤ ÕÉ
³´µ£µµ¡· §¨¥ É ±¨Ì ¤¨ £µ´ ²Ó´ÒÌ Ô²¥³¥´Éµ¢ ³ É·¨ÍÒ ¶²µÉ´µ¸É¨, ¤²Ö ±² ¸¸¨-
Ë¨± Í¨¨ ±µÉµ·ÒÌ Ê³¥¸É´µ ¶·¨¢²¥± ÉÓ ·¥¤Ê±Í¨Õ ¶·Ö³µ£µ ¶·µ¨§¢¥¤¥´¨Ö ¤¢ÊÌ
´¥¶·¨¢µ¤¨³ÒÌ ¶·¥¤¸É ¢²¥´¨° SU(3) ¸´µ¢  ´  SU(3):

exp {(R1S1) + (R2S2)} =
∞∑

n1=0

∞∑
n2=0

1
n1!n2!

(R1S1)n1(R2S2)n2 . (30)
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„ ²¥¥, ¶·µ¨§¢¥¤¥´¨¥ ¢µ²´µ¢ÒÌ ¶ ±¥Éµ¢, ¨³¥ÕÐ¨Ì SU(3)-¸¨³³¥É·¨Õ (n1, 0) ¨
(n2, 0), Ê³¥¸É´µ ¶·¥¤¸É ¢¨ÉÓ ¢ ¢¨¤¥ ¸Ê¶¥·¶µ§¨Í¨¨ ´µ·³¨·µ¢ ´´ÒÌ ¢µ²´µ¢ÒÌ

¶ ±¥Éµ¢ F
(n1+n2−2µ,µ)
(n1,0)(n2,0) , ¨³¥ÕÐ¨Ì ¸¨³³¥É·¨Õ (n1 + n2 − 2µ, µ):

1
n1!n2!

(R1S1)n1(R2S2)n2 =
∑

µ

W
(n1+n2−2µ,µ)
(n1,0)(n2,0) F

(n1+n2−2µ,µ)
(n1,0)(n2,0) , (31)

W
(n1+n2−2µ,µ)
(n1,0)(n2,0) = N(n1, n2)

n1!n2!(n1 + n2 − 2µ + 1)!
µ!(n1 − µ)!(n2 − µ)!(n1 + n2 − µ + 1)!

, (32)

£¤¥ N(n1n2) µ¶·¥¤¥²Ö¥É¸Ö ¨§ Ê¸²µ¢¨Ö ´µ·³¨·µ¢±¨

min(n1,n2)∑
µ=0

W
(n1+n2−2µ,µ)
(n1,0)(n2,0) = 1. (33)

…¸²¨ n1, n2 � µ � 1, Éµ ¢Ò· ¦¥´¨¥ ¤²Ö ¤¨ £µ´ ²Ó´ÒÌ Ô²¥³¥´Éµ¢ ³ É·¨ÍÒ
¶²µÉ´µ¸É¨ ¸ÊÐ¥¸É¢¥´´µ Ê¶·µÐ ¥É¸Ö:

W
(n1+n2−2µ,µ)
(n1,0)(n2,0) ∼ 1

µ!

(
n1n2

n1 + n2

)µ

exp
(
− n1n2

n1 + n2

)
. (34)

‘´µ¢ , ± ± ¨ ¢ ¶. 2.3, ³Ò ¶µ²ÊÎ¨²¨ µ¡ÒÎ´ÊÕ ¤²Ö ¸É É¨¸É¨Î¥¸±µ° Ë¨§¨±¨
Ëµ·³Ê ËÊ´±Í¨¨ · ¸¶·¥¤¥²¥´¨Ö, ´µ É¥¶¥·Ó Ê¦¥ ¤²Ö ¸µ¸ÉµÖ´¨° ¸ · §´µ° SU(3)-
¸¨³³¥É·¨¥°. ‚ ¦´µ ¨ Éµ, ÎÉµ Ô²¥³¥´ÉÒ ³ É·¨ÍÒ ¶²µÉ´µ¸É¨ · ¢´Ò ±¢ ¤· É ³
±µÔËË¨Í¨¥´Éµ¢ Š²¥¡Ï Äƒµ·¤ ´  £·Ê¶¶Ò SU(3),   ¶·¥¤¥²Ó´µ¥ ¸µµÉ´µÏ¥´¨¥
(34) ¤ eÉ  ¸¨³¶ÉµÉ¨±Ê ÔÉ¨Ì ±µÔËË¨Í¨¥´Éµ¢.

2.5. �ËË¥±É  ´É¨¸¨³³¥É·¨§ Í¨¨. �¸É ¢ Ö¸Ó ¢ · ³± Ì ´ £²Ö¤´ÒÌ µ¤´µ-
³¥·´ÒÌ ¸¨¸É¥³, · ¸¸³µÉ·¨³ ¢²¨Ö´¨¥ ÔËË¥±É   ´É¨¸¨³³¥É·¨§ Í¨¨ ´  ¢¥·µÖÉ-
´µ¸ÉÓ · ¸¶·¥¤¥²¥´¨Ö. �·µ¸É¥°Ï¨° ¤²Ö  ´ ²¨§  ¸²ÊÎ ° Å ¤¢¥ Éµ¦¤¥¸É¢¥´´Òe
Î ¸É¨ÍÒ. �·¨¢²¥± Ö ¶µ´ Î ²Ê ¶·µ¨§¢¥¤¥´¨¥

φx1(R1)φx2(R2)

¤¢ÊÌ µ·¡¨É ²¥° �²µÌ Ä�·¨´± ,   ¶µÉµ³, ¢Ò¶µ²´ÖÖ  ´É¨¸¨³³¥É·¨§ Í¨Õ ¨ µÉ¤¥-
²ÖÖ ³´µ¦¨É¥²Ó Í¥´É·  ³ ¸¸, ¶µ²ÊÎ ¥³ ¸²¥¤ÊÕÐÊÕ µ·¡¨É ²Ó ¤²Ö ¨¸¸²¥¤µ¢ ´¨Ö
¤¢¨¦¥´¨Ö ¢ ¸¨¸É¥³¥ Í¥´É·  ³ ¸¸:

φ−
x (R) =

1√
2

(φx(R) − φx(−R)) , (35)

x =
x1 − x2√

2
, R =

R1 − R2√
2

.
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”Ê´±Í¨Ö (35) Ö¢²Ö¥É¸Ö ¸µ¡¸É¢¥´´Ò³ ¢¥±Éµ·µ³ µ¶¥· Éµ· 

x̂2 =
1
2

(
R +

d

dR

)2

, (36)

¸µµÉ¢¥É¸É¢ÊÕÐ¨³ ¸µ¡¸É¢¥´´µ³Ê §´ Î¥´¨Õ x2. P ¸¶·¥¤¥²¥´¨¥ ¢¥·µÖÉ´µ¸É¨
¤²Ö ÔÉµ°  ´É¨¸¨³³¥É·¨Î´µ° ¢µ²´µ¢µ° ËÊ´±Í¨¨ ¶·µ¸É· ´¸É¢  ”µ± Ä� ·£³ ´-
´  ¨³¥¥É ¢¨¤

φ−
x
∗(R)φ−

x (R) exp (−RS) = π−1/2 (cosh (2xξ) − cos (2xη)) exp (−x2 − ξ2).
(37)

�´ ²µ£¨Î´Ò¥ ¨§³¥´¥´¨Ö ¢ ·¥§Ê²ÓÉ É¥ ¶·µ¢¥¤¥´¨Ö  ´É¨¸¨³³¥É·¨§ Í¨¨ ¶·µ-
¨¸Ìµ¤ÖÉ ¨ ¸ ¶²µ¸±µ° ¢µ²´µ°:

φ−
k (R) =

1√
2

(φk(R) − φk(−R)) , (38)

¨ ¸ · ¸¶·¥¤¥²¥´¨¥³ ¢¥·µÖÉ´µ¸É¨, ¸µµÉ¢¥É¸É¢ÊÕÐ¨³ ¸¢µ¡µ¤´µ³Ê ¤¢¨¦¥´¨Õ:

ρ−k (ξ, η) = φ−
k

∗
(R)φ−

k (R) exp (−RS) =

= π−1/2 (cosh (2kη) − cos (2kξ)) exp (−k2 − η2). (39)

’µ²Ó±µ ±µ£¤  k � 1, ¶µ¸²¥¤´¥¥ · ¸¶·¥¤¥²¥´¨¥ ¶¥·¥Ìµ¤¨É ¢ ¸Ê¶¥·¶µ§¨Í¨Õ
Ê¸É ´µ¢²¥´´µ£µ · ´¥¥ · ¸¶·¥¤¥²¥´¨Ö ρk(R) ¨ ¤·Ê£µ£µ  ´ ²µ£¨Î´µ£µ · ¸¶·¥-
¤¥²¥´¨Ö ρ−k(R). �·¨ ³ ²ÒÌ §´ Î¥´¨ÖÌ k ¶·¨Ìµ¤¨É¸Ö ÊÎ¨ÉÒ¢ ÉÓ ¸² £ ¥³µ¥,
±µÉµ·µ¥ § ¢¨¸¨É µÉ ¨³¶Ê²Ó¸  η. �µ¢¥·Ì´µ¸É¨ ρ−k (ξ, η), µÉ¢¥Î ÕÐ¨¥ · §´Ò³
§´ Î¥´¨Ö³ k, ¶·¥¤¸É ¢²¥´Ò ´  ·¨¸. 1.

‘¨³³¥É·¨§ Í¨Ö ¢µ²´µ¢µ° ËÊ´±Í¨¨ ¤¢ÊÌ Éµ¦¤¥¸É¢¥´´ÒÌ Î ¸É¨Í ¶·¨¢µ¤¨É
± ¸²¥¤ÊÕÐ¥³Ê ¢Ò· ¦¥´¨Õ ¤²Ö · ¸¶·¥¤¥²¥´¨Ö ¢¥·µÖÉ´µ¸É¨:

ρ+
k (ξ, η) = π−1/2 (cosh (2kη) + cos (2kξ)) exp (−k2 − η2). (40)

CµµÉ¢¥É¸É¢ÊÕÐ Ö · ¸¶·¥¤¥²¥´¨Õ (40) ¶µ¢¥·Ì´µ¸ÉÓ ¨§µ¡· ¦¥´  ´  ·¨¸. 2.
’ ±¨³ µ¡· §µ³, ¸¨³³¥É·¨§ Í¨Ö (¨²¨  ´É¨¸¨³³¥É·¨§ Í¨Ö) ¸ÊÐ¥¸É¢¥´´µ

¢²¨Ö¥É ´  ¶µ¢¥¤¥´¨¥ ËÊ´±Í¨° · ¸¶·¥¤¥²¥´¨Ö ¢ µ±·¥¸É´µ¸É¨ ´ Î ²  ±µµ·¤¨´ É
¶·¨ ³ ²ÒÌ §´ Î¥´¨ÖÌ Ô´¥·£¨¨ k2/2 ¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö. ‚ Î ¸É´µ¸É¨, ¥¸²¨
η = 0,   |ξ| · ¸É¥É, Éµ µ¡¥ ËÊ´±Í¨¨, µ¸É ¢ Ö¸Ó ¶µ²µ¦¨É¥²Ó´Ò³¨, µ¸Í¨²²¨·ÊÕÉ
¢µ±·Ê£ §´ Î¥´¨Ö π−1/2 exp (−k2) c ¶¥·¨µ¤µ³ µ¸Í¨²²ÖÍ¨° π/k.

Œ É·¨Í  ¶²µÉ´µ¸É¨  ´É¨¸¨³³¥É·¨Î´ÒÌ ¸µ¸ÉµÖ´¨° ¢³¥¸É¥ ¸ ³¥·µ° � ·£-
³ ´´  ¥¸ÉÓ ·¥§Ê²ÓÉ É ¨´É¥£·¨·µ¢ ´¨Ö ρ−k (ξ, η) ¶µ k ¨²¨ ρ−x (ξ, η) ¶µ x:

ρ−(ξ, η) =
∫

ρ−x (ξ, η)dx = sinh (RS) exp (−RS) =
1 − exp (−2RS)

2
. (41)
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�¨¸. 1. � ¸¶·¥¤¥²¥´¨¥ ¢¥·µÖÉ´µ¸É¨ ρ−
k (ξ, η) ¢ ¶·¥¤¸É ¢²¥´¨¨ ”µ± Ä� ·£³ ´´  ¤²Ö

¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö ¤¢ÊÌ Éµ¦¤¥¸É¢¥´´ÒÌ Î ¸É¨Í ¸ ¶ · ²²¥²Ó´Ò³¨ ¸¶¨´ ³¨: a) k = 2,
¡) k = 1, ¢) k = 0,2

�¨¸. 2. � ¸¶·¥¤¥²¥´¨¥ ¢¥·µÖÉ´µ¸É¨ ρ+
k (ξ, η) ¢ ¶·¥¤¸É ¢²¥´¨¨ ”µ± Ä� ·£³ ´´  ¤²Ö

¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö ¤¢ÊÌ Éµ¦¤¥¸É¢¥´´ÒÌ Î ¸É¨Í ¸  ´É¨¶ · ²²¥²Ó´Ò³¨ ¸¶¨´ ³¨:
a) k = 2, ¡) k = 1, ¢) k = 0,2
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�¨¸. 3. Œ É·¨Í  ¶²µÉ´µ¸É¨ ρ−(ξ, η)  ´É¨¸¨³³¥É·¨Î´ÒÌ ¸µ¸ÉµÖ´¨° ¢³¥¸É¥ ¸ ³¥·µ°
� ·£³ ´´ 

�´É¨¸¨³³¥É·¨§ Í¨Ö ¶µ¤ ¢²Ö¥É §´ Î¥´¨Ö · ¸¶·¥¤¥²¥´¨Ö ¢¥·µÖÉ´µ¸É¨ ¶²µÉ´µ-
¸É¨ ¢ µ¡² ¸É¨ ¢µ±·Ê£ ´ Î ²  ±µµ·¤¨´ É, ´µ ¶µ ³¥·¥ Ê¤ ²¥´¨Ö µÉ ´ Î ²  ±µµ·-
¤¨´ É Ë §µ¢µ° ¶²µ¸±µ¸É¨ ¶²µÉ´µ¸ÉÓ · ¸¶·¥¤¥²¥´¨Ö ¸É·¥³¨É¸Ö ± 1/2 (·¨¸. 3).

ˆ´É¥£p¨·µ¢ ´¨¥ ρ+
x (ξ, η) ¤ eÉ ³ É·¨ÍÊ ¶²µÉ´µ¸É¨ ¸¨³³¥É·¨Î´ÒÌ ¸µ¸ÉµÖ-

´¨°, Ê³´µ¦¥´´ÊÕ ´  ³¥·Ê � ·£³ ´´ :

ρ+(ξ, η) =
∫

ρ+
x (ξ, η)dx = cosh (RS) exp (−RS) =

1 + exp (−2RS)
2

, (42)

±µÉµ· Ö ¶µ¤Îe·±¨¢ ¥É µ¡² ¸ÉÓ ³ ²ÒÌ §´ Î¥´¨° ξ, η,   ¶µ ³¥·¥ Ê¤ ²¥´¨Ö µÉ ´ -
Î ²  ±µµ·¤¨´ É ¢ÒÌµ¤¨É ´  ÉµÉ ¦¥ ¶·¥¤¥² 1/2, ÎÉµ ¨ ¶²µÉ´µ¸ÉÓ · ¸¶·¥¤¥²¥´¨Ö
¢¥·µÖÉ´µ¸É¨ ¤²Ö  ´É¨¸¨³³¥É·¨Î´ÒÌ ¸µ¸ÉµÖ´¨° (¸³. ·¨¸. 4).

�¨¸. 4. Œ É·¨Í  ¶²µÉ´µ¸É¨ ρ+(ξ, η) ¸¨³³¥É·¨Î´ÒÌ ¸µ¸ÉµÖ´¨° ¢³¥¸É¥ ¸ ³¥·µ° � ·£-
³ ´´ 
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� ¸¶·¥¤¥²¥´¨¥ ¢¥·µÖÉ´µ¸É¨ ¤²Ö  ´É¨¸¨³³¥É·¨Î´ÒÌ ¸µ¸ÉµÖ´¨° £ ·³µ´¨-
Î¥¸±µ£µ µ¸Í¨²²ÖÉµ·  ¸ Î¨¸²µ³ ±¢ ´Éµ¢ ¢µ§¡Ê¦¤¥´¨Ö 2n + 1 ¨³¥¥É ¢¨¤

ρ−2n+1(ξ, η) =
1

(2n + 1)!

(
ξ2 + η2

2

)2n+1

exp
{
−ξ2 + η2

2

}
. (43)

Œ ±¸¨³ ²Ó´Ò¥ §´ Î¥´¨Ö ÔÉ  ËÊ´±Í¨Ö ¶·¨´¨³ ¥É ¢´ÊÉ·¨ ±·Ê£µ¢µ£µ ±µ²ÓÍ ,
±µÉµ·µ¥ ¶·¨ ¡µ²ÓÏ¨Ì n ¸ÉÖ£¨¢ ¥É¸Ö ¢ µ±·Ê¦´µ¸ÉÓ

ξ2 + η2

2
= 2n + 1,

¶·¥¤¸É ¢²ÖÕÐÊÕ ¸µ¡µ° ±² ¸¸¨Î¥¸±ÊÕ É· ¥±Éµ·¨Õ ¶·¨ Ô´¥·£¨¨ 2n + 1.
2.6. ‘¨¸É¥³  É·eÌ µ¤´µ³¥·´ÒÌ Ë¥·³¨µ´µ¢. � ¸¸³µÉ·¨³ É¥¶¥·Ó ¸¨¸É¥³Ê

É·eÌ µ¤´µ³¥·´ÒÌ Ë¥·³¨µ´µ¢, ¸¶¨´Ò ±µÉµ·ÒÌ ¶ · ²²¥²Ó´Ò. �Ê¸ÉÓ x1, x2, x3 Å
±µµ·¤¨´ ÉÒ ÔÉ¨Ì Ë¥·³¨µ´µ¢. Š·µ³¥ Éµ£µ, ¶µ²µ¦¨³

y1 =
1√
2
(x1 − x2), y2 =

√
2
3

(
x3 −

x1 + x2

2

)
.

‚ ¸¨¸É¥³¥ Í¥´É·  ³ ¸¸ ¢³¥¸Éµ ´¥§ ¢¨¸¨³ÒÌ ¶¥·¥³¥´´ÒÌ R1, R2, R3 ¶·µ¸É· ´-
¸É¢  ”µ± Ä� ·£³ ´´  ¢¢¥¤e³

P =

√
1
2
(R1 − R2) = A cos γ = ξ1 + iη1, (44)

Q =

√
2
3

(
R3 −

R1 + R2

2

)
= A sin γ = ξ2 + iη2, (45)

P ∗ =

√
1
2
(S1 − S2), Q∗ =

√
2
3

(
S3 −

S1 + S2

2

)
.

’µ£¤  ¨´É¥£· ² ¶¥·¥±·ÒÉ¨Ö ¤¢ÊÌ ¤¥É¥·³¨´ ´Éµ¢ ‘²e°É¥· 

φy1,y2(P, Q) ¨ φ∗
y1,y2

(P, Q),

¶µ¸É·µ¥´´ÒÌ ´  µ·¡¨É ²ÖÌ �²µÌ Ä�·¨´±  ¢ ¸¨¸É¥³¥ Í¥´É·  ³ ¸¸, ¶·¨´¨³ ¥É
¸²¥¤ÊÕÐ¨° ¢¨¤:

I(P, Q; P ∗, Q∗) =
∫

dy1

∫
dy2φ

∗
y1,y2

(P, Q)φy1,y2(P, Q) =

=
1
6

{
exp {PP ∗ + QQ∗}+exp

{(
−1

2
P−

√
3

2
Q

)
P ∗+

(√
3

2
P−1

2
Q

)
Q∗

}
+
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+ exp

{(
−1

2
P +

√
3

2
Q

)
P ∗ +

(√
3

2
P − 1

2
Q

)
Q∗

}
− exp {−PP ∗ + QQ∗}−

− exp

{(
1
2
P −

√
3

2
Q

)
P ∗ +

(√
3

2
P − 1

2
Q

)
Q∗

}
−

− exp

{(
1
2
P +

√
3

2
Q

)
P ∗ +

(√
3

2
P − 1

2
Q

)
Q∗

}}
=

= 12
∑

n

[(n−3)/3]∑
m=0

(AA∗)n cos (6m + 3)γ cos (6m + 3)γ∗

(n − 6m − 3)!!(n + 6m + 3)!!
+

+12
∑

n

[n/6]∑
m=1

(AA∗)n sin 6mγ sin 6mγ∗

(n − 6m)!!(n + 6m)!!
. (46)

� §²µ¦¥´¨¥ (46) ¤ eÉ ¤¨ £µ´ ²Ó´Ò¥ Ô²¥³¥´ÉÒ ³ É·¨ÍÒ ¶²µÉ´µ¸É¨ ¢ ¶·¥¤-
¸É ¢²¥´¨¨ £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· :

w′
n,m(ξ, η1, ξ2, η2) =

(AA∗)n2 cos (6m + 3)γ cos (6m + 3)γ∗

(n − 6m − 3)!!(n + 6m + 3)!!
, (47)

w′′
n,m(ξ, η1, ξ2, η2) =

(AA∗)n2 sin 6mγ sin 6mγ∗

(n − 6m)!!(n + 6m)!!
. (48)

—¨¸²µ ±¢ ´Éµ¢ n ¶·¨´¨³ ¥É Éµ²Ó±µ ´¥ÎeÉ´µ¥ §´ Î¥´¨¥, ´ Î¨´ Ö ¸ n = 3,
ÎÉµ µ¡Ê¸²µ¢²¥´µ É·¥¡µ¢ ´¨Ö³¨ ¶·¨´Í¨¶  � Ê²¨. �µ Éµ° ¦¥ ¶·¨Î¨´¥ ³´µ¦¨-
É¥²¨ ¶¥·¥¤ γ (γ∗) ¢  ·£Ê³¥´É¥ ¸¨´Ê¸µ¢ ¨ ±µ¸¨´Ê¸µ¢ ±· É´Ò É·e³.

‘´µ¢ , ¥¸²¨ n � m � 1, ³Ò ¨³¥¥³ ¶·µ¸ÉÊÕ ¶·¥¤¥²Ó´ÊÕ Ëµ·³Ê:∫
dy1

∫
dy2φ

∗
y1,y2

(P, Q)φy1,y2(P, Q) ∼

∼
∑

n

∑
m

(AA∗)n

n!
2
n

exp
(
− (6m + 3)2

2n

)
cos (6m + 3)γ cos (6m + 3)γ∗+
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+
∑

n

∑
m

(AA∗)n

n!
2
n

exp
(
− (6m)2

2n

)
sin 6mγ sin 6mγ∗, (49)

¶µ¤µ¡´ÊÕ Éµ°, ±µÉµ· Ö · ´¥¥ ¡Ò²  ¶µ²ÊÎ¥´  ¤²Ö É·eÌ³¥·´µ£µ µ¸Í¨²²ÖÉµ· .
ˆ³¥Ö ³ É·¨ÍÊ ¶²µÉ´µ¸É¨ wi

n,m(ξ1, η1; ξ2, η2) ¸¨¸É¥³Ò É·eÌ Ë¥·³¨µ´µ¢,
´¥¸²µ¦´µ ´ °É¨ µ¤´µÎ ¸É¨Î´ÊÕ ³ É·¨ÍÊ ¶²µÉ´µ¸É¨ wi

n,m(ξ1, η1), µ¶·¥¤¥²¨¢
¥e ± ± ¨´É¥£· ²

wi
n,m(ξ1, η1) =

∫
wi

n,m(ξ1, η1; ξ2, η2) exp
{
−ξ2

2 + η2
2

2

}
dξ2dη2

2π
. (50)

2.7. ’µ ¦¥, ´µ É·eÌ³¥·´Ò° ¸²ÊÎ °. „²Ö É·eÌ É·eÌ³¥·´ÒÌ Ë¥·³¨µ´µ¢
¸ µ¤¨´ ±µ¢µ ´ ¶· ¢²¥´´Ò³¨ ¸¶¨´ ³¨ ¶¥·¢Ò¥ ¤¢  ¸² £ ¥³ÒÌ ¢ · §²µ¦¥´¨¨
¨´É¥£· ²  ¶¥·¥±·ÒÉ¨Ö ¨³¥ÕÉ ¢¨¤

I(P,Q;P∗,Q∗) =
1
2
([PQ][P∗Q∗]) +

1
24

{(PP∗)3 − 3(PP∗)(QP∗)2−

−3(PP∗)(PQ∗)2 + 9(PP∗)(QQ∗)2 − 9([PQ][(P∗Q∗])(QQ∗)} + ... (51)

�¥·¢µ¥ ¸² £ ¥³µ¥ ¸µµÉ¢¥É¸É¢Ê¥É ¨´É¥£· ²Ê ¶¥·¥±·ÒÉ¨Ö SU(3) ´¥¶·¨¢µ¤¨³ÒÌ
¶·¥¤¸É ¢²¥´¨° (0,1),   ¢Éµ·µ¥ ¸² £ ¥³µ¥ Å ¨´É¥£· ²Ê ¶¥·¥±·ÒÉ¨Ö SU(3)
´¥¶·¨¢µ¤¨³ÒÌ ¶·¥¤¸É ¢²¥´¨° (3,0). ‡ ³¥Î É¥²Ó´Ò° Ë ±É Å ´¥¶·¨¢µ¤¨³µ¥
¶·¥¤¸É ¢²¥´¨¥ (1,1) µÉ¸ÊÉ¸É¢Ê¥É.

�¥·¢Ò¥ Î²¥´Ò · §²µ¦¥´¨Ö ¨´É¥£· ²  ¶¥·¥±·ÒÉ¨Ö ¤¥³µ´¸É·¨·ÊÕÉ ¶µ¢¥¤¥-
´¨¥ ÔÉµ£µ ¨´É¥£· ²  ¶·¨ ³ ²ÒÌ §´ Î¥´¨ÖÌ ¢¥±Éµ·µ¢ P,Q;P∗,Q∗. ’ ±, ¶¥·¢µ¥
¸² £ ¥³µ¥ ÔÉµ£µ · §²µ¦¥´¨Ö

1
2
([PQ][P∗Q∗])

Ö¢²Ö¥É¸Ö ¨´É¥£· ²µ³ ¶¥·¥±·ÒÉ¨Ö É· ´¸²ÖÍ¨µ´´µ-¨´¢ ·¨ ´É´ÒÌ ¢µ²´µ¢ÒÌ
ËÊ´±Í¨° SU(3)-³µ¤¥²¨ �²²¨µÉÉ  [16] É·eÌ Ë¥·³¨µ´µ¢ ¸ µ¤¨´ ±µ¢Ò³ ´ -
¶· ¢²¥´¨¥³ ¸¶¨´ ,   Î¥É¢e·É Ö ¸É¥¶¥´Ó ÔÉµ£µ ¸² £ ¥³µ£µ ¤ eÉ ¨´É¥£· ² ¶¥·¥-
±·ÒÉ¨Ö Éµ° ¦¥ ³µ¤¥²¨ ¤²Ö Ö¤·  12C. …¸²¨ ¦¥ ¢¥±Éµ·Ò P ¨ Q ±µ²²¨´¥ ·´Ò ¨
± Éµ³Ê ¦¥ ¨³¥ÕÉ µ¤¨´ ±µ¢ÊÕ ¤²¨´Ê, Éµ ³µ¦´µ ¶µ²µ¦¨ÉÓ P = Q = R. ’µ£¤ 
¶¥·¢µ¥ ¸² £ ¥³µ¥ · §²µ¦¥´¨Ö (51) ¨¸Î¥§ ¥É,   ¢Éµ·µ¥ ¶·¨´¨³ ¥É ¢¨¤

1
6
(RR∗)3,

µÉ¢¥Î ÕÐ¨° ²¨´¥°´µ° ¸É·Ê±ÉÊ·¥ ¢µ²´µ¢µ° ËÊ´±Í¨¨. �Éµ ¸² £ ¥³µ¥ µ¶ÖÉÓ
¸µµÉ¢¥É¸É¢Ê¥É ¨´É¥£· ²Ê ¶¥·¥±·ÒÉ¨Ö ¤²Ö ¸²ÊÎ Ö É¥Ì ¦¥ É·eÌ Ë¥·³¨µ´µ¢, ´µ
É¥¶¥·Ó Ê¦¥ µ±±Ê¶¨·ÊÕÐ¨Ì ¸µ¸ÉµÖ´¨Ö

[0, 0, 0][1, 0, 0][2, 0, 0]
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s-, p-, ¨ sd-µ¡µ²µÎ¥±. ‡¤¥¸Ó ¨¸¶µ²Ó§µ¢ ´µ É· ¤¨Í¨µ´´µ¥ µ¡µ§´ Î¥´¨¥
[nx, ny, nz] ¤²Ö µ¤´µÎ ¸É¨Î´ÒÌ ¸µ¸ÉµÖ´¨° £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ·  ¸ Î¨-
¸²µ³ ±¢ ´Éµ¢ nx ¢¤µ²Ó µ¸¨ x, ny ¢¤µ²Ó µ¸¨ y ¨ nz ¢¤µ²Ó µ¸¨ z.

3. ”�‡�‚›… ’��…Š’��ˆˆ

�·¡¨É ²¨ (1) µÉ±·Ò¢ ÕÉ ¶ÊÉÓ ¤²Ö ¶µ¸É·µ¥´¨Ö ±² ¸¸¨Î¥¸±¨Ì Ë §µ¢ÒÌ É· -
¥±Éµ·¨° ¢µ²´µ¢ÒÌ ¶ ±¥Éµ¢ ¸¨¸É¥³Ò A Ë¥·³¨µ´µ¢. —Éµ¡Ò ·¥ ²Ó´µ ¢Ò¢¥¸É¨
¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ Ê· ¢´¥´¨Ö ±² ¸¸¨Î¥¸±µ° ¤¨´ ³¨±¨ ¨ ´ °É¨ Ë §µ¢Ò¥ É· ¥±-
Éµ·¨¨, ¶·¨Ìµ¤¨É¸Ö ¶·µ°É¨ Î¥·¥§ ´¥¸±µ²Ó±µ ÔÉ ¶µ¢. ‘´ Î ²  ¨§ µ·¡¨É ²¥° (1)
±µ´¸É·Ê¨·ÊÕÉ¸Ö ¤¥É¥·³¨´ ´ÉÒ ‘²¥°É¥·  ¨ É¥³ ¸ ³Ò³ Ê¤µ¢²¥É¢µ·ÖÕÉ¸Ö É·¥-
¡µ¢ ´¨Ö ¶·¨´Í¨¶  � Ê²¨. ‡ É¥³ ÔÉ¨ ¤¥É¥·³¨´ ´ÉÒ µ¡ÑÖ¢²ÖÕÉ¸Ö ¶·µ¡´Ò³¨
ËÊ´±Í¨Ö³¨ ¢ ·¨ Í¨µ´´µ° § ¤ Î¨,   ±µ³¶²¥±¸´Ò¥ ¢¥±Éµ·Ò

Ri, i = 1, 2, ...A,

¢Ò¸ÉÊ¶ ÕÉ ¢ ·µ²¨ ¢ ·¨ Í¨µ´´ÒÌ ¶ · ³¥É·µ¢, ±µÉµ·Ò¥ § ¢¨¸ÖÉ µÉ ¢·¥³¥´¨
t. ‘²¥¤ÊÕÐ¨° ÔÉ ¶ Å ¢ÒÎ¨¸²¥´¨¥ ËÊ´±Í¨¨ ‹ £· ´¦  ´  ¤¥É¥·³¨´ ´É Ì
‘²¥°É¥· . � ±µ´¥Í, µ¡· Ð¥´¨¥ ± ¶·¨´Í¨¶Ê ´ ¨³¥´ÓÏ¥£µ ¤¥°¸É¢¨Ö, § ±²ÕÎ Ö
¶·µÍ¥¤Ê·Ê, ¶µ§¢µ²Ö¥É ´ °É¨ ±² ¸¸¨Î¥¸±¨¥ Ê· ¢´¥´¨Ö ¤²Ö

R(t) =
ξ(t) + iη(t)√

2

¨, ¢ ¨Éµ£¥, É· ¥±Éµ·¨¨ ¢ Ë §µ¢µ³ ¶·µ¸É· ´¸É¢¥.
Š ¦¤ Ö É· ¥±Éµ·¨Ö ¸¨¸É¥³Ò Ë¥·³¨µ´µ¢ ´ Ìµ¤¨É¸Ö ´  £¨¶¥·¶µ¢¥·Ì´µ¸É¨

Ë §µ¢µ£µ ¶·µ¸É· ´¸É¢  ¤²Ö § ¤ ´´µ° Ô´¥·£¨¨. �´  ¢¶µ²´¥ µ¶·¥¤¥²Ö¥É¸Ö, ¥¸²¨
Ê± § ´Ò §´ Î¥´¨Ö ¢¸¥Ì ¥e ¨´É¥£· ²µ¢ ¤¢¨¦¥´¨Ö. Š¢ ¤· É ³µ¤Ê²Ö µ¶·¥¤¥²e´-
´µ° ¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´´  ¢µ²´µ¢µ° ËÊ´±Í¨¨ Éµ° ¦¥ ¸¨¸É¥³Ò,
µ¡² ¤ ÕÐ¥° ¸µµÉ¢¥É¸É¢ÊÕÐ¨³¨ ±¢ ´Éµ¢Ò³¨ Î¨¸² ³¨, ¢³¥¸É¥ ¸ ³¥·µ° � ·£-
³ ´´  ¤ ¥É ¶²µÉ´µ¸ÉÓ · ¸¶·¥¤¥²¥´¨Ö ¢¥·µÖÉ´µ¸É¨ ¢ Ë §µ¢µ³ ¶·µ¸É· ´¸É¢¥.
‘µ¶µ¸É ¢²ÖÖ Ë §µ¢Ò¥ É· ¥±Éµ·¨¨ ¨ ±¢ ´Éµ¢Ò¥ · ¸¶·¥¤¥²¥´¨Ö, ³µ¦´µ ¸Ê¤¨ÉÓ
µ Éµ³, ¢ ± ±µ° ¸É¥¶¥´¨ ¨ ¶·¨ ¢Ò¶µ²´¥´¨¨ ± ±¨Ì Ê¸²µ¢¨° Ë §µ¢Ò¥ É· ¥±Éµ·¨¨
¶¥·¥¤ ÕÉ ·¥ ²Ó´ÊÕ ¸¨ÉÊ Í¨Õ.

3.1. �¤´µ³¥·´Ò¥ ¤¢¨¦¥´¨Ö. �¸µ¡¥´´µ ¶·µ¸Éµ, µ¡· É¨¢Ï¨¸Ó ± (1), ´ °É¨
Ë §µ¢Ò¥ É· ¥±Éµ·¨¨ µ¤´µ³¥·´ÒÌ ¤¢¨¦¥´¨°. „²Ö ÔÉµ£µ ¤µ¸É ÉµÎ´µ ¢µ¸¶µ²Ó§µ-
¢ ÉÓ¸Ö ¸µµÉ´µÏ¥´¨¥³

H(ξ, η) = E,
〈φ∗

x(R)|Ĥ |φx(R)〉
〈φ∗

x(R)|φx(R)〉 = H(ξ, η). (52)

‡¤¥¸Ó Ĥ Å ±¢ ´Éµ¢Ò° £ ³¨²ÓÉµ´¨ ´ µ¤´µ³¥·´µ° ¸¨¸É¥³Ò ¢ ±µµ·¤¨´ É´µ³
¶·¥¤¸É ¢²¥´¨¨,   H(ξ, η) Å ËÊ´±Í¨Ö ƒ ³¨²ÓÉµ´ , µ¶·¥¤¥²e´´ Ö ± ± ·¥§Ê²ÓÉ É
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Ê¸·¥¤´¥´¨Ö £ ³¨²ÓÉµ´¨ ´  ´  µ·¡¨É ²ÖÌ �²µÌ Ä�·¨´± . ’ ±, ¤²Ö µ¤´µ³¥·´µ£µ
¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö, £ ³¨²ÓÉµ´¨ ´ ±µÉµ·µ£µ

Ĥ = −1
2

d2

dx2
,

ËÊ´±Í¨Ö ƒ ³¨²ÓÉµ´  ¨³¥¥É ¢¨¤

H(ξ, η) =
1
2
η2 +

1
4
. (53)

ˆ§ (53) ¸²¥¤Ê¥É, ÎÉµ ¢µ²´µ¢µ° ¶ ±¥É, ± ±µ¢Ò³ Ö¢²Ö¥É¸Ö µ·¡¨É ²Ó (1), ¤¢¨¦¥É¸Ö
± ± ¸¢µ¡µ¤´ Ö Î ¸É¨Í  ¸ ¨³¶Ê²Ó¸µ³ η ¨ ³ ¸¸µ° ´Ê±²µ´ . �¤´ ±µ ¶µ¸±µ²Ó±Ê
E = H(ξ, η), Éµ ¶µ²´ Ö Ô´¥·£¨Ö ¢µ²´µ¢µ£µ ¶ ±¥É  ¸µ¤¥·¦¨É ¥Ðe µ¤´µ ¸² £ ¥-
³µ¥ 1/4, ±µÉµ·µ¥ ¶µÖ¢¨²µ¸Ó ¶µÉµ³Ê, ÎÉµ ´  ¸µ§¤ ´¨¥ µ¤´µ³¥·´µ£µ ¢µ²´µ¢µ£µ
¶ ±¥É  É·¥¡Ê¥É¸Ö § É· É¨ÉÓ ¨³¥´´µ ÔÉÊ Ô´¥·£¨Õ. ’ ±µ° ¢µ²´µ¢µ° ¶ ±¥É, ± ±
¨ ¢¸Ö±¨° ¤·Ê£µ°, ´¥ ³µ¦¥É ¸ÊÐ¥¸É¢µ¢ ÉÓ ¤µ²£µ¥ ¢·¥³Ö ¢´¥ ¶µÉ¥´Í¨ ²Ó´µ£µ
¶µ²Ö ¨ ¤µ²¦¥´ · ¸¶²Ò¢ ÉÓ¸Ö. �µ±  ³Ò ¶·¥´¥¡·¥£ ¥³ ÔÉ¨³ Ö¢²¥´¨¥³ ¨ ´¥
¢±²ÕÎ ¥³ ¢ ±² ¸¸¨Î¥¸±µ¥ · ¸¸³µÉ·¥´¨¥ ³¥Ì ´¨§³, µÉ¢¥É¸É¢¥´´Ò° §  · ¸¶²Ò-
¢ ´¨¥ ¢µ²´µ¢µ£µ ¶ ±¥É , ³¨´¨³ ²Ó´ Ö Ô´¥·£¨Ö ¸¢µ¡µ¤´µ£µ ¨´Ë¨´¨É´µ£µ ¤¢¨-
¦¥´¨Ö µ± §Ò¢ ¥É¸Ö · ¢´µ° 1/4. ˆ ÔÉµ § ³¥Î ´¨¥ µ¸É eÉ¸Ö ¸¶· ¢¥¤²¨¢Ò³ ¤ ¦¥
¶µ¸²¥ ¢±²ÕÎ¥´¨Ö ¶µÉ¥´Í¨ ²  ¶·¨ÉÖ¦¥´¨Ö, ±µ£¤  ¶µÖ¢²Ö¥É¸Ö ¸¶¥±É· Ë¨´¨É-
´ÒÌ ¸µ¸ÉµÖ´¨° ´¥ Éµ²Ó±µ ¸ µÉ·¨Í É¥²Ó´µ°, ´µ ¨ ¸ ¶µ²µ¦¨É¥²Ó´µ° Ô´¥·£¨¥°,
´¥ ¶·¥¢µ¸Ìµ¤ÖÐ¥° 1/4. � §Ê³¥¥É¸Ö, ±¢ ´Éµ¢µ¥ µ¶¨¸ ´¨¥ É ±¨Ì ¶·µ¡²¥³ ´¥
¨³¥¥É.

—Éµ ¦¥ ± ¸ ¥É¸Ö Ë §µ¢ÒÌ É· ¥±Éµ·¨° ¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö (53), Éµ ¤²Ö
´¨Ì § ¢¨¸¨³µ¸ÉÓ ¨³¶Ê²Ó¸  µÉ Ô´¥·£¨¨, É.¥.

η =
√

2E − 1/2,

´¥¸±µ²Ó±µ µÉ²¨Î ¥É¸Ö ¢ µ¡² ¸É¨ ³ ²ÒÌ Ô´¥·£¨° µÉ Éµ°, ÎÉµ ¤²Ö ¸¢µ¡µ¤´ÒÌ
Î ¸É¨Í ¶·¥¤² £ ¥É ±² ¸¸¨Î¥¸± Ö ³¥Ì ´¨± , ¨ µÉ Éµ°, ±µÉµ· Ö ¸µµÉ¢¥É¸É¢Ê¥É
²¨´¨¨ ³ ±¸¨³Ê³µ¢ ËÊ´±Í¨¨ · ¸¶·¥¤¥²¥´¨Ö (14).

„²Ö µ¤´µ³¥·´µ£µ µ¸Í¨²²ÖÉµ· 

Ĥ = −1
2

d2

dx2
+

1
2
x2, (54)

¶µÔÉµ³Ê

H(ξ, η) =
1
2
(η2 + ξ2) +

1
2
, (55)

¨ Ë §µ¢Ò¥ É· ¥±Éµ·¨¨ ¶·¨ Ô´¥·£¨¨ E Ê¤µ¢²¥É¢µ·ÖÕÉ ¸µµÉ´µÏ¥´¨Õ

1
2
(η2 + ξ2) +

1
2

= E. (56)
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Š ± ¨ ¤µ²¦´µ ¡ÒÉÓ, ¶·¨ ¢¸¥Ì §´ Î¥´¨ÖÌ E ¤¢¨¦¥´¨Ö Ë¨´¨É´Ò,   ¸¶¥±É·
´¥¶·¥·Ò¢´Ò°, ÌµÉÖ µ´ ´ Î¨´ ¥É¸Ö ²¨ÏÓ ¸ E = 1/2, ±µ£¤  Ë §µ¢ Ö É· ¥±Éµ·¨Ö
¢Ò·µ¦¤ ¥É¸Ö ¢ ÉµÎ±Ê ξ = 0, η = 0, ¸µµÉ¢¥É¸É¢ÊÕÐÊÕ ´ Î ²Ê ±µµ·¤¨´ É.
K¢ ´Éµ¢µ¥ · ¸¶·¥¤¥²¥´¨¥ ¢¥·µÖÉ´µ¸É¨ ¢ ÔÉµ³ ¦¥ ¸µ¸ÉµÖ´¨¨ (¸³. (22))

ρ0(ξ, η) = exp
{
−ξ2 + η2

2

}

¨³¥¥É ³ ±¸¨³Ê³ ¢ ´ Î ²¥ ±µµ·¤¨´ É.
3.2. ‘¢µ¡µ¤´µ¥ ¤¢¨¦¥´¨¥ É·¨¶²¥É´µ° ¶ ·Ò Ë¥·³¨µ´µ¢. —Éµ¡Ò ¶µ´ÖÉÓ,

± ± ¢²¨Ö¥É  ´É¨¸¨³³¥É·¨§ Í¨Ö ´  Ë §µ¢Ò¥ É· ¥±Éµ·¨¨ ¸¢µ¡µ¤´µ£µ µ¤´µ³¥·-
´µ£µ ¤¢¨¦¥´¨Ö ¤¢ÊÌ Ë¥·³¨µ´µ¢ ¢ É·¨¶²¥É´µ³ ¸µ¸ÉµÖ´¨¨, ¶µ¸É·µ¨³ ¸´ Î ² 
±² ¸¸¨Î¥¸±ÊÕ ËÊ´±Í¨Õ ƒ ³¨²ÓÉµ´ , µ¶·¥¤¥²¨¢ ¥e ¸µµÉ´µÏ¥´¨¥³

H−(ξ, η) =
〈φ−∗

x (R)|Ĥ |φ−
x (R)〉

〈φ−∗
x (R)|φ−

x (R)〉
, (57)

£¤¥

Ĥ = −1
2

d2

dx2
.

�·µ¸ÉÒ¥ ¢ÒÎ¨¸²¥´¨Ö ¤ ÕÉ ¸²¥¤ÊÕÐ¨° ·¥§Ê²ÓÉ É [7]:

H−(ξ, η) =
η2

2
+

1
4

+
ξ2 + η2

4

(
coth

ξ2 + η2

2
− 1
)

. (58)

�¨¸. 5. �ËË¥±É¨¢´Ò¥ ¶µÉ¥´Í¨ ²Ó´Ò¥ ¸² £ ¥³Ò¥ Å
¤¢  ¶µ¸²¥¤´¨Ì ¸² £ ¥³ÒÌ ¢ ËÊ´±Í¨¨ ƒ ³¨²ÓÉµ´ 
H−(ξ, η) ¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö ¤¢ÊÌ Î ¸É¨Í ¸ ¶ · ²-
²¥²Ó´Ò³¨ ¸¶¨´ ³¨

‘Ê³³  ¤¢ÊÌ ¶µ¸²¥¤´¨Ì ¸² -
£ ¥³ÒÌ ¢ ¶· ¢µ° Î ¸É¨ (58)
¨§µ¡· ¦¥´  ´  ·¨¸. 5. �µ-
²µ¦¨¢ H−(ξ, η) = E, ¶µ-
²ÊÎ¨³ Ë §µ¢ÊÕ É· ¥±Éµ·¨Õ
¶·¨ Ô´¥·£¨¨ E. ‡ ³¥É¨³,
ÎÉµ ³¨´¨³ ²Ó´µ¥ §´ Î¥´¨¥
Ô´¥·£¨¨ · ¢´µ 1/4. Š·µ³¥
Éµ£µ, É ± ± ±

coth
ξ2 + η2

2
− 1 � 0,

ËÊ´±Í¨Ö ƒ ³¨²ÓÉµ´  ¸µ¤¥·-
¦¨É µÉÉ ²±¨¢ ´¨¥. �µÔÉµ³Ê,
¶µ±  1/4 � E � 3/4,
É· ¥±Éµ·¨Ö, ´ Î ¢Ï Ö¸Ö ¶·¨
¡µ²ÓÏ¨Ì ¶µ²µ¦¨É¥²Ó´ÒÌ §´ -
Î¥´¨ÖÌ ξ ¨ η =

√
2E − 1/2,
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¨¸¶ÒÉ ¢ µÉ· ¦¥´¨¥, ´¥ ¶·µ´¨± ¥É ¢ µ¡² ¸ÉÓ µÉ·¨Í É¥²Ó´ÒÌ ξ. �µÖ¢²Ö¥É¸Ö
ÉµÎ±  ¶µ¢µ·µÉ , ¢ ±µÉµ·µ° ¨³¶Ê²Ó¸ · ¢¥´ ´Ê²Õ, ¶µ¸²¥ Î¥£µ, ¢ ·¥§Ê²ÓÉ É¥
¸³¥´Ò §´ ±  ¨³¶Ê²Ó¸ , É· ¥±Éµ·¨Ö µ¸É eÉ¸Ö ¢ µ¡² ¸É¨ ¶µ²µ¦¨É¥²Ó´ÒÌ ξ
(¸³. ·¨¸. 6). …¸²¨ ¦¥ E � 3/4, Éµ ¢³¥¸Éµ µ¸É ´µ¢±¨ ´ ¡²Õ¤ ¥É¸Ö ²¨ÏÓ

�¨¸. 6. ” §µ¢Ò¥ É· ¥±Éµ·¨¨ ¸¢µ¡µ¤´µ£µ ¤¢¨-
¦¥´¨Ö ¤¢ÊÌ Î ¸É¨Í ¸ ¶ · ²²¥²Ó´Ò³¨ ¸¶¨-
´ ³¨. ‘¶²µÏ´Ò³¨ ²¨´¨Ö³¨ ¶µ± § ´Ò É· -
¥±Éµ·¨¨, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ ¤¢¨¦¥´¨Õ ¸ · §-
´Ò³¨ §´ Î¥´¨Ö³¨ Ô´¥·£¨¨. ˜É·¨Ìµ¢Ò³¨
²¨´¨Ö³¨ ¶µ± § ´Ò Ô±¢¨¶µÉ¥´Í¨ ²Ó´Ò¥ ¶µ-
¢¥·Ì´µ¸É¨

§ ³¥¤²¥´¨¥ ¤¢¨¦¥´¨Ö. ‡ É¥³ É· ¥±-
Éµ·¨Ö ÊÌµ¤¨É ¢ µ¡² ¸ÉÓ µÉ·¨Í É¥²Ó-
´ÒÌ ξ, £¤¥ µ´  ³µ¦¥É ¡ÒÉÓ ¢µ¸¶·µ-
¨§¢¥¤¥´  ± ± ·¥§Ê²ÓÉ É §¥·± ²Ó´µ£µ
µÉ· ¦¥´¨Ö ¶¥·¢µ° ¶µ²µ¢¨´Ò É· ¥±-
Éµ·¨¨ µÉ´µ¸¨É¥²Ó´µ µ¸¨ η.

�ÉÉ ²±¨¢ ´¨¥, ±µÉµ·µ¥ ¤¥³µ´-
¸É·¨·ÊÕÉ Ë §µ¢Ò¥ É· ¥±Éµ·¨¨ Î -
¸É¨Í É·¨¶²¥É´µ° Ë¥·³¨µ´´µ° ¶ ·Ò
¶·¨ ³ ²ÒÌ §´ Î¥´¨ÖÌ ξ ¨ η, ¢¶µ²´¥
¸µµÉ¢¥É¸É¢Ê¥É É· ¤¨Í¨µ´´µ³Ê ¶·¥¤-
¸É ¢²¥´¨Õ µ Éµ³, ÎÉµ ÊÎeÉ ¶·¨´Í¨¶ 
� Ê²¨ § ¶·¥Ð ¥É Ë¥·³¨µ´ ³ ¸ ¶ -
· ²²¥²Ó´Ò³¨ ¸¶¨´ ³¨ ´ Ìµ¤¨ÉÓ¸Ö
¢ µ¤´µ° ÉµÎ±¥ ¨ ¶·µÖ¢²Ö¥É¸Ö ± ±
¸¨² , ¶·¥¶ÖÉ¸É¢ÊÕÐ Ö ¸¡²¨¦¥´¨Õ
Ë¥·³¨µ´µ¢.

�µ²ÊÎ¥´´µ¥ ´ ³¨ · ´¥¥ · ¸-
¶·¥¤¥²¥´¨¥ ¢¥·µÖÉ´µ¸É¨ (39) ¤²Ö
É·¨¶²¥É´µ° ¶ ·Ò, Ô´¥·£¨Ö ±µÉµ·µ°
E = k2/2, cÉÖ£¨¢ ¥É¸Ö ± Ë §µ¢µ°
É· ¥±Éµ·¨¨ H−(ξ, η) = E, Éµ²Ó±µ
¥¸²¨ E � 3/4, ±µ£¤  ·µ²Ó ¶·¨´-

Í¨¶  � Ê²¨ ¨ ¢²¨Ö´¨¥  ´É¨¸¨³³¥É·¨§ Í¨¨ Ê¦¥ ´¥¸ÊÐ¥¸É¢¥´´Ò. ˆ³¥´´µ
Éµ£¤   ¸¨³¶ÉµÉ¨Î¥¸±¨³ ¶·¥¤¥²µ³ ±¢ ´Éµ¢µ£µ ·¥§Ê²ÓÉ É  ¸É ´µ¢¨É¸Ö ±² ¸¸¨-
Î¥¸±¨° ·¥§Ê²ÓÉ É. �¤´ ±µ ¶·¨ ³ ²ÒÌ Ô´¥·£¨ÖÌ, ±µ£¤  ¢¥²¨±¨ É¥ ¶µ¶· ¢±¨
± Ê· ¢´¥´¨Ö³ ±² ¸¸¨Î¥¸±µ° ¤¨´ ³¨±¨, ±µÉµ·Ò¥ ÊÎ¨ÉÒ¢ ÕÉ  ´É¨¸¨³³¥É·¨§ -
Í¨Õ,  ´ ²µ£¨Ö ³¥¦¤Ê ±¢ ´Éµ¢Ò³ · ¸¶·¥¤¥²¥´¨¥³ ¢¥·µÖÉ´µ¸É¨ ¨ Ë §µ¢Ò³¨
É· ¥±Éµ·¨Ö³¨ ´¥ ¶·µ¸³ É·¨¢ ¥É¸Ö, ¨, ÎÉµ¡Ò ÔÉ   ´ ²µ£¨Ö ¶µÖ¢¨² ¸Ó, ´¥µ¡Ìµ-
¤¨³  ¤µ¶µ²´¨É¥²Ó´ Ö ±µ··¥±Í¨Ö ±² ¸¸¨Î¥¸±¨Ì Ê· ¢´¥´¨°, ¸¢Ö§ ´´ Ö ¢ ¶¥·¢ÊÕ
µÎ¥·¥¤Ó ¸ · ¸¶²Ò¢ ´¨¥³ ¢µ²´µ¢µ£µ ¶ ±¥É , ¤¢¨¦¥´¨¥ ±µÉµ·µ£µ ¢µ¸¶·µ¨§¢µ¤ÖÉ
±² ¸¸¨Î¥¸±¨¥ Ê· ¢´¥´¨Ö.

3.3. ‘¨´£²¥É´ Ö ¶ · . ‚ ¸²ÊÎ ¥ ¸¨´£²¥É´µ° ¶ ·Ò ¸¢µ¡µ¤´ÒÌ Ë¥·³¨µ´µ¢
ËÊ´±Í¨Ö ƒ ³¨²ÓÉµ´  ¨³¥¥É ¢¨¤

H+(ξ, η) =
η2

2
+

1
4

+
ξ2 + η2

4

(
tanh

ξ2 + η2

2
− 1
)

. (59)
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�¡Ö§ ´´µ¥ ¶·µÍ¥¤Ê·¥ ¸¨³³¥É·¨§ Í¨¨ ¶µ¸²¥¤´¥¥ ¸² £ ¥³µ¥ ¢ ¶· ¢µ° Î ¸É¨
(59), ¢ µÉ²¨Î¨¥ µÉ ¸µµÉ¢¥É¸É¢ÊÕÐ¥£µ ¸² £ ¥³µ£µ ¢ (58), µÉ¢¥Î ¥É ¶·¨ÉÖ¦¥´¨Õ,
¶µ¸±µ²Ó±Ê É¥¶¥·Ó

tanh
ξ2 + η2

2
− 1 � 0.

�µ¢¥¤¥´¨¥ ¸Ê³³Ò ¤¢ÊÌ ¶µ¸²¥¤´¨Ì ¸² £ ¥³ÒÌ ¢ ¶· ¢µ° Î ¸É¨ (59) ¶µ± § ´µ
´  ·¨¸. 7. Œ¨´¨³ ²Ó´µ¥ §´ Î¥´¨¥ ÔÉ  ¸Ê³³  ¨³¥¥É ´  µ±·Ê¦´µ¸É¨ ¸ Í¥´É·µ³
¢ ´ Î ²¥ ±µµ·¤¨´ É. …¸²¨ ± ÔÉµ° ¸Ê³³¥ ³Ò ¤µ¡ ¢¨³ ¸² £ ¥³µ¥ η2/2, Éµ
´¥³¥¤²¥´´µ ¶µ²ÊÎ¨³ ¤¢  ³¨´¨³Ê³  ËÊ´±Í¨¨ ƒ ³¨²ÓÉµ´  ¶·¨

ξ = ±ξ0, ξ0 = 1,13, η = 0,

±µ£¤  Emin = 0,11. ‚ ± ¦¤µ° ¨§ ¤¢ÊÌ ÉµÎ¥± ³¨´¨³Ê³  Ë §µ¢Ò¥ É· ¥±Éµ·¨¨
¢Ò·µ¦¤ ÕÉ¸Ö ¢ ÉµÎ±Ê. ‡ É¥³, ±µ£¤  Ô´¥·£¨Ö µ± §Ò¢ ¥É¸Ö ¡µ²ÓÏ¥ ³¨´¨³ ²Ó-
´µ°, ¶µÖ¢²ÖÕÉ¸Ö § ³±´ÊÉÒ¥ Ë §µ¢Ò¥ É· ¥±Éµ·¨¨ Ë¨´¨É´µ£µ ¤¢¨¦¥´¨Ö. ˆ´-
Ë¨´¨É´Ò³ ¤¢¨¦¥´¨¥ ¸É ´µ¢¨É¸Ö, ¥¸²¨ E > 1/4. �¤´ ±µ Ö¢´ Ö ¸¢Ö§Ó ³¥¦¤Ê
¨´Ë¨´¨É´Ò³¨ É· ¥±Éµ·¨Ö³¨ ¨ ±¢ ´Éµ¢Ò³ · ¸¶·¥¤¥²¥´¨¥³ ¢¥·µÖÉ´µ¸É¨ (40)
¸É ´µ¢¨É¸Ö µÎ¥¢¨¤´µ°, Éµ²Ó±µ ±µ£¤  E � 1/4, ¨ ¢²¨Ö´¨¥³ ¸¨³³¥É·¨§ Í¨¨
± ± ´  · ¸¶·¥¤¥²¥´¨¥ ¢¥·µÖÉ´µ¸É¨, É ± ¨ ´  ¨´Ë¨´¨É´Ò¥ Ë §µ¢Ò¥ É· ¥±Éµ-
·¨¨ ³µ¦´µ ¶·¥´¥¡·¥ÎÓ. —Éµ ¦¥ ± ¸ ¥É¸Ö Ë¨´¨É´ÒÌ É· ¥±Éµ·¨°, Éµ µ´¨ ¥¸ÉÓ
·¥§Ê²ÓÉ É ¶·¨¡²¨¦¥´¨Ö, ¶µÖ¢²ÖÕÐ¥£µ¸Ö ¶·¨ ¢Ò¢µ¤¥ Ê· ¢´¥´¨° ±² ¸¸¨Î¥¸±µ°
¤¨´ ³¨±¨ ¨ ¸¢µ¤ÖÐ¥£µ¸Ö ± Éµ³Ê, ÎÉµ ¢µ²´µ¢µ° ¶ ±¥É ¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö ´¥
· ¸¶²Ò¢ ¥É¸Ö, ÌµÉÖ ´  ¸ ³µ³ ¤¥²¥ · ¸¶²Ò¢ ´¨¥ ¨³¥¥É ³¥¸Éµ ¨ ¶·¥´¥¡·¥£ ÉÓ
¨³ ³µ¦´µ ²¨ÏÓ ¶·¨ ¡µ²ÓÏ¨Ì Ô´¥·£¨ÖÌ.

�¨¸. 7. �ËË¥±É¨¢´Ò¥ ¶µÉ¥´Í¨ ²Ó´Ò¥ ¸² £ ¥³Ò¥ Å ¤¢  ¶µ¸²¥¤´¨Ì ¸² £ ¥³ÒÌ ¢ ËÊ´±-
Í¨¨ ƒ ³¨²ÓÉµ´  H+(ξ, η) ¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö ¤¢ÊÌ Î ¸É¨Í ¸  ´É¨¶ · ²²¥²Ó´Ò³¨
¸¶¨´ ³¨
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4. “—E’ ‚‡�ˆŒ�„…‰‘’‚ˆŸ ”…�Œˆ���‚

‚¢¥¤¥³ ¶µÉ¥´Í¨ ² ¢§ ¨³µ¤¥°¸É¢¨Ö ³¥¦¤Ê Ë¥·³¨µ´ ³¨ ¤²Ö Éµ£µ, ÎÉµ¡Ò
¨§ÊÎ¨ÉÓ É¥ ¢µ¶·µ¸Ò, ±µÉµ·Ò¥ ¢µ§´¨± ÕÉ, ±µ£¤  ¸¨¸É¥³  ¨³¥¥É ¸µ¸ÉµÖ´¨Ö ± ±
´¥¶·¥·Ò¢´µ£µ, É ± ¨ ¤¨¸±·¥É´µ£µ ¸¶¥±É· . ‚§ ¨³µ¤¥°¸É¢¨¥ Ë¥·³¨µ´µ¢ ³Ò
¡Ê¤¥³ ³µ¤¥²¨·µ¢ ÉÓ £ Ê¸¸µ¢¸±¨³ ¶µÉ¥´Í¨ ²µ³ ¶·¨ÉÖ¦¥´¨Ö

U(x) = −V0 exp {−αx2}. (60)

‘ ÔÉ¨³ ¢§ ¨³µ¤¥°¸É¢¨¥³ ³Ò ¸´ Î ²  ¶µ¸É·µ¨³ ¸¶¥±É· ¸µ¸ÉµÖ´¨°, ¢µ²´µ¢Ò¥
ËÊ´±Í¨¨ ±µÉµ·ÒÌ µ¶·¥¤¥²¥´Ò ¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´´ ,   § É¥³ ¢Ò-
¶µ²´¨³ ¶¥·¥Ìµ¤ ± Ê· ¢´¥´¨Ö³ ±² ¸¸¨Î¥¸±µ° ¤¨´ ³¨±¨ ¨ µ¶·¥¤¥²¨³ Ë §µ¢Ò¥
É· ¥±Éµ·¨¨.

4.1. �¥Ï¥´¨¥ ±¢ ´Éµ¢µ£µ ¢µ²´µ¢µ£µ Ê· ¢´¥´¨Ö. „²Ö ·¥ ²¨§ Í¨¨ ±¢ ´Éµ-
¢µ£µ ¶µ¤Ìµ¤  ´ °¤¥³ ¨´É¥£· ² ¶¥·¥±·ÒÉ¨Ö

〈S|U(x)|R〉 =
∫

φx(S)U(x)φx(R)dx

µ¶¥· Éµ·  ¶µÉ¥´Í¨ ²Ó´µ° Ô´¥·£¨¨ (60) ¨ µ¤´µ³¥·´ÒÌ µ·¡¨É ²¥° �²µÌ Ä
�·¨´± 

φx(R) = π−1/4 exp
{
−x2

2
+
√

2Rx − R2

2

}
, (61)

φx(S) = π−1/4 exp
{
−x2

2
+
√

2Sx − S2

2

}
. (62)

�¥¸²µ¦´µ ´ °É¨ ¢Ò· ¦¥´¨¥ ¤²Ö ÔÉµ£µ ¨´É¥£· ²  ¶¥·¥±·ÒÉ¨Ö:

〈S|U(x)|R〉 = −z1/2V0 exp
{

zRS +
z − 1

2
(R2 + S2)

}
, (63)

£¤¥ z−1 = 1 + α. ˆ´É¥£· ² ¶¥·¥±·ÒÉ¨Ö ¸ µ¶¥· Éµ·µ³ ±¨´¥É¨Î¥¸±µ° Ô´¥·£¨¨
³Ò Ê¦¥ ¢ÒÎ¨¸²Ö²¨:

〈S|T̂ |R〉 =
(
−1

4
(R − S)2 +

1
4

)
exp (RS). (64)

ˆ´É¥£· ²Ò ¶¥·¥±·ÒÉ¨Ö (63) ¨ (64) Ö¢²ÖÕÉ¸Ö ³ É·¨Î´Ò³¨ Ô²¥³¥´É ³¨ ¸µ-
µÉ¢¥É¸É¢ÊÕÐ¨Ì µ¶¥· Éµ·µ¢ ´  µ·¡¨É ²ÖÌ (61) ¨ (62) �²µÌ Ä�·¨´± . �µ ÔÉ¨
µ·¡¨É ²¨ ¶·¥¤¸É ¢²ÖÕÉ ¸µ¡µ° ¸Ê¶¥·¶µ§¨Í¨Õ ¢¸¥Ì µ·Éµ´µ·³¨·µ¢ ´´ÒÌ ¡ -
§¨¸´ÒÌ ËÊ´±Í¨° µ¤´µ³¥·´µ£µ £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· , µ¶·¥¤¥²e´´ÒÌ ¢
µ¡ÒÎ´µ³ ±µµ·¤¨´ É´µ³ ¶·µ¸É· ´¸É¢¥,   ±µÔËË¨Í¨¥´ÉÒ ÔÉµ° ¸Ê¶¥·¶µ§¨Í¨¨ Å
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¡ §¨¸´Ò¥ ËÊ´±Í¨¨ Éµ£µ ¦¥ µ¸Í¨²²ÖÉµ· , ´µ ¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´´ .
’ ±, ¤²Ö (61)

φx(R) =
∞∑

n=0

1√
2nn!

√
π

Hn(x) exp {−x2/2} 1√
n!

Rn, (65)

£¤¥ Hn(x) Å ¶µ²¨´µ³Ò �·³¨É . �´ ²µ£¨Î´ Ö ¸Ê¶¥·¶µ§¨Í¨Ö ¨³¥¥É ³¥¸Éµ ¤²Ö
(62). ˆ´É¥£·¨·ÊÖ ¶µ x ¶·¨ ¢ÒÎ¨¸²¥´¨¨ ¨´É¥£· ²µ¢ ¶¥·¥±·ÒÉ¨Ö, ³Ò ´ Ï²¨
²¨´¥°´ÊÕ ±µ³¡¨´ Í¨Õ ¢¸¥Ì ¨´É¥·¥¸ÊÕÐ¨Ì ´ ¸ ´¥´Ê²¥¢ÒÌ ³ É·¨Î´ÒÌ Ô²¥-
³¥´Éµ¢. �µ É¥¶¥·Ó ¨§ ÔÉµ° ²¨´¥°´µ° ±µ³¡¨´ Í¨¨ ³Ò ¤µ²¦´Ò ¨§¢²¥ÎÓ ± ¦¤Ò°
¨§ ³ É·¨Î´ÒÌ Ô²¥³¥´Éµ¢, ¢Ìµ¤ÖÐ¨x ¢ ¥e ¸µ¸É ¢.

Œ É·¨Î´Ò° Ô²¥³¥´É 〈S|Ô|R〉 ²Õ¡µ£µ µ¶¥· Éµ·  Ô ¶·¥¤¸É ¢¨³ ¢ ¢¨¤¥

〈S|Ô|R〉 =
∞∑

n=0

∞∑
ñ=0

1√
n!

Rn〈n|Ô|ñ〉 1√
ñ!

Sñ, (66)

£¤¥, ± ± µ¡ÒÎ´µ,
〈n|Ô|ñ〉 =

=
∫ ∞

∞
dx

1√
2nn!

√
π

Hn(x) exp {−x2/2}Ô 1√
2ññ!

√
π

Hñ(x) exp {−x2/2},

ÎÉµ ¨ Ê± §Ò¢ ¥É ¶ÊÉÓ ± ·¥Ï¥´¨Õ ¶·µ¡²¥³Ò. ‚ ¸ ³µ³ ¤¥²¥, É ± ± ±

〈S|Û(x)|R〉 =
∞∑

n=0

∞∑
ñ=0

1√
n!

Rn〈n|Û(x)|ñ〉 1√
ñ!

Sñ, (67)

Éµ ¶ ·Í¨ ²Ó´Ò¥ ³ É·¨Î´Ò¥ Ô²¥³¥´ÉÒ

〈n|Û(x)|ñ〉 = −V0

min(n,ñ)∑
m=0

n!ñ!
m!(n − m)!!(ñ − m)!!

zm+1/2(z − 1)n+ñ−2m. (68)

ˆ§ (64) ¨ (66) ´¥³¥¤²¥´´µ ¸²¥¤ÊÕÉ É·¨ µ¸´µ¢´ÒÌ Ìµ·µÏµ ¨§¢¥¸É´ÒÌ ¢Ò· ¦¥-
´¨Ö ¤²Ö ³ É·¨Î´ÒÌ Ô²¥³¥´Éµ¢ µ¶¥· Éµ·  ±¨´¥É¨Î¥¸±µ° Ô´¥·£¨¨ µ¤´µ³¥·´µ£µ
µ¸Í¨²²ÖÉµ· :

〈n + 2|T̂ |n〉 = −1
4

√
(n + 1)(n + 2), (69)

〈n − 2|T̂ |n〉 = −1
4

√
(n − 1)n, (70)

〈n|T̂ |n〉 =
1
2
n +

1
4
. (71)
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„²Ö ¶µ¤¸ÎeÉ  ¢¸¥Ì ¶·¥¤¸É ¢²¥´´ÒÌ ³ É·¨Î´ÒÌ Ô²¥³¥´Éµ¢ ¡Ò²¨ ¨¸¶µ²Ó§µ¢ ´Ò
³ É·¨Î´Ò¥ Ô²¥³¥´ÉÒ ´  µ·¡¨É ²ÖÌ �²µÌ Ä�·¨´±  ¨ ¡ §¨¸´Ò¥ ¢µ²´µ¢Ò¥ ËÊ´±-
Í¨¨, µ¶·¥¤¥²e´´Ò¥ ¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´´ . ŒÒ ´ ³¥·¥´´µ µ£· ´¨-
Î¨²¨¸Ó ¶·µ¸ÉÒ³ µ¤´µ³¥·´Ò³ ¸²ÊÎ ¥³, £¤¥ ¢¸¥ ¢ÒÎ¨¸²¥´¨Ö ´¥ ¸µ¤¥·¦ É ¢Éµ-
·µ¸É¥¶¥´´ÒÌ ¤¥É ²¥°. �¤´ ±µ ¨ ¢ ¡µ²¥¥ ¸²µ¦´µ° ¸¨ÉÊ Í¨¨ ¶·¥¤¸É ¢²¥´´Ò°
 ²£µ·¨É³ µ¸É eÉ¸Ö ¸¶· ¢¥¤²¨¢Ò³, ¥¸²¨ Éµ²Ó±µ ´ °¤¥´Ò ¨´É¥£· ²Ò ¶¥·¥±·Ò-
É¨Ö ¨ ¶µ¸É·µ¥´Ò µ¡· §Ò ¡ §¨¸´ÒÌ ËÊ´±Í¨° ¢ ¶·µ¸É· ´¸É¢¥ ”µ± Ä� ·£³ ´-
´ . ’¥¶¥·Ó, ¨³¥Ö ¢ ¸¢µe³ · ¸¶µ·Ö¦¥´¨¨ ³ É·¨Î´Ò¥ Ô²¥³¥´ÉÒ £ ³¨²ÓÉµ´¨ ´ ,
µ¡· É¨³¸Ö ± ¸¨¸É¥³¥  ²£¥¡· ¨Î¥¸±¨Ì Ê· ¢´¥´¨°

∞∑
ñ

(〈n|Ĥ |ñ〉 − Eδn,ñ)Cn = 0, n = 0, 1, 2, ..., (72)

¤²Ö ±µÔËË¨Í¨¥´Éµ¢ · §²µ¦¥´¨Ö Cn ¢µ²´µ¢µ° ËÊ´±Í¨¨ Ψ(R) ¶µ ¡ §¨¸Ê £ ·-
³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· . Šµ´¥Î´µ,

Ψ(R) =
∞∑

n=0

Cn
1√
n!

Rn. (73)

’¥ ¦¥ ±µÔËË¨Í¨¥´ÉÒ Cn µ¶·¥¤¥²ÖÕÉ ¨ · §²µ¦¥´¨¥

Ψ(x) =
∞∑

n=0

Cn
1√

2nn!
√

π
Hn(x) exp {−x2/2} (74)

Éµ° ¢µ²´µ¢µ° ËÊ´±Í¨¨ ¢ ±µµ·¤¨´ É´µ³ ¶·¥¤¸É ¢²¥´¨¨, µ¡· §µ³ ±µÉµ·µ° Ö¢²Ö-
¥É¸Ö (73).

�¥Ï¥´¨¥ ¸¨¸É¥³Ò Ê· ¢´¥´¨° (72) ¤ eÉ ´ ³ ¤¨¸±·¥É´Ò° ¨ ´¥¶·¥·Ò¢´Ò°
¸¶¥±É·, ¸µµÉ¢¥É¸É¢ÊÕÐ¨° ¶µÉ¥´Í¨ ²Ê U(x). ‚µ¶·µ¸Ò, ±µÉµ·Ò¥ µ¡ÒÎ´µ ¢µ§´¨-
± ÕÉ ¶·¨ ¨§ÊÎ¥´¨¨ · §²µ¦¥´¨Ö (73), ± ¸ ÕÉ¸Ö ¥£µ ¶·¨³¥´¨³µ¸É¨ ¤²Ö ¸µ¸ÉµÖ-
´¨° ´¥¶·¥·Ò¢´µ£µ ¸¶¥±É·  ¨ ¸¢Ö§ ´Ò ¸ É¥³, ÎÉµ ¢ ±µµ·¤¨´ É´µ³ ¶·¥¤¸É ¢²¥-
´¨¨ µ¤´µ³¥·´Ò¥ ¢µ²´µ¢Ò¥ ËÊ´±Í¨¨ ´¥¶·¥·Ò¢´µ£µ ¸¶¥±É·  µ¸Í¨²²¨·ÊÕÉ ¶·¨
·µ¸É¥ x,    ³¶²¨ÉÊ¤  µ¸Í¨²²ÖÍ¨° ´¥ Ê¡Ò¢ ¥É. Œ¥¦¤Ê É¥³ ¡ §¨¸´Ò¥ ËÊ´±-
Í¨¨ £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ·  ¡Ò¸É·µ Ê¡Ò¢ ÕÉ ¸ ·µ¸Éµ³ x, ¨ ¢µ§´¨± ¥É
¢µ¶·µ¸ µ ¢µ§³µ¦´µ¸É¨ ´¥Ê¡Ò¢ ÕÐÊÕ µ¸Í¨²²¨·ÊÕÐÊÕ ËÊ´±Í¨Õ · §²µ¦¨ÉÓ ¢
·Ö¤ ¶µ ËÊ´±Í¨Ö³ £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· , ÉµÎ´¥¥, ¢µ¶·µ¸ µ ¸Ìµ¤¨³µ¸É¨
É ±µ£µ ·Ö¤ .

�¡¸Ê¦¤¥´¨¥ ¶·µ¡²¥³Ò ´ Î´e³ ¸ § ³¥Î ´¨Ö, ± ¸ ÕÐ¥£µ¸Ö · §²µ¦¥´¨Ö
(73) Å ·Ö¤  ’¥°²µ·  Í¥²µ° ËÊ´±Í¨¨ Ψ(R). ˆ§ µ¶·¥¤¥²¥´¨Ö Í¥²µ° ËÊ´±Í¨¨
¸²¥¤Ê¥É, ÎÉµ ¥e · §²µ¦¥´¨¥ ¶µ ¸É¥¶¥´Ö³ R ¸Ìµ¤¨É¸Ö ¢¸Õ¤Ê ¢ ±µ³¶²¥±¸´µ°
¶²µ¸±µ¸É¨ R, ±·µ³¥ ¡¥¸±µ´¥Î´µ Ê¤ ²e´´µ° ÉµÎ±¨, £¤¥ ÔÉ  ËÊ´±Í¨Ö ¨³¥¥É
µ¸µ¡¥´´µ¸ÉÓ. �¡Ð¥¥ ÊÉ¢¥·¦¤¥´¨¥ µ ¸Ìµ¤¨³µ¸É¨ ·Ö¤  (73) ¶µ¤É¢¥·¦¤ ¥É ¶µ-
¢¥¤¥´¨¥ ±µÔËË¨Í¨¥´Éµ¢ ¸É¥¶¥´´µ£µ ·Ö¤ : |Cn| µ£· ´¨Î¥´Ò,   §´ Î¥´¨Ö ³´µ-
¦¨É¥²¥° 1/

√
n! ¡Ò¸É·µ ¸É·¥³ÖÉ¸Ö ± ´Ê²Õ. ‚ ±·Ê£¥ ²Õ¡µ£µ · ¤¨Ê¸  ¸ Í¥´É·µ³
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¢ ÉµÎ±¥ R = 0 ÔÉ  ¸Ìµ¤¨³µ¸ÉÓ · ¢´µ³¥·´ Ö. ‘Ìµ¤¨³µ¸ÉÓ ¶¥·¥¸É eÉ ¡ÒÉÓ
· ¢´µ³¥·´µ° ¢´¥ É ±µ£µ ±·Ê£ .

�´ ²¨§ ·¥ ²Ó´µ° ¸¨ÉÊ Í¨¨ Ê³¥¸É´µ ¶·µ¤¥³µ´¸É·¨·µ¢ ÉÓ ´  ¶·µ¸Éµ³ ¶·¨-
³¥·¥ · §²µ¦¥´¨Ö ¢µ²´µ¢µ° ËÊ´±Í¨¨ ¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö, ±µ£¤  ¶µÉ¥´Í¨ ²
U(x) · ¢¥´ ´Ê²Õ. Š ± ¨ ¢ µ¡Ð¥³ ¸²ÊÎ ¥, ¤²Ö ÔÉµ£µ ¶µÉ¥´Í¨ ²  ´¥¶·¥·Ò¢´Ò°
¸¶¥±É· ¤¢Ê±· É´µ ¢Ò·µ¦¤¥´, ¨, ÎÉµ¡Ò ¸´ÖÉÓ ¢Ò·µ¦¤¥´¨¥, ´ ·Ö¤Ê ¸ Ô´¥·£¨¥°
E ¢¢¥¤e³ ¢ ± Î¥¸É¢¥ ¨´É¥£· ²  ¤¢¨¦¥´¨Ö ÎeÉ´µ¸ÉÓ. �Î¥¢¨¤´µ, ÎÉµ ¢µ²´µ¢ Ö
ËÊ´±Í¨Ö ÎeÉ´µ£µ ¸µ¸ÉµÖ´¨Ö

Ψ+(R) =
∞∑

n=0

C+
n

1√
(2n)!

R2n (75)

¸µ¤¥·¦¨É ¡ §¨¸´Ò¥ ¸µ¸ÉµÖ´¨Ö Éµ²Ó±µ ¸ ÎeÉ´Ò³¨ ¸É¥¶¥´Ö³¨ R,   ¢µ²´µ¢ Ö
ËÊ´±Í¨Ö ´¥ÎeÉ´µ£µ ¸µ¸ÉµÖ´¨Ö

Ψ−(R) =
∞∑

n=0

C−
n

1√
(2n + 1)!

R2n+1 (76)

Éµ²Ó±µ ´¥ÎeÉ´Ò¥ ¸É¥¶¥´¨.
‡´ Î¥´¨Ö ±µÔËË¨Í¨¥´Éµ¢ · §²µ¦¥´¨Ö C+

n ¨ C−
n ¢µ²´µ¢µ° ËÊ´±Í¨¨ ¸¢µ-

¡µ¤´µ£µ ¤¢¨¦¥´¨Ö ´¥¶µ¸·¥¤¸É¢¥´´µ ¸²¥¤ÊÕÉ ¨§ ¢Ò· ¦¥´¨Ö

φk(R) = π−1/4 exp
{
−k2

2
− i

√
2Rk +

R2

2

}
, (77)

Ö¢²ÖÕÐ¥£µ¸Ö µ¤´µ³¥·´Ò³  ´ ²µ£µ³ ¶²µ¸±µ° ¢µ²´Ò (11) ¸ ¨³¶Ê²Ó¸µ³ k. �¡· -
É¨³ ¢´¨³ ´¨¥ ´  Éµ, ÎÉµ (77) Ö¢²Ö¥É¸Ö ´¥ Éµ²Ó±µ ¢ ¦´µ° ¢µ²´µ¢µ° ËÊ´±Í¨¥°
¸¢µ¡µ¤´µ£µ µ¤´µ³¥·´µ£µ ¤¢¨¦¥´¨Ö, ´µ ¨ ¶·µ¨§¢µ¤ÖÐ¥° ËÊ´±Í¨¥° ¤²Ö ¶µ²¨-
´µ³µ¢ �·³¨É  Hn(k),   R Å £¥´¥· Éµ·´Ò° ¶ · ³¥É· ÔÉµ° ËÊ´±Í¨¨. �µÔÉµ³Ê
(¸³. [19])

φk(R) =
∞∑

n=0

in√
2nn!

√
π

Hn(k) exp
{
−k2

2

}
1√
n!

Rn, (78)

C+
n (k) =

(−1)n√
22n(2n)!

√
π

H2n(k) exp
{
−k2

2

}
, (79)

C−
n (k) =

(−1)ni√
22n+1(2n + 1)!

√
π

H2n+1(k) exp
{
−k2

2

}
. (80)

�É³¥É¨³ Í¥²Ò° ·Ö¤ ¢ ¦´ÒÌ ¤²Ö ¶µ¸²¥¤ÊÕÐ¥£µ  ´ ²¨§  ¸¨¸É¥³Ò Ê· ¢´¥´¨°
(72) ·¥§Ê²ÓÉ Éµ¢. ‚µ-¶¥·¢ÒÌ, ± ± ¨ ¤µ²¦´µ ¡ÒÉÓ, ±µÔËË¨Í¨¥´ÉÒ C+

n ¨ C−
n
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Ê¤µ¢²¥É¢µ·ÖÕÉ ¸¨¸É¥³¥ Ê· ¢´¥´¨° (72) ¶·¨ U(x) = 0. �Éµ ¸²¥¤¸É¢¨¥ ¨§¢¥¸É-
´ÒÌ ·¥±Ê··¥´É´ÒÌ ¸µµÉ´µÏ¥´¨° ¤²Ö ¶µ²¨´µ³µ¢ �·³¨É  [19], ± ±µÉµ·Ò³ Éµ-
£¤  ¸¢µ¤¨É¸Ö ¸¨¸É¥³  (72). ‚µ-¢Éµ·ÒÌ, ÔÉ¨ ±µÔËË¨Í¨¥´ÉÒ Ö¢²ÖÕÉ¸Ö ¸µ¡¸É¢¥´-
´Ò³¨ ËÊ´±Í¨Ö³¨ £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· , µ¶·¥¤¥²e´´Ò³¨ ¢ ¨³¶Ê²Ó¸´µ³
¶·¥¤¸É ¢²¥´¨¨. � ±µ´¥Í,  ¸¨³¶ÉµÉ¨±  C+

n ¨ C−
n ¢ ¶·¥¤¥²¥ n � 1 [19]:

C+
n (k) ∼ (−1)n 1√

π
n−1/4 cos (k

√
4n + 1), (81)

C−
n (k) ∼ (−1)n i√

π
n−1/4 sin (k

√
4n + 3) (82)

Éµ¦¤¥¸É¢¥´´   ¸¨³¶ÉµÉ¨±¥ ·¥Ï¥´¨° µ¤´µ³¥·´µ£µ Ê· ¢´¥´¨Ö ˜·¥¤¨´£¥·  ¢
±µµ·¤¨´ É´µ³ ¶·¥¤¸É ¢²¥´¨¨ ¤²Ö ¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö ¸ Ô´¥·£¨¥° E = k2/2.
�·¨ ÔÉµ³ ¢ ± Î¥¸É¢¥ ³µ¤Ê²Ö ±µµ·¤¨´ ÉÒ ¢Ò¸ÉÊ¶ ¥É §´ Î¥´¨¥ ÉµÎ±¨ ¶µ¢µ·µÉ 
¶·¨ ¤¢¨¦¥´¨¨ ¢ ¶µ²¥ £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· , É.¥.

√
4n + 1, ±µ£¤  Ô´¥·-

£¨Ö µ¸Í¨²²ÖÉµ·  · ¢´  2n + 1/2, ¨
√

4n + 3, ±µ£¤  Ô´¥·£¨Ö · ¢´  2n + 3/2.
�¡· É¨³ ¢´¨³ ´¨¥ ¨ ´  ´µ·³¨·µ¢±Ê ±µÔËË¨Í¨¥´Éµ¢ · §²µ¦¥´¨Ö:

∞∑
n

C+
n (k)C+

n (k′) = δ(E − E′). (83)

�´ ²µ£¨Î´µ¥ ¸µµÉ´µÏ¥´¨¥ ¸¶· ¢¥¤²¨¢µ ¨ ¤²Ö ±µÔËË¨Í¨¥´Éµ¢ ´¥ÎeÉ´ÒÌ ¸µ-
¸ÉµÖ´¨°.

� §Ê³¥¥É¸Ö, ÊÎeÉ ¶µÉ¥´Í¨ ²  U(x) ¨§³¥´Ö¥É §´ Î¥´¨¥ ±µÔËË¨Í¨¥´Éµ¢ · §-
²µ¦¥´¨Ö, ´µ µ¸É eÉ¸Ö  ¶·¨µ·´ Ö ¢µ§³µ¦´µ¸ÉÓ Ê± § ÉÓ ¨Ì  ¸¨³¶ÉµÉ¨±Ê, ±µÉµ-
· Ö É¥¶¥·Ó ¶·¨´¨³ ¥É µ¡ÒÎ´Ò° ¤²Ö ´¥¶·¥·Ò¢´µ£µ ¸¶¥±É·  ¸ ÊÎeÉµ³ ¶µÉ¥´Í¨-
 ²  ¢¨¤

C+
n (k) ∼ (−1)n 1√

π
n−1/4 cos (k

√
4n + 1 + δ+(k)), (84)

C−
n (k) ∼ (−1)n i√

π
n−1/4 sin (k

√
4n + 3 + δ−(k)). (85)

’ ±¨³ µ¡· §µ³, ¶·¨ ¢¸¥Ì n � n0, ±µ£¤  ¸ § ¤ ´´µ° ÉµÎ´µ¸ÉÓÕ ¸¶· ¢¥¤²¨¢Ò
 ¸¨³¶ÉµÉ¨Î¥¸±¨¥ ¢Ò· ¦¥´¨Ö, ¢¸¥ ±µÔËË¨Í¨¥´ÉÒ µ¶·¥¤¥²ÖÕÉ¸Ö Éµ²Ó±µ µ¤-
´µ° ´¥¨§¢¥¸É´µ° ¢¥²¨Î¨´µ° Å Ë §µ¢Ò³ ¸¤¢¨£µ³ δ+(k) (δ−(k)), ±µÉµ·Ò°
³Ò ¤µ²¦´Ò ´ °É¨ ¢³¥¸É¥ ¸ ±µÔËË¨Í¨¥´É ³¨ C+

n (C−
n ), ¨³¥ÕÐ¨³¨ ¨´¤¥±¸

n < n0. ‚ ¨Éµ£¥, ¢³¥¸Éµ ¸¨¸É¥³Ò ¡¥¸±µ´¥Î´µ£µ Î¨¸²  Ê· ¢´¥´¨° ³Ò ¶·¨Ìµ-
¤¨³ ± ¸¨¸É¥³¥ n0 + 1 Ê· ¢´¥´¨°. ‚Ò¡µ· §´ Î¥´¨Ö n0 § ¢¨¸¨É µÉ ÉµÎ´µ¸É¨, ¸
±µÉµ·µ° ¢¥¤ÊÉ¸Ö ¢ÒÎ¨¸²¥´¨Ö.
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�¨¸. 8. �²µÉ´µ¸ÉÓ · ¸¶·¥¤¥²¥´¨Ö ¢¥-
·µÖÉ´µ¸É¨ ρε(ξ, η) ¢ Ë §µ¢µ³ ¶·µ-
¸É· ´¸É¢¥ ¤²Ö ¤¢¨¦¥´¨Ö É·¨¶²¥É´µ°
¶ ·Ò Ë¥·³¨µ´µ¢ ¸ · §´Ò³¨ §´ Î¥´¨-
Ö³¨ Ô´¥·£¨¨. �µÉ¥´Í¨ ² ¢§ ¨³µ¤¥°-

¸É¢¨Ö V = −33e−x2
. O¸´µ¢´µe ¸µ¸Éµ-

Ö´¨e ¸ Ô´¥·£¨¥°: a) ε = −0,22 MÔB,
¡) ε = 4,5 MÔB, ¢) ε = 41 MÔB

‚¸¥ µ¸´µ¢´Ò¥ ¶µ²µ¦¥´¨Ö, ¸Ëµ·³Ê-
²¨·µ¢ ´´Ò¥ ¢ÒÏ¥, µ¸É ÕÉ¸Ö ¸¶· ¢¥¤²¨-
¢Ò³¨ ¨ ¢ É·eÌ³¥·´µ³ ¸²ÊÎ ¥, ¨ ¶·¨
¨¸¸²¥¤µ¢ ´¨¨ ¸¨¸É¥³ ³´µ£¨Ì Î ¸É¨Í,  
É ±¦¥ ³´µ£µ± ´ ²Ó´ÒÌ ¸¨¸É¥³, ¨ Éµ£¤ ,
±µ£¤  ÊÎ¨ÉÒ¢ ¥É¸Ö ±Ê²µ´µ¢¸±µ¥ ¢§ ¨³µ-
¤¥°¸É¢¨¥. �¥µ¡Ìµ¤¨³µ ²¨ÏÓ Ê¸É ´µ¢¨ÉÓ
Ö¢´Ò° ¢¨¤  ¸¨³¶ÉµÉ¨±¨, ¸µ¤¥·¦ Ð¥° ¢
µ¡Ð¥³ ¸²ÊÎ ¥ Ô²¥³¥´ÉÒ K-³ É·¨ÍÒ ¨²¨
S-³ É·¨ÍÒ · ¸¸¥Ö´¨Ö, ¨ § ¶¨¸ ÉÓ ¥e Î¥-
·¥§ ±¢ ´Éµ¢Ò¥ Î¨¸²  ³´µ£µ³¥·´µ£µ £ ·-
³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ·  (¸³., ´ ¶·¨-
³¥·, [20]).

4.2. �¡¸Ê¦¤¥´¨¥ ·¥Ï¥´¨°. �Ê¸ÉÓ
¶·¨ÉÖ£¨¢ ÕÐ¥³Ê ¶µÉ¥´Í¨ ²Ê (60) ¸µµÉ-
¢¥É¸É¢Ê¥É Éµ²Ó±µ µ¤´µ ¸¢Ö§ ´´µ¥ ¸µ¸Éµ-
Ö´¨¥, Ô´¥·£¨Ö ±µÉµ·µ£µ · ¢´  −ε, ÎeÉ-
´µ¸ÉÓ ¶µ²µ¦¨É¥²Ó´ ,   ±µÔËË¨Í¨¥´ÉÒ
· §²µ¦¥´¨Ö {Cε

n}. —Éµ ¦¥ ± ¸ ¥É¸Ö ¸µ-
¸ÉµÖ´¨° ´¥¶·¥·Ò¢´µ£µ ¸¶¥±É· , Éµ ¨Ì
³Ò ¡Ê¤¥³ Ì · ±É¥·¨§µ¢ ÉÓ ¨³¶Ê²Ó¸µ³ ´ 
¡¥¸±µ´¥Î´µ¸É¨ k ¨ ÎeÉ´µ¸ÉÓÕ. ŠµÔËË¨-
Í¨¥´ÉÒ · §²µ¦¥´¨Ö ÔÉ¨Ì ¸µ¸ÉµÖ´¨° ¸ÊÉÓ
{C+

n (k)} (ÎeÉ´ÒÌ ¨, ¸²¥¤µ¢ É¥²Ó´µ, ¸¨´-
£²¥É´ÒÌ) ¨ {C−

n (k)} (´¥ÎeÉ´ÒÌ, É.¥. É·¨-
¶²¥É´ÒÌ).

�´¥·£¨Ö ¨ ¸É·Ê±ÉÊ·  ¢µ²´µ¢µ° ËÊ´±-
Í¨¨ µ¸´µ¢´µ£µ ¸µ¸ÉµÖ´¨Ö § ¢¨¸ÖÉ µÉ £²Ê-
¡¨´Ò ¶µÉ¥´Í¨ ²  V0. …¸²¨ V0 � 1, Éµ

−ε ∼ −V0 +
√

V0/2, (86)

  ¢µ²´µ¢ Ö ËÊ´±Í¨Ö ¨ ¢ ±µµ·¤¨´ É´µ³
¶·¥¤¸É ¢²¥´¨¨ ¨ ¢ Ë §µ¢µ³ ¶·µ¸É· ´-
¸É¢¥ ²µ± ²¨§µ¢ ´  ¢ µ±·¥¸É´µ¸É¨ ´ Î ² 
±µµ·¤¨´ É. …¸²¨ ¦¥ V0 ¶·¨¡²¨¦ ¥É¸Ö ±
´Ê²¥¢µ³Ê §´ Î¥´¨Õ, Éµ −ε → 0,   ¢µ²-
´µ¢ Ö ËÊ´±Í¨Ö, ³¥¤²¥´´µ Ê¡Ò¢ ÕÐ Ö ¶µ
³¥·¥ Ê¢¥²¨Î¥´¨Ö · ¸¸ÉµÖ´¨Ö ¤µ ´ Î ² 
±µµ·¤¨´ É, ¸É ´µ¢¨É¸Ö ¸ÊÐ¥¸É¢¥´´µ ¤¥-
²µ± ²¨§µ¢ ´´µ° ¨ ¶·µ¸É¨· ÕÐ¥°¸Ö ¤ -
²¥±µ µÉ ´ Î ²  ±µµ·¤¨´ É.
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�²µÉ´µ¸ÉÓ · ¸¶·¥¤¥²¥´¨Ö ¢¥·µÖÉ´µ¸É¨ ρε(ξ, η) ¢ Ë §µ¢µ³ ¶·µ¸É· ´¸É¢¥
(·¨¸. 8) µ¶·¥¤¥²Ö¥É¸Ö ¤¢Ê±· É´µ° ¸Ê³³µ°

ρε(ξ, η) =
∞∑

n=0

∞∑
ñ=0

Cε
n

1√
(2n)!

R2nCε
ñ

1√
(2ñ)!

S2ñ exp
{
−ξ2 + η2

2

}
. (87)

‚ µÉ²¨Î¨¥ µÉ ·¥§Ê²ÓÉ É  ±² ¸¸¨Î¥¸±¨Ì ËÊ´±Í¨° ƒ ³¨²ÓÉµ´  (58) ¨ (59) ¤²Ö
Ë §µ¢ÒÌ É· ¥±Éµ·¨°, ¨´Ë¨´¨É´µ¥ ¤¢¨¦¥´¨¥ ¨³¥¥É ³¥¸Éµ ´¥ ¶·¨ E � 1/4,  
¶·¨ E � 0, ± ± Éµ³Ê ¨ ¸²¥¤Ê¥É ¡ÒÉÓ.

4.3. ” §µ¢Ò¥ É· ¥±Éµ·¨¨ ¤²Ö ¶µÉ¥´Í¨ ²  (60). …¸²¨ ¨¸¸²¥¤Ê¥É¸Ö ¤¢¨-
¦¥´¨¥ µ¤´µ° Î ¸É¨ÍÒ ¢ ¶µ²¥ ¶µÉ¥´Í¨ ²  U(x) = −V0 exp {−αx2}, ±µ£¤ 
¶·¨´Í¨¶ � Ê²¨ ´¥ ¢´µ¸¨É ± ±¨Ì-²¨¡µ Ê¸²µ¦´¥´¨°, ± ËÊ´±Í¨¨ ƒ ³¨²ÓÉµ´ 
¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö (53) ¤µ²¦´µ ¡ÒÉÓ ¤µ¡ ¢²¥´µ ¸² £ ¥³µ¥

〈φ∗
x(R)|U(x)|φx(R)〉
〈φ∗

x(R)|φx(R)〉 = −z1/2V0 exp
{

z − 1
2

(R + S)2
}

. (88)

‚ ·¥§Ê²ÓÉ É¥

H(ξ, η) =
η2

2
+

1
4
− z1/2V0 exp {−(1 − z)ξ2}. (89)

�¶ÖÉÓ, ± ± ¨ ¢ ¸²ÊÎ ¥ ¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö, ¨´Ë¨´¨É´Ò¥ É· ¥±Éµ·¨¨ ¸ÊÐ¥-
¸É¢ÊÕÉ ²¨ÏÓ Éµ£¤ , ±µ£¤  E � 1/4. ‡ ³¥É¨³, ÎÉµ £ Ê¸¸µ¢¸±¨° ¶µÉ¥´Í¨ ² ¨
¶µ¸²¥ Ê¸·¥¤´¥´¨Ö ´  µ·¡¨É ²ÖÌ �²µÌ Ä�·¨´±  µ¸É eÉ¸Ö £ Ê¸¸µ¢¸±¨³. �¤´ ±µ
¢ ¸¨²Ê Éµ£µ, ÎÉµ 1 � z � 0, £²Ê¡¨´  Ê¸·¥¤´¥´´µ£µ ¶µÉ¥´Í¨ ²  µ± §Ò¢ ¥É¸Ö
¢
√

z ³¥´ÓÏ¥ £²Ê¡¨´Ò ¨¸Ìµ¤´µ£µ,   · ¤¨Ê¸ Å ¢
√

z ¡µ²ÓÏ¥. �µÔÉµ³Ê ¤ ¦¥
¢ ¶·¥¤¥²¥ ¡µ²ÓÏ¨Ì Ô´¥·£¨°, ±µ£¤  ³µ¦´µ ¶·¥´¥¡·¥ÎÓ ¸² £ ¥³Ò³ 1/4 ¢ ¢Ò-
· ¦¥´¨¨ ¤²Ö ËÊ´±Í¨¨ ƒ ³¨²ÓÉµ´ , · ¸¸¥Ö´¨¥ ´  ´µ¢µ³ ¶µÉ¥´Í¨ ²¥ ¤µ²¦´µ
µÉ²¨Î ÉÓ¸Ö µÉ Éµ£µ, ÎÉµ ¢ ±² ¸¸¨Î¥¸±µ³ ¸²ÊÎ ¥ ¤ ¥É ¶µÉ¥´Í¨ ² (60). ‚ Î ¸É-
´µ¸É¨, ÔÉµ ± ¸ ¥É¸Ö ±µÔËË¨Í¨¥´Éµ¢ ¶·µÌµ¦¤¥´¨Ö ¨ µÉ· ¦¥´¨Ö ´  ´µ¢µ³ ¶µ-
É¥´Í¨ ²¥. ‘²¥¤µ¢ É¥²Ó´µ, ¶·µ¢µ¤Ö · ¸ÎeÉÒ É· ¥±Éµ·¨° ¨´Ë¨´¨É´ÒÌ ¤¢¨¦¥-
´¨° ¢ · ³± Ì �Œ„, ´¥µ¡Ìµ¤¨³µ ¢¢µ¤¨ÉÓ ± ±¨¥-²¨¡µ ±µ··¥±É¨·ÊÕÐ¨¥ Ë ±-
Éµ·Ò, ÎÉµ¡Ò ¨³¥ÉÓ  ¤¥±¢ É´Ò¥ ·¥§Ê²ÓÉ ÉÒ. ” ±É¨Î¥¸±¨ ±µ··¥±Í¨Ö · ¸ÎeÉµ¢
¶·µ¨§¢µ¤¨É¸Ö, ±µ£¤  ¨§ÊÎ ¥É¸Ö ¸Éµ²±´µ¢¥´¨¥ ÉÖ¦e²ÒÌ ¨µ´µ¢. Š ± ³Ò É¥¶¥·Ó
¶µ´¨³ ¥³, ÊÉµÎ´¥´¨¥ ¨¸¶µ²Ó§Ê¥³µ£µ ´Ê±²µ´-´Ê±²µ´´µ£µ ¶µÉ¥´Í¨ ²  (µ¡ÒÎ´µ
µ¤´µ£µ ¨§ ¶µÉ¥´Í¨ ²µ¢ ‚µ²±µ¢  [21]) ´¥ ³µ¦¥É ¤ ÉÓ ¶· ¢¨²Ó´µ£µ ·¥§Ê²ÓÉ É 
´¨ ¶·¨ ³ ²ÒÌ Ô´¥·£¨ÖÌ, ±µ£¤  ±² ¸¸¨Î¥¸±¨¥ É· ¥±Éµ·¨¨ ¤ ¦¥ ± Î¥¸É¢¥´´µ
´¥ ¢µ¸¶·µ¨§¢µ¤ÖÉ ¶µ¢¥¤¥´¨¥ ±¢ ´Éµ¢µ° ¢µ²´µ¢µ° ËÊ´±Í¨¨, ´¨ ¶·¨ ¡µ²ÓÏ¨Ì,
±µ£¤  ¶·µ¨¸Ìµ¤¨É ¨¸± ¦¥´¨¥ ¶µÉ¥´Í¨ ² . ‚³¥¸Éµ É ±µ£µ ÊÉµÎ´¥´¨Ö ¢ �Œ„
¢¢µ¤¨É¸Ö ¤µ¶µ²´¨É¥²Ó´µ¥ ¤¢ÊÌ´Ê±²µ´´µ¥ · ¸¸¥Ö´¨¥ [3]. ” ±É¨Î¥¸±¨ ¶·¨ ÔÉµ³
´Ê±²µ´-´Ê±²µ´´µ¥ · ¸¸¥Ö´¨¥ ÊÎ¨ÉÒ¢ ¥É¸Ö ¤¢  · §  Å Î¥·¥§ ¶µÉ¥´Í¨ ² ‚µ²-
±µ¢  ¨ Î¥·¥§ ¤µ¶µ²´¨É¥²Ó´µ ¢¢µ¤¨³µ¥ ¸¥Î¥´¨¥ · ¸¸¥Ö´¨¥, §´ Î¥´¨¥ ±µÉµ·µ£µ
¸µ£² ¸µ¢ ´µ ¸ Ô±¸¶¥·¨³¥´Éµ³.
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Œ¨´¨³ ²Ó´ Ö Ô´¥·£¨Ö Ë¨´¨É´µ£µ ¤¢¨¦¥´¨Ö Î ¸É¨ÍÒ ¸µµÉ¢¥É¸É¢Ê¥É §´ Î¥-
´¨Õ R = 0. ’µ£¤  Ë §µ¢ Ö É· ¥±Éµ·¨Ö ¢Ò·µ¦¤ ¥É¸Ö ¢ ÉµÎ±Ê Å ´ Î ²µ ±µµ·-
¤¨´ É Ë §µ¢µ° ¶²µ¸±µ¸É¨. ‚ ±µµ·¤¨´ É´µ³ ¶·¥¤¸É ¢²¥´¨¨ ¢µ²´µ¢ Ö ËÊ´±Í¨Ö
�Œ„ ¸¢µ¤¨É¸Ö ± £ Ê¸¸µ¨¤¥ µ¸´µ¢´µ£µ ¸µ¸ÉµÖ´¨Ö £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ· 

φ∗
x(R = 0) = π−1/4 exp

{
−x2

2

}
. (90)

�Éµ ¶·¨¡²¨¦¥´¨¥ ³µ¦¥É ¡ÒÉÓ Ê¤µ¢²¥É¢µ·¨É¥²Ó´Ò³, ¥¸²¨ µ¶É¨³ ²Ó´µ §´ Î¥-
´¨¥ µ¸Í¨²²ÖÉµ·´µ£µ · ¤¨Ê¸ ,   £²Ê¡¨´  ¶µÉ¥´Í¨ ²  V0 ¤µ¸É ÉµÎ´µ ¡µ²ÓÏ Ö.
�¤´ ±µ ÉµÎ´µ¸ÉÓ ¶·¨¡²¨¦¥´¨Ö ¶µ´¨¦ ¥É¸Ö ¶µ ³¥·¥ Ê³¥´ÓÏ¥´¨Ö V0.

4.4. � ¶·µ¥±É¨·µ¢ ´¨¨ ¢ · ³± Ì �Œ„. �·µ¥±É¨·µ¢ ´¨¥ ´  ¸µ¸ÉµÖ´¨¥
¸ µ¶·¥¤¥²e´´Ò³ µ·¡¨É ²Ó´Ò³ ³µ³¥´Éµ³ Ö¢²Ö¥É¸Ö µ¤´µ° ¨§ ¶·µ¡²¥³ �Œ„.
‚ ± Î¥¸É¢¥ ¨²²Õ¸É· Í¨¨ ÔÉµ° ¶·µ¡²¥³Ò · ¸¸³µÉ·¨³ ¤¢¨¦¥´¨¥ É·eÌ³¥·´µ°
Î ¸É¨ÍÒ ¢ ¶µ²¥ Í¥´É· ²Ó´µ£µ ¶µÉ¥´Í¨ ² 

U(r) = −V0 exp {−αr2}. (91)

‘É ´¤ ·É´ Ö ËÊ´±Í¨Ö ƒ ³¨²ÓÉµ´  ¢ Ë §µ¢µ³ ¶·µ¸É· ´¸É¢¥ (r,p) Éµ£¤  ¨³¥¥É
¢¨¤

H =
p2

2
+ U(r), p2 = p2

r +
M2

r2
, (92)

£¤¥ pr Å · ¤¨ ²Ó´ Ö ¶·µ¥±Í¨Ö ¨³¶Ê²Ó¸ , M = [rp] Å µ·¡¨É ²Ó´Ò° ³µ³¥´É
±µ²¨Î¥¸É¢  ¤¢¨¦¥´¨Ö. �·µ¥±É¨·µ¢ ´¨¥ ¸¢µ¤¨É¸Ö ± Éµ³Ê, ÎÉµ Ë¨±¸¨·Ê¥É¸Ö
§´ Î¥´¨¥ M. ‡ É¥³ µ¶·¥¤¥²Ö¥É¸Ö ÉµÎ±  r = rM , ¢ ±µÉµ·µ° ³¨´¨³ ²Ó´ 
ËÊ´±Í¨Ö

F (r, M2) =
M2

r2
+ U(r), (93)

¨ ¢ÒÎ¨¸²Ö¥É¸Ö ³¨´¨³ ²Ó´ Ö Ô´¥·£¨Ö ¶·¨ § ¤ ´´µ³ M :

E0(M2) =
M2

2r2
M

− V0 exp {−αr2
M}. (94)

…Ðe µ¤´  § ³¥Î É¥²Ó´ Ö ÉµÎ±  rmax Å ¢Éµ·µ° Ô±¸É·¥³Ê³ ËÊ´±Í¨¨ F (r, M2),
£¤¥ µ´  ¨³¥¥É ³ ±¸¨³Ê³ Fmax(M2) ¨ ¶µ²µ¦¨É¥²Ó´ .

‚ ¶²µ¸±µ¸É¨ (r, pr) Ë §µ¢ Ö É· ¥±Éµ·¨Ö ¸ÉÖ£¨¢ ¥É¸Ö ¢ ÉµÎ±Ê ¶·¨ Ô´¥·£¨¨
E0(M2). …¸²¨ Fmax(M2) > E(M2) > E0(M2), Éµ Ë §µ¢Ò¥ É· ¥±Éµ·¨¨
¶·¥¤¸É ¢²ÖÕÉ ¸µ¡µ° § ³±´ÊÉÒ¥ ²¨´¨¨ ¢µ±·Ê£ ÉµÎ±¨ r = rM , pr = 0. …¸²¨
¦¥ E(M2) > Fmax(M2), Éµ ¤¢¨¦¥´¨¥ ¸É ´µ¢¨É¸Ö ¨´Ë¨´¨É´Ò³ ¨ Ë §µ¢Ò¥
É· ¥±Éµ·¨¨ ÊÌµ¤ÖÉ ´  ¡¥¸±µ´¥Î´µ¸ÉÓ.
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”Ê´±Í¨Ö ƒ ³¨²ÓÉµ´  H ¤²Ö ¢µ²´µ¢µ£µ ¶ ±¥É  ¢ ¶µ²¥ ¶µÉ¥´Í¨ ²  (91)
²¨ÏÓ µ¡µ§´ Î¥´¨Ö³¨ ¨ ´¥±µÉµ·Ò³¨ ¤¥É ²Ö³¨ µÉ²¨Î ¥É¸Ö µÉ (92):

H =
η2

2
+

3
4
− z3/2V0 exp

{
−1 − z

2
ξ2

}
, η2 = η2

ξ +
M2

ξ2
, M = [ξη]. (95)

�É¨³¨ ¤¥É ²Ö³¨ Ö¢²ÖÕÉ¸Ö Ô´¥·£¨Ö 3/4, ´¥µ¡Ìµ¤¨³ Ö ¤²Ö ¸µ§¤ ´¨Ö ¢µ²´µ¢µ£µ
¶ ±¥É , Ë ±Éµ· z3/2 ¶¥·¥¤ Ô±¸¶µ´¥´Éµ° ¨ § ³¥´  Ë ±Éµ·  α ´  1 − z ¢ ¶µ-
± § É¥²¥ Ô±¸¶µ´¥´ÉÒ. ‚ µ¸É ²Ó´µ³ ¢¸e µ¡¸Éµ¨É É ± ¦¥, ± ± ¨ ¢ ¶·¥¤Ò¤ÊÐ¥³
¸²ÊÎ ¥. Œ¨´¨³ ²Ó´ÊÕ Ô´¥·£¨Õ ¨, ¸²¥¤µ¢ É¥²Ó´µ, Ô´¥·£¨Õ µ¸´µ¢´µ£µ ¸µ¸ÉµÖ-
´¨Ö E0 ³Ò ¶µ²ÊÎ¨³, ¥¸²¨ ηξ ¨ M · ¢´Ò ´Ê²Õ. ’µ£¤  ³¨´¨³Ê³ ¸µµÉ¢¥É¸É¢Ê¥É
´Ê²¥¢µ³Ê §´ Î¥´¨Õ ξ, ÎÉµ ¤ eÉ ¢ ¨Éµ£¥

E0 =
3
4
− z3/2V0,

É.¥. ¢Ò·µ¦¤ ÕÐ Ö¸Ö ¢ ÉµÎ±Ê Ë §µ¢ Ö É· ¥±Éµ·¨Ö ¸ÊÐ¥¸É¢Ê¥É ¶·¨ ²Õ¡µ³ ¸±µ²Ó
Ê£µ¤´µ ³ ²µ³ ¶µ²µ¦¨É¥²Ó´µ³ V0. Œ¥¦¤Ê É¥³ ¨§ ±¢ ´Éµ¢µ° ³¥Ì ´¨±¨ ¨§-
¢¥¸É´µ, ÎÉµ ¸¢Ö§ ´´µ¥ ¸µ¸ÉµÖ´¨¥ ¸ÊÐ¥¸É¢Ê¥É ²¨ÏÓ Éµ£¤ , ±µ£¤  V0 ¶·¥¢ÒÏ ¥É
´¥±µÉµ·µ¥ ±·¨É¨Î¥¸±µ¥ §´ Î¥´¨¥.

„ ²¥¥, ËÊ´±Í¨Ö ƒ ³¨²ÓÉµ´  (95) ¤ eÉ ´¥¶·¥·Ò¢´Ò° ¸¶¥±É· Ë¨´¨É´ÒÌ
¸µ¸ÉµÖ´¨°, ¨ ´¥µ¡Ìµ¤¨³Ò ¤µ¶µ²´¨É¥²Ó´Ò¥ Ê¸²µ¢¨Ö, ÎÉµ¡Ò ¸·¥¤¨ ÔÉ¨Ì ¸µ-
¸ÉµÖ´¨° ¢Ò¤¥²¨ÉÓ É¥, ±µÉµ·Ò¥ Ê¤µ¢²¥É¢µ·ÖÕÉ É·¥¡µ¢ ´¨Ö³ ±¢ ´Éµ¢µ° ³¥Ì -
´¨±¨. ’ ±¨³¨ Ê¸²µ¢¨Ö³¨ ³µ£ÊÉ ¡ÒÉÓ Ê¸²µ¢¨Ö ±¢ ´Éµ¢ ´¨Ö �µ· Ä‡µ³³¥·Ë¥²Ó-
¤  (¸³. [13]) ¢ · ¸¸³ É·¨¢ ¥³µ³ ¸²ÊÎ ¥ ¨²¨ ¦¥ ¨Ì µ¡µ¡Ð¥´¨¥, ¶·¥¤²µ¦¥´-
´µ¥ ¢ [17].

Š·µ³¥ Éµ£µ, ËÊ´±Í¨Ö ƒ ³¨²ÓÉµ´  (95) ¤µ¶Ê¸± ¥É ´¥ Éµ²Ó±µ Í¥²µÎ¨¸²¥´-
´Ò¥ §´ Î¥´¨Ö µ·¡¨É ²Ó´µ£µ ³µ³¥´É  M, ´µ ¨ ¢¸¥ µ¸É ²Ó´Ò¥. —Éµ¡Ò µ¡µ°É¨ ÔÉÊ
É·Ê¤´µ¸ÉÓ, ¸²¥¤Ê¥É ¢Ò¶µ²´¨ÉÓ ¶·µ¥±É¨·µ¢ ´¨¥ ´  ¸µ¸ÉµÖ´¨¥ ¸ µ¶·¥¤¥²e´´Ò³
µ·¡¨É ²Ó´Ò³ ³µ³¥´Éµ³ µ·¡¨É ²¨ �²µÌ Ä�·¨´± . ’ ±ÊÕ ¶·µÍ¥¤Ê·Ê µ¡ÒÎ´µ
´ §Ò¢ ÕÉ ¶·µ¥±É¨·µ¢ ´¨¥³ ¤µ ¢ ·Ó¨·µ¢ ´¨Ö. �·µ¸²¥¤¨³ §  ¥e ·¥ ²¨§ Í¨¥°
´  ¶·µ¸Éµ³ ¶·¨³¥·¥ ¸µ¸ÉµÖ´¨Ö ¸ ´Ê²¥¢Ò³ µ·¡¨É ²Ó´Ò³ ³µ³¥´Éµ³. ‚ ÔÉµ³
¸²ÊÎ ¥ ¨´É¥£· ² ¶¥·¥±·ÒÉ¨Ö ¶·¨´¨³ ¥É ¢¨¤

1
2

∫ 1

−1

exp {RSt}dt =
sinh RS

RS
. (96)

ˆ´É¥£·¨·µ¢ ´¨¥ ¢Ò¶µ²´Ö¥É¸Ö ¶µ t Å ±µ¸¨´Ê¸Ê Ê£²  ³¥¦¤Ê ¢¥±Éµ· ³¨ R ¨
S. �·¨ ÔÉµ³, ¶µ ¸ÊÐ¥¸É¢Ê, ³Ò ¸²¥¤Ê¥³ ¨§¢¥¸É´µ³Ê ³¥Éµ¤Ê ¶·µ¥±É¨·µ¢ ´¨Ö
� °¥·²¸ Ä‰µ±±µ§  [18]. ”Ê´±Í¨Ö ƒ ³¨²ÓÉµ´  H0, ¶µ¸É·µ¥´´ Ö ¶µ¸²¥ ¶·µ¥±-
É¨·µ¢ ´¨Ö, ¨³¥¥É ¢¨¤

H0 =
η2

2
+

5
4
− ξ2 + η2

4

(
coth

ξ2 + η2

2
− 1
)
−
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−z1/2V0
1 − exp {−z(ξ2 + η2)}
1 − exp{−(ξ2 + η2)} exp

(
−1 − z

2
ξ2

)
, (97)

£¤¥, ± ± ¨ ¢ µ¤´µ³¥·´µ³ ¸²ÊÎ ¥,

R = ξ + iη, S = R∗.

Œ¨´¨³¨§ Í¨Ö ËÊ´±Í¨¨ ƒ ³¨²ÓÉµ´  (97) ¶·¨¢µ¤¨É ± Éµ° ¦¥ Ô´¥·£¨¨ µ¸´µ¢´µ£µ
¸µ¸ÉµÖ´¨Ö, ±µÉµ· Ö ¡Ò²  ¶µ²ÊÎ¥´  · ´¥¥. �¤´ ±µ ¨§³¥´¥´¨¥ ¶µÉ¥´Í¨ ²  (91)
¶ÊÉe³ ¤µ¡ ¢²¥´¨Ö ± ´¥³Ê ¸² £ ¥³µ£µ

V1 exp {−α1r
2},

¸µµÉ¢¥É¸É¢ÊÕÐ¥£µ µÉÉ ²±¨¢ ´¨Õ, ¸ÊÐ¥¸É¢¥´´µ ¢²¨Ö¥É ´  ·¥§Ê²ÓÉ É ¤²Ö Ô´¥·-
£¨¨ µ¸´µ¢´µ£µ ¸µ¸ÉµÖ´¨Ö. ’µ£¤ , ÎÉµ¡Ò µ¶·¥¤¥²¨ÉÓ Ô´¥·£¨Õ µ¸´µ¢´µ£µ ¸µ¸Éµ-
Ö´¨Ö, ³Ò ¤µ²¦´Ò ´ °É¨ ³¨´¨³Ê³ ËÊ´±Í¨¨

5
4
− ξ2

4

(
coth

ξ2

2
− 1
)
− z1/2V0

1 − exp {−zξ2}
1 − exp {−ξ2} exp

(
−1 − z

2
ξ2

)
+

+z
1/2
1 V1

1 − exp {−z1ξ
2}

1 − exp {−ξ2} exp
(
−1 − z1

2
ξ2

)
(98)

´  ¶µ²Êµ¸¨ 0 � ξ < ∞. …¸²¨ ¦¥ ´¥ ¶·µ¢µ¤¨ÉÓ ¶·¥¤¢ ·¨É¥²Ó´µ£µ ¶·µ¥±É¨·µ-
¢ ´¨Ö, Éµ ´ ¤µ ³¨´¨³¨§¨·µ¢ ÉÓ ËÊ´±Í¨Õ

3
4
− z3/2V0 exp {−1 − z

2
ξ2} + z

3/2
1 V1 exp {−1 − z1

2
ξ2}. (99)

Šµ´¥Î´µ, ¨ ¢ Éµ³ ¨ ¢ ¤·Ê£µ³ ¸²ÊÎ ¥ ³¨´¨³Ê³ ¤µ¸É¨£ ¥É¸Ö ¶·¨ ´¥´Ê²¥¢ÒÌ ¨
± Éµ³Ê ¦¥ · §²¨Î´ÒÌ §´ Î¥´¨ÖÌ ξ. �Î¥¢¨¤´µ, ÎÉµ ¶·µ¥±É¨·µ¢ ´¨¥ µ¶Ê¸± ¥É
³¨´¨³Ê³ ´¨¦¥.

4.5. ‚²¨Ö´¨¥ ¶·¨´Í¨¶  � Ê²¨ ´  ËÊ´±Í¨Õ ƒ ³¨²ÓÉµ´ . �·¨´Ö¢ ¢µ ¢´¨-
³ ´¨¥ ¶µÉ¥´Í¨ ² (60), ³Ò ¤µ²¦´Ò ¡Ê¤¥³ ´¥¸±µ²Ó±µ Ê¸²µ¦´¨ÉÓ ËÊ´±Í¨¨ ƒ -
³¨²ÓÉµ´  (58) ¨ (59). ’¥¶¥·Ó ¤²Ö ¸¨´£²¥É´µ° ¶ ·Ò ¢ ËÊ´±Í¨Õ ƒ ³¨²ÓÉµ´ 
´¥µ¡Ìµ¤¨³µ ¢¢¥¸É¨ ¸² £ ¥³µ¥:

〈φ+∗
x (R)|U(x)|φ+

x (R)〉
〈φ+∗

x (R)|φ+
x (R)〉

=

= −z1/2V0

(
exp

{
−1 − z

2
(R + S)2

}
+ exp

{
−1 − z

2
(R − S)2

})
−

−z1/2V0 tanh (RS)
(

exp
{
−1 − z

2
(R + S)2

}
− exp

{
−1 − z

2
(R − S)2

})
=
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= −z1/2V0
exp {−(1 − z)ξ2} + exp {−ξ2 − zη2}

1 + exp {−ξ2 − η2} . (100)

’ ±¨³ µ¡· §µ³, Ê¸·¥¤´¥´¨¥ £ Ê¸¸µ¢¸±µ£µ ¶µÉ¥´Í¨ ²  ´  ¸¨³³¥É·¨§µ¢ ´´ÒÌ
µ·¡¨É ²ÖÌ �²µÌ Ä�·¨´±  ¶·¨¢µ¤¨É ± É ±µ³Ê ¢§ ¨³µ¤¥°¸É¢¨Õ ¢ Ë §µ¢µ³ ¶·µ-
¸É· ´¸É¢¥, ±µÉµ·µ¥ § ¢¨¸¨É ´¥ Éµ²Ó±µ µÉ ±µµ·¤¨´ ÉÒ ξ, ´µ ¨ µÉ ¨³¶Ê²Ó¸  η.
�¤´ ±µ ´  ¡µ²ÓÏ¨Ì · ¸¸ÉµÖ´¨ÖÌ ³¥¦¤Ê Î ¸É¨Í ³¨, ±µ£¤  ξ � 1, ÔÉµ ¢§ ¨³µ-
¤¥°¸É¢¨¥ ¸´µ¢  ¸É ´µ¢¨É¸Ö £ Ê¸¸µ¢¸±¨³, ± ± ¢ ¶·¥¤Ò¤ÊÐ¥³ ¶·¨³¥·¥, ±µ£¤  ´¥
¡Ò²µ ´¥µ¡Ìµ¤¨³µ¸É¨ ÊÎ¨ÉÒ¢ ÉÓ ¶·¨´Í¨¶ � Ê²¨.

‚ ¨Éµ£¥ ËÊ´±Í¨Ö ƒ ³¨²ÓÉµ´  ¸¨´£²¥É´µ° ¶ ·Ò ¶·¨´¨³ ¥É ¢¨¤

H+(ξ, η) =
η2

2
+

1
4

+
ξ2 + η2

4

(
tanh

ξ2 + η2

2
− 1
)
−

−z1/2V0
exp {−(1 − z)ξ2} + exp {−ξ2 − zη2}

1 + exp {−ξ2 − η2} . (101)

�´ ²µ£¨Î´Ò¥ ¨§³¥´¥´¨Ö ¶·µ¨¸Ìµ¤ÖÉ ¨ ¸ ËÊ´±Í¨¥° ƒ ³¨²ÓÉµ´  É·¨¶²¥É-
´µ° ¶ ·Ò:

H−(ξ, η) =
η2

2
+

1
4

+
ξ2 + η2

4

(
coth

ξ2 + η2

2
− 1
)
−

−z1/2V0
exp {−(1 − z)ξ2} − exp {−ξ2 − zη2}

1 − exp {−ξ2 − η2} . (102)

ŒÒ Ê¦¥ µÉ³¥Î ²¨ § ¢¨¸¨³µ¸ÉÓ ·¥§Ê²ÓÉ Éµ¢ �Œ„ µÉ £²Ê¡¨´Ò ¶µÉ¥´Í¨ ² .
�  ·¨¸. 9 ¤²Ö É·¨¶²¥É´µ° ¶ ·Ò Ë¥·³¨µ´µ¢ ¶·¥¤¸É ¢²¥´Ò ¢µ²´µ¢ Ö ËÊ´±Í¨Ö
�Œ„ ¨ ÉµÎ´ Ö ¢µ²´µ¢ Ö ËÊ´±Í¨Ö ¤²Ö ¸²ÊÎ Ö V0 = 33,0, α = 1, ±µ£¤  ÉµÎ´µ¥
§´ Î¥´¨¥ Ô´¥·£¨¨ ¡²¨§±µ ± ´Ê²Õ. Œ¨´¨³ ²Ó´ Ö Ô´¥·£¨Ö ¢ ¶·¨¡²¨¦¥´¨¨ �Œ„
Éµ£¤  ¶µ²µ¦¨É¥²Ó´  ¨ · ¢´  4,58. �  Éµ³ ¦¥ ·¨¸Ê´±¥ ¶·¨¢¥¤¥´  ¨ ÉµÎ´ Ö
¢µ²´µ¢ Ö ËÊ´±Í¨Ö, ¸µµÉ¢¥É¸É¢ÊÕÐ Ö E = −0,22.

‘²¥¤Ê¥É µÉ³¥É¨ÉÓ, ÎÉµ µ¡¸Ê¦¤ ¥³Ò¥ ·¥§Ê²ÓÉ ÉÒ ¨³¥ÕÉ ¶·Ö³µ¥ µÉ´µÏ¥-
´¨¥ ± ¢ ·¨ Í¨µ´´Ò³ ¢ÒÎ¨¸²¥´¨Ö³, ¢Ò¶µ²´¥´´Ò³ ´  µ¸´µ¢¥ �Œ„, ¨ ¶µ¤¸± -
§Ò¢ ÕÉ ¶ÊÉÓ ÊÉµÎ´¥´¨Ö É ±¨Ì · ¸ÎeÉµ¢. ’¨¶¨Î´Ò³ µ¡Ñ¥±Éµ³ ¨¸¸²¥¤µ¢ ´¨Ö
¢ · ³± Ì �Œ„ Ö¢²ÖÕÉ¸Ö ²e£±¨¥ Ö¤· , µ¡² ¤ ÕÐ¨¥ α-±² ¸É¥·´µ° ¸É·Ê±ÉÊ-
·µ°. �µ¸²¥¤´ÖÖ ¥¸ÉÓ ·¥§Ê²ÓÉ É ¸¨²Ó´µ£µ ¢§ ¨³µ¤¥°¸É¢¨Ö ´Ê±²µ´µ¢, ¢Ìµ¤ÖÐ¨Ì
¢ ¸µ¸É ¢ ± ¦¤µ£µ α-±² ¸É¥· , ¨ ¸² ¡µ£µ ¢§ ¨³µ¤¥°¸É¢¨Ö ´Ê±²µ´µ¢, ¶·¨´ ¤-
²¥¦ Ð¨Ì · §´Ò³ ±² ¸É¥· ³, ±µÉµ·µ¥, ¢ ¸¢µÕ µÎ¥·¥¤Ó, Ö¢²Ö¥É¸Ö ¸²¥¤¸É¢¨¥³
¶·¨´Í¨¶  � Ê²¨ ¨ µ¡³¥´´µ£µ Ì · ±É¥·  Ö¤¥·´ÒÌ ¸¨², ¸¶µ¸µ¡¸É¢ÊÕÐ¨Ì ´ -
¸ÒÐ¥´¨Õ Ö¤¥·´µ° ³ É¥·¨¨. Œµ¦´µ ¸µ¸² ÉÓ¸Ö ¨ ´  Ô±¸¶¥·¨³¥´É ²Ó´Ò° Ë ±É,
¸µ¸ÉµÖÐ¨° ¢ Éµ³, ÎÉµ Ô´¥·£¨Ö ¸¢Ö§¨ ²e£±¨Ì Ö¤¥· ¡²¨§±  ¶µ ¢¥²¨Î¨´¥ ± ¸Ê³³¥
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Ô´¥·£¨° ¸¢Ö§¨ α-±² ¸É¥·µ¢. �µ¶· ¢±  ± ÔÉµ° ¸Ê³³¥ ´¥¢¥²¨±  ¨ µ¡Ê¸²µ¢²¥´ 
¸ÊÐ¥¸É¢µ¢ ´¨¥³ ¸² ¡µ£µ ¢§ ¨³µ¤¥°¸É¢¨Ö ³¥¦¤Ê α-±² ¸É¥· ³¨. ‚ ¶·¨¡²¨¦¥-
´¨¨ �Œ„ ¤µ¸É ÉµÎ´µ Ìµ·µÏµ ¢µ¸¶·µ¨§¢µ¤¨É¸Ö Ô´¥·£¨Ö ¸¢Ö§¨ ± ¦¤µ£µ ¨§
α-±² ¸É¥·µ¢, ´µ § ´¨¦ ¥É¸Ö ¢±² ¤ ¢§ ¨³µ¤¥°¸É¢¨Ö ³¥¦¤Ê ±² ¸É¥· ³¨ ¢ Ô´¥·-
£¨Õ ¸¢Ö§¨.

�¨¸. 9. ‚µ²´µ¢ Ö ËÊ´±Í¨Ö µ¸´µ¢´µ£µ ¸µ¸ÉµÖ´¨Ö É·¨¶²¥É´µ° ¶ ·Ò Ë¥·³¨µ´µ¢, ¢§ ¨-

³µ¤¥°¸É¢ÊÕÐ¨Ì ¶µ § ±µ´Ê V = −33e−x2
¢ ±µµ·¤¨´ É´µ³ ¶·¥¤¸É ¢²¥´¨¨ (¸¶²µÏ´ Ö

¦¨·´ Ö ²¨´¨Ö). �Ê´±É¨·´µ° ¦¨·´µ° ²¨´¨¥° ¶µ± § ´ ¶µ²´Ò° ÔËË¥±É¨¢´Ò° ¶µÉ¥´-
Í¨ ² ¨§ Ëµ·³Ê²Ò (102), ¢ ±µÉµ·µ³ ¶·µ¨¸Ìµ¤¨É ¤¢¨¦¥´¨¥ ¢µ²´µ¢ÒÌ ¶ ±¥Éµ¢. ƒ²Ê¡¨´ 
¶µÉ¥´Í¨ ²µ¢ Ê³¥´ÓÏ¥´  ¢ 40 · §. �Ê´±É¨·´µ° ²¨´¨¥° ¶µ± § ´  ¢µ²´µ¢ Ö ËÊ´±Í¨Ö,
´ °¤¥´´ Ö ¢ · ³± Ì �Œ„ ¨ µÉ¢¥Î ÕÐ Ö Ô´¥·£¨¨ Egs = 4,58 MÔ‚, ¸¶²µÏ´µ° Å
±¢ ´Éµ¢µ-³¥Ì ´¨Î¥¸± Ö ËÊ´±Í¨Ö µ¸´µ¢´µ£µ ¸µ¸ÉµÖ´¨Ö, µÉ¢¥Î ÕÐ Ö ÉµÎ´µ³Ê §´ Î¥´¨Õ
Egs = −0,22 MÔ‚, ÏÉ·¨Ì¶Ê´±É¨·´µ° Å ±¢ ´Éµ¢µ-³¥Ì ´¨Î¥¸± Ö ËÊ´±Í¨Ö ´¥¶·¥·Ò¢-
´µ£µ ¸¶¥±É· , µÉ¢¥Î ÕÐ Ö Ô´¥·£¨¨ ¸¢Ö§¨ �Œ„

4.6. �Œ„ ¨ ³¥Éµ¤ ·¥§µ´¨·ÊÕÐ¨Ì £·Ê¶¶. —Éµ¡Ò ¶µÖ¸´¨ÉÓ ¶µ²µ¦¥´¨¥,
¶·¥¤¸É ¢²¥´´µ¥ ¢ ¶·¥¤Ò¤ÊÐ¥³ ¶Ê´±É¥, Ê³¥¸É´µ ¸µ¶µ¸É ¢¨ÉÓ �Œ„ ¨ ³¥Éµ¤
·¥§µ´¨·ÊÕÐ¨Ì £·Ê¶¶ (Œ�ƒ), ¢ µ¸´µ¢Ê ±µÉµ·µ£µ Éµ¦¥ ¶µ²µ¦¥´Ò µ·¡¨É ²¨
�²µÌ Ä�·¨´± . �Ê¸ÉÓ, ¤²Ö ¶·µ¸ÉµÉÒ, ³Ò ¨³¥¥³ α-±² ¸É¥·´µ¥ Ö¤·µ, ¸µ¸ÉµÖ-
Ð¥¥ ¨§ n ±² ¸É¥·µ¢, A = 4n ´Ê±²µ´µ¢. …¸²¨ ¢µ²´µ¢ Ö ËÊ´±Í¨Ö �Œ„ ¤²Ö
É ±µ£µ Ö¤·  ¶·¥¤¸É ¢²Ö¥É ¸µ¡µ° ¤¥É¥·³¨´ ´É ‘²¥°É¥· , ¶µ¸É·µ¥´´Ò° ´  A
· §²¨Î´ÒÌ µ·¡¨É ²ÖÌ �·¨´± , Éµ Œ�ƒ ¨³¥¥É ¤¥²µ ¸ É ±¨³ Î¨¸²µ³ · §²¨Î´ÒÌ
µ·¡¨É ²¥°, ±µÉµ·µ¥ ¢ Î¥ÉÒ·¥ · §  ³¥´ÓÏ¥. —¥ÉÒ·¥ ´Ê±²µ´  ± ¦¤µ£µ ±² ¸É¥· 
¨³¥ÕÉ ¢ ¸²ÊÎ ¥ Œ�ƒ µ¤¨´ ±µ¢Ò¥ µ·¡¨É ²¨. �µ¸²¥ µÉ¤¥²¥´¨Ö ¢µ²´µ¢µ° ËÊ´±-
Í¨¨ Í¥´É·  ³ ¸¸ ¨ ¸µµÉ¢¥É¸É¢ÊÕÐ¥£µ ¢Ò¡µ·  ´µ¢ÒÌ ¢¥±Éµ·´ÒÌ ¶ · ³¥É·µ¢
( ´ ²µ£  ¢¥±Éµ·µ¢ Ÿ±µ¡¨) ¢ ¢¨¤¥ ²¨´¥°´µ° ±µ³¡¨´ Í¨¨ ¨¸Ìµ¤´ÒÌ ¶ · ³¥É·µ¢
µ·¡¨É ²¥° �²µÌ Ä�·¨´±  �Œ„ ¶µ§¢µ²Ö¥É ¨¸¸²¥¤µ¢ ÉÓ ± ± ¤¢¨¦¥´¨¥ ´Ê±²µ´µ¢
± ¦¤µ£µ ±² ¸É¥· , É ± ¨ µÉ´µ¸¨É¥²Ó´µ¥ ¤¢¨¦¥´¨¥ ±² ¸É¥·µ¢. �·¨ ÔÉµ³ ¢ ·¨-
 Í¨µ´´Ò¥ · ¸Î¥ÉÒ ¢ · ³± Ì �Œ„ ¸ ¶µÉ¥´Í¨ ²µ³ ‚µ²±µ¢  ¶µ± §Ò¢ ÕÉ, ÎÉµ
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µ¶É¨³ ²Ó´Ò¥ ¤²Ö ´Ê±²µ´µ¢ ± ¦¤µ£µ ±² ¸É¥·  §´ Î¥´¨Ö ¢¥±Éµ·´ÒÌ ¶ · ³¥É·µ¢
¨Ì µ·¡¨É ²¥° µ¤¨´ ±µ¢Ò,   ¢¥±Éµ·´Ò¥ ¶ · ³¥É·Ò µÉ´µ¸¨É¥²Ó´µ£µ · ¸¶µ²µ-
¦¥´¨Ö ±² ¸É¥·µ¢ µÉ²¨Î´Ò µÉ ´Ê²Ö. ‚Ò¢µ¤, ¸²¥¤ÊÕÐ¨° ¨§ ÔÉ¨Ì ¢ÒÎ¨¸²¥´¨°,
¸¢µ¤¨É¸Ö ± ÊÉ¢¥·¦¤¥´¨Õ µ ¸ÊÐ¥¸É¢µ¢ ´¨¨ α-±² ¸É¥·¨§ Í¨¨ ²e£±¨Ì Ö¤¥·. ‘
¤·Ê£µ° ¸Éµ·µ´Ò, µ´¨ ¶µ¤É¢¥·¦¤ ÕÉ  ¤¥±¢ É´µ¸ÉÓ ¢Ò¡µ·  µ·¡¨É ²¥° Œ�ƒ.

Šµ´¥Î´µ, § ±²ÕÎ¥´¨¥ µ ±² ¸É¥·¨§ Í¨¨ ¸¶· ¢¥¤²¨¢µ ²¨ÏÓ ¢ Éµ° ¸É¥¶¥´¨, ¢
± ±µ° ¸¨²Ò ‚µ²±µ¢  ³µ¦´µ ¶µ² £ ÉÓ ¢µ¸¶·µ¨§¢µ¤ÖÐ¨³¨ ·¥ ²Ó´ÊÕ ¸¨ÉÊ Í¨Õ.
ˆ§¢¥¸É´µ, ÎÉµ ÔÉ¨ ¸¨²Ò ´¥ Ê¤µ¢²¥É¢µ·ÖÕÉ Ê¸²µ¢¨Ö³ ´ ¸ÒÐ¥´¨Ö, ¨ · ¸ÎeÉÒ
¸ ´¨³¨ Ö¤¥· sd-µ¡µ²µÎ±¨ Ê± §Ò¢ ÕÉ ´  µÉ¸ÊÉ¸É¢¨¥ ± ±µ°-²¨¡µ ±² ¸É¥·¨§ -
Í¨¨, ÌµÉÖ ´  ¸ ³µ³ ¤¥²¥ Ê ÔÉ¨Ì Ö¤¥· µ¦¨¤ ¥É¸Ö ¸ÊÐ¥¸É¢µ¢ ´¨¥ ±² ¸É¥·´ÒÌ
¸É·Ê±ÉÊ·.

�·µË¨²Ó ´Ê±²µ´-´Ê±²µ´´µ° ËÊ´±Í¨¨ �Œ„ ¶· ±É¨Î¥¸±¨ ´¥ § ¢¨¸¨É µÉ
Éµ£µ, ¨¤eÉ ²¨ ·¥ÎÓ µ ¤¢ÊÌ ´Ê±²µ´ Ì µ¤´µ£µ ±² ¸É¥·  ¨²¨ µ ´Ê±²µ´ Ì, ¶·¨-
´ ¤²¥¦ Ð¨Ì · §´Ò³ ±² ¸É¥· ³. �ÉµÉ ¶·µË¨²Ó ¢Ò¡¨· ¥É¸Ö µ¶É¨³ ²Ó´Ò³ ¤²Ö
´Ê±²µ´µ¢ α-±² ¸É¥·µ¢, ÎÉµ ´¥³¥¤²¥´´µ ¢´µ¸¨É µÏ¨¡±Ê ¢ · ¸ÎeÉ Ô´¥·£¨¨ ¢§ ¨-
³µ¤¥°¸É¢¨Ö ±² ¸É¥·µ¢. ‚ · ³± Ì Œ�ƒ ¢µ²´µ¢Ò¥ ËÊ´±Í¨¨ µÉ´µ¸¨É¥²Ó´µ£µ ¤¢¨-
¦¥´¨Ö ±² ¸É¥·µ¢ µ¶·¥¤¥²ÖÕÉ¸Ö ¶ÊÉ¥³ ¨Ì µ¶É¨³¨§ Í¨¨. �µÔÉµ³Ê Ê¤ eÉ¸Ö ¨§-
¡¥¦ ÉÓ ¶·µ¡²¥³Ò, Ì · ±É¥·´µ° ¤²Ö �Œ„, ¨ ¸ÊÐ¥¸É¢¥´´µ ÊÉµÎ´¨ÉÓ · ¸ÎeÉÒ∗.

‚ · ¡µÉ¥ [15] µ·¡¨É ²¨ Œ�ƒ ¨¸¶µ²Ó§µ¢ ´Ò ¤²Ö ¢Ò¢µ¤  ¨ ¶µ¸²¥¤ÊÕÐ¥£µ
 ´ ²¨§  ±² ¸¸¨Î¥¸±¨Ì Ê· ¢´¥´¨° ¤¢¨¦¥´¨Ö § ¤ Î¨ · ¸¸¥Ö´¨Ö α-Î ¸É¨ÍÒ ´ 
Ö¤·¥ 12C, ¸µ¸É ¢²¥´´µ³ ¨§ É·eÌ α-±² ¸É¥·µ¢.

‚ ¦´µ µÉ³¥É¨ÉÓ, ÎÉµ �Œ„ ¨ Œ�ƒ Ö¢²ÖÕÉ¸Ö µ¡µ¡Ð¥´¨¥³ ³µ¤¥²¨ µ¡µ²µ-
Î¥±, ÉµÎ´¥¥, ³µ¤¥²¨ SU(3) �²²¨µÉÉ  [16]. �µ¸²¥¤´ÖÖ ¸µµÉ¢¥É¸É¢Ê¥É ¶·¥¤¥²Ê
¤¥É¥·³¨´ ´Éµ¢ ‘²¥°É¥·  �Œ„ ¨ Œ�ƒ, ±µ£¤  ¢¥±Éµ·´Ò¥ ¶ · ³¥É·Ò ¢¸¥Ì µ·-
¡¨É ²¥° ¸É·¥³ÖÉ¸Ö ± ´Ê²Õ.

5. ��‘�‹›‚��ˆ… ‚�‹��‚�ƒ� ��Š…’�

� ¸¶²Ò¢ ´¨¥ ¢µ²´µ¢µ£µ ¶ ±¥É  Å Ìµ·µÏµ ¨§¢¥¸É´µ¥ ¤²Ö ±¢ ´Éµ¢µ° ³¥-
Ì ´¨±¨ Ö¢²¥´¨¥. �¤´ ±µ ±µ£¤  ³Ò ¶¥·¥Ìµ¤¨³ ± ¤¨´ ³¨Î¥¸±¨³ Ê· ¢´¥´¨Ö³
�Œ„, Éµ ÔÉ¨³ Ö¢²¥´¨¥³, ·¥Ï Ö § ¤ Î¨ ´¥¶·¥·Ò¢´µ£µ ¸¶¥±É· , ¶·¨Ìµ¤¨É¸Ö
¶·¥´¥¡·¥£ ÉÓ. �¥ ÊÎ¨ÉÒ¢ ÉÓ · ¸¶²Ò¢ ´¨¥ ¢µ²´µ¢µ£µ ¶ ±¥É  ¶·¥¤¸É ¢²Ö¥É¸Ö
µ¶· ¢¤ ´´Ò³ Éµ£¤ , ±µ£¤  ¢·¥³Ö ¢§ ¨³µ¤¥°¸É¢¨Ö ¸É ²±¨¢ ÕÐ¨Ì¸Ö ´Ê±²µ´µ¢
³´µ£µ ³¥´ÓÏ¥, Î¥³ ¢·¥³Ö · ¸¶²Ò¢ ´¨Ö ¨Ì ¢µ²´µ¢ÒÌ ¶ ±¥Éµ¢. �µ¸²¥¤´¥¥ É¥³
¡µ²ÓÏ¥, Î¥³ ³¥´ÓÏ¥ Ô´¥·£¨Ö, § É· Î¥´´ Ö ¶·¨ ¸µ§¤ ´¨¨ ¢µ²´µ¢ÒÌ ¶ ±¥Éµ¢.
…¸²¨ ·¥ÎÓ ¨¤¥É µ¡ µ¤´µ° Î ¸É¨Í¥, Éµ ÔÉ  Ô´¥·£¨Ö · ¢´  3/4. �  ¶·µ¸Éµ³ ¶·¨-
³¥·¥ µ¤´µ° Î ¸É¨ÍÒ ¶µ± ¦¥³ ¸´ Î ² , ± ±, ¨¸¶µ²Ó§ÊÖ ±² ¸¸¨Î¥¸±¨¥ ¶·¥¤¸É -

∗ŒÒ ´¥ µ¡¸Ê¦¤ ¥³ §¤¥¸Ó ´µ¢Ò¥ ¢ ·¨ ´ÉÒ �Œ„, ¸ÊÐ¥¸É¢¥´´µ ¨§³¥´ÖÕÐ¨¥ ¶·µ¸ÉÊÕ Ë¨§¨-
Î¥¸±ÊÕ ¨¤¥Õ ³¥Éµ¤  ¨ ¶·¥¤¸É ¢²ÖÕÐ¨¥ ¸µ¡µ° £¨¡·¨¤ · §´ÒÌ ¶µ¤Ìµ¤µ¢ [5,6].
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¢²¥´¨Ö, µ¶¨¸ ÉÓ · ¸¶²Ò¢ ´¨¥ ¢µ²´µ¢µ£µ ¶ ±¥É  ¨ µÍ¥´¨ÉÓ ¢·¥³Ö, ´¥µ¡Ìµ¤¨³µ¥
¤²Ö ÔÉµ£µ ¶·µÍ¥¸¸ .

5.1. ‚µ²´µ¢µ° ¶ ±¥É · ¤¨ ²Ó´ÒÌ ±µ²¥¡ ´¨°. ‚¢¥¤e³ ¢µ²´µ¢µ° ¶ ±¥É

φr(ε) =
1

π3/4

1
(1 − ε)3/2

exp
{
−1

2
1 + ε

1 − ε
r2

}
(103)

¤²Ö Î ¸É¨ÍÒ ¢ É·eÌ³¥·´µ³ ¶·µ¸É· ´¸É¢¥ [22]. �¡ÒÎ´µ ¥£µ ¸¢Ö§Ò¢ ÕÉ ¸ ³µ¤µ°
· ¤¨ ²Ó´ÒÌ ±µ²¥¡ ´¨°. ˜¨·¨´  ¶ ±¥É  § ¢¨¸¨É µÉ ¢¥²¨Î¨´Ò £¥´¥· Éµ·´µ£µ
¶ · ³¥É·  ε. ‚µ²´µ¢µ° ¶ ±¥É · §³Ò¢ ¥É¸Ö, ¥¸²¨ ε ¶·¨¡²¨¦ ¥É¸Ö ± −1.

ˆ´É¥£· ² ¶¥·¥±·ÒÉ¨Ö

〈φr(ε)|φr(ε)〉 =
1

(1 − εε∗)3/2
=

∞∑
n=0

Γ(n + 3/2)
Γ(3/2)Γ(n + 1)

εnε∗n (104)

¤ eÉ ´ ³ µ¶·¥¤¥²¥´´Ò° ¢ ±µ³¶²¥±¸´µ° ¶²µ¸±µ¸É¨ ε µ¡· §

φn(ε) =

√
Γ(n + 3/2)

Γ(3/2)Γ(n + 1)
εn (105)

¡ §¨¸´ÒÌ ËÊ´±Í¨° É·eÌ³¥·´µ£µ £ ·³µ´¨Î¥¸±µ£µ µ¸Í¨²²ÖÉµ·  ¸ µ·¡¨É ²Ó´Ò³
³µ³¥´Éµ³ L = 0. ‚ ÔÉµ³ ³µ¦´µ Ê¡¥¤¨ÉÓ¸Ö, · §²µ¦¨¢ (103) ¶µ ¸É¥¶¥´Ö³ ε:

φr(ε) =
∞∑

n=0

φn(ε)

√
Γ(n + 1)

2πΓ(n + 3/2)
L1/2

n (r2) exp {−r2/2}, (106)

£¤¥ L
1/2
n (r2) Å ¶µ²¨´µ³Ò ‹ £¥·· .

”Ê´±Í¨¨ (105) µ·Éµ´µ·³¨·µ¢ ´Ò ¸ ³¥·µ°

(1 − εε∗)−1/2 dαdβ

π
, ε = α + iβ,

¢ ±·Ê£¥ ¥¤¨´¨Î´µ£µ · ¤¨Ê¸  |ε| < 1. ‚ ¸ ³µ³ ¤¥²¥,∫
|ε|<1

φ∗
n′(ε)φn(ε)(1 − εε∗)−1/2 dαdβ

π
= δn,n′ . (107)

�µ¤µ¡´µ µ·¡¨É ²¨ (1), ¢µ²´µ¢µ° ¶ ±¥É (103) Ö¢²Ö¥É¸Ö ¸µ¡¸É¢¥´´µ° ËÊ´±-
Í¨¥° µ¶¥· Éµ·  ±¢ ¤· É  · ¤¨Ê¸ 

r̂2 = −(1 − ε)2
∂

∂ε
+

3
2
(1 − ε), (108)
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µ¶·¥¤¥²e´´µ£µ ¢ ε-¶·¥¤¸É ¢²¥´¨¨ (¢ ¥¤¨´¨Î´µ³ ±·Ê£¥ ±µ³¶²¥±¸´µ° ¶²µ¸±µ-
¸É¨), É.¥.

r̂2φr(ε) = r2φr(ε). (109)

„ ²¥¥ ³Ò ¡Ê¤¥³ · ¸¸³ É·¨¢ ÉÓ ¸¢µ¡µ¤´µ¥ ¤¢¨¦¥´¨¥, £ ³¨²ÓÉµ´¨ ´ ±µÉµ-
·µ£µ ¢ ±µµ·¤¨´ É´µ³ ¶·¥¤¸É ¢²¥´¨¨ ¸¢µ¤¨É¸Ö ± ¢Ò· ¦¥´¨Õ

Ĥ = −1
2
∆r. (110)

’µÉ ¦¥ £ ³¨²ÓÉµ´¨ ´, ´µ ¢ ε-¶·¥¤¸É ¢²¥´¨¨, ¨³¥¥É ¢¨¤

Ĥ =
1
2
(1 + ε)2

∂

∂ε
+

3
2
(1 + ε). (111)

Cµ¡¸É¢¥´´Ò¥ ËÊ´±Í¨¨ ¶µ¸²¥¤´¥£µ, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ Ô´¥·£¨¨ E = k2/2:

φk(ε) =
1

π3/4

1
(1 + ε)3/2

exp
{
−1

2
1 − ε

1 + ε
k2

}
. (112)

’¥¶¥·Ó, ± ± ¨ · ´¥¥, ¶µ¸²¥ ¢¢¥¤¥´¨Ö µ·¡¨É ²¨ �²µÌ Ä�·¨´± , ³Ò µ± §Ò-
¢ ¥³¸Ö ¶¥·¥¤ ¤¨²¥³³µ°: ¨²¨, § ¶¨¸ ¢ ¢ ε-¶·¥¤¸É ¢²¥´¨¨ ¢µ²´µ¢µ¥ Ê· ¢´¥´¨¥,
¨¸± ÉÓ ÉµÎ´µ¥ ·¥Ï¥´¨¥ ±¢ ´Éµ¢µ° § ¤ Î¨ µ · ¤¨ ²Ó´µ³ ¤¢¨¦¥´¨¨ Î ¸É¨ÍÒ,
¨²¨ ¦¥, µ£· ´¨Î¨¢Ï¨¸Ó · ¸¸³µÉ·¥´¨¥³ Ô¢µ²ÕÍ¨¨ ¢µ²´µ¢µ£µ ¶ ±¥É , ¸¢¥¸É¨
¨¸¸²¥¤µ¢ ´¨¥ ± ¡µ²¥¥ ¶·µ¸Éµ° § ¤ Î¥ ±² ¸¸¨Î¥¸±µ° ¤¨´ ³¨±¨. � §Ê³¥¥É¸Ö, ¢µ
¢Éµ·µ³ ¸²ÊÎ ¥ ³Ò ¡Ê¤¥³ ¨³¥ÉÓ ²¨ÏÓ ¶·¨¡²¨¦e´´µ¥ µ¶¨¸ ´¨¥ ¨ ¢³¥¸Éµ ±¢ ´-
Éµ¢µ° ËÊ´±Í¨¨ · ¸¶·¥¤¥²¥´¨Ö ¢ Ë §µ¢µ° ¶²µ¸±µ¸É¨ ¶µ¸É·µ¨³ ²¨ÏÓ Ë §µ¢ÊÕ
É· ¥±Éµ·¨Õ. „ ²¥¥ ³Ò ¨§ÊÎ¨³ ±² ¸¸¨Î¥¸±¨° ¢ ·¨ ´É ¶µ¤Ìµ¤ .

5.2. ” §µ¢Ò¥ É· ¥±Éµ·¨¨ ¤²Ö · ¤¨ ²Ó´µ° ³µ¤Ò. �¥¸²µ¦´µ Ê¡¥¤¨ÉÓ¸Ö ¢
Éµ³, ÎÉµ ±² ¸¸¨Î¥¸± Ö ËÊ´±Í¨Ö ƒ ³¨²ÓÉµ´  ¤²Ö ¤¢¨¦¥´¨Ö ¡¥§ ¶µÉ¥´Í¨ ² 

H =
〈φr(ε)|Ĥ |φr(ε)〉
〈φr(ε)|φr(ε)〉

=
3
4

(1 + ε)(1 + ε∗)
1 − ε∗ε

. (113)

ˆ§ (113) ¸²¥¤Ê¥É Ê· ¢´¥´¨¥ ¤²Ö Ë §µ¢µ° É· ¥±Éµ·¨¨ ¸ ¶µ²µ¦¨É¥²Ó´µ° Ô´¥·-
£¨¥° E: (

α +
1

1 + χ

)2

+ β2 =
(

1 − 1
1 + χ

)2

, (114)

£¤¥ χ = 4E/3. Š ¦¤ Ö ¨§ É ±¨Ì É· ¥±Éµ·¨° ¶·¥¤¸É ¢²Ö¥É ¸µ¡µ° µ±·Ê¦´µ¸ÉÓ
¸ Í¥´É·µ³ ¢ ÉµÎ±¥ −1/(1 + χ) ´  ¤¥°¸É¢¨É¥²Ó´µ° µ¸¨ α (¸³. ·¨¸. 10). � ¤¨Ê¸
µ±·Ê¦´µ¸É¨ · ¢¥´ 1 − 1/(1 + χ).
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�¨¸. 10. ” §µ¢Ò¥ É· ¥±Éµ·¨¨ ¤²Ö · ¤¨-
 ²Ó´µ° ³µ¤Ò. �Ê´±É¨·´µ° ²¨´¨¥° ¶µ-
± § ´a É· ¥±Éµ·¨Ö ¤²Ö χ = 0,5 (¨²¨
k =

√
3/4), ¸¶²µÏ´µ° Å ¤²Ö χ = 1

(¨²¨ k =
√

3/2), ÎÉµ ¸µµÉ¢¥É¸É¢Ê¥É
µ·¡¨É ²¨ �²µÌ Ä�·¨´±  ¶·¨ t = 0, ¨
ÏÉ·¨Ìµ¢µ° Å ¤²Ö χ = 2 (¨²¨ k =

√
3)

‚¸¥ Ë §µ¢Ò¥ É· ¥±Éµ·¨¨ ¨¤ÊÉ ¢
ÉµÎ±Ê α = −1, β = 0, ¶·¨ ¶·¨¡²¨¦¥´¨¨
± ±µÉµ·µ° Ï¨·¨´Ò ¢µ²´µ¢ÒÌ ¶ ±¥Éµ¢
´¥µ£· ´¨Î¥´´µ ¢µ§· ¸É ÕÉ ¨, ¢ ¨Éµ£¥,
µ´¨ ¶µ²´µ¸ÉÓÕ · ¸¶²Ò¢ ÕÉ¸Ö. Š ± Ê¦¥
µÉ³¥Î ²µ¸Ó · ´¥¥, ´  ¸µ§¤ ´¨¥ ¢µ²´µ-
¢µ£µ ¶ ±¥É  �²µÌ Ä�·¨´±  ´¥µ¡Ìµ¤¨³ 
Ô´¥·£¨Ö E = 3/4. ‚ ÔÉµ³ ¸²ÊÎ ¥ χ = 1,
· ¤¨Ê¸ µ±·Ê¦´µ¸É¨ Ë §µ¢µ° É· ¥±Éµ-
·¨¨ · ¢¥´ 1/2, ¨ µ´  ¸µ¥¤¨´Ö¥É ÉµÎ±Ê
ε = 0 ±µ³¶²¥±¸´µ° ¶²µ¸±µ¸É¨ ¸ ÉµÎ±µ°
α = −1, β = 0.

—Éµ¡Ò µÍ¥´¨ÉÓ ¢·¥³Ö, ´¥µ¡Ìµ¤¨³µ¥
¤²Ö ¶µ²´µ£µ · ¸¶²Ò¢ ´¨Ö ¢µ²´µ¢µ£µ ¶ -
±¥É , µ¡· É¨³¸Ö ± Ê· ¢´¥´¨Ö³ ±² ¸¸¨-
Î¥¸±µ° ¤¨´ ³¨±¨. �µ¸²¥¤´¨¥ ¸²¥¤ÊÕÉ
¨§ ¶·¨´Í¨¶  ´ ¨³¥´ÓÏ¥£µ ¤¥°¸É¢¨Ö ¨
Ö¢´µ£µ ¢Ò· ¦¥´¨Ö ¤²Ö ËÊ´±Í¨¨ ‹ -
£· ´¦  [7]:

L =
〈φr(ε)| − i∂/∂t|φr(ε)〉 − 〈φr(ε)|Ĥ |φr(ε)〉

〈φr(ε)|φr(ε)〉
. (115)

‚ ·¥§Ê²ÓÉ É¥ ¢ ·Ó¨·µ¢ ´¨Ö ¶µ ε∗ ¶·¨Ìµ¤¨³ ± ¸²¥¤ÊÕÐ¥³Ê µ¡Ò±´µ¢¥´´µ³Ê
¤¨ËË¥·¥´Í¨ ²Ó´µ³Ê Ê· ¢´¥´¨Õ ¶¥·¢µ£µ ¶µ·Ö¤±  ¤²Ö ε:

−iε̇ =
1
2
(1 + ε)2 (116)

¨²¨ ¦¥ ¸¨¸É¥³¥ Ê· ¢´¥´¨° ¤²Ö α ¨ β:

α̇ = −(1 + α)β, β̇ =
1
2
{(1 + α)2 − β2}. (117)

ˆ´É¥£·¨·µ¢ ´¨¥ Ê· ¢´¥´¨Ö (116) ¶·¨ ´ Î ²Ó´µ³ Ê¸²µ¢¨¨ ε(0) = 0 ¤ eÉ ¸²¥¤Ê-
ÕÐ¥¥ ·¥Ï¥´¨¥:

α(t) = − t2

4 + t2
, β(t) =

2t

4 + t2
. (118)

Œ¨´¨³ ²Ó´µ¥ §´ Î¥´¨¥ ËÊ´±Í¨Ö β(t) ¨³¥¥É ¶·¨ t = 2, ±µ£¤  Ë §µ¢ Ö É· ¥±-
Éµ·¨Ö § ¢¥·Ï ¥É ¶¥·¢ÊÕ Î¥É¢¥·ÉÓ µ±·Ê¦´µ¸É¨. ‚Éµ· Ö Î¥É¢¥·ÉÓ µ±·Ê¦´µ¸É¨
¶·¥µ¤µ²¥¢ ¥É¸Ö ²¨ÏÓ ¢ ¶·¥¤¥²Ó´Ò° ³µ³¥´É ¢·¥³¥´¨ t = ∞.
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�µ¤¸É ¢¨¢ (118) ¢ (103) ¨ ¶·¨´Ö¢ ¢µ ¢´¨³ ´¨¥ ´µ·³¨·µ¢µÎ´Ò° ³´µ¦¨-
É¥²Ó, ¶µ²ÊÎ¨³ § ¢¨¸¨³µ¸ÉÓ µÉ ¢·¥³¥´¨ ¶²µÉ´µ¸É¨ ¢¥·µÖÉ´µ¸É¨ §´ Î¥´¨° r ¢
±µµ·¤¨´ É´µ³ ¶·¥¤¸É ¢²¥´¨¨:

φr(ε)φr(ε)
〈φr(ε)|φr(ε)〉

=
1

π3/2

1
(1 + t2)3/2

exp
(
− r2

1 + t2

)
. (119)

�¨¸. 11. �²µÉ´µ¸ÉÓ · ¸¶·¥¤¥²¥´¨Ö
¢¥·µÖÉ´µ¸É¨ W (r, t) ¢ ±µµ·¤¨´ É´µ³
¶·¥¤¸É ¢²¥´¨¨, Ê³´µ¦¥´´ Ö ´  Ë ±-
Éµ· (1 + t2)/2, ¡² £µ¤ ·Ö Î¥³Ê ¢
± ¦¤Ò° ³µ³¥´É ¸µÌ· ´Ö¥É¸Ö ´µ·³¨-
·µ¢±  ËÊ´±Í¨¨ ´  1. ‘¶²µÏ´µ° ²¨-
´¨¥° ¶µ± § ´µ · ¸¶·¥¤¥²¥´¨¥ ¢ ´ -
Î ²Ó´Ò° ³µ³¥´É ¢·¥³¥´¨ t = 0,
¶Ê´±É¨·´µ° Å ¢ ³µ³¥´É t = 1, ÏÉ·¨-
Ìµ¢µ° Å ¢ t = 2

’ ±¨³ µ¡· §µ³, ¨§³¥´¥´¨¥ ¢µ ¢·¥³¥´¨
Ï¨·¨´Ò ¶µ±µÖÐ¥£µ¸Ö ¢µ²´µ¢µ£µ ¶ ±¥É 
¶µ¤Î¨´Ö¥É¸Ö ¶·µ¸ÉÒ³ § ±µ´µ³¥·´µ¸ÉÖ³.
ˆÌ ¨²²Õ¸É·¨·Ê¥É Ëµ·³Ê²  (119) ¨ ·¨¸. 11.

� ±µ´¥Í, ÎÉµ¡Ò ¶µ´ÖÉÓ ¸µµÉ´µÏ¥´¨¥
³¥¦¤Ê ±¢ ´Éµ¢Ò³ ·¥§Ê²ÓÉ Éµ³ ¢ ¶·µ¸É· ´-
¸É¢¥ ”µ± Ä� ·£³ ´´  ¨ ·¥§Ê²ÓÉ Éµ³ ±² ¸-
¸¨Î¥¸±µ° ³¥Ì ´¨±¨, Ê³¥¸É´µ Ë §µ¢ÊÕ É· -
¥±Éµ·¨Õ (114) ¸µ¶µ¸É ¢¨ÉÓ ¸ ±¢ ´Éµ¢Ò³
· ¸¶·¥¤¥²¥´¨¥³ ¢ Ë §µ¢µ° ¶²µ¸±µ¸É¨ ¤²Ö
¸µ¸ÉµÖ´¨Ö φk(ε) ¸ ±¨´¥É¨Î¥¸±µ° Ô´¥·£¨¥°
k2/2:

φ∗
k(ε)φk(ε)(1 − εε∗)−1/2 =

= π−3/2

(
1

(1 + ε)(1 + ε∗)

)3/2

×

× exp
{
− 1−εε∗

(1+ε)(1+ε∗)
k2

}
(1−εε∗)−1/2.

(120)

�  ·¨¸. 10 ¶·¥¤¸É ¢²¥´Ò É·¨ Ë §µ¢Òe É· ¥±Éµ·¨¨ ¶·¨ · §´ÒÌ §´ Î¥´¨ÖÌ Ô´¥·-
£¨¨,   ´  ·¨¸. 12 É·¨ ¶²µÉ´µ¸É¨ · ¸¶·¥¤¥²¥´¨Ö, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ É¥³ ¦¥ §´ -
Î¥´¨Ö³ Ô´¥·£¨¨.

5.3. � ¸¶²Ò¢ ´¨¥ ¢µ²´µ¢µ£µ ¶ ±¥É  �²µÌ Ä�·¨´± . �µ± ¦¥³ É¥¶¥·Ó,
± ± ¸²¥¤Ê¥É ÊÉµÎ´¨ÉÓ ¢Ò· ¦¥´¨¥ ¤²Ö ¢µ²´µ¢µ£µ ¶ ±¥É  �²µÌ Ä�·¨´± , ÎÉµ¡Ò
´ ¨¡µ²¥¥ ¶µ²´Ò³ µ¡· §µ³ ÊÎ¥¸ÉÓ ¥£µ Ô¢µ²ÕÍ¨Õ, µ¡Ö§ ´´ÊÕ · ¸¶²Ò¢ ´¨Õ ¶ -
±¥É  ¶µ ³¥·¥ ¤¢¨¦¥´¨Ö ¢ É·eÌ³¥·´µ³ ¶·µ¸É· ´¸É¢¥. �Ê¸ÉÓ

φr(ε,R) =
1

π3/4

1
(1 − ε)3/2

exp

{
−1

2
1 + ε

1 − ε
r2 +

√
2

1 − ε
(Rr)−

−1
2

1 − 2ε∗ + εε∗

1 − ε

R2

1 − εε∗

}
. (121)
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�¨¸. 12. �²µÉ´µ¸É¨ · ¸¶·¥¤¥²¥´¨Ö ¢¥·µÖÉ´µ¸É¨
W (ξ, η; k2/2) ¢ Ë §µ¢µ³ ¶·µ¸É· ´¸É¢¥ ¤ÒÌ É¥²Ó´µ°
³µ¤Ò ¶·¨ · §´ÒÌ §´ Î¥´¨ÖÌ Ô´¥·£¨¨: a) k =

√
3/4,

¡) k =
√

3/2, ¢) k =
√

3

ˆ´É¥£· ² ¶¥·¥±·ÒÉ¨Ö (121) ¸ ¥¤¨´¨Í¥°

〈φr(ε,R)|φr(ε,R)〉 =
1

(1 − εε∗)3/2
×

× exp
{

(RS) + ε∗R2/2 + εS2/2
1 − εε∗

}
. (122)

Š¨´¥É¨Î¥¸± Ö Ô´¥·£¨Ö ¢µ²´µ¢µ£µ ¶ ±¥É  É¥¶¥·Ó
¨³¥¥É ¢¨¤

〈φr(ε,R)|T̂ |φr(ε,R)〉
〈φr(ε,R)|φr(ε,R)〉 =

3
4

(1 + ε)(1 + ε∗)
1 − εε∗

−

−1
4

[(1 + ε∗)R − (1 + ε)S]2

(1 − εε∗)2
. (123)

� ±µ´¥Í, ¶µÉ¥´Í¨ ²Ó´ Ö Ô´¥·£¨Ö

〈φr(ε,R)| − V0 exp {−(z − 1)/z r2}|φr(ε,R)〉
〈φr(ε,R)|φr(ε,R)〉 =

= −z3/2V0

(
∆
∆z

)3/2

×

× exp

{
− (1−z)

2
∆
∆z

(
(1−ε∗)R+(1−ε)S

1 − εε∗

)2
}

,

(124)

£¤¥

∆ = 1−εε∗, ∆z = z(1−εε∗)+(1−z)(1−ε)(1−ε∗).

�·¥¤¸É ¢²¥´´ÒÌ ¢Ò· ¦¥´¨° ¤µ¸É ÉµÎ´µ, ÎÉµ¡Ò ´  ¨Ì µ¸´µ¢¥ ¶µ²ÊÎ¨ÉÓ
Ê· ¢´¥´¨Ö ±² ¸¸¨Î¥¸±µ° ¤¨´ ³¨±¨ ¤²Ö ¨¸¸²¥¤µ¢ ´¨Ö ¢µ¶·µ¸  µ ¢²¨Ö´¨¨ · ¸-
¶²Ò¢ ´¨Ö ¢µ²´µ¢µ£µ ¶ ±¥É  �²µÌ Ä�·¨´±  ´  ¥£µ ¸¢µ¡µ¤´µ¥ ¤¢¨¦¥´¨¥ ¨ ¤¢¨-
¦¥´¨¥ ¢ ¶µ²¥ ¶µÉ¥´Í¨ ²  £ Ê¸¸µ¢¸±µ° Ëµ·³Ò.
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ˆ´É¥£· ² ³¨ ¸¢µ¡µ¤´µ£µ ¤¢¨¦¥´¨Ö Ö¢²ÖÕÉ¸Ö ±¨´¥É¨Î¥¸± Ö Ô´¥·£¨Ö (µ´ 
· ¢´  ¶µ²´µ° Ô´¥·£¨¨ E)

3
4

(1 + ε)(1 + ε∗)
1 − εε∗

− 1
4

[(1 + ε∗)R − (1 + ε)S]2

(1 − εε∗)2
= E, (125)

  É ±¦¥ ¨³¶Ê²Ó¸

− i√
2

(1 + ε∗)R − (1 + ε)S
1 − εε∗

= P. (126)

ˆ§ (125) ¨ (126) ¸²¥¤Ê¥É, ÎÉµ

3
4

(1 + ε)(1 + ε∗)
1 − εε∗

= E − 1
2

P2. (127)

ˆÉ ±, ³Ò ¶·¨Ï²¨ ± É ±µ° Ëµ·³Ê²¨·µ¢±¥ § ¤ Î¨, ±µ£¤  ´¥¶·¥·Ò¢´Ò°
¸¶¥±É· ´ Î¨´ ¥É¸Ö ¶·¨ ´Ê²¥¢µ³ §´ Î¥´¨¨ Ô´¥·£¨¨ ¨ ´¥É ´¥µ¡Ìµ¤¨³µ¸É¨ µ¡· -
Ð ÉÓ¸Ö ± ¸¶¥Í¨ ²Ó´Ò³ ·¥Í¥¶É ³, ÎÉµ¡Ò ´  ¡µ²ÓÏ¨Ì · ¸¸ÉµÖ´¨ÖÌ ¶µ¤ ¢²ÖÉÓ
Ô´¥·£¨Õ, § É· Î¥´´ÊÕ ´  ¸µ§¤ ´¨¥ ¢µ²´µ¢µ£µ ¶ ±¥É . ‚ ·¥§Ê²ÓÉ É¥, µ¸É ¢ Ö¸Ó
¢ · ³± Ì �Œ„, ´µ ´¥¸±µ²Ó±µ ¶¥·¥µ¶·¥¤¥²¨¢ µ·¡¨É ²¨ �²µÌ Ä�·¨´±  ¶ÊÉ¥³
¢¢¥¤¥´¨Ö ¸É¥¶¥´¥° ¸¢µ¡µ¤Ò, µÉ¢¥É¸É¢¥´´ÒÌ §  · ¸¶²Ò¢ ´¨¥ ¢µ²´µ¢ÒÌ ¶ ±¥-
Éµ¢, ³µ¦´µ · ¸¸³ É·¨¢ ÉÓ ´¥ Éµ²Ó±µ · ¸¸¥Ö´¨¥, ´µ ¨ ·¥§µ´ ´¸´Ò¥ ¸µ¸ÉµÖ´¨Ö
¢ µ¡² ¸É¨ µÉ´µ¸¨É¥²Ó´µ ³ ²ÒÌ Ô´¥·£¨°.

6. ‡�Š‹	—…�ˆ…

’ ±¨³ µ¡· §µ³, ¶ÒÉ Ö¸Ó µ¶¨¸ ÉÓ ¸Éµ²±´µ¢¥´¨¥ Ö¤¥· ± ± ¸Éµ²±´µ¢¥´¨¥ ¸µ-
¸É ¢²ÖÕÐ¨Ì ÔÉ¨ Ö¤·  ´Ê±²µ´µ¢, ¨ µ¡· Ð Ö¸Ó ¶·¨ ÔÉµ³ ± Ê· ¢´¥´¨Ö³ ±² ¸¸¨-
Î¥¸±µ° ¤¨´ ³¨±¨, ³Ò µ± §Ò¢ ¥³¸Ö ¶¥·¥¤ Í¥²Ò³ ·Ö¤µ³ ¶·µ¡²¥³. �¥·¥Î¨¸²¨³
ÔÉ¨ ¶·µ¡²¥³Ò.

“ÎeÉ ¶·¨´Í¨¶  � Ê²¨ ¶·¨ ¢Ò¢µ¤¥ Ê· ¢´¥´¨° ¤¨´ ³¨±¨ ´¥¸±µ²Ó±µ ¨§³¥-
´Ö¥É ÔÉ¨ Ê· ¢´¥´¨Ö ¢ µ¡² ¸É¨ ³ ²ÒÌ §´ Î¥´¨° ¨³¶Ê²Ó¸µ¢ ¨ ±µµ·¤¨´ É, £¤¥
¤µ²¦´Ò ¡ÒÉÓ ¸ÊÐ¥¸É¢¥´´Ò ±¢ ´Éµ¢Ò¥ ¶µ¶· ¢±¨. �¤´ ±µ ¶µ¶· ¢µ±, µ¡Ê¸²µ-
¢²¥´´ÒÌ ¶·¨´Í¨¶µ³ � Ê²¨, ´¥¤µ¸É ÉµÎ´µ, ÎÉµ¡Ò Ë §µ¢Ò¥ É· ¥±Éµ·¨¨ ¢µ¸¶·µ-
¨§¢µ¤¨²¨ ¸ ³Ò¥ ¢ ¦´Ò¥ µ¸µ¡¥´´µ¸É¨ ¢ ¶µ¢¥¤¥´¨¨ ¢µ²´µ¢ÒÌ ËÊ´±Í¨°, ±µ£¤ 
Ô´¥·£¨Ö µÉ´µ¸¨É¥²Ó´µ£µ ¤¢¨¦¥´¨Ö ´Ê±²µ´µ¢ ³ ² . ‚ Éµ ¦¥ ¢·¥³Ö ¸ Ê¢¥²¨Î¥-
´¨¥³ Ô´¥·£¨¨ ±² ¸¸¨Î¥¸±¨¥ ·¥§Ê²ÓÉ ÉÒ ¶·¨¡²¨¦ ÕÉ¸Ö ± ±¢ ´Éµ¢Ò³.

Š¨´¥É¨Î¥¸± Ö Ô´¥·£¨Ö ±² ¸¸¨Î¥¸±µ£µ ¤¢¨¦¥´¨Ö ´Ê±²µ´µ¢ ¸µ¤¥·¦¨É ¶µ-
¸ÉµÖ´´Ò¥ ¸² £ ¥³Ò¥, ¸Ê³³  ±µÉµ·ÒÌ ¸ÊÐ¥¸É¢¥´´µ ¶µ¢ÒÏ ¥É §´ Î¥´¨¥ ¶µ·µ-
£µ¢µ° Ô´¥·£¨¨ · §¢ ²  Ö¤¥· ¶µ Éµ³Ê ¨²¨ ¨´µ³Ê ± ´ ²Ê,   É ±¦¥ Ô´¥·£¨Õ
¶µ·µ£  ¶µ²´µ£µ · §¢ ²   Éµ³´ÒÌ Ö¤¥·. “¸É· ´¨ÉÓ ÔÉµ ´¥¦¥² É¥²Ó´µ¥ Ö¢²¥-
´¨¥ ³µ¦´µ ¶ÊÉ¥³ ¢¢¥¤¥´¨Ö É¥Ì ¤µ¶µ²´¨É¥²Ó´ÒÌ ¸É¥¶¥´¥° ¸¢µ¡µ¤Ò, ±µÉµ·Ò¥
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µ¡¥¸¶¥Î¨¢ ÕÉ · ¸¶²Ò¢ ´¨¥ ´Ê±²µ´´ÒÌ ¢µ²´µ¢ÒÌ ¶ ±¥Éµ¢. �Éµ · ¸¶²Ò¢ ´¨¥
¸ÊÐ¥¸É¢¥´´µ ¢²¨Ö¥É ´  ¶·µÍ¥¸¸, ¶µ±  ³ ²  ¸±µ·µ¸ÉÓ ¤¢¨¦¥´¨Ö ¢µ²´µ¢ÒÌ ¶ -
±¥Éµ¢, ¨ µ´¨ Ê¸¶¥¢ ÕÉ ¨§³¥´¨ÉÓ ¸¢µÕ Ï¨·¨´Ê §  Éµ ¢·¥³Ö, ±µ£¤  ¶·µ¨¸Ìµ¤¨É
Ö¤¥·´ Ö ·¥ ±Í¨Ö.

�Ê±²µ´-´Ê±²µ´´µ¥ ¢§ ¨³µ¤¥°¸É¢¨¥ ÊÎ¨ÉÒ¢ ¥É¸Ö ¢ · ³± Ì �Œ„ ¤¢ ¦¤Ò.
‚µ-¶¥·¢ÒÌ, µ´µ Ëµ·³¨·Ê¥É É· ¥±Éµ·¨Õ ¤¢¨¦¥´¨Ö ± ¦¤µ£µ ´Ê±²µ´ . ‚µ-¢Éµ-
·ÒÌ, µ´µ µÉ¢¥É¸É¢¥´´µ §  ÔËË¥±É¨¢´µ¥ ¸¥Î¥´¨¥ ´Ê±²µ´-´Ê±²µ´´µ£µ ¸Éµ²±-
´µ¢¥´¨Ö. �Éµ ´ ¶µ³¨´ ¥É ¸¨ÉÊ Í¨Õ, ¢µ§´¨± ÕÐÊÕ ¶·¨ µ¡· Ð¥´¨¨ ± Ê· ¢-
´¥´¨Õ ‚² ¸µ¢  ¶·¨ µ¶¨¸ ´¨¨ ¸¨¸É¥³Ò Î ¸É¨Í, ±µ£¤  ´ ·Ö¤Ê ¸ ¶µÉ¥´Í¨ ²µ³
¸·¥¤´¥£µ ¶µ²Ö ÊÎ¨ÉÒ¢ eÉ¸Ö ¥Ðe ¨´É¥£· ² ¸Éµ²±´µ¢¥´¨°. �µ ¶µ¸²¥¤´¨° Éµ£¤ 
¤µ²¦¥´ ¡ÒÉÓ ¢Ò· ¦¥´ Î¥·¥§ ÔËË¥±É¨¢´Ò¥ ¸¥Î¥´¨Ö · ¸¸¥Ö´¨Ö, µ¡Ê¸²µ¢²¥´´Ò¥
¢§ ¨³µ¤¥°¸É¢¨¥³, ¤µ¶µ²´¨É¥²Ó´Ò³ ± Éµ³Ê, ±µÉµ·µ¥ Ëµ·³¨·Ê¥É ¸·¥¤´¥¥ ¶µ²¥.
Šµ´¥Î´µ, Ê· ¢´¥´¨¥ ‚² ¸µ¢  ¨²¨ Ê· ¢´¥´¨¥ �µ²ÓÍ³ ´  ¸¶· ¢¥¤²¨¢Ò, ±µ£¤ 
¶²µÉ´µ¸ÉÓ ´Ê±²µ´µ¢ ´¥¢¥²¨± . �µÔÉµ³Ê ¨Ì ¨¸¶µ²Ó§µ¢ ´¨¥ ¶·¨ ¸Éµ²±´µ¢¥´¨¨
ÉÖ¦e²ÒÌ ¨µ´µ¢ É·¥¡Ê¥É  ·£Ê³¥´É Í¨¨.

„²Ö µ¸´µ¢´ÒÌ ¸µ¸ÉµÖ´¨° Î¥É´µ-Î¥É´ÒÌ Ö¤¥· ¢µ²´µ¢ Ö ËÊ´±Í¨Ö �Œ„
¨³¥¥É α-±² ¸É¥·´ÊÕ ¸É·Ê±ÉÊ·Ê ¨²¨ ¦¥, ¥¸²¨ Î¨¸²µ ¶·µÉµ´µ¢ ³¥´ÓÏ¥ Î¨¸² 
´¥°É·µ´µ¢, Î ¸ÉÓ ±² ¸É¥·µ¢ ¶·¥¤¸É ¢²Ö¥É ¸µ¡µ° ¸¨´£²¥É´Ò¥ ¶ ·Ò ´¥°É·µ´µ¢.
Š ÔÉµ³Ê ¢Ò¢µ¤Ê ¶·¨¢µ¤ÖÉ ¶µÉ¥´Í¨ ²Ò É¨¶  ¶µÉ¥´Í¨ ²  ‚µ²±µ¢ . �µÔÉµ³Ê,
ÎÉµ¡Ò µ¶¨¸ ÉÓ ¸Éµ²±´µ¢¥´¨Ö É ±¨Ì Ö¤¥·, ´¥µ¡Ìµ¤¨³µ ¶·¨¢²¥ÎÓ ÔËË¥±É¨¢´Ò¥
¸¥Î¥´¨Ö Ê¶·Ê£µ£µ ¨ ´¥Ê¶·Ê£µ£µ ¸Éµ²±´µ¢¥´¨° α- ¨ ¤¨´¥°É·µ´´ÒÌ ±² ¸É¥·µ¢.
…¸²¨ ¤²Ö ¸¥Î¥´¨° αα-· ¸¸¥Ö´¨Ö ¥¸ÉÓ Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ ¤ ´´Ò¥, Éµ ¸¥Î¥´¨Ö
· ¸¸¥Ö´¨Ö ¸¨´£²¥É´ÒÌ ¤¨´¥°É·µ´µ¢ ¤µ²¦´Ò ¡ÒÉÓ ¢ÒÎ¨¸²¥´Ò É¥µ·¥É¨Î¥¸±¨.
‘µ¡¸É¢¥´´µ ´Ê±²µ´Ò ¶µÖ¢²ÖÕÉ¸Ö ¸ µ¶·¥¤¥²e´´µ° ¢¥·µÖÉ´µ¸ÉÓÕ ²¨ÏÓ ¶µ¸²¥
¶¥·¢µ£µ ¸Éµ²±´µ¢¥´¨Ö. Š·µ³¥ Éµ£µ, ´¥Ê¶·Ê£¨¥ ¸Éµ²±´µ¢¥´¨Ö ¶µ·µ¦¤ ÕÉ ¤¥°-
É·µ´´Ò¥, É·¨Éµ´´Ò¥ ¨ £¥²¨µ´´Ò¥ ±² ¸É¥·Ò. ‡ É¥³ µ´¨ ÊÎ ¸É¢ÊÕÉ ¢ ¶·µÍ¥¸¸¥
¢§ ¨³µ¤¥°¸É¢¨Ö ´ ·Ö¤Ê ¸ α-±² ¸É¥· ³¨ ¨ ¤¨´¥°É·µ´ ³¨. ‚ ¨Éµ£¥ ¶·µ¨¸Ìµ¤¨É
¸ÉµÌ ¸É¨§ Í¨Ö ¨ ¶·µÍ¥¸¸ ¶¥·¥¸É eÉ ¡ÒÉÓ ¤¥É¥·³¨´¨·µ¢ ´´Ò³.
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‚.‚.Š¨·¨Î¥´±µ

� Í¨µ´ ²Ó´Ò° ´ ÊÎ´Ò° Í¥´É· ®• ·Ó±µ¢¸±¨° Ë¨§¨±µ-É¥Ì´¨Î¥¸±¨° ¨´¸É¨ÉÊÉ¯,

• ·Ó±µ¢, “±· ¨´ 

O¡§µ· ¶µ¸¢ÖÐ¥´ Ô±¸¶¥·¨³¥´É ³ ¶µ ¨§ÊÎ¥´¨Õ ·¥ ±Í¨° 12C(γ, 3α) ¨ 16O(γ, 4α), ¢Ò¶µ²-
´¥´´Ò³ ¢ ��– •”’ˆ ´  ¶ÊÎ±¥ ²¨´¥°´µ ¶µ²Ö·¨§µ¢ ´´ÒÌ γ-±¢ ´Éµ¢ µÉ ²¨´¥°´µ£µ Ê¸±µ·¨É¥²Ö
Ô²¥±É·µ´µ¢ ‹“�-2000 ¸ ¶µ³µÐÓÕ ËµÉµÔ³Ê²Ó¸¨°. �¸´µ¢´µ¥ ¢´¨³ ´¨¥ Ê¤¥²¥´µ  ´ ²¨§Ê · ¸¶·¥¤¥-
²¥´¨° ¶µ µÉ´µ¸¨É¥²Ó´µ° Ô´¥·£¨¨ ¶ · α-Î ¸É¨Í ¢ ±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨ ·¥ ±Í¨°, · ¸¶·¥¤¥²¥´¨°
¶µ Ê£²Ê ¨Ì · §²¥É  ¨ · ¸¶·¥¤¥²¥´¨° ¶µ Ô´¥·£¨¨ ¢µ§¡Ê¦¤¥´¨Ö ¶·µ³¥¦ÊÉµÎ´ÒÌ Ö¤¥·. Š·µ³¥ Éµ£µ,
 ´ ²¨§¨·ÊÕÉ¸Ö Ê£²µ¢Ò¥ · ¸¶·¥¤¥²¥´¨Ö α-Î ¸É¨Í ¨ Ô´¥·£¥É¨Î¥¸± Ö § ¢¨¸¨³µ¸ÉÓ Σ- ¸¨³³¥É·¨¨
¢ÒÌµ¤  α-Î ¸É¨Í ¢ ¸²ÊÎ ¥ ¤¢ÊÌÎ ¸É¨Î´ÒÌ ± ´ ²µ¢ ·¥ ±Í¨°.

The review is devoted to experiments on study of 12C(γ, 3α) and 16O(γ, 4α) reactions in
NSC KhPTI on linearly polarized γ-quanta from linear accelerator LAE-2000 with the help of pho-
toemulsions. Main attention is paid to the analysis of distributions on relative energy of α-particles
pairs in the ˇnal states of reactions, distributions on their spread angle, and distributions on excitation
energy of intermediate nuclei. Besides, angular distributions of α-particles and energy dependence of
Σ-asymmetry of the α-particles yield in the case of two-particle reactions are analyzed.

1. ‚‚…„…�ˆ…

ˆ§ÊÎ¥´¨¥ ·¥ ±Í¨° ËµÉµ· ¸Ð¥¶²¥´¨Ö Î¥É´µ-Î¥É´ÒÌ Ö¤¥· ¸ ¢ÒÌµ¤µ³
α-Î ¸É¨Í É· ¤¨Í¨µ´´µ ¢¸¥£¤  ¶·¥¤¸É ¢²Ö²µ ¨´É¥·¥¸ ¸ ÉµÎ±¨ §·¥´¨Ö ± ± ¶·µ-
¢¥·±¨ α-±² ¸É¥·´µ° ¸É·Ê±ÉÊ·Ò Ö¤¥·, É ± ¨ ¨¸¸²¥¤µ¢ ´¨Ö ±¢ §¨ ²ÓË -Î ¸É¨Î´µ-
£µ ³¥Ì ´¨§³  ¢§ ¨³µ¤¥°¸É¢¨Ö Ô²¥±É·µ³ £´¨É´µ£µ ¨§²ÊÎ¥´¨Ö ¸ Ö¤¥·´Ò³ ¢¥Ð¥-
¸É¢µ³.

‚ ¸¢µ¥ ¢·¥³Ö ¡Ò²¨ ¶·¥¤¶·¨´ÖÉÒ ¶µ¶ÒÉ±¨ ¨´É¥·¶·¥É Í¨¨ Ô±¸¶¥·¨³¥´-
É ²Ó´ÒÌ ¤ ´´ÒÌ ¶µ ËµÉµ· ¸Ð¥¶²¥´¨Õ Ö¤¥· ¸ ¢ÒÌµ¤µ³ α-Î ¸É¨Í ´  µ¸´µ¢¥
³µ¤¥²¨ ¸µ¸É ¢´µ£µ Ö¤·  [1]. �¤´ ±µ ¶·¨  ´ ²¨§¥ ´  µ¸´µ¢¥ ÔÉµ° ³µ¤¥²¨ Ô±¸-
¶¥·¨³¥´É ²Ó´ÒÌ ¤ ´´ÒÌ ¶µ ·¥ ±Í¨¨ 40Ar(γ, α) ¢¸É·¥É¨²¨¸Ó µ¶·¥¤¥²¥´´Ò¥
É·Ê¤´µ¸É¨. ’ ±, ´¥ Ê¤ ²µ¸Ó ¶µ²ÊÎ¨ÉÓ ¸µ£² ¸¨¥ ³¥¦¤Ê ¶·¥¤¸± § ´¨Ö³¨ É¥µ·¨¨
¨ ·¥§Ê²ÓÉ É ³¨ Ô±¸¶¥·¨³¥´É  ¶µ Ô´¥·£¥É¨Î¥¸±¨³ ¸¶¥±É· ³ α-Î ¸É¨Í ´¨ ¶·¨
± ±¨Ì ¤µ¶Ê¸É¨³ÒÌ §´ Î¥´¨ÖÌ É¥³¶¥· ÉÊ·Ò Ö¤·  [2].

Š·µ³¥ Éµ£µ, ¢¸É·¥É¨²¨¸Ó ¨ É·Ê¤´µ¸É¨ ¶·¨´Í¨¶¨ ²Ó´µ£µ Ì · ±É¥· . ‚ Î ¸É-
´µ¸É¨, ¤²Ö µ¡ÑÖ¸´¥´¨Ö Ëµ·³Ò Ê£²µ¢ÒÌ · ¸¶·¥¤¥²¥´¨° α-Î ¸É¨Í ¤µ¶Ê¸± ² ¸Ó
¢µ§³µ¦´µ¸ÉÓ Ô²¥±É·¨Î¥¸±µ£µ ¤¨¶µ²Ó´µ£µ ¶µ£²µÐ¥´¨Ö (E1), ÎÉµ, ± ± ¨§¢¥¸É´µ,
´ Ìµ¤¨É¸Ö ¢ ¶·µÉ¨¢µ·¥Î¨¨ ¸ ¶· ¢¨² ³¨ µÉ¡µ·  ¶µ ¨§µÉµ¶¨Î¥¸±µ³Ê ¸¶¨´Ê [3].
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�¥ ±Í¨Õ (γ, α) ´  µ¸´µ¢¥ α-Î ¸É¨Î´µ° ³µ¤¥²¨, ¶·µ¨¸Ìµ¤ÖÐÊÕ ¢ ·¥§Ê²Ó-
É É¥ ³¥Ì ´¨§³  ¶·Ö³µ£µ ¢§ ¨³µ¤¥°¸É¢¨Ö, · ¸¸³µÉ·¥²¨ ’¥²¥£¤¨ ¨ ‚¥·¤¨ [4].
�¤´ ±µ ·¥§Ê²ÓÉ ÉÒ ¨Ì ¶µ¤Ìµ¤  µ± § ²¨¸Ó ´¥Ê¤µ¢²¥É¢µ·¨É¥²Ó´Ò³¨. � ¸Î¥É´µ¥
§´ Î¥´¨¥ Ô´¥·£¨¨, ¶·¨ ±µÉµ·µ³ ´ Ìµ¤¨É¸Ö ³ ±¸¨³Ê³ ¸¥Î¥´¨Ö ·¥ ±Í¨¨, ´¥ ¸µ-
µÉ¢¥É¸É¢µ¢ ²µ Ô±¸¶¥·¨³¥´É ²Ó´Ò³ §´ Î¥´¨Ö³, ¨ §´ Î¥´¨¥ ¸ ³µ£µ · ¸Î¥É´µ£µ
¸¥Î¥´¨Ö ¢ ³ ±¸¨³Ê³¥ É ±¦¥ §´ Î¨É¥²Ó´µ µÉ²¨Î ²µ¸Ó µÉ Ô±¸¶¥·¨³¥´É ²Ó´µ£µ.
‚ · ¡µÉ Ì [5,6] Ê¦¥ Ê± §Ò¢ ²µ¸Ó ´  Éµ, ÎÉµ ÊÎ¥É ¶ ·´ÒÌ ±µ··¥²ÖÍ¨° ¢ · ³± Ì
³µ¤¥²¨ µ¡µ²µÎ¥± ¤²Ö ¶ ·´ÒÌ ¸¨², ±µÉµ·Ò¥ Ö¢²ÖÕÉ¸Ö § ·Ö¤µ¢µ-´¥§ ¢¨¸¨³Ò³¨,
¶·¨¢µ¤¨É ± µ¡· §µ¢ ´¨Õ Î¥ÉÒ·¥ÌÎ ¸É¨Î´ÒÌ ±µ··¥²ÖÍ¨° ¸ ¸¨³³¥É·¨¥°,  ´ -
²µ£¨Î´µ° ¸¨³³¥É·¨¨ α-Î ¸É¨Î´µ° ³µ¤¥²¨.

Š ± µÉ³¥Î ²µ¸Ó ¢ · ¡µÉ Ì [7,8], ¢ ¸¢Ö§¨ ¸ ÔÉ¨³ ¶·¥¤¸É ¢²Ö¥É ¨´É¥·¥¸ · ¸-
¸³µÉ·¥´¨¥ ¶·Ö³µ£µ ³¥Ì ´¨§³  ·¥ ±Í¨¨ (γ, α) ´  µ¸´µ¢¥ µ¡µ²µÎ¥Î´µ° ³µ¤¥²¨,
ÊÎ¨ÉÒ¢ ÕÐ¥° Î¥ÉÒ·¥ÌÎ ¸É¨Î´Ò¥ ±µ··¥²ÖÍ¨¨. �¤´ ±µ, ± ± ¶µ± § ²¨ ¨¸¸²¥-
¤µ¢ ´¨Ö, É ±µ¥ · ¸¸³µÉ·¥´¨¥ ´¥ ¶·¨¢¥²µ ± Ê¤µ¢²¥É¢µ·¨É¥²Ó´µ³Ê ¸µ£² ¸¨Õ
¸ Ô±¸¶¥·¨³¥´É ²Ó´Ò³¨ ¤ ´´Ò³¨. �± § ²µ¸Ó, ÎÉµ ¤²Ö ¡µ²¥¥ ±µ··¥±É´µ£µ ¸µ-
£² ¸¨Ö ´¥µ¡Ìµ¤¨³ ÊÎ¥É ±² ¸É¥·´µ° ¸É·Ê±ÉÊ·Ò, ±µÉµ·Ò° Ë¥´µ³¥´µ²µ£¨Î¥¸±¨
¸¢µ¤¨²¸Ö ± Éµ³Ê, ÎÉµ ¶ · ³¥É·Ò ¢ µ¸Í¨²²ÖÉµ·´ÒÌ ËÊ´±Í¨ÖÌ, µ¶¨¸Ò¢ ÕÐ¨Ì
¢´ÊÉ·¥´´¥¥ ¸µ¸ÉµÖ´¨¥ ´Ê±²µ´´ÒÌ  ¸¸µÍ¨ Í¨° ¨ µÉ´µ¸¨É¥²Ó´µ¥ ¤¢¨¦¥´¨¥ Í¥´-
É·µ¢ ÉÖ¦¥¸É¨ ÔÉ¨Ì  ¸¸µÍ¨ Í¨°, ¤µ²¦´Ò µÉ²¨Î ÉÓ¸Ö ¤·Ê£ µÉ ¤·Ê£ .

‚ ¤ ´´ÒÌ · ¡µÉ Ì ¶·¨¢¥¤¥´Ò ·¥§Ê²ÓÉ ÉÒ · ¸Î¥É  § ¢¨¸¨³µ¸É¨ ¶µ²´µ£µ
¸¥Î¥´¨Ö ·¥ ±Í¨¨ 12C(γ, 3α) µÉ Ô´¥·£¨¨ γ-±¢ ´Éµ¢ ¸ ÊÎ¥Éµ³ ¶¥·¥Ìµ¤  ¶·µ-
³¥¦ÊÉµÎ´µ£µ Ö¤·  8Be ´  Ê·µ¢¥´Ó ¸ Jπ = 0+. �·¨ ÔÉµ³ ¢ Ô´¥·£¥É¨Î¥-
¸±µ° § ¢¨¸¨³µ¸É¨ ¶µ²´µ£µ ¸¥Î¥´¨Ö ·¥ ±Í¨¨ ´ ¡²Õ¤ ÕÉ¸Ö ¤¢  ³ ±¸¨³Ê³  ¶·¨
Ô´¥·£¨ÖÌ γ-±¢ ´Éµ¢, · ¢´ÒÌ 10 ¨ 18 ŒÔ‚ ¸µµÉ¢¥É¸É¢¥´´µ. ‚ ¸²ÊÎ ¥, ±µ-
£¤  ¶·µ³¥¦ÊÉµÎ´µ¥ Ö¤·µ 8Be ¶¥·¥Ìµ¤¨É ´  Ê·µ¢¥´Ó ¸ Jπ = 2+, ¶·¥¤¸± -
§Ò¢ ¥É¸Ö ¶µÖ¢²¥´¨¥ ¤¢ÊÌ ³ ±¸¨³Ê³µ¢ ¶·¨ Ô´¥·£¨ÖÌ γ-±¢ ´Éµ¢, · ¢´ÒÌ 18
¨ 30 ŒÔ‚, ¶µ²µ¦¥´¨¥ ±µÉµ·ÒÌ ¸µ¢¶ ¤ ¥É ¸ Ô±¸¶¥·¨³¥´É ²Ó´Ò³¨ ·¥§Ê²ÓÉ -
É ³¨. “Î¥É ¶¥·¥Ìµ¤  ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  8Be ´  Ê·µ¢¥´Ó ¸ Jπ = 4+ ¶·¨-
¢µ¤¨É ± ¸¤¢¨£Ê ³ ±¸¨³Ê³  ¶µ²´µ£µ ¸¥Î¥´¨Ö ·¥ ±Í¨¨ ¤µ Ô´¥·£¨¨ γ-±¢ ´Éµ¢,
· ¢´µ° 38Ä39 ŒÔ‚. ‚ · ¡µÉ Ì É ±¦¥ µÉ³¥Î ¥É¸Ö, ÎÉµ ¥¸²¨ ÊÎ¥É ±Ê²µ´µ¢-
¸±µ£µ ¨ Ö¤¥·´µ£µ ¢§ ¨³µ¤¥°¸É¢¨° ¢ ±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨ ·¥ ±Í¨° ´¥ ³¥´Ö¥É
± Î¥¸É¢¥´´µ° ± ·É¨´Ò Ô´¥·£¥É¨Î¥¸±µ° § ¢¨¸¨³µ¸É¨ ¶µ²´µ£µ ¸¥Î¥´¨Ö, Éµ ¢
¸²ÊÎ ¥ Ê£²µ¢ÒÌ · ¸¶·¥¤¥²¥´¨° α-Î ¸É¨Í ¨Ì ÊÎ¥É ¶·¨¢µ¤¨É ± ¸ÊÐ¥¸É¢¥´´µ³Ê
¨§³¥´¥´¨Õ.

�¥¸±µ²Ó±µ ¶µ§¦¥  ¢Éµ· ³¨ [9] ¡Ò²  · §· ¡µÉ ´  · ¸Î¥É´ Ö ¸Ì¥³  ·¥ ±Í¨¨
12C(γ, 3α) ¢ · ³± Ì 3α-Î ¸É¨Î´µ° ³µ¤¥²¨ ¸ ¶·¨³¥´¥´¨¥³ ¡ §¨¸  £¨¶¥·¸Ë¥·¨-
Î¥¸±¨Ì ËÊ´±Í¨° ¢ ¨³¶Ê²Ó¸´µ³ ¶·¥¤¸É ¢²¥´¨¨. �·¥¤²µ¦¥´´Ò° ³¥Éµ¤ ¶µ§¢µ²Ö²
ÊÎ¨ÉÒ¢ ÉÓ ¢§ ¨³µ¤¥°¸É¢¨¥ ³¥¦¤Ê ¢¸¥³¨ α-Î ¸É¨Í ³¨ ± ± ¢ ´ Î ²Ó´µ³, É ± ¨ ¢
±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨ÖÌ. �Ò²µ ¶µ± § ´µ, ÎÉµ ¥¸²¨ ¶·¥¤¶µ²µ¦¨ÉÓ 1α-Î ¸É¨Î´Ò°
³¥Ì ´¨§³ ¶µ£²µÐ¥´¨Ö γ-±¢ ´Éµ¢, Éµ ÊÎ¥É ¢§ ¨³µ¤¥°¸É¢¨Ö ¢ ±µ´¥Î´µ³ ¸µ¸Éµ-
Ö´¨¨ ¶·¨¢µ¤¨É ± ¸ÊÐ¥¸É¢¥´´µ³Ê Ê³¥´ÓÏ¥´¨Õ ¶µ²´µ£µ ¸¥Î¥´¨Ö ·¥ ±Í¨¨ ¶·¨-
³¥·´µ ´  ¤¢  ¶µ·Ö¤± . ‚ ¸²ÊÎ ¥ 2α-Î ¸É¨Î´µ£µ ³¥Ì ´¨§³  ¶µ£²µÐ¥´¨Ö ÔÉµ
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¢§ ¨³µ¤¥°¸É¢¨¥ ¶·¨¢µ¤¨É ± ± Î¥¸É¢¥´´µ³Ê ¨§³¥´¥´¨Õ Ô´¥·£¥É¨Î¥¸±µ° § ¢¨-
¸¨³µ¸É¨ ¶µ²´µ£µ ¸¥Î¥´¨Ö ·¥ ±Í¨¨,   ¨³¥´´µ ³ ±¸¨³Ê³ ¸¥Î¥´¨Ö ¸É ´µ¢¨É¸Ö
¡µ²¥¥ Ê§±¨³. ‚ Í¥²µ³ ·¥§Ê²ÓÉ ÉÒ ¶·µ¢¥¤¥´´ÒÌ ¨¸¸²¥¤µ¢ ´¨° ¶·¨¢¥²¨  ¢Éµ-
·µ¢ ± § ±²ÕÎ¥´¨Õ, ÎÉµ 3α-Î ¸É¨Î´µ¥ ËµÉµ· ¸Ð¥¶²¥´¨¥ Ö¤·  12C ¶·µ¨¸Ìµ¤¨É
¢ µ¸´µ¢´µ³ Î¥·¥§ ³¥Ì ´¨§³ 2α-Î ¸É¨Î´µ£µ ±¢ ¤·Ê¶µ²Ó´µ£µ ¶µ£²µÐ¥´¨Ö ¢¶²µÉÓ
¤µ Ô´¥·£¨¨ γ-±¢ ´Éµ¢, · ¢´µ° 25 ŒÔ‚.

‚¶¥·¢Ò¥ ·¥ ±Í¨Ö ËµÉµ· ¸Ð¥¶²¥´¨Ö Ö¤·  12C ´  É·¨ α-Î ¸É¨ÍÒ ¡Ò² 
µ¡´ ·Ê¦¥´  ¶·¨ ¨¸¸²¥¤µ¢ ´¨¨ ËµÉµÔ³Ê²Ó¸¨°, µ¡²ÊÎ¥´´ÒÌ ¶ÊÎ±µ³ γ-±¢ ´Éµ¢
¸ Ô´¥·£¨¥° 17,6 ŒÔ‚ [10].

ƒµ¢ ·¤ [11] µ¡´ ·Ê¦¨² ¨ ¨¤¥´É¨Ë¨Í¨·µ¢ ² Î¥ÉÒ·¥Ì²ÊÎ¥¢Ò¥ §¢¥§¤Ò ± ±
¸µ¡ÒÉ¨Ö ·¥ ±Í¨¨ ËµÉµ· ¸Ð¥¶²¥´¨Ö Ö¤·  16O ´  Î¥ÉÒ·¥ α-Î ¸É¨ÍÒ ¢ ËµÉµ-
Ô³Ê²Ó¸¨ÖÌ, µ¡²ÊÎ¥´´ÒÌ ¶ÊÎ±µ³ Éµ·³µ§´ÒÌ γ-±¢ ´Éµ¢ µÉ ¡¥É É·µ´  ¸ ³ ±¸¨-
³ ²Ó´µ° Ô´¥·£¨¥° 70 ŒÔ‚.

‚ · ¡µÉ Ì · ´´¥£µ ¶¥·¨µ¤  [12Ä29] ¢ µ¸´µ¢´µ³ ¶·µ¢µ¤¨²¨¸Ó ¨¸¸²¥¤µ¢ -
´¨Ö ËÊ´±Í¨° ¢µ§¡Ê¦¤¥´¨Ö, Ô´¥·£¥É¨Î¥¸±¨Ì § ¢¨¸¨³µ¸É¥° ¶µ²´ÒÌ ¸¥Î¥´¨° ·¥-
 ±Í¨°, Ô´¥·£¥É¨Î¥¸±¨Ì ¸¶¥±É·µ¢ α-Î ¸É¨Í, Ê£²µ¢ÒÌ · ¸¶·¥¤¥²¥´¨° α-Î ¸É¨Í ¨
· ¸¶·¥¤¥²¥´¨° ¶µ Ô´¥·£¨¨ ¢µ§¡Ê¦¤¥´¨Ö ¶·µ³¥¦ÊÉµÎ´ÒÌ Ö¤¥·. �¤´ ±µ ¢ ÔÉ¨Ì
· ¡µÉ Ì ¶· ±É¨Î¥¸±¨ ´¥ ¨¸¸²¥¤µ¢ ²¨¸Ó · ¸¶·¥¤¥²¥´¨Ö ¶µ Ô´¥·£¨¨ µÉ´µ¸¨É¥²Ó-
´µ£µ ¤¢¨¦¥´¨Ö ¶ · α-Î ¸É¨Í, ¶µ Ê£²Ê ¨Ì · §²¥É , ±·µ³¥ Éµ£µ, Ô±¸¶¥·¨³¥´ÉÒ
¶·µ¢µ¤¨²¨¸Ó ´  ¶ÊÎ± Ì Éµ·³µ§´ÒÌ γ-±¢ ´Éµ¢. �¥µ¡Ìµ¤¨³µ É ±¦¥ µÉ³¥É¨ÉÓ,
ÎÉµ ¨³¥ÕÐ¨¥¸Ö ¤ ´´Ò¥ Î ¸Éµ ´µ¸ÖÉ ¶·µÉ¨¢µ·¥Î¨¢Ò° Ì · ±É¥·. ’ ±, ¢ Î ¸É´µ-
¸É¨, Ê£²µ¢Ò¥ · ¸¶·¥¤¥²¥´¨Ö α-Î ¸É¨Í, µ¡· §ÊÕÐ¨Ì¸Ö ¶·¨ ËµÉµ· ¸Ð¥¶²¥´¨¨
Ö¤·  12C, ¨³¥ÕÉ ³ ±¸¨³Ê³ ¶·¨ Ê£² Ì, ¡²¨§±¨Ì ± 90◦, ¨ ´¥§´ Î¨É¥²Ó´ÊÕ ¨§µ-
É·µ¶´ÊÕ ¸µ¸É ¢²ÖÕÐÊÕ [18]. ‚ Éµ ¦¥ ¢·¥³Ö Ê£²µ¢µ¥ · ¸¶·¥¤¥²¥´¨¥ α-Î ¸É¨Í
¤²Ö ÔÉµ° ·¥ ±Í¨¨, ¶µ²ÊÎ¥´´µ¥ ¢ · ¡µÉ Ì [15,20], Ê¦¥ ¨³¥¥É §´ Î¨É¥²Ó´ÊÕ
¨§µÉ·µ¶´ÊÕ ¸µ¸É ¢²ÖÕÐÊÕ. �µ ¤ ´´Ò³ ¤·Ê£¨Ì  ¢Éµ·µ¢ Ê£²µ¢µ¥ · ¸¶·¥¤¥²¥-
´¨¥ α-Î ¸É¨Í ÔÉµ° ¦¥ ·¥ ±Í¨¨ ¨³¥¥É § ³¥É´ÊÕ ¸É·Ê±ÉÊ·Ê: ¢ · ¸¶·¥¤¥²¥´¨Öx
´ ¡²Õ¤ ÕÉ¸Ö ³ ±¸¨³Ê³Ò ¶·¨ Ê£² Ì ∼ 45◦ ¨ 135◦ [26].

�¥¸±µ²Ó±µ ¶µ§¦¥ ÔÉ¨³¨ ¦¥  ¢Éµ· ³¨ ¡Ò²µ ¶·µ¢¥¤¥´µ ¨¸¸²¥¤µ¢ ´¨¥ Ê£²µ-
¢µ£µ · ¸¶·¥¤¥²¥´¨Ö α-Î ¸É¨Í, µ¡· §ÊÕÐ¨Ì¸Ö ¶·¨ ËµÉµ· ¸Ð¥¶²¥´¨¨ Ö¤·  16O,
¸ ¶¥·¥Ìµ¤µ³ µ¸É ÉµÎ´µ£µ Ö¤·  12C ´  ¢µ§¡Ê¦¤¥´´Ò¥ Ê·µ¢´¨ ¨ ¥£µ ¶µ¸²¥¤Ê-
ÕÐ¨³ · ¸¶ ¤µ³ ´  É·¨ α-Î ¸É¨ÍÒ [27]. “£²µ¢µ¥ · ¸¶·¥¤¥²¥´¨¥ α-Î ¸É¨Í ¢
ÔÉµ° ·¥ ±Í¨¨ ¨³¥²µ §´ Î¨É¥²Ó´ÊÕ ¨§µÉ·µ¶´ÊÕ ¸µ¸É ¢²ÖÕÐÊÕ ¨ ³ ±¸¨³Ê³
¶·¨ Ê£² Ì ∼ 120◦.

‚ ¶µ¸²¥¤´¥¥ ¢·¥³Ö Ï¨·µ±µ¥ ¶·¨³¥´¥´¨¥ ¤²Ö ¨¸¸²¥¤µ¢ ´¨Ö ³¥Ì ´¨§³µ¢
¤¢ÊÌÎ ¸É¨Î´ÒÌ ËµÉµÖ¤¥·´ÒÌ ·¥ ±Í¨° ¶µ²ÊÎ¨²µ ¨¸¶µ²Ó§µ¢ ´¨¥ ¶ÊÎ±µ¢ ²¨´¥°-
´µ ¶µ²Ö·¨§µ¢ ´´ÒÌ γ-±¢ ´Éµ¢. ‚ ¸¢Ö§¨ ¸ É¥³, ÎÉµ ¢ ¶·¥¤Ò¤ÊÐ¨Ì · ¡µÉ Ì ¨³¥-
²¨¸Ó Ê± § ´¨Ö ´  ¤¢ÊÌÎ ¸É¨Î´Ò° Ì · ±É¥· ·¥ ±Í¨° ËµÉµ· ¸Ð¥¶²¥´¨Ö Ö¤¥· 12C
¨ 16O ¸ ¢ÒÌµ¤µ³ α-Î ¸É¨Í ¨ ¢µ§³µ¦´µ¸ÉÓ µ¡· §µ¢ ´¨Ö ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤· 
8Be ¢ µ¸´µ¢´µ³ ¸µ¸ÉµÖ´¨¨ ¸ Jπ = 0+, ±µÉµ·µ¥ § ¶·¥Ð¥´µ ¢ E1-¶·¨¡²¨¦¥´¨¨,
¨ ¢ ¢µ§¡Ê¦¤¥´´ÒÌ ¸µ¸ÉµÖ´¨ÖÌ ¸ Jπ = 2+, 4+, ¶·¥¤¸É ¢²Ö¥É ¨´É¥·¥¸ ¶·µ¢¥¤¥-
´¨¥ ¨§³¥·¥´¨° Ô´¥·£¥É¨Î¥¸±µ° § ¢¨¸¨³µ¸É¨ Σ- ¸¨³³¥É·¨¨ ¢ ¸²ÊÎ ¥ ·¥ ²¨§ -
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Í¨¨ ¤¢ÊÌÎ ¸É¨Î´ÒÌ ± ´ ²µ¢ ¶·¨ α-Î ¸É¨Î´µ³ ËµÉµ· ¸Ð¥¶²¥´¨¨ Ö¤¥· 12C ¨
16O. ‡¤¥¸Ó ´¥µ¡Ìµ¤¨³µ µÉ³¥É¨ÉÓ, ÎÉµ ± ´ Î ²Ê ´ ¸ÉµÖÐ¨Ì ¨¸¸²¥¤µ¢ ´¨° Ê¦¥
¨³¥²¨¸Ó ³µ¤¥²Ó´µ-´¥§ ¢¨¸¨³Ò¥ · ¸Î¥ÉÒ ¢¥²¨Î¨´Ò Σ- ¸¨³³¥É·¨¨ ¤²Ö ¸²ÊÎ Ö
·¥ ±Í¨¨ α-Î ¸É¨Î´µ£µ ËµÉµ· ¸Ð¥¶²¥´¨Ö Ö¤·  12C ¨ µ¡· §µ¢ ´¨Ö µ¸É ÉµÎ´µ£µ
Ö¤·  8Be ¢ µ¸´µ¢´µ³ ¸µ¸ÉµÖ´¨¨, ±µÉµ·Ò¥ ¶µ± § ²¨, ÎÉµ ÔÉ  ¢¥²¨Î¨´  ¸É·µ£µ
· ¢´  ¥¤¨´¨Í¥ [30].

’ ±¨³ µ¡· §µ³, ¸Ê³³¨·ÊÖ ¢¸¥ ¸± § ´´µ¥, ³µ¦´µ £µ¢µ·¨ÉÓ µ ´¥µ¡Ìµ¤¨-
³µ¸É¨ ¶µ¸É ´µ¢±¨ ±µ³¶²¥±¸´µ£µ Ô±¸¶¥·¨³¥´É  ¶µ ¨¸¸²¥¤µ¢ ´¨Õ ³¥Ì ´¨§³µ¢
¸²¥¤ÊÕÐ¨Ì ·¥ ±Í¨° α-Î ¸É¨Î´µ£µ ËµÉµ· ¸Ð¥¶²¥´¨Ö ²¥£±¨Ì Ö¤¥· 12C ¨ 16O:

γ + 12C → 3α, (1)

γ + 16O → 4α (2)

¨ ¶·µ¢¥¤¥´¨Ö  ´ ²¨§  Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ · ¸¶·¥¤¥²¥´¨° ¶µ ¢¸¥¢µ§³µ¦´Ò³
±¨´¥³ É¨Î¥¸±¨³ ¶¥·¥³¥´´Ò³ ¸ ¨¸¶µ²Ó§µ¢ ´¨¥³ ¢Ò¢µ¤µ¢ ¸É É¨¸É¨Î¥¸±µ° É¥-
µ·¨¨ ³´µ£µÎ ¸É¨Î´ÒÌ Ö¤¥·´ÒÌ ·¥ ±Í¨°, ±µÉµ· Ö Ö¢²Ö¥É¸Ö ´ ¤¥¦´Ò³ ¨´¸É·Ê-
³¥´Éµ³ ¤²Ö Ê¸É ´µ¢²¥´¨Ö ³¥Ì ´¨§³µ¢ ¨¸¸²¥¤Ê¥³ÒÌ ·¥ ±Í¨° ¨ ´¥ ¶µ²´µ¸ÉÓÕ
¨¸¶µ²Ó§µ¢ ² ¸Ó ¢ ¶·¥¤Ò¤ÊÐ¨Ì · ¡µÉ Ì [31]. „²Ö ¶µ²ÊÎ¥´¨Ö ¤µ¶µ²´¨É¥²Ó´µ°
¨´Ëµ·³ Í¨¨ ¶·¨ ¶µ¸É ´µ¢±¥ ¤ ´´µ£µ Ô±¸¶¥·¨³¥´É  ´¥µ¡Ìµ¤¨³µ ¨¸¶µ²Ó§µ¢ ÉÓ
¶ÊÎµ± ²¨´¥°´µ ¶µ²Ö·¨§µ¢ ´´ÒÌ γ-±¢ ´Éµ¢.

2. �Š‘�…�ˆŒ…�’�‹œ��Ÿ Œ…’�„ˆŠ�

�±¸¶¥·¨³¥´É ¶µ ¨¸¸²¥¤µ¢ ´¨Õ ·¥ ±Í¨° (1) ¨ (2) ¶·µ¢µ¤¨²¸Ö ¢ ¤¢  ÔÉ ¶ .
�  ¶¥·¢µ³ ÔÉ ¶¥ ¨¸¶µ²Ó§µ¢ ²¨¸Ó ËµÉµÔ³Ê²Ó¸¨¨ É¨¶  �Ÿ-2, µ¡²ÊÎ ¢Ï¨¥¸Ö ¶ÊÎ-
±µ³ Éµ·³µ§´ÒÌ γ-±¢ ´Éµ¢ ¸ ³ ±¸¨³ ²Ó´µ° Ô´¥·£¨¥° 300 ŒÔ‚ µÉ ‹“�-2000
��– •”’ˆ. „²Ö µÉ¸¥Î¥´¨Ö Ô²¥±É·µ¤¨´ ³¨Î¥¸±µ£µ Ëµ´ , µ¡Ê¸²µ¢²¥´´µ£µ
´¨§±µÔ´¥·£¥É¨Î´µ° ±µ³¶µ´¥´Éµ° Éµ·³µ§´µ£µ ¸¶¥±É·  γ-±¢ ´Éµ¢, ¨¸¶µ²Ó§µ-
¢ ²¸Ö Ê¦¥¸ÉoÎ¨É¥²Ó LiH Éµ²Ð¨´µ° 1,5 · ¤. ¤²¨´ [32]. �µ¸²¥ Ëµ·³¨·µ¢ -
´¨Ö ¨ µÎ¨Ð¥´¨Ö µÉ § ·Ö¦¥´´µ° ±µ³¶µ´¥´ÉÒ ¶ÊÎµ± γ-±¢ ´Éµ¢ ´ ¶· ¢²Ö²¸Ö
´  ËµÉµÔ³Ê²Ó¸¨¨, Ê¸É ´µ¢²¥´´Ò¥ ¢ ¸¶¥Í¨ ²Ó´µ³ Ê¸É·µ°¸É¢¥ ¶µ¤ Ê£²µ³ 90◦

± µ¸¨ ¶ÊÎ± .
�  ¢Éµ·µ³ ÔÉ ¶¥ ¨¸¶µ²Ó§µ¢ ²¸Ö ¶ÊÎµ± ²¨´¥°´µ ¶µ²Ö·¨§µ¢ ´´ÒÌ γ-±¢ ´-

Éµ¢, ¶µ²ÊÎ¥´´ÒÌ ´  ‹“�-2000. �ÊÎµ± Ô²¥±É·µ´µ¢ ¸ Ô´¥·£¨¥° 1500 ŒÔ‚ ¶·µ-
¢µ¤¨²¸Ö Î¥·¥§ £µ´¨µ³¥É·¨Î¥¸±ÊÕ Ê¸É ´µ¢±Ê, ¢ ±µÉµ·µ° ¡Ò² Ê¸É ´µ¢²¥´ ±·¨-
¸É ²² ±·¥³´¨Ö Éµ²Ð¨´µ° 290 ³±³, µ·¨¥´É¨·µ¢ ´´Ò° É ±¨³ µ¡· §µ³, ÎÉµ¡Ò
¶ÊÎµ± ¤¢¨£ ²¸Ö ¢¤µ²Ó ¶²µ¸±µ¸É¨ (110) ¶µ¤ Ê£²µ³ 1,5 ³· ¤ ± ±·¨¸É ²²µ£· Ë¨-
Î¥¸±µ° µ¸¨ 〈100〉. �µ¸²¥ ±µ²²¨³¨·µ¢ ´¨Ö ¨ µÎ¨¸É±¨ µÉ § ·Ö¦¥´´µ° ±µ³¶µ-
´¥´ÉÒ ¸ ¶µ³µÐÓÕ µÎ¨Ð ÕÐ¨Ì ³ £´¨Éµ¢ ¶ÊÎµ± ´ ¶· ¢²Ö²¸Ö ´  ËµÉµÔ³Ê²Ó¸¨¨
É¨¶  �Š-400, Ê¸É ´µ¢²¥´´Òe ¢ ¸¶¥Í¨ ²Ó´µ³ ¶·¨¸¶µ¸µ¡²¥´¨¨ ¶µ¤ Ê£²µ³ 45◦

± µ¸¨ ¶ÊÎ± .
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‚ ¶·µÍ¥¸¸¥ ¶·µ¢¥¤¥´¨Ö Ô±¸¶¥·¨³¥´É  ´  ¶ÊÎ±¥ ²¨´¥°´µ ¶µ²Ö·¨§µ¢ ´´ÒÌ
γ-±¢ ´Éµ¢ ±µ´É·µ²¨·µ¢ ² ¸Ó ¸É¥¶¥´Ó ¶µ²Ö·¨§ Í¨¨ ¶ÊÎ±  ¸ ¶µ³µÐÓÕ ¶µ²Ö·¨-
³¥É·  ¢Ò¸µ±µ£µ ¤ ¢²¥´¨Ö ¨ ¶µ¢¥·Ì´µ¸É´µ-¶µ²Ê¶·µ¢µ¤´¨±µ¢ÒÌ ¤¥É¥±Éµ·µ¢ ¶µ
 ¸¨³³¥É·¨¨ ¢ÒÌµ¤  ¶·µÉµ´µ¢ ¢ ·¥ ±Í¨¨

γ + d → p + n. (3)

“¸²µ¢¨Ö Ô±¸¶¥·¨³¥´É  ¨ ¶²µÉ´µ¸ÉÓ ¤¥°É¥·¨Ö ¢ ³¨Ï¥´¨ ¶µ§¢µ²Ö²¨ ÔËË¥±É¨¢´µ
¨§³¥·ÖÉÓ  ¸¨³³¥É·¨Õ ¢ÒÌµ¤  ¶·µÉµ´µ¢ ¢ ¨´É¥·¢ ²¥ Ô´¥·£¨° γ-±¢ ´Éµ¢ µÉ 20
¤µ 40 ŒÔ‚.

�·¥¤¢ ·¨É¥²Ó´Ò° µÉ¡µ· ¸µ¡ÒÉ¨° ·¥ ±Í¨° (1) ¨ (2) ¶·µ¢µ¤¨²¸Ö ¢¨§Ê ²Ó´µ.
„²Ö ¨§³¥·¥´¨° ¨¸¶µ²Ó§µ¢ ²¨¸Ó ³¨±·µ¸±µ¶Ò É¨¶  Œ�ˆ-9 ¨ Œ�ˆ-3 ¸ µ¶É¨Î¥-
¸±µ° ¸¨¸É¥³µ°, ¨³¥ÕÐ¥° Ê¢¥²¨Î¥´¨¥ 10 × 60 × 1,5. �±µ´Î É¥²Ó´µ ¸µ¡ÒÉ¨Ö
¨¸¸²¥¤Ê¥³ÒÌ ·¥ ±Í¨° ¨¤¥´É¨Ë¨Í¨·µ¢ ²¨¸Ó ¶µ¸²¥ ¨§³¥·¥´¨° ±µµ·¤¨´ É É·¥-
±µ¢ ¨ ¶µ¸²¥¤ÊÕÐ¥° ¨Ì µ¡· ¡µÉ±¨. Š § Î¥É´Ò³ ¸µ¡ÒÉ¨Ö³ ·¥ ±Í¨° µÉ´µ¸¨²¨¸Ó
É ±¨¥, Ê ±µÉµ·ÒÌ ³ ±¸¨³ ²Ó´ Ö ¢¥²¨Î¨´  µÏ¨¡±¨ ¢ µ¶·¥¤¥²¥´¨¨ ¶·µ¤µ²Ó´µ°
¨ ¶µ¶¥·¥Î´ÒÌ ¸µ¸É ¢²ÖÕÐ¨Ì ¸Ê³³ ·´µ£µ ¨³¶Ê²Ó¸  ´¥ ¶·¥¢ÒÏ ²  ¤²Ö ·¥ ±Í¨¨
(1) 90 ŒÔ‚/c ¨ ¤²Ö ·¥ ±Í¨¨ (2) Å 110 ŒÔ‚/¸ [33]. ‚ ÔÉµ³ ¸²ÊÎ ¥ ¢µ§³µ¦¥´
¢±² ¤ µÉ ¸²¥¤ÊÕÐ¨Ì Ëµ´µ¢ÒÌ ·¥ ±Í¨°:

γ + 12C → 3He + 2α, (4)

γ + 16O → 3He + 3α. (5)

‘ ÊÎ¥Éµ³ Éµ£µ Ë ±É , ÎÉµ ¶·¨ Ô´¥·£¨ÖÌ γ-±¢ ´Éµ¢, ¡²¨§±¨Ì ± ¶µ·µ£Ê, Ô±¸-
¶¥·¨³¥´É ²Ó´Ò¥ ¤ ´´Ò¥ ¶µ ·¥ ±Í¨Ö³ ³´µ£µÎ ¸É¨Î´µ£µ ËµÉµ· ¸Ð¥¶²¥´¨Ö ´¥
¶·µÉ¨¢µ·¥Î É ¸É É¨¸É¨Î¥¸±µ³Ê ³¥Ì ´¨§³Ê ¢§ ¨³µ¤¥°¸É¢¨Ö,   É ±¦¥ Éµ£µ, ÎÉµ
¢ µ¡² ¸É¨ Ô´¥·£¨° £¨£ ´É¸±µ£µ ¤¨¶µ²Ó´µ£µ ·¥§µ´ ´¸  ¶µ²´µ¥ ¸¥Î¥´¨¥ ·¥ ±Í¨°
É¨¶  (γ, p) ¶·¨³¥·´µ ¢ ¤¢  · §  ¡µ²ÓÏ¥ ¶µ²´µ£µ ¸¥Î¥´¨Ö ·¥ ±Í¨° É¨¶  (γ, n),
³µ¦´µ µÍ¥´¨ÉÓ ¢±² ¤ µÉ ÔÉ¨Ì Ëµ´µ¢ÒÌ ·¥ ±Í¨°.

’ ±, ¶µ ¤ ´´Ò³ · ¡µÉÒ [34] ¨´É¥£· ²Ó´µ¥ ¸¥Î¥´¨¥ ·¥ ±Í¨¨ 12C(γ, pt2α),
±µÉµ· Ö Ö¢²Ö¥É¸Ö §¥·± ²Ó´µ° ¶µ µÉ´µÏ¥´¨Õ ± ·¥ ±Í¨¨ (4), ¶·¨ Ô´¥·£¨ÖÌ γ-
±¢ ´Éµ¢ ¤µ 40 ŒÔ‚, £¤¥ ¸ÊÐ¥¸É¢¥´´Ò³ ¸É ´µ¢¨É¸Ö Ê¦¥ ³¥Ì ´¨§³ ±¢ §¨¶·Ö³µ£µ
¢§ ¨³µ¤¥°¸É¢¨Ö ¸ ¶·µÉµ´µ³ Ö¤·  ¨ µ¡· §µ¢ ´¨¥³ µ¸É ÉµÎ´µ£µ Ö¤·  11B ¢ ¢µ§-
¡Ê¦¤¥´´µ³ ¸µ¸ÉµÖ´¨¨, ¸µ¸É ¢²Ö¥É ∼ 2 ŒÔ‚·Œ¡, ¢ Éµ ¢·¥³Ö ± ± ¨´É¥£· ²Ó´µ¥
¸¥Î¥´¨¥ ·¥ ±Í¨¨ (1) ´¥ ¶·¥¢ÒÏ ¥É 3,8 ŒÔ‚·Œ¡ [28].

Š·µ³¥ ÔÉ¨Ì ·¥ ±Í¨°, Ëµ´µ¢Ò³¨ ¢ ¤ ´´µ³ Ô±¸¶¥·¨³¥´É¥ É ±¦¥ ¡Ê¤ÊÉ ¨
·¥ ±Í¨¨ ´¥±µ£¥·¥´É´µ£µ ËµÉµ·µ¦¤¥´¨Ö π0-³¥§µ´µ¢ ´  Ö¤·¥ 12C. ‘ ÊÎ¥Éµ³
³ ±¸¨³ ²Ó´µ° ¢¥²¨Î¨´Ò ´¥¡ ² ´¸  ¶·µ¤µ²Ó´µ° ¨ ¶µ¶¥·¥Î´ÒÌ ¸µ¸É ¢²ÖÕÐ¨Ì
¶µ²´µ£µ ¨³¶Ê²Ó¸  ·¥ ±Í¨° ¨ Ëµ·³Ò ¸¶¥±É·  γ-±¢ ´Éµ¢ ¢±² ¤ µÉ ´¨Ì ³µ¦´µ
µ¦¨¤ ÉÓ ´ Î¨´ Ö ¸ ¶µ·µ£µ¢ ËµÉµ·µ¦¤¥´¨Ö ¤µ 150 ŒÔ‚. �µ ¤ ´´Ò³ · ¡µÉ
[35,36] ¨´É¥£· ²Ó´µ¥ ¸¥Î¥´¨¥ ¶·µÍ¥¸¸µ¢ ´¥±µ£¥·¥´É´µ£µ ËµÉµ·µ¦¤¥´¨Ö ¢ ¤ ´-
´µ° µ¡² ¸É¨ Ô´¥·£¨° ¸µ¸É ¢²Ö¥É ∼ 0, 5 ŒÔ‚·Œ¡. ’ ±¨³ µ¡· §µ³, ³µ¦´µ µ¦¨-
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¤ ÉÓ, ÎÉµ ³ ±¸¨³ ²Ó´µ ¢µ§³µ¦´Ò° ¢±² ¤ µÉ ¶¥·¥Î¨¸²¥´´ÒÌ Ëµ´µ¢ÒÌ ·¥ ±Í¨°
¸ ÊÎ¥Éµ³ µ¸µ¡¥´´µ¸É¥° µÉ¡µ·  ¸µ¡ÒÉ¨° ´¥ ¡Ê¤¥É ¶·¥¢ÒÏ ÉÓ 15 %.

3. �Š‘�…�ˆŒ…�’�‹œ�›… �…‡“‹œ’�’›

3.1. �´¥·£¥É¨Î¥¸±¨¥ ±µ··¥²ÖÍ¨¨ ¨ · ¸¶·¥¤¥²¥´¨Ö ¶µ ¸·¥¤´¥° Ô´¥·£¨¨
Î ¸É¨Í. �¤´µ° ¨§ ´ ¨¡µ²¥¥ ¢ ¦´ÒÌ Ì · ±É¥·¨¸É¨± ³¥Ì ´¨§³µ¢ ³´µ£µÎ ¸É¨Î-
´ÒÌ Ö¤¥·´ÒÌ ·¥ ±Í¨° Ö¢²Ö¥É¸Ö · ¸¶·¥¤¥²¥´¨Ö ¶µ µÉ´µ¸¨É¥²Ó´µ° Ô´¥·£¨¨ ¶ ·
Î ¸É¨Í ¢ ±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨, É ± ± ± ¢µ§³µ¦´Ò¥ ±µ··¥²ÖÍ¨¨ ¢ ¸µµÉ¢¥É-
¸É¢ÊÕÐ¨Ì · ¸¶·¥¤¥²¥´¨ÖÌ ³µ£ÊÉ ¡ÒÉÓ µ¡Ê¸²µ¢²¥´Ò ¸É·Ê±ÉÊ·µ° ³ É·¨Î´µ£µ
Ô²¥³¥´É .

�±¸¶¥·¨³¥´É ²Ó´Ò¥ ·¥§Ê²ÓÉ ÉÒ · ¸¶·¥¤¥²¥´¨° ¶µ Ô´¥·£¨¨ µÉ´µ¸¨É¥²Ó-
´µ£µ ¤¢¨¦¥´¨Ö ¶ · α-Î ¸É¨Í ¢ ±µ´¥Î´ÒÌ ¸µ¸ÉµÖ´¨ÖÌ ·¥ ±Í¨° (1) ¨ (2) ¸É·µ-
¨²¨¸Ó ´  µ¸´µ¢ ´¨¨ ¸²¥¤ÊÕÐ¥£µ ¸µµÉ´µÏ¥´¨Ö [37]:

tik =
[
Ti + Tk − P 2

i + P 2
k + 2PiPk cos Yik

2(Mi + Mk)

]
E−1

0 , (6)

£¤¥ Ti, Tk, Pi, Pk, Mi, Mk Å ±¨´¥É¨Î¥¸±¨¥ Ô´¥·£¨¨, ¨³¶Ê²Ó¸Ò ¨ ³ ¸¸Ò i-° ¨
k-° Î ¸É¨Í; E0 Å ¸Ê³³ ·´ Ö ±¨´¥É¨Î¥¸± Ö Ô´¥·£¨Ö ¶·µ¤Ê±Éµ¢ ·¥ ±Í¨¨.

�·¨ ¶µ¸É·µ¥´¨¨ Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ · ¸¶·¥¤¥²¥´¨Ö ¸· ¢´¨¢ ²¨¸Ó ¸ Ë §µ-
¢Ò³¨ § ¢¨¸¨³µ¸ÉÖ³¨, ±µÉµ·Ò¥ ¨³¥ÕÉ ¸²¥¤ÊÕÐ¨° ¢¨¤ [37]:

dN

dtik
= t

1/2
ik (1 − tik)(3n−8)/2, (7)

£¤¥ tik Å Ô´¥·£¨Ö µÉ´µ¸¨É¥²Ó´µ£µ ¤¢¨¦¥´¨Ö ¸µµÉ¢¥É¸É¢ÊÕÐ¥° ¶ ·Ò α-Î ¸É¨Í,
n Å Î¨¸²µ Î ¸É¨Í ¢ ±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨ ·¥ ±Í¨¨. � ¸Î¥É´Ò¥ § ¢¨¸¨³µ¸É¨
´µ·³¨·µ¢ ²¨¸Ó ´  ¶²µÐ ¤Ó ¶µ Ô±¸¶¥·¨³¥´É ²Ó´Ò³ · ¸¶·¥¤¥²¥´¨Ö³ ¸ ÊÎ¥Éµ³
Ô´¥·£¥É¨Î¥¸±µ° § ¢¨¸¨³µ¸É¨ ¶µ²´ÒÌ ¸¥Î¥´¨° ·¥ ±Í¨°. ‚ ¸¢Ö§¨ ¸ É¥³, ÎÉµ ¢
±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨ ·¥ ±Í¨° (1) ¨ (2) µ¡· §ÊÕÉ¸Ö Éµ¦¤¥¸É¢¥´´Ò¥ Î ¸É¨ÍÒ,
Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ ·¥§Ê²ÓÉ ÉÒ Ê¸·¥¤´ÖÕÉ¸Ö ¶µ ¢¸¥³ ¢µ§³µ¦´Ò³ ±µ³¡¨´ -
Í¨Ö³ Î ¸É¨Í. �  ·¨¸Ê´± Ì Ê± § ´Ò Éµ²Ó±µ ¸É É¨¸É¨Î¥¸±¨¥ ¶µ£·¥Ï´µ¸É¨.

‚ ¸²ÊÎ ¥ ·¥ ±Í¨¨ (1) ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ · ¸¶·¥¤¥²¥´¨Ö ¢ · §²¨Î´ÒÌ ¨´-
É¥·¢ ² Ì Ô´¥·£¨° γ-±¢ ´Éµ¢ ¶µ± § ´Ò ´  ·¨¸. 1. ˆ§ ·¨¸Ê´±  ¢¨¤´µ, ÎÉµ ¶·¨
Ô´¥·£¨ÖÌ γ-±¢ ´Éµ¢ ¤µ 25 ŒÔ‚ Ëµ·³  Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ · ¸¶·¥¤¥²¥´¨° ¢
¶·¥¤¥² Ì ¶µ£·¥Ï´µ¸É¥° Ê¤µ¢²¥É¢µ·¨É¥²Ó´µ ¸µ£² ¸Ê¥É¸Ö ¸ Ë §µ¢µ° § ¢¨¸¨³µ-
¸ÉÓÕ. ‘ ·µ¸Éµ³ Ô´¥·£¨¨ γ-±¢ ´Éµ¢ ¢ Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ · ¸¶·¥¤¥²¥´¨ÖÌ
´ Î¨´ ¥É Ëµ·³¨·µ¢ ÉÓ¸Ö ³ ±¸¨³Ê³ ¶·¨ tik = 0,5 ŒÔ‚. �·¨Î¥³ ¶µ²µ¦¥-
´¨¥ ÔÉµ£µ ³ ±¸¨³Ê³  ¸³¥Ð ¥É¸Ö ¢ ¸Éµ·µ´Ê ¡µ²ÓÏ¨Ì Ô´¥·£¨° µÉ´µ¸¨É¥²Ó´µ£µ
¤¢¨¦¥´¨Ö ¸ ·µ¸Éµ³ Ô´¥·£¨¨ γ-±¢ ´Éµ¢. �¤´µ¢·¥³¥´´µ ³µ¦´µ µÉ³¥É¨ÉÓ µ¡· -
§µ¢ ´¨¥ ³ ±¸¨³Ê³  ¶·¨ ´¥¡µ²ÓÏ¨Ì Ô´¥·£¨ÖÌ µÉ´µ¸¨É¥²Ó´µ£µ ¤¢¨¦¥´¨Ö.



�‹œ”�-—�‘’ˆ—��… ”�’���‘™…�‹…�ˆ… ‹…ƒŠˆ• Ÿ„…� 809

�¨¸. 1. �´¥·£¥É¨Î¥¸±¨¥ ±µ··¥²ÖÍ¨¨ ¢ ·¥ ±Í¨¨ γ12C → 3α. ƒ¨¸Éµ£· ³³  Å Ô±¸¶¥·¨-
³¥´É ²Ó´Ò¥ ¤ ´´Ò¥. ‘¶²µÏ´ Ö ±·¨¢ Ö Å Ë §µ¢ Ö § ¢¨¸¨³µ¸ÉÓ [37]

„²Ö Éµ£µ ÎÉµ¡Ò ¨§¡¥¦ ÉÓ ¸¨¸É¥³ É¨Î¥¸±¨Ì ¶µ£·¥Ï´µ¸É¥°, ¸¢Ö§ ´´ÒÌ ¸
Ê¸·¥¤´¥´¨¥³ ¶µ ±µ²¨Î¥¸É¢Ê ±µ³¡¨´ Í¨° ¶ · α-Î ¸É¨Í, α-Î ¸É¨ÍÒ ¡Ò²¨ ¶·µ-
´Ê³¥·µ¢ ´Ò ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ ¨Ì Ô´¥·£¨¥° (E1 > E2 > E3). ‘µµÉ¢¥É¸É¢ÊÕÐ¨¥
· ¸¶·¥¤¥²¥´¨Ö ¶µ Ô´¥·£¨¨ µÉ´µ¸¨É¥²Ó´µ£µ ¤¢¨¦¥´¨Ö ¤²Ö ± ¦¤µ° É ±µ° ¶ ·Ò
α-Î ¸É¨Í ¢ ¸²ÊÎ ¥ ·¥ ±Í¨¨ (1) ¶µ± § ´Ò ´  ·¨¸. 2. Œµ¦´µ µÉ³¥É¨ÉÓ, ÎÉµ
´ Î¨´ Ö ¸ Ô´¥·£¨¨ γ-±¢ ´Éµ¢, · ¢´µ° 25 ŒÔ‚, Ëµ·³¨·µ¢ ´¨¥ ³ ±¸¨³Ê³  ¶·¨
¡µ²ÓÏ¨Ì Ô´¥·£¨ÖÌ µÉ´µ¸¨É¥²Ó´µ£µ ¤¢¨¦¥´¨Ö ¢ ¶·¥¤Ò¤ÊÐ¨Ì · ¸¶·¥¤¥²¥´¨ÖÌ
µ¡Ê¸²µ¢²¥´µ α-Î ¸É¨Í ³¨ ¸ ³ ±¸¨³ ²Ó´µ ¢µ§³µ¦´Ò³¨ Ô´¥·£¨Ö³¨. ‚ Éµ ¦¥
¢·¥³Ö ³ ±¸¨³Ê³ ¶·¨ ´¥¡µ²ÓÏ¨Ì Ô´¥·£¨ÖÌ µÉ´µ¸¨É¥²Ó´µ£µ ¤¢¨¦¥´¨Ö, ±µÉµ-
·Ò° ¶·µÖ¢²Ö¥É¸Ö ¶·¨ Ô´¥·£¨ÖÌ γ-±¢ ´Éµ¢ ¢ÒÏ¥ 30 ŒÔ‚, µ¡Ê¸²µ¢²¥´ ¶ · ³¨
α-Î ¸É¨Í ¸ ³¨´¨³ ²Ó´µ ¢µ§³µ¦´Ò³¨ Ô´¥·£¨Ö³¨.

’ ±µ¥ ¨§³¥´¥´¨¥ ¢ Ì · ±É¥·¥ · ¸¶·¥¤¥²¥´¨° ¸ Ê¢¥²¨Î¥´¨¥³ Ô´¥·£¨¨
γ-±¢ ´Éµ¢ ³µ¦¥É £µ¢µ·¨ÉÓ µ¡ ¨§³¥´¥´¨¨ ³¥Ì ´¨§³  ·¥ ±Í¨¨,   ¨³¥´´µ µ
¢±²ÕÎ¥´¨¨ ³¥Ì ´¨§³  ¶·Ö³µ£µ ¢§ ¨³µ¤¥°¸É¢¨Ö ¸ α-Î ¸É¨Í¥° Ö¤·  12C ¨ µ¡· -
§µ¢ ´¨¨ µ¸É ÉµÎ´µ£µ Ö¤·  8Be ¢ ¢µ§¡Ê¦¤¥´´ÒÌ ¸µ¸ÉµÖ´¨ÖÌ c ¶µ¸²¥¤ÊÕÐ¨³ ¥£µ
· ¸¶ ¤µ³ ´  ´¨§±µÔ´¥·£¥É¨Î´Ò¥ α-Î ¸É¨ÍÒ.

�¥§ ¢¨¸¨³ÊÕ ¨´Ëµ·³ Í¨Õ ³µ¦´µ ¶µ²ÊÎ¨ÉÓ ¨§ · ¸¶·¥¤¥²¥´¨° ¸·¥¤´¥°
±¨´¥É¨Î¥¸±µ° Ô´¥·£¨¨ α-Î ¸É¨Í ¢ ±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨ ·¥ ±Í¨¨ ¢ § ¢¨¸¨³µ¸É¨
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�¨¸. 2. �´¥·£¥É¨Î¥¸±¨¥ ±µ··¥²ÖÍ¨¨ ¢ ·¥ ±Í¨¨ γ12C → 3α ¤²Ö Î ¸É¨Í ¸ Ô´¥·£¨Ö³¨
E1 > E2 > E3

µÉ ¶µ²´µ° ±¨´¥É¨Î¥¸±µ° Ô´¥·£¨¨ (¸³. ·¨¸. 3) [38]. � ¸¶·¥¤¥²¥´¨Ö, É ± ¦¥,
± ± ¨ ¢ ¶·¥¤Ò¤ÊÐ¥³ ¸²ÊÎ ¥, ¸É·µ¨²¨¸Ó ¤²Ö α-Î ¸É¨Í, ¶·µ´Ê³¥·µ¢ ´´ÒÌ ¢
§ ¢¨¸¨³µ¸É¨ µÉ ¨Ì Ô´¥·£¨¨. ” §µ¢Ò¥ ±·¨¢Ò¥ · ¸¸Î¨ÉÒ¢ ²¨¸Ó ´  µ¸´µ¢ ´¨¨
¸²¥¤ÊÕÐ¥£µ µÉ´µÏ¥´¨Ö [23]:

Ē = 0,5E0(A − M)/A, (8)

£¤¥ M Å ³ ¸¸  Î ¸É¨ÍÒ ¢ ±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨ ·¥ ±Í¨¨, A Å ³ ¸¸  Ö¤· 
³¨Ï¥´¨. �µ¤µ¡´Ò° ¢¨¤ · ¸¶·¥¤¥²¥´¨Ö ´¥ § ¢¨¸¨É µÉ Ì · ±É¥·  ´ Î ²Ó´µ£µ
¢§ ¨³µ¤¥°¸É¢¨Ö, ¤µ¶Ê¸± ¥É ¢µ§³µ¦´µ¸ÉÓ µÉ¸ÊÉ¸É¢¨Ö ¢§ ¨³µ¤¥°¸É¢¨Ö Î ¸É¨Í ¢
±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨ ·¥ ±Í¨¨ ¨ µ¶·¥¤¥²Ö¥É¸Ö Éµ²Ó±µ ¸µµÉ¢¥É¸É¢ÊÕÐ¨³ Ë §µ-
¢Ò³ µ¡Ñ¥³µ³.

ˆ§ ·¨¸Ê´±  ¢¨¤´µ, ÎÉµ ¸·¥¤´ÖÖ Ô´¥·£¨Ö α-Î ¸É¨Í ¸ ¨´¤¥±¸µ³ 1 ´¥¸±µ²Ó±µ
¡µ²ÓÏ¥ · ¸Î¥É´µ° § ¢¨¸¨³µ¸É¨, ´µ Ì · ±É¥· Ô±¸¶¥·¨³¥´É ²Ó´µ° § ¢¨¸¨³µ¸É¨
¸·¥¤´¥° Ô´¥·£¨¨ ¶µ¤µ¡¥´ Ì · ±É¥·Ê Ë §µ¢µ° § ¢¨¸¨³µ¸É¨, É. ¥. ¤²Ö ´ ¨¡µ²¥¥
¢Ò¸µ±µÔ´¥·£¥É¨Î´µ° α-Î ¸É¨ÍÒ ´ ¡²Õ¤ ¥É¸Ö ´¥±µÉµ· Ö ¶·µ¶µ·Í¨µ´ ²Ó´µ¸ÉÓ
¶µ²´µ° Ô´¥·£¨¨ ·¥ ±Í¨¨. „²Ö α-Î ¸É¨ÍÒ ¸ ¨´¤¥±¸µ³ 2 ¸·¥¤´ÖÖ Ô´¥·£¨Ö ¶· ±-
É¨Î¥¸±¨ ¶µ¸ÉµÖ´´  ¢¶²µÉÓ ¤µ §´ Î¥´¨Ö ¶µ²´µ° Ô´¥·£¨¨ 14 ŒÔ‚, § É¥³ ¥¥
§´ Î¥´¨¥ ¨ Ô´¥·£¥É¨Î¥¸± Ö § ¢¨¸¨³µ¸ÉÓ ¶· ±É¨Î¥¸±¨ ¸µ¢¶ ¤ ÕÉ ¸ · ¸Î¥É´µ°
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�¨¸. 3. � ¸¶·¥¤¥²¥´¨Ö ¸·¥¤´¥° Ô´¥·£¨¨ α-Î ¸É¨Í ¢ ·¥ ±Í¨¨ γ12C → 3α. �·Ö³ Ö
²¨´¨Ö Å Ë §µ¢ Ö § ¢¨¸¨³µ¸ÉÓ [23]

§ ¢¨¸¨³µ¸ÉÓÕ. ‚ ¸²ÊÎ ¥ α-Î ¸É¨ÍÒ ¸ ¨´¤¥±¸µ³ 3 ¶µ¸ÉµÖ´¸É¢µ ¸·¥¤´¥° Ô´¥·-
£¨¨ ¸µÌ· ´Ö¥É¸Ö ¤µ §´ Î¥´¨Ö ¶µ²´µ° Ô´¥·£¨¨ 20 ŒÔ‚. C ¤ ²Ó´¥°Ï¨³ ·µ¸Éµ³
¶µ²´µ° Ô´¥·£¨¨ ¸·¥¤´ÖÖ Ô´¥·£¨Ö ÔÉµ° Î ¸É¨ÍÒ É ±¦¥ Ê¢¥²¨Î¨¢ ¥É¸Ö, ´µ ¶·¨
ÔÉµ³ ¥¥ Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ §´ Î¥´¨Ö ²¥¦ É § ³¥É´µ ´¨¦¥ · ¸Î¥É´ÒÌ.

�·¨¢¥¤¥´´Ò¥ Ë ±ÉÒ, É ± ¦¥, ± ± ¨ · ¸¶·¥¤¥²¥´¨Ö ¶µ Ô´¥·£¨¨ µÉ´µ¸¨-
É¥²Ó´µ£µ ¤¢¨¦¥´¨Ö, ¶µ¤É¢¥·¦¤ ÕÉ ¢µ§³µ¦´µ¸ÉÓ ³¥Ì ´¨§³  ¶·Ö³µ£µ ¢§ ¨³µ-
¤¥°¸É¢¨Ö γ-±¢ ´É  ¸ α-Î ¸É¨Í¥° Ö¤·  12C ¨ µ¡· §µ¢ ´¨Ö µ¸É ÉµÎ´µ£µ Ö¤·  8Be
¢ ¢µ§¡Ê¦¤¥´´ÒÌ ¸µ¸ÉµÖ´¨ÖÌ.

‚ ¸²ÊÎ ¥ ·¥ ±Í¨¨ (2) · ¸¶·¥¤¥²¥´¨Ö ¶µ Ô´¥·£¨¨ µÉ´µ¸¨É¥²Ó´µ£µ ¤¢¨¦¥-
´¨Ö ¡Ò²¨ ¶µ²ÊÎ¥´Ò ¤²Ö ¤¢ÊÌ ¨´É¥·¢ ²µ¢ Ô´¥·£¨¨ γ-±¢ ´Éµ¢ [39,41,42]. ‘µ-
µÉ¢¥É¸É¢ÊÕÐ¨¥ · ¸¶·¥¤¥²¥´¨Ö, Ê¸·¥¤´¥´´Ò¥ É ±¦¥ ¶µ ±µ²¨Î¥¸É¢Ê ±µ³¡¨´ -
Í¨° ¢ ±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨ ¶ · α-Î ¸É¨Í, ¶µ± § ´Ò ´  ·¨¸. 4. ‚ µÉ²¨Î¨e
µÉ  ´ ²µ£¨Î´ÒÌ ¤ ´´ÒÌ ¤²Ö ·¥ ±Í¨¨ (1) Ëµ·³¨·µ¢ ´¨¥ ³ ±¸¨³Ê³  ¶·¨ ¡µ²Ó-
Ï¨Ì Ô´¥·£¨ÖÌ µÉ´µ¸¨É¥²Ó´µ£µ ¤¢¨¦¥´¨Ö ´ ¡²Õ¤ ¥É¸Ö ¶·¨ Ô´¥·£¨ÖÌ γ-±¢ ´Éµ¢,
¡²¨§±¨Ì ± ¶µ·µ£Ê ·¥ ±Í¨¨. ‘ ·µ¸Éµ³ Ô´¥·£¨¨ γ-±¢ ´Éµ¢ ¶·µ¨¸Ìµ¤¨É Ê¢¥²¨Î¥-
´¨¥ µÉ´µ¸¨É¥²Ó´µ£µ ¢±² ¤  ¸µ¡ÒÉ¨° ·¥ ±Í¨¨ (2) ¶·¨ ¤µ¸É ÉµÎ´µ ¡µ²ÓÏ¨Ì
§´ Î¥´¨ÖÌ Ô´¥·£¨¨ µÉ´µ¸¨É¥²Ó´µ£µ ¤¢¨¦¥´¨Ö. ’ ± Ö § ±µ´µ³¥·´µ¸ÉÓ, ¶µ-
¢¨¤¨³µ³Ê, É ±¦¥ µ¡Ê¸²µ¢²¥´  ³¥Ì ´¨§³µ³ ¶·Ö³µ£µ ¢§ ¨³µ¤¥°¸É¢¨Ö γ-±¢ ´É 
¸ α-Î ¸É¨Í¥° Ö¤·  16O ¨ µ¡· §µ¢ ´¨¥³ µ¸É ÉµÎ´µ£µ Ö¤·  12C ¢ ¢µ§¡Ê¦¤¥´´ÒÌ
¸µ¸ÉµÖ´¨ÖÌ.
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�¨¸. 4. �´¥·£¥É¨Î¥¸±¨¥ ±µ··¥²ÖÍ¨¨ ¢ ·¥ ±Í¨¨ γ16O → 4α. ƒ¨¸Éµ£· ³³  Å Ô±¸¶¥·¨-
³¥´É ²Ó´Ò¥ ¤ ´´Ò¥. ‘¶²µÏ´ Ö ±·¨¢ Ö Å Ë §µ¢ Ö § ¢¨¸¨³µ¸ÉÓ [37]

�¨¸. 5. “£²µ¢Ò¥ ±µ··¥²ÖÍ¨¨ ¢ ·¥ ±Í¨¨ γ12C → 3α. ƒ¨¸Éµ£· ³³  Å Ô±¸¶¥·¨³¥´É ²Ó-
´Ò¥ ¤ ´´Ò¥. ‘¶²µÏ´ Ö ±·¨¢ Ö Å Ë §µ¢ Ö § ¢¨¸¨³µ¸ÉÓ [37]

3.2. � ¸¶·¥¤¥²¥´¨Ö ¶µ Ê£²Ê · §²¥É . „µ¶µ²´¨É¥²Ó´ÊÕ ¨´Ëµ·³ Í¨Õ µ ³¥-
Ì ´¨§³ Ì ¨¸¸²¥¤Ê¥³ÒÌ ·¥ ±Í¨° ³µ¦´µ ¶µ²ÊÎ¨ÉÓ ¨§ · ¸¶·¥¤¥²¥´¨° ¶µ Ê£²Ê
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�¨¸. 6. “£²µ¢Ò¥ ±µ··¥²ÖÍ¨¨ ¢ ·¥ ±Í¨¨ γ12C → 3α ¤²Ö Î ¸É¨Í ¸ Ô´¥·£¨Ö³¨
E1 > E2 > E3 ¢ ¨´É¥·¢ ²¥ Ô´¥·£¨° γ-±¢ ´Éµ¢ Ej = 7 ÷ 50 ŒÔ‚
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· §²¥É  ¶ · ±µ´¥Î´ÒÌ α-Î ¸É¨Í. ‚ ¸²ÊÎ ¥ ·¥ ±Í¨¨ (1) ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ · ¸-
¶·¥¤¥²¥´¨Ö ¢ É¥Ì ¦¥ ¨´É¥·¢ ² Ì Ô´¥·£¨° γ-±¢ ´Éµ¢, ÎÉµ ¨ · ¸¶·¥¤¥²¥´¨Ö ¶µ
Ô´¥·£¨¨ µÉ´µ¸¨É¥²Ó´µ£µ ¤¢¨¦¥´¨Ö, ¶µ± § ´Ò ´  ·¨¸. 5 [38]. ” §µ¢Ò¥ · ¸¶·¥-
¤¥²¥´¨Ö ¤²Ö ÔÉµ£µ ¸²ÊÎ Ö ¸É·µ¨²¨¸Ó ´  µ¸´µ¢ ´¨¨ ¸²¥¤ÊÕÐ¥£µ ¸µµÉ´µÏ¥´¨Ö
[37]:

dN

d cos Yik
=

a2

1−az2

(
1 + 2az2

(a(1 − az2))1/2

(
π

2
−arctg (z)

(
a

1 − az2

)1/2
)

− 3Z

)
,

(9)

£¤¥ Z = cos Yik , Yik Å Ê£µ² ³¥¦¤Ê i-° ¨ k-° Î ¸É¨Í ³¨, Mi, Mk Å ³ ¸¸Ò
i-° ¨ k-° Î ¸É¨Í, a = MiMk/(Mi + Mj)(Mk + Mj), Mj Å ¸Ê³³ ·´ Ö ³ ¸¸ 
µ¸É ²Ó´ÒÌ Î ¸É¨Í.

‚ Í¥²µ³ ³µ¦´µ µÉ³¥É¨ÉÓ Ê¤µ¢²¥É¢µ·¨É¥²Ó´µ¥ ¸µ£² ¸¨¥ Ô±¸¶¥·¨³¥´É ²Ó-
´ÒÌ · ¸¶·¥¤¥²¥´¨° ¸ · ¸Î¥É´Ò³¨, §  ¨¸±²ÕÎ¥´¨¥³ ¸µ¡ÒÉ¨° ¸ ´¥¡µ²ÓÏ¨³
Ê£²µ³ · §²¥É  ³¥¦¤Ê ¨³¶Ê²Ó¸ ³¨ α-Î ¸É¨Í, ¢±² ¤ ±µÉµ·ÒÌ ¢µ§· ¸É ¥É ¸ Ê¢¥-
²¨Î¥´¨¥³ Ô´¥·£¨¨ γ-±¢ ´Éµ¢.

„²Ö ¤¥É ²¨§ Í¨¨ ³¥Ì ´¨§³µ¢ ·¥ ±Í¨¨  ´ ²µ£¨Î´Ò¥ · ¸¶·¥¤¥²¥´¨Ö ¡Ò²¨
¶µ¸É·µ¥´Ò ¤²Ö α-Î ¸É¨Í ¸ · §²¨Î´µ° Ô´¥·£¨¥°. �±¸¶¥·¨³¥´É ²Ó´Ò¥ ¤ ´´Ò¥
¶µ± § ´Ò ´  ·¨¸. 6. ˆ§ ·¨¸Ê´±a ¢¨¤´µ, ÎÉµ µ¸´µ¢´µ° ¢±² ¤ ¢ ±µ²¨Î¥¸É¢µ
¸µ¡ÒÉ¨° ¸ ³ ²Ò³ Ê£²µ³ · §²¥É  ¤ ÕÉ α-Î ¸É¨ÍÒ ¸ ³¨´¨³ ²Ó´µ ¢µ§³µ¦´Ò³¨
Ô´¥·£¨Ö³¨. �·¨Î¥³ ¸ ·µ¸Éµ³ Ô´¥·£¨¨ γ-±¢ ´Éµ¢ ¢±² ¤ É ±¨Ì ¸µ¡ÒÉ¨° Ê¢¥²¨Î¨-
¢ ¥É¸Ö, ÎÉµ, ¶µ-¢¨¤¨³µ³Ê, Ö¢²Ö¥É¸Ö ¸²¥¤¸É¢¨¥³ µ¡· §µ¢ ´¨Ö ¶·µ³¥¦ÊÉµÎ´µ£µ
Ö¤·  8Be ¸ ¤µ¸É ÉµÎ´µ ¡µ²ÓÏ¨³¨ Ô´¥·£¨Ö³¨ ¢µ§¡Ê¦¤¥´¨Ö.

�´ ²µ£¨Î´Ò°  ´ ²¨§ ¡Ò² ¶·µ¢¥¤¥´ ¨ ¤²Ö ·¥ ±Í¨¨ (2), ¶µ²ÊÎ¥´´Ò¥ Ô±¸-
¶¥·¨³¥´É ²Ó´Ò¥ ¤ ´´Ò¥ ¶µ± § ´Ò ´  ·¨¸. 7 [41,42]. ‚ ¸²ÊÎ ¥ ÔÉµ° ·¥ ±Í¨¨

�¨¸. 7. “£²µ¢Ò¥ ±µ··¥²ÖÍ¨¨ ¢ ·¥ ±Í¨¨ γ16O → 4α. ƒ¨¸Éµ£· ³³  Å Ô±¸¶¥·¨³¥´É ²Ó-
´Ò¥ ¤ ´´Ò¥. ‘¶²µÏ´ Ö ±·¨¢ Ö Å Ë §µ¢ Ö § ¢¨¸¨³µ¸ÉÓ [37]
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É ±¦¥ ³µ¦´µ µÉ³¥É¨ÉÓ Ê¢¥²¨Î¥´¨¥ µÉ´µ¸¨É¥²Ó´µ£µ ¢±² ¤  ¸µ¡ÒÉ¨° ¸ ´¥¡µ²Ó-
Ï¨³ Ê£²µ³ · §²¥É  ¶µ ³¥·¥ ·µ¸É  Ô´¥·£¨¨ γ-±¢ ´Éµ¢, É. ¥. É ±¦¥ ¢µ§³µ¦´µ
µ¡· §µ¢ ´¨¥ ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  8Be ¢ ¢µ§¡Ê¦¤¥´´ÒÌ ¸µ¸ÉµÖ´¨ÖÌ.

’ ±¨³ µ¡· §µ³, ¶·µ¢¥¤¥´´Ò¥ ¨¸¸²¥¤µ¢ ´¨Ö · ¸¶·¥¤¥²¥´¨° ¶µ Ô´¥·£¨¨ µÉ-
´µ¸¨É¥²Ó´µ£µ ¤¢¨¦¥´¨Ö ¶ · α-Î ¸É¨Í ¢ ±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨ ·¥ ±Í¨° (1) ¨
(2), · ¸¶·¥¤¥²¥´¨° ¸·¥¤´¥° Ô´¥·£¨¨ α-Î ¸É¨Í ¤²Ö ·¥ ±Í¨¨ (1) ¨ · ¸¶·¥¤¥²¥-
´¨° ¶µ Ê£²Ê · §²¥É  ³¥¦¤Ê ¨³¶Ê²Ó¸ ³¨ α-Î ¸É¨Í Ê± §Ò¢ ÕÉ ´  ¢µ§³µ¦´µ¸ÉÓ
µ¡· §µ¢ ´¨Ö ¶·µ³¥¦ÊÉµÎ´ÒÌ Ö¤¥· ¢ ¢µ§¡Ê¦¤¥´´ÒÌ ¸µ¸ÉµÖ´¨ÖÌ. ‚ ¸¢Ö§¨ ¸
ÔÉ¨³ ¶·¥¤¸É ¢²Ö¥É ¨´É¥·¥¸ ¶·µ¢¥¤¥´¨e ¨¸¸²¥¤µ¢ ´¨° · ¸¶·¥¤¥²¥´¨° ¶µ Ô´¥·-
£¨¨ ¢µ§¡Ê¦¤¥´¨Ö ¢µ§³µ¦´ÒÌ ¶·µ³¥¦ÊÉµÎ´ÒÌ Ö¤¥· ¢ µ¡¥¨Ì ·¥ ±Í¨ÖÌ.

3.3. � ¸¶·¥¤¥²¥´¨Ö ¶µ Ô´¥·£¨¨ ¢µ§¡Ê¦¤¥´¨Ö ¶·µ³¥¦ÊÉµÎ´ÒÌ Ö¤¥·.
„²Ö ¶·µ¢¥·±¨ ¸¤¥² ´´ÒÌ · ´¥¥ ¶·¥¤¶µ²µ¦¥´¨° µ ¢µ§³µ¦´µ¸É¨ µ¡· §µ¢ ´¨Ö
¢ ·¥ ±Í¨ÖÌ (1) ¨ (2) ¶·µ³¥¦ÊÉµÎ´ÒÌ Ö¤¥· ¢ ¢µ§¡Ê¦¤¥´´ÒÌ ¸µ¸ÉµÖ´¨ÖÌ ¡Ò²¨
¶µ¸É·µ¥´Ò ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ · ¸¶·¥¤¥²¥´¨Ö ¶µ Ô´¥·£¨¨ ¢µ§¡Ê¦¤¥´¨Ö

Ex = Meff − M0, (10)

£¤¥ Meff = (
∑

E2
i −

∑
P 2

i )1/2 Å ÔËË¥±É¨¢´ Ö ³ ¸¸  ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤· ;
Ei ¨ Pi Å Ô´¥·£¨¨ ¨ ¨³¶Ê²Ó¸Ò α-Î ¸É¨Í; M0 Å ³ ¸¸  ¶µ±µÖ Ö¤· . ” §µ¢Ò¥

�¨¸. 8. � ¸¶·¥¤¥²¥´¨Ö ¶µ Ô´¥·£¨¨ ¢µ§¡Ê¦¤¥´¨Ö ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  8Be ¢ ·¥ ±Í¨¨
γ12C → 3α. ‘¶²µÏ´ Ö ±·¨¢ Ö Å Ë §µ¢ Ö § ¢¨¸¨³µ¸ÉÓ [31]
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· ¸¶·¥¤¥²¥´¨Ö, ¶·¥¤¸É ¢²¥´´Ò¥ ´  ·¨¸Ê´± Ì ¸¶²µÏ´Ò³¨ ²¨´¨Ö³¨, ¢ÒÎ¨¸²Ö-
²¨¸Ó ¶µ ¸²¥¤ÊÕÐ¥° Ëµ·³Ê²¥ [31]:

dN

dEx
∼ (Ex − Emin

x )3k/2−5/2(Emax
x − Ex)3(n−k)/2−1, (11)

£¤¥ n Å Î¨¸²µ Î ¸É¨Í ¢ ±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨ ·¥ ±Í¨¨, k Å Î¨¸²µ Î ¸É¨Í,
¶µ ±µÉµ·Ò³ ¸É·µ¨²¨¸Ó · ¸¶·¥¤¥²¥´¨Ö, Emin

x , Emax
x Å ³¨´¨³ ²Ó´Ò¥ ¨ ³ ±-

¸¨³ ²Ó´Ò¥ §´ Î¥´¨Ö Ô´¥·£¨¨ ¢µ§¡Ê¦¤¥´¨Ö, µ¶·¥¤¥²Ö¥³Ò¥ ¸µµÉ¢¥É¸É¢ÊÕÐ¨³¨
Ë §µ¢Ò³¨ µ¡Ñ¥³ ³¨. � ¸Î¥É´Ò¥ · ¸¶·¥¤¥²¥´¨Ö, É ± ¦¥, ± ± ¨ ¢ ¶·¥¤Ò¤ÊÐ¨Ì
¸²ÊÎ ÖÌ, ¸É·µ¨²¨¸Ó ¸ ÊÎ¥Éµ³ Ô´¥·£¥É¨Î¥¸±µ° § ¢¨¸¨³µ¸É¨ ¶µ²´ÒÌ ¸¥Î¥´¨°
·¥ ±Í¨° ¨ ´µ·³¨·µ¢ ²¨¸Ó ´  ¶²µÐ ¤Ó Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ · ¸¶·¥¤¥²¥´¨°.

�±¸¶¥·¨³¥´É ²Ó´Ò¥ ¤ ´´Ò¥ ¤²Ö ·¥ ±Í¨¨ (1), Ê¸·¥¤´¥´´Ò¥ ¶µ ¢µ§³µ¦´Ò³
±µ³¡¨´ Í¨Ö³ ¶ · α-Î ¸É¨Í ¢ ±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨, ¢ ¸· ¢´¥´¨¨ ¸ Ë §µ¢µ°
§ ¢¨¸¨³µ¸ÉÓÕ ¶µ± § ´Ò ´  ·¨¸. 8 [38]. ˆ§ ·¨¸Ê´±  ¢¨¤´µ, ÎÉµ ¶·¨ Ô´¥·-
£¨¨ γ-±¢ ´Éµ¢ ¤µ 25 ŒÔ‚ ´ ¡²Õ¤ ¥É¸Ö Ê¤µ¢²¥É¢µ·¨É¥²Ó´µ¥ ¸µ£² ¸¨¥ ³¥¦¤Ê
Ô±¸¶¥·¨³¥´É ²Ó´µ° ¨ · ¸Î¥É´µ° § ¢¨¸¨³µ¸ÉÖ³¨. C ·µ¸Éµ³ Ô´¥·£¨¨ γ-±¢ ´Éµ¢
¸É ´µ¢¨É¸Ö § ³¥É´µ° · §´¨Í  ³¥¦¤Ê ÔÉ¨³¨ § ¢¨¸¨³µ¸ÉÖ³¨, ±µÉµ· Ö ¸¢¨¤¥-
É¥²Ó¸É¢Ê¥É µ ¢µ§³µ¦´µ¸É¨ µ¡· §µ¢ ´¨Ö ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  8Be ¶·¨ · §´ÒÌ
Ô´¥·£¨ÖÌ ¢µ§¡Ê¦¤¥´¨Ö.

’ ±¨¥ ¦¥ · ¸¶·¥¤¥²¥´¨Ö ¡Ò²¨ ¶µ¸É·µ¥´Ò ¤²Ö α-Î ¸É¨Í ¸ ³¨´¨³ ²Ó´µ
¢µ§³µ¦´Ò³¨ Ô´¥·£¨Ö³¨ (·¨¸. 9). ‚ ÔÉ¨Ì · ¸¶·¥¤¥²¥´¨ÖÌ ´ ¡²Õ¤ ÕÉ¸Ö ¸É -
É¨¸É¨Î¥¸±¨ ¤µ¸É ÉµÎ´µ µ¡µ¸´µ¢ ´´Ò¥ ³ ±¸¨³Ê³Ò, ±µÉµ·Ò¥ ¶·µÖ¢²Ö²¨¸Ó ¨ ¢
¶·¥¤Ò¤ÊÐ¥³ ¸²ÊÎ ¥,   ¨³¥´´µ ¶·¨ Ô´¥·£¨ÖÌ ¢µ§¡Ê¦¤¥´¨Ö ¢ · °µ´¥ 3, 11 ¨
17 ŒÔ‚. ‚ ´ ¸ÉµÖÐ¥¥ ¢·¥³Ö ¨§ ¤·Ê£¨Ì · ¡µÉ ¨§¢¥¸É´µ, ÎÉµ Ö¤·µ 8Be ³µ-
¦¥É ´ Ìµ¤¨ÉÓ¸Ö ¢ ¢µ§¡Ê¦¤¥´´ÒÌ ¸µ¸ÉµÖ´¨ÖÌ ¸ Ô´¥·£¨Ö³¨ 3,04, 11,4, 16,6 ¨
16,9 ŒÔ‚ ¨, ¸µµÉ¢¥É¸É¢¥´´µ, ¸ ¶µ²ÊÏ¨·¨´ ³¨ ÔÉ¨Ì ¸µ¸ÉµÖ´¨° 1500, 3500,
0,5 ¨ 0,4 ±Ô‚. �µ²´Ò¥ ³µ³¥´ÉÒ ¨ Î¥É´µ¸É¨ ¤ ´´ÒÌ ¸µ¸ÉµÖ´¨° ¸µ¸É ¢²ÖÕÉ
Jπ = 2+, 4+ ¨ 2+ ¸µµÉ¢¥É¸É¢¥´´µ [43]. �¥µ¡Ìµ¤¨³µ µÉ³¥É¨ÉÓ, ÎÉµ ¢µ§³µ¦-
´µ¸ÉÓ µ¡· §µ¢ ´¨Ö ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  8Be ¸ Jπ = 4+ µ¡¸Ê¦¤ ² ¸Ó ¢ [7,8].

�´ ²µ£¨Î´Ò¥ ¤ ´´Ò¥ ¤²Ö ·¥ ±Í¨¨ (2) ¶µ± § ´Ò ´  ·¨¸. 10, 11 [40,42].
�·¨ Ô´¥·£¨ÖÌ γ-±¢ ´Éµ¢ ¤µ 28 ŒÔ‚ Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ ¤ ´´Ò¥ ¤²Ö ¶·µ³¥-
¦ÊÉµÎ´ÒÌ Ö¤¥· 8Be ¨ 12C Ê¤µ¢²¥É¢µ·¨É¥²Ó´µ µ¶¨¸Ò¢ ÕÉ¸Ö Ë §µ¢µ° § ¢¨¸¨-
³µ¸ÉÓÕ. ‘ ·µ¸Éµ³ Ô´¥·£¨¨ γ-±¢ ´Éµ¢ ¢ Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ · ¸¶·¥¤¥²¥´¨ÖÌ
¶·µÖ¢²ÖÕÉ¸Ö µÉÎ¥É²¨¢Ò¥ ³ ±¸¨³Ê³Ò, ±µÉµ·Ò¥ ´¥ ´ Ìµ¤ÖÉ ¸¢µ¥£µ µ¡ÑÖ¸´¥´¨Ö
¢ ¶·¥¤¶µ²µ¦¥´¨¨ ³¥Ì ´¨§³  ¸É É¨¸É¨Î¥¸±µ£µ · ¸¶ ¤  Ö¤·  16O. �¥µ¡Ìµ-
¤¨³µ µÉ³¥É¨ÉÓ, ÎÉµ ¶µ²µ¦¥´¨¥ ³ ±¸¨³Ê³  ¤²Ö ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  8Be,
µ¡´ ·Ê¦¥´´µ£µ ¢ ´ ¸ÉµÖÐ¥³ Ô±¸¶¥·¨³¥´É¥, ¡²¨§±µ ± ¶µ²µ¦¥´¨Õ ³ ±¸¨³Ê³ ,
§ ·¥£¨¸É·¨·µ¢ ´´µ£µ ¢ ¤·Ê£¨Ì · ¡µÉ Ì, ¸ Ô´¥·£¨¥° ¢µ§¡Ê¦¤¥´¨Ö 3,04 ŒÔ‚,
¶µ²ÊÏ¨·¨´µ° 1,5 ŒÔ‚, ¶µ²´Ò³ ³µ³¥´Éµ³ ¨ Î¥É´µ¸ÉÓÕ Jπ = 2+ [43].

‚ ¸²ÊÎ ¥ ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  12C ¤²Ö ÔÉµ° ·¥ ±Í¨¨ ¶µ²µ¦¥´¨¥ ³ ±¸¨-
³Ê³  · ¸¶·¥¤¥²¥´¨Ö ¢ · °µ´¥ 14Ä16 ŒÔ‚ Ê¤µ¢²¥É¢µ·¨É¥²Ó´µ ¸µ£² ¸Ê¥É¸Ö ¸
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�¨¸. 9. � ¸¶·¥¤¥²¥´¨Ö ¶µ Ô´¥·£¨¨ ¢µ§¡Ê¦¤¥´¨Ö ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  8Be ¢ ·¥ ±Í¨¨
γ12C → 3α ¤²Ö Î ¸É¨Í ¸ Ô´¥·£¨Ö³¨ E1 > E2 > E3

¨§¢¥¸É´Ò³¨ ³ ±¸¨³Ê³µ³ ¶·¨ Ô´¥·£¨¨ ¢µ§¡Ê¦¤¥´¨Ö 15,44 ŒÔ‚, ¶µ²ÊÏ¨·¨´µ°
1,5 ŒÔ‚, ¶µ²´Ò³ ³µ³¥´Éµ³ ¨ Î¥É´µ¸ÉÓÕ Jπ = 2+ [43].
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�¨¸. 10. � ¸¶·¥¤¥²¥´¨Ö ¶µ Ô´¥·£¨¨ ¢µ§¡Ê¦¤¥´¨Ö ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  8Be ¢ ·¥ ±Í¨¨
γ16O → 4α. ‘¶²µÏ´ Ö ±·¨¢ Ö Å Ë §µ¢ Ö § ¢¨¸¨³µ¸ÉÓ [31]

�¨¸. 11. � ¸¶·¥¤¥²¥´¨Ö ¶µ Ô´¥·£¨¨ ¢µ§¡Ê¦¤¥´¨Ö ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  12C ¢ ·¥ ±Í¨¨
γ16O → 4α. ‘¶²µÏ´ Ö ±·¨¢ Ö Å Ë §µ¢ Ö § ¢¨¸¨³µ¸ÉÓ [31]

’ ±¨³ µ¡· §µ³, ³µ¦´µ µÉ³¥É¨ÉÓ, ÎÉµ ¨¸¸²¥¤Ê¥³Ò¥ ·¥ ±Í¨¨ (1) ¨ (2)
Ë ±É¨Î¥¸±¨ Ö¢²ÖÕÉ¸Ö ¤¢ÊÌÎ ¸É¨Î´Ò³¨, É. ¥. µ´¨ ¶·µÉ¥± ÕÉ ¶µ ¸²¥¤ÊÕÐ¨³
¸Ì¥³ ³:

γ +12 C → α+8Be∗

→ 2α,
(12)
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γ +16 C → α+12C∗

→ α + 8Be
∗

→ 2α.

(13)

�·¨ Ô´¥·£¨ÖÌ γ-±¢ ´Éµ¢, ¡²¨§±¨Ì ± ¶µ·µ£ ³ ·¥ ±Í¨°, Ô±¸¶¥·¨³¥´É ²Ó-
´Ò¥ ·¥§Ê²ÓÉ ÉÒ ´¥ ¶·µÉ¨¢µ·¥Î É ¢µ§³µ¦´µ¸É¨ ·¥ ²¨§ Í¨¨ ¸É É¨¸É¨Î¥¸±µ£µ
³¥Ì ´¨§³  ¢§ ¨³µ¤¥°¸É¢¨Ö γ-±¢ ´Éµ¢ ¸ Ö¤· ³¨ 12C ¨ 16O.

‚ ¶·¨´Í¨¶¥, ¢ ¸²ÊÎ ¥ ·¥ ±Í¨¨ (2) ¢µ§³µ¦´Ò ¤¢ÊÌÎ ¸É¨Î´Ò¥ ± ´ ²Ò ¸
µ¡· §µ¢ ´¨¥³ Ö¤¥· 8Be ¢ · §²¨Î´ÒÌ ¸µ¸ÉµÖ´¨ÖÌ. …¸²¨ ·¥ ²¨§ÊÕÉ¸Ö ÔÉ¨ ± -
´ ²Ò, Éµ ¢ · ¸¶·¥¤¥²¥´¨ÖÌ ¶µ Ô´¥·£¨¨ ¢µ§¡Ê¦¤¥´¨Ö ¶·µ³¥¦ÊÉµÎ´ÒÌ Ö¤¥·
¤µ²¦´  ¡Ò²  ¡Ò ´ ¡²Õ¤ ÉÓ¸Ö ¸²¥¤ÊÕÐ Ö ±µ··¥²ÖÍ¨Ö: ¶·¨ ¶µ¸ÉµÖ´´µ° Ô´¥·-
£¨¨ γ-±¢ ´Éµ¢ ´ ¡²Õ¤ ²µ¸Ó ¡Ò ¸µ¢¶ ¤¥´¨¥ Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ · ¸¶·¥¤¥²¥-
´¨° ¸ Ë §µ¢Ò³¨ ¤²Ö ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  12C, É.±. Ëµ·³  Ô±¸¶¥·¨³¥´É ²Ó-
´ÒÌ · ¸¶·¥¤¥²¥´¨° ¡Ò²  ¡Ò µ¡Ê¸²µ¢²¥´  Éµ²Ó±µ ±¨´¥³ É¨Î¥¸±¨³ Ëµ´µ³, ¨
µ¤´µ¢·¥³¥´´µ ¶·µÖ¢²Ö²¨¸Ó ¡Ò ³ ±¸¨³Ê³Ò ¢ · ¸¶·¥¤¥²¥´¨ÖÌ ¶µ Ô´¥·£¨¨ ¢µ§-
¡Ê¦¤¥´¨Ö ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  8Be.

3.4. “£²µ¢Ò¥ · ¸¶·¥¤¥²¥´¨Ö α-Î ¸É¨Í. �  ·¨¸. 12 ¨ 13 ¶µ± § ´Ò Ê£²µ¢Ò¥
· ¸¶·¥¤¥²¥´¨Ö α-Î ¸É¨Í ¨§ ·¥ ±Í¨° (1) ¨ (2) ¢ c.Í.¨. ¤²Ö · §²¨Î´ÒÌ ¨´É¥·¢ -
²µ¢ Ô´¥·£¨¨ γ-±¢ ´Éµ¢. ‚ ¸¢Ö§¨ ¸ É¥³, ÎÉµ ¢ ±µ´¥Î´µ³ ¸µ¸ÉµÖ´¨¨ ÔÉ¨Ì ·¥ ±Í¨°
µ¡· §ÊÕÉ¸Ö Éµ¦¤¥¸É¢¥´´Ò¥ Î ¸É¨ÍÒ, ¶·¨ ¶µ¸É·µ¥´¨¨ Ê£²µ¢ÒÌ · ¸¶·¥¤¥²¥´¨°
µ´¨ ¡Ò²¨ ¶·µ´Ê³¥·µ¢ ´Ò É ± ¦¥, ± ± ¨ ¢ ¶·¥¤Ò¤ÊÐ¨Ì ¸²ÊÎ ÖÌ, ¢ ¶µ·Ö¤±¥
Ê¡Ò¢ ´¨Ö ¨Ì Ô´¥·£¨¨.

Œµ¦´µ µÉ³¥É¨ÉÓ, ÎÉµ ¢ ¸²ÊÎ ¥ ·¥ ±Í¨¨ (1) Ê£²µ¢Ò¥ · ¸¶·¥¤¥²¥´¨Ö
α-Î ¸É¨Í ¸ ³ ±¸¨³ ²Ó´µ ¢µ§³µ¦´Ò³¨ Ô´¥·£¨Ö³¨ µ¡² ¤ ÕÉ ¸ÊÐ¥¸É¢¥´´µ° ¨§µ-
É·µ¶´µ° ¸µ¸É ¢²ÖÕÐ¥° ¨ ´¥¡µ²ÓÏ¨³ ³ ±¸¨³Ê³µ³ ¶·¨ Ê£² Ì ∼ 90◦, ±µÉµ·Ò°
¸³¥Ð ¥É¸Ö ¢ ¸Éµ·µ´Ê ¶¥·¥¤´¨Ì Ê£²µ¢ ¢Ò²¥É  ¸ ·µ¸Éµ³ Ô´¥·£¨¨ γ-±¢ ´Éµ¢. �´ -
²µ£¨Î´ Ö ¸¨ÉÊ Í¨Ö ´ ¡²Õ¤ ¥É¸Ö ¨ ¤²Ö ·¥ ±Í¨¨ (2). “£²µ¢Ò¥ · ¸¶·¥¤¥²¥´¨Ö
α-Î ¸É¨Í ¸ ³¨´¨³ ²Ó´µ ¢µ§³µ¦´Ò³¨ Ô´¥·£¨Ö³¨ ¶· ±É¨Î¥¸±¨ ¨§µÉ·µ¶´Ò, ÎÉµ
³µ¦¥É Ö¢²ÖÉÓ¸Ö ¸²¥¤¸É¢¨¥³ · ¸¶ ¤  ¶·µ³¥¦ÊÉµÎ´ÒÌ Ö¤¥· 8Be ¨ 12C.

�¤´ ±µ ¶·¨ ¶·µ¢¥¤¥´¨¨  ´ ²¨§  ¶µ¤µ¡´ÒÌ · ¸¶·¥¤¥²¥´¨° ¢µ§´¨± ÕÉ µ¶·¥-
¤¥²¥´´Ò¥ É·Ê¤´µ¸É¨, ¸¢Ö§ ´´Ò¥ ¸ Éµ¦¤¥¸É¢¥´´µ¸ÉÓÕ Î ¸É¨Í ¢ ±µ´¥Î´µ³ ¸µ¸Éµ-
Ö´¨¨ ·¥ ±Í¨°. ’ ±, ¶·¨ µ¡· §µ¢ ´¨¨ ¶·µ³¥¦ÊÉµÎ´µ£µ Ö¤·  8Be ¢ ¨§¢¥¸É´ÒÌ
¸µ¸ÉµÖ´¨ÖÌ ¸ Ô´¥·£¨¥° ¢µ§¡Ê¦¤¥´¨Ö 3,04 ŒÔ‚ ¨ Jπ = 2+ ¨²¨ 11,4 ŒÔ‚ ¨
Jπ = 4+ ¢µ§³µ¦´  Éa± Ö ¸¨ÉÊ Í¨Ö, ±µ£¤  Ô´¥·£¨Ö ¢Ò²¥É¥¢Ï¥° α-Î ¸É¨ÍÒ ³µ-
¦¥É µ± § ÉÓ¸Ö ³¥´ÓÏ¥ ¨²¨ ¸· ¢´¨³µ° ¸ Ô´¥·£¨Ö³¨ · ¸¶ ¤´ÒÌ α-Î ¸É¨Í. ‚
¸²ÊÎ ¥ ·¥ ±Í¨¨ (2) É ±¦¥ ³µ¦¥É ·¥ ²¨§µ¢ ÉÓ¸Ö ¶µ¤µ¡´ Ö ¸¨ÉÊ Í¨Ö.

’¥³ ´¥ ³¥´¥¥ ¨´É¥·¥¸´µ ¶·µ¢¥¸É¨ ³µ¤¥²Ó´µ-´¥§ ¢¨¸¨³Ò° ³Ê²ÓÉ¨¶µ²Ó´Ò°
 ´ ²¨§ Ê£²µ¢ÒÌ · ¸¶·¥¤¥²¥´¨° α-Î ¸É¨Í ¢ ¶·¥¤¶µ²µ¦¥´¨¨, ÎÉµ ´ ¨¡µ²¥¥ ¢Ò-
¸µ±µÔ´¥·£¥É¨Î´ Ö α-Î ¸É¨Í  ¶µÖ¢²Ö¥É¸Ö ¢¸²¥¤¸É¢¨¥ ³¥Ì ´¨§³  ¶·Ö³µ£µ ¢§ -
¨³µ¤¥°¸É¢¨Ö ¸ α-±² ¸É¥·µ³ Ö¤· , ¶µ¸±µ²Ó±Ê ÉµÉ ¦¥  ´ ²¨§ · ¸¶·¥¤¥²¥´¨°
¸·¥¤´¥° ±¨´¥É¨Î¥¸±µ° Ô´¥·£¨¨ α-Î ¸É¨Í ¢ ¸²ÊÎ ¥ ·¥ ±Í¨¨ (1) ¶µ± § ² ¶·¥-
¨³ÊÐ¥¸É¢¥´´µ¸ÉÓ É ±µ£µ ³¥Ì ´¨§³  ¢§ ¨³µ¤¥°¸É¢¨Ö [38].
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�¨¸. 12. “£²µ¢Ò¥ · ¸¶·¥¤¥²¥´¨Ö ¢ ·¥ ±Í¨¨ γ12C → 3α. ‘¶²µÏ´ Ö ±·¨¢ Ö Å ·¥§Ê²Ó-
É ÉÒ ¶µ¤£µ´±¨ ¸ ¶µ³µÐÓÕ ¸µµÉ´µÏ¥´¨Ö (14)
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�¨¸. 13. “£²µ¢Ò¥ · ¸¶·¥¤¥²¥´¨Ö ¢ ·¥ ±Í¨¨ γ16O → 4α. ‘¶²µÏ´ Ö ±·¨¢ Ö Å ·¥§Ê²Ó-
É ÉÒ ¶µ¤£µ´±¨ ¸ ¶µ³µÐÓÕ ¸µµÉ´µÏ¥´¨Ö (14)

“£²µ¢Ò¥ · ¸¶·¥¤¥²¥´¨Ö α-Î ¸É¨Í ¶µ¤£µ´Ö²¨¸Ó ¶µ ³¥Éµ¤Ê ´ ¨³¥´ÓÏ¨Ì ±¢ -
¤· Éµ¢ ¸ ¶µ³µÐÓÕ ¢Ò· ¦¥´¨Ö

dσ

dΩ
=

2∑
n=0

Cn cosn θ. (14)

�¥§Ê²ÓÉ ÉÒ ¶µ¤£µ´±¨ ¶µ± § ´Ò ´  ¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì ·¨¸Ê´± Ì ¸¶²µÏ´Ò³¨
²¨´¨Ö³¨. �  ·¨¸. 14 ¨ 15 ¶µ± § ´  § ¢¨¸¨³µ¸ÉÓ Cn0 = Cn/C0 µÉ Ô´¥·£¨¨
γ-±¢ ´Éµ¢. ‚ ¸²ÊÎ ¥ ·¥ ²¨§ Í¨¨ ± ´ ²  ·¥ ±Í¨¨ (1) ¸ µ¡· §µ¢ ´¨¥³ µ¸É ÉµÎ-
´µ£µ Ö¤·  8Be ¢ µ¸´µ¢´µ³ ¸µ¸ÉµÖ´¨¨ ¸ Jπ = 0+ Cn0 ³µ¦´µ ¢Ò· §¨ÉÓ Î¥·¥§
±µÔËË¨Í¨¥´ÉÒ ¶·¨ ¶µ²¨´µ³ Ì ‹¥¦ ´¤·  ¸ ÊÎ¥Éµ³ µ£· ´¨Î¥´¨Ö ¶µ²´Ò³ ³µ-
³¥´Éµ³ ± ´ ²  J < 2,   É ±¦¥ E1-¶¥·¥Ìµ¤ ³¨ ¨ ¨Ì ¨´É¥·Ë¥·¥´Í¨¥° ¸ E2- ¨
M1-¶¥·¥Ìµ¤ ³¨ [44]:

C10 =
10,4 Re (|E1

10| · |E2
20|)

4,5|E1
10|2 + 3,2|E2

20|2
, (15)

C20 =
−4,5|E1

10|2
4,5|E1

10|2 + 3,2|E2
20|2

. (16)

�±¸¶¥·¨³¥´É ²Ó´Ò¥ §´ Î¥´¨Ö C10 ¤²Ö ¢Ò¸µ±µÔ´¥·£¥É¨Î´ÒÌ α-Î ¸É¨Í µÉ-
·¨Í É¥²Ó´Ò ¶· ±É¨Î¥¸±¨ ¢µ ¢¸¥³ ¨´É¥·¢ ²¥ Ô´¥·£¨° γ-±¢ ´Éµ¢, ÎÉµ ¸µµÉ¢¥É-
¸É¢Ê¥É ¸µµÉ´µÏ¥´¨Õ (15), ¥¸²¨ Ë §µ¢Ò° ³´µ¦¨É¥²Ó ¨´É¥·Ë¥·¥´Í¨¨  ³¶²¨ÉÊ¤
E1

10 ¨ E2
20 µÉ·¨Í É¥²¥´. “Î¨ÉÒ¢ Ö ¶·¥¨³ÊÐ¥¸É¢¥´´µ¸ÉÓ Ô²¥±É·¨Î¥¸±¨Ì ¤¨-

¶µ²Ó´ÒÌ ¶¥·¥Ìµ¤µ¢, ³µ¦´µ µ¦¨¤ ÉÓ, ÎÉµ ±µÔËË¨Í¨¥´ÉÒ C20 ¤µ²¦´Ò ¡ÒÉÓ
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�¨¸. 14. �´¥·£¥É¨Î¥¸± Ö § ¢¨¸¨³µ¸ÉÓ ±µÔËË¨Í¨¥´Éµ¢ Cn0 ¤²Ö ·¥ ±Í¨¨ γ12C → 3α

É ±¦¥ µÉ·¨Í É¥²Ó´Ò ¨ ¡²¨§±¨ ¶µ  ¡¸µ²ÕÉ´µ° ¢¥²¨Î¨´¥ ± ¥¤¨´¨Í¥. ‚ Ô±¸¶¥-
·¨³¥´É¥ ¤²Ö ·¥ ±Í¨¨ (1) ±µÔËË¨Í¨¥´ÉÒ C20 ¡²¨§±¨ ± ´Ê²Õ ¨ ¶·¨ ¡µ²ÓÏ¨Ì
Ô´¥·£¨ÖÌ §´ Î¨É¥²Ó´µ µÉ²¨Î ÕÉ¸Ö µÉ ¥¤¨´¨ÍÒ. ’ ±¨³ µ¡· §µ³, ³µ¦´µ ÊÉ¢¥·-
¦¤ ÉÓ, ÎÉµ ¢ ¸²ÊÎ ¥ ·¥ ±Í¨¨ (1) ¥¥ ± ´ ² ¸ µ¡· §µ¢ ´¨¥³ 8Be §´ Î¨É¥²Ó´µ
¶µ¤ ¢²¥´.

…¸²¨ ¢ ·¥ ±Í¨ÖÌ (1) ¨ (2) µ¸É ÉµÎ´Ò¥ Ö¤·  8Be ¨ 12C µ¡· §ÊÕÉ¸Ö ¢ ¢µ§¡Ê¦-
¤¥´´ÒÌ ¸µ¸ÉµÖ´¨ÖÌ ¸ ¶µ²´Ò³ ³µ³¥´Éµ³ ¨ Î¥É´µ¸ÉÓÕ Jπ = 2+, Éµ ±µÔËË¨Í¨-
¥´ÉÒ ¶·¨ ¶µ²¨´µ³ Ì ‹¥¦ ´¤·  ¡Ê¤ÊÉ ¸¢Ö§ ´Ò ¸²¥¤ÊÕÐ¨³¨ ¸µµÉ´µÏ¥´¨Ö³¨:

C10 =
−7Re (|E1

12| · |M1
22|) + 6,2Re (|E1

12| · |E2
22|) − 7,4Re (|E1

12| · |E2
02|)

3,1|E1
12|2 + 2,3|M1

22|2 + 5,0|E2
02|2 + 5,4|E2

22|2
,

(17)

C20 =
−0,5|E1

12|2 + 2,3|M1
22|2 − 1,2|E2

22|2
3,1|E1

12|2 + 2,3|M1
22|2 + 5,0|E2

02|2 + 5,4|E2
22|2

. (18)
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�¨¸. 15. �´¥·£¥É¨Î¥¸± Ö § ¢¨¸¨³µ¸ÉÓ ±µÔËË¨Í¨¥´Éµ¢ Cn0 ¤²Ö ·¥ ±Í¨¨ γ16O → 4α

Š ± Ê¦¥ µÉ³¥Î ²µ¸Ó, ¤²Ö ·¥ ±Í¨° (1) ¨ (2) ¢¥²¨Î¨´Ò C10 ¤²Ö ¢Ò¸µ±µ-
Ô´¥·£¥É¨Î´ÒÌ α-Î ¸É¨Í µÉ·¨Í É¥²Ó´Ò ¢µ ¢¸¥³ ¤¨ ¶ §µ´¥ Ô´¥·£¨° γ-±¢ ´Éµ¢.
„ ´´Ò° Ë ±É ³µ¦¥É £µ¢µ·¨ÉÓ µ Éµ³, ÎÉµ ¢ ¸²ÊÎ ¥ µ¡· §µ¢ ´¨Ö µ¸É ÉµÎ´ÒÌ
Ö¤¥· 8Be ¨ 12C ¢ ¸µ¸ÉµÖ´¨ÖÌ ¸ ¶µ²´Ò³ ³µ³¥´Éµ³ ¨ Î¥É´µ¸ÉÓÕ Jπ = 2+ ¸ÊÐ¥-
¸É¢¥´´ÊÕ ·µ²Ó ¨£· ÕÉ Ô²¥±É·¨Î¥¸±¨° ¤¨¶µ²Ó´Ò° ¶¥·¥Ìµ¤ E1

12, Ô²¥±É·¨Î¥¸±¨°
±¢ ¤·Ê¶µ²Ó´Ò° ¶¥·¥Ìµ¤ E2

02 ¨ ³ £´¨É´Ò° ¤¨¶µ²Ó´Ò° ¶¥·¥Ìµ¤ ¸  ³¶²¨ÉÊ¤µ°
M1

22. ’µ µ¡¸ÉµÖÉ¥²Ó¸É¢µ, ÎÉµ Ô±¸¶¥·¨³¥´É ²Ó´µ¥ §´ Î¥´¨¥ C20 ³¥´Ö¥É §´ ± ¸
·µ¸Éµ³ Ô´¥·£¨¨ γ-±¢ ´Éµ¢ ¨ ¸É ´µ¢¨É¸Ö ¶µ²µ¦¨É¥²Ó´Ò³, £µ¢µ·¨É µ ¢µ§· ¸É -
ÕÐ¥³ ¢±² ¤¥ ³ £´¨É´µ° ¤¨¶µ²Ó´µ°  ³¶²¨ÉÊ¤Ò M1

22.

�¥±µÉµ·µ¥ ¶µ¤µ¡¨¥ ¢ Ô´¥·£¥É¨Î¥¸±µ° § ¢¨¸¨³µ¸É¨ ±µÔËË¨Í¨¥´Éµ¢ C10

¨ C20 ¤²Ö α-Î ¸É¨Í ¸ ¨´¤¥±¸µ³ 2 £µ¢µ·¨É µ ¢µ§³µ¦´µ¸É¨ ¸¶ÊÉ ÉÓ · ¸¶ ¤-
´Ò¥ α-Î ¸É¨ÍÒ ¸ ¢Ò²¥É¥¢Ï¨³¨ α-Î ¸É¨Í ³¨ ¢ ·¥§Ê²ÓÉ É¥ ³¥Ì ´¨§³  ¶·Ö³µ£µ
¢§ ¨³µ¤¥°¸É¢¨Ö.
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’ ±¨³ µ¡· §µ³, ¶·µ¢¥¤¥´´Ò° ³µ¤¥²Ó´µ-´¥§ ¢¨¸¨³Ò° ³Ê²ÓÉ¨¶µ²Ó´Ò°  ´ -
²¨§ Ê£²µ¢ÒÌ · ¸¶·¥¤¥²¥´¨° α-Î ¸É¨Í ¸ ³ ±¸¨³ ²Ó´µ ¢µ§³µ¦´Ò³¨ Ô´¥·£¨Ö³¨
¶µ± § ², ÎÉµ ¢ ¸²ÊÎ ¥ ·¥ ±Í¨¨ (1) µ¸É ÉµÎ´µ¥ Ö¤·µ 8Be Ëµ·³¨·Ê¥É¸Ö ¢ ¸µ-
¸ÉµÖ´¨ÖÌ, µÉ²¨Î´ÒÌ µÉ µ¸´µ¢´µ£µ, ¨ ¶·¨ ÔÉµ³ Ëµ·³  Ê£²µ¢ÒÌ · ¸¶·¥¤¥²¥´¨°
´ Ìµ¤¨É ¸¢µ¥ µ¡ÑÖ¸´¥´¨¥ ¶·¨ ÊÎ¥É¥ Ô²¥±É·¨Î¥¸±¨Ì ¤¨¶µ²Ó´ÒÌ ¨ ±¢ ¤·Ê¶µ²Ó-
´ÒÌ ¶¥·¥Ìµ¤µ¢. C ·µ¸Éµ³ Ô´¥·£¨¨ γ-±¢ ´Éµ¢ ´ Î¨´ ÕÉ ¨£· ÉÓ § ³¥É´ÊÕ ·µ²Ó
³ £´¨É´Ò¥ ¤¨¶µ²Ó´Ò¥ ¶¥·¥Ìµ¤Ò. �µÌµ¦ Ö ¸¨ÉÊ Í¨Ö ´ ¡²Õ¤ ¥É¸Ö ¨ ¤²Ö ·¥ ±-
Í¨¨ (2), ÎÉµ ³µ¦¥É ¸²Ê¦¨ÉÓ Ê± § ´¨¥³ ´  ¶µ¤µ¡¨¥ ³¥Ì ´¨§³µ¢ µ¡¥¨Ì ·¥ ±-
Í¨°, ¶·µÖ¢²ÖÕÐ¥¥¸Ö ¢µ ¢§ ¨³µ¤¥°¸É¢¨¨ ¸ α-±² ¸É¥·´Ò³¨ µ¡· §µ¢ ´¨Ö³¨ Ö¤¥·
12C ¨ 16O.

3.5. �´¥·£¥É¨Î¥¸± Ö § ¢¨¸¨³µ¸ÉÓ Σ- ¸¨³³¥É·¨¨ ¢ÒÌµ¤  α-Î ¸É¨Í. ‚
¸²ÊÎ ¥ ¤¢ÊÌÎ ¸É¨Î´ÒÌ ± ´ ²µ¢ ·¥ ±Í¨¨, ¢Ò§¢ ´´ÒÌ ¶µ²Ö·¨§µ¢ ´´Ò³¨
γ-±¢ ´É ³¨, Ê£²µ¢Ò¥ · ¸¶·¥¤¥²¥´¨Ö ·¥£¨¸É·¨·Ê¥³ÒÌ Î ¸É¨Í ¨³¥ÕÉ ¢¨¤ [45]:

dσ

dΩ
=

dσ

dΩ
(θ)(1 + PΣ(θ) cos 2φ), (19)

£¤¥ P Å ¸É¥¶¥´Ó ²¨´¥°´µ° ¶µ²Ö·¨§ Í¨¨ ¶ÊÎ±  γ-±¢ ´Éµ¢, Σ(θ) Å  ¸¨³³¥-
É·¨Ö ¸¥Î¥´¨Ö ¤¢ÊÌÎ ¸É¨Î´µ° ·¥ ±Í¨¨, φ Å Ê£µ² ³¥¦¤Ê ´ ¶· ¢²¥´¨¥³ ¢¥±Éµ· 
¶µ²Ö·¨§ Í¨¨ ¨ ¶²µ¸±µ¸ÉÓÕ ·¥ ±Í¨¨.

Š ± Ê¦¥ µÉ³¥Î ²µ¸Ó, ¢ ¶·µÍ¥¸¸e ¶·µ¢¥¤¥´¨Ö Ô±¸¶¥·¨³¥´É  ±µ´É·µ²¨·µ-
¢ ² ¸Ó ¸É¥¶¥´Ó ²¨´¥°´µ° ¶µ²Ö·¨§ Í¨¨ ¶ÊÎ±  γ-±¢ ´Éµ¢. �±¸¶¥·¨³¥´É ²Ó´Ò¥
§´ Î¥´¨Ö ¨§³¥·¥´´µ° ¸É¥¶¥´¨ ¶µ²Ö·¨§ Í¨¨ ¢ ¸· ¢´¥´¨¨ ¸ · ¸Î¥É´µ° ¢ ³µ¤¥²¨
É¥¶²µ¢µ£µ ¸²µÖ ¶µ± § ´Ò ´  ·¨¸. 16 [46].

‚ ¸¢Ö§¨ ¸ É¥³, ÎÉµ ¨§ÊÎ ¥³ Ö ·¥ ±Í¨Ö (1) Ë ±É¨Î¥¸±¨ Ö¢²Ö¥É¸Ö ¤¢ÊÌÎ ¸É¨Î-
´µ°, ¡Ò²¨ ¶µ¸É·µ¥´Ò ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ · ¸¶·¥¤¥²¥´¨Ö ¶µ Ê£²Ê φ, ¶·µ¨´É¥£·¨-
·µ¢ ´´Ò¥ ¶µ Ê£²Ê θ ¢ ¨´É¥·¢ ²¥ 75 ÷ 105◦. �É¨ · ¸¶·¥¤¥²¥´¨Ö ¶µ¤£µ´Ö²¨¸Ó

�¨¸. 16. �´¥·£¥É¨Î¥¸± Ö § ¢¨¸¨³µ¸ÉÓ ¸É¥¶¥´¨ ¶µ²Ö·¨§ Í¨¨ ¶ÊÎ±  γ-±¢ ´Éµ¢. ‘¶²µÏ-
´ Ö ±·¨¢ Ö Å ·¥§Ê²ÓÉ ÉÒ · ¸Î¥É  [46]. ’µÎ±¨ Å Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ ¤ ´´Ò¥

�¨¸. 17. �´¥·£¥É¨Î¥¸± Ö § ¢¨¸¨³µ¸ÉÓ Σ- ¸¨³³¥É·¨¨ ¤²Ö ·¥ ±Í¨¨ γ12C → α8Be∗
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¶µ ³¥Éµ¤Ê ´ ¨³¥´ÓÏ¨Ì ±¢ ¤· Éµ¢ ¸ ¶µ³µÐÓÕ ¢Ò· ¦¥´¨Ö

N = a + b cos 2φ. (20)

‡´ Î¥´¨Ö ±µÔËË¨Í¨¥´Éµ¢ ¶µ¤£µ´±¨ a ¨ b ¶·¨¢¥¤¥´Ò ¢ É ¡²¨Í¥. ‚ ¤ ´´µ³ ¸²Ê-
Î ¥ µÉ´µÏ¥´¨¥ ±oÔËË¨Í¨¥´Éµ¢ b/a Ì · ±É¥·¨§Ê¥É ¢¥²¨Î¨´Ê PΣ. „²Ö · ¸Î¥Éµ¢
Ô´¥·£¥É¨Î¥¸±µ° § ¢¨¸¨³µ¸É¨ Σ- ¸¨³³¥É·¨¨ ¨¸¶µ²Ó§µ¢ ² ¸Ó É¥µ·¥É¨Î¥¸± Ö § -
¢¨¸¨³µ¸ÉÓ ¸É¥¶¥´¨ ¶µ²Ö·¨§ Í¨¨, ¶µ± § ´´ Ö ´  ·¨¸. 16. �¥§Ê²ÓÉ ÉÒ · ¸Î¥Éµ¢
¶·¨¢¥¤¥´Ò ´  ·¨¸. 17. Š ± ¢¨¤´µ ¨§ ·¨¸Ê´± , ¢µ ¢¸¥³ ¤¨ ¶ §µ´¥ Ô´¥·£¨°
γ-±¢ ´Éµ¢ ¢¥²¨Î¨´  Σ- ¸¨³³¥É·¨¨ §´ Î¨É¥²Ó´µ ³¥´ÓÏ¥ ¥¤¨´¨ÍÒ, ÎÉµ £µ¢µ-
·¨É µ¡ µ¡· §µ¢ ´¨¨ Ö¤·  8Be ¢ ¢µ§¡Ê¦¤¥´´ÒÌ ¸µ¸ÉµÖ´¨ÖÌ. ’ ±¨³ µ¡· §µ³,
¶·¨¢¥¤¥´´Ò¥ ·¥§Ê²ÓÉ ÉÒ ¥Ð¥ · § £µ¢µ·ÖÉ µ ·¥ ²¨§ Í¨¨ ³¥Ì ´¨§³  ¶·Ö³µ£µ
¢§ ¨³µ¤¥°¸É¢¨Ö Ö¤·  12C ¸ α-±² ¸É¥·µ³.

Eγ , ŒÔ‚ a b

7 ÷ 25 16,8 ÷ 1,9 3,6 ÷ 2,7
25 ÷ 27 40,3 ÷ 3,7 −7,3 ÷ 4,3
27 ÷ 29 49,3 ÷ 4,5 6,4 ÷ 4,9
29 ÷ 38 10,2 ÷ 1,5 1,5 ÷ 2,3

4. ‡�Š‹	—…�ˆ…

�·µ¢¥¤¥´´Ò¥ ±µ³¶²¥±¸´Ò¥ Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ ¨¸¸²¥¤µ¢ ´¨Ö · §²¨Î´ÒÌ
±¨´¥³ É¨Î¥¸±¨Ì · ¸¶·¥¤¥²¥´¨° ¢ ·¥ ±Í¨ÖÌ (1) ¨ (2) ¶µ± § ²¨, ÎÉµ ¢ µ¸´µ¢´µ³
·¥ ²¨§Ê¥É¸Ö ³¥Ì ´¨§³ ¶·Ö³µ£µ ¢§ ¨³µ¤¥°¸É¢¨Ö ¸ α-±² ¸É¥· ³¨ Î¥É´µ-Î¥É´ÒÌ
Ö¤¥· 12C ¨ 16O. �·¨ ÔÉµ³ µ¸É ÉµÎ´Ò¥ Ö¤·  8Be ¨ 12C µ¡· §ÊÕÉ¸Ö ¢ ¢µ§¡Ê¦-
¤¥´´ÒÌ ¸µ¸ÉµÖ´¨ÖÌ ¢ µ¸´µ¢´µ³ §  ¸Î¥É Ô²¥±É·¨Î¥¸±¨Ì ¤¨¶µ²Ó´ÒÌ ¨ ±¢ ¤·Ê-
¶µ²Ó´ÒÌ ¶¥·¥Ìµ¤µ¢. C ·µ¸Éµ³ Ô´¥·£¨¨ γ-±¢ ´Éµ¢ ´¥ ¨¸±²ÕÎ¥´  ¢µ§³µ¦´µ¸ÉÓ
³ £´¨É´ÒÌ ¤¨¶µ²Ó´ÒÌ ¶¥·¥Ìµ¤µ¢. ˆ¸¶µ²Ó§µ¢ ´¨¥ ²¨´¥°´µ ¶µ²Ö·¨§µ¢ ´´µ£µ
¶ÊÎ±  γ-±¢ ´Éµ¢ ¤²Ö ¨§³¥·¥´¨Ö Ô´¥·£¥É¨Î¥¸±µ° § ¢¨¸¨³µ¸É¨ Σ- ¸¨³³¥É·¨¨
¶µ§¢µ²¨²µ ´¥§ ¢¨¸¨³Ò³ µ¡· §µ³ ¶µ¤É¢¥·¤¨ÉÓ Ë ±É µ¡· §µ¢ ´¨Ö µ¸É ÉµÎ´µ£µ
Ö¤·  8Be ¢ ·¥ ±Í¨¨ (12) ¢ ¸µ¸ÉµÖ´¨¨, µÉ²¨Î´µ³ µÉ µ¸´µ¢´µ£µ.

�¢Éµ· ¶·¨§´ É¥²¥´ ¶·µË¥¸¸µ·Ê �.�.�· ³¦Ö´Ê ,   É ±¦¥ ¢Ò· ¦ ¥É ¡² £µ-

¤ ·´µ¸ÉÓ ¶·µË¥¸¸µ·Ê �.”.˜Ê²Ó£¥ §  ¶µ¤¤¥·¦±Ê ¨ ¶²µ¤µÉ¢µ·´µ¥ µ¡¸Ê¦¤¥´¨¥
³ É¥·¨ ²µ¢ ´ ¸ÉµÖÐ¥° · ¡µÉÒ.
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ISOTOPE SEPARATION IN PLASMA
BY ION-CYCLOTRON RESONANCE METHOD

A.E.Dubinov∗, I.Yu.Kornilova, V.D.Selemir

Russian Federal Nuclear Centre Ä All-Russian Research Institute of Experimental Physics,

607190 Sarov, Russia

Contemporary state of investigations on isotope separation in plasma using selective ion-
cyclotron resonance (ICR) heating is considered. The main attention is paid to necessary conditions
of heating selectivity, plasma creation methods in isotope ICR-separation facilities, selection of an-
tenna systems for heating, and principles of more-heated component selection. Experimental results
obtained at different isotope mixtures separation are presented.

P ¸¸³ É·¨¢ ¥É¸Ö ¸µ¢·¥³¥´´µ¥ ¸µ¸ÉµÖ´¨¥ ¨¸¸²¥¤µ¢ ´¨° ¶µ · §¤¥²¥´¨Õ ¨§µÉµ¶µ¢ ¢ ¶² §³¥ ¸
¶µ³µÐÓÕ ¸¥²¥±É¨¢´µ£µ ´ £·¥¢  ¢ ·¥¦¨³¥ ¨µ´´µ-Í¨±²µÉ·µ´´µ£µ ·¥§µ´ ´¸  (ˆ–�). �¸µ¡µ¥ ¢´¨³ -
´¨¥ Ê¤¥²Ö¥É¸Ö ´¥µ¡Ìµ¤¨³Ò³ Ê¸²µ¢¨Ö³ ¸¥²¥±É¨¢´µ¸É¨ ´ £·¥¢ , ³¥Éµ¤ ³ ¸µ§¤ ´¨Ö ¶² §³Ò ¢ Ê¸É -
´µ¢± Ì ˆ–�-· §¤¥²¥´¨Ö ¨§µÉµ¶µ¢, ¢Ò¡µ·Ê  ´É¥´´ÒÌ ¸¨¸É¥³ ¤²Ö ´ £·¥¢  ¨ ¶·¨´Í¨¶ ³ µÉ¡µ· 
¡µ²¥¥ ´ £·¥Éµ° ±µ³¶µ´¥´ÉÒ. �·¨¢¥¤¥´Ò Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ ·¥§Ê²ÓÉ ÉÒ, ¶µ²ÊÎ¥´´Ò¥ ¶·¨ · §¤¥-
²¥´¨¨ · §²¨Î´ÒÌ ¸³¥¸¥° ¨§µÉµ¶µ¢.

Isotope separation is a large branch of industry. Isotopes have wide applica-
tion in radiomedicine, agriculture, in atomic power industry and are also used to
solve the problems of fundamental physics. The existing industrial isotope sepa-
ration methods (gas centrifuges, electromagnetic separations, etc.) cannot always
suit the requirements of the economy. This is related either with very low efˇ-
ciency of electromagnetic separation method or with the absence of appropriate
volatile matters, necessary for centrifugal separation.

The search for alternative technologies, allowing one to widen the range and
assortment of isotope set-ups, being manufactured, and to decrease the power
consumption, has led to development of absolutely new isotope selection meth-
ods. Among them there are: laser method [1], photochemical method of mercury
isotope separation [2], and also plasma separation methods. If the ˇrst two meth-
ods are studied well enough at present and are aimed at successful application in
industrial scale, then plasma methods need further investigation and development.
At inevitably relatively high costs of evaporation in plasma facilities, ionization
(of the order of 300Ä3000 eV/atom) of matter and technical difˇculties for pri-

∗E-mail: dubinov@ntc.vniief.ru
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mary effect multiplication, the facility acceptable for scaled production will be
considered Å the one that has high enough separation factors.

Among the known technologies of separation in plasma, the most prospective
for the given tasks decision is the isotope separation method based on isotopic
selective ion-cyclotron resonance (ICR) heating of plasma. The detailed enough
description of development history, of physical basis of the method and of instal-
lations for its realization can be found in the report of 1991 [3]. It should be noted
that for the time period after the report publication a large amount of new in-
formation was stored. Numerous calculation-theoretical works on the given topic
were executed. Besides this, new designs are proposed, which, possibly, will
allow hundreds of times increase of the ICR-method effectiveness. The present
review is aimed at generalization of the new works with short summary of old
material.

In 1975, G.A.Askaryan et al. proposed to use ICR for separation in plasma
[4]. Probably, the works in the USA, have been executed: in the late 1976,
the results of the ˇrst successful experiments on ICR-separation of potassium
isotopes carried out at the ˇrm TRW were published [5]. In the USA, the further
development of the method was directed at uranium isotope separation. However
after the ICR-method was not accepted as the current technology of uranium
enrichment in 1982 on economic considerations, that was shortly announced in
[6], stable isotope separation has become the basic ˇeld of application. After
the work [5] was published, for seven years no additional scientiˇc information
about ICR-method appeared in the press. The new data were obtained only in
1983 after the reports of American scientists at the two conferences [7, 8]. These
works witnessed signiˇcant progress in ICR-method development for seven years
mentioned. Successful experiments on nickel, indium and lead isotope separation
were performed.

The following works were carried out in France [9] on calcium isotope
separation and in the USSR on lithium isotope separation. At present the ex-
perimental material about ICR-method of separation is practically limited by the
above-mentioned publications and several reports at the conferences [7,8,12Ä14].

Analyzing the method development, the surprising thing is that it has been
started so late. The necessary data on ICR were obtained already by the early
60's [15]. Development of ion-cyclotron resonance spectroscopy [16] has started
at about the same time. It remains to suppose that the reason for the ICR-method
development delay was the imagination of plasma as an extremely unstable sub-
stance in which it is impossible to observe ˇne effects. Nowadays, on the basis of
the existing experience on isotope separation with the help of ICR, it is possible
to state that magnetized and comparatively cold plasma formed as a result of
metal vapors ionization is rather stable. Hence, some imaginations of heating and
ion movement on the basis of single particle model are close to reality. Resting
on the ICR-method of separation groundwork is presented below.
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The principal idea of ICR-method is the following. A 
ux of collision free
plasma comes into heating area in which the aimed isotope ions advantageous
acceleration is executed on resonance frequency:

ω = ωci =
eB

Mi
.

Here ωci is Larmor frequency of aimed isotope ions in magnetic ˇeld B, Mi is the
mass of separated isotope ion. As a result the increase of their transverse energy
takes place. Accordingly their Larmor radius rL increases. Selective heating
of the desired ion fraction takes place. Isotopes, neighbouring to the yielded
one, because of small difference (∆ω) of their own frequency and external effect
frequency, meet on their way several units of beats. This phenomenon does not
allow them to continuously increase their energy, so their maximum energy will
not exceed the following fraction of resonance ion maximum energy: (T/2τ)2,
where T = 2π/∆ω is a beats period, τ is the time of 
ight through heating zone.
Thus, at the output of heating zone, plasma ions will be divided to cold and more
heated. Because of the difference of their Larmor radii only heated ions will be
effectively trapped by the selector (the system of plates, parallel to the 
ux and
magnetic ˇeld direction).

To provide heat selectivity it is necessary to realize several conditions. It is
obvious the requirement of stable magnetic ˇeld uniformity in the heating area:

∆B

B
<

∆Mi

Mi
. (1)

Here, ∆B/B is a relative change of magnetic ˇeld in ICR heating area, ∆Mi/Mi

is a relative resolution to the mass (∆Mi is the difference of selected and neigh-
bouring isotope masses). To select most isotopes, the value ∆B/B shall be not
more than 10−2. For obtaining good resolution of ICR lines and dealing with
rare-earth metal isotopes, the much more uniform ˇeld (∆B/B ∼ 10−3) is re-
quired. The magnetic ˇeld value is selected according to the mass of isotopes
being separated with the account of heat velocity. Usually its value does not
exceed 3 T.

The other condition of heating selectivity is the requirement of smallness of
cyclotron absorption line widening due to the heated ions collisions:

νii

ω
<

∆Mi

Mi
. (2)

Besides, the connection of ionÄion collisions frequency νii with plasma parameters

is deˇned by the following relation: νii = 5·10−7ni/Θ3/2
i

√
A, where ni is heated

ions density in cm−3, Θi is their temperature in eV, A is the isotope mass in
atomic units. Usually as a result of estimations to formula (2) the obvious
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requirement is obtained: during the 
ight through the heating area a particle shall
be subjected to no more than one collision.

Deˇnite requirements are imposed on the ion starting temperature Θi. It
is reasonable to have low Θi, that allows one to achieve larger difference of
selected isotope energies and other ion components, and, hence, to realize larger
values of enrichment. However, a very low initial energy (Θi < 1 eV) leads

to the increase of the Coulomb collisions frequency νii ∼ 1/Θ3/2
i at the initial

stage of heating and, accordingly, to the limits imposed to plasma density in the
beam. Accounting to the above-mentioned factors, the most optimal initial ion
temperature is considered to be Θi ∼ 2 ÷ 15 eV.

The next heating selectivity condition is determined by the inequality:

∆ωτ

ω
=

πVz

Lω
<

∆Mi

Mi
. (3)

Here ∆ωτ is 
ight-time broadening of cyclotron absorption line, Vz is an average
longitudinal ion speed, L is the heating zone length. When realizing this condition,
signiˇcant difference between the energies of selected isotopes and neighbouring
to it is provided at the output of the heating zone.

Nonzero initial plasma temperature means some spread of the ion speeds in
plasma. Having the spread of the ion longitudinal speeds ∆Vz , the Doppler effect
in
uences the heating selectivity:

∆ωD

ω
=

κ∆Vz

ω
=

2π∆Vz

λω
<

∆Mi

Mi
. (4)

Here ∆ωD is Doppler broadening, κ is the wave number, λ is the cyclotron
wavelength in plasma.

For effectiveness of separation process it is important not only realization of
inequalities (3) and (4), but deˇnite relation between pass
ight ∆ωτ and Doppler
∆ωD broadenings:

∆ωτ � ∆ωD. (5)

At realization of this condition, the major part of ions is involved into acceleration
process. As the fraction of heated ions will be deliberately more than one and
not all ions will be collected by the selector, it is real to obtain the ratio of the
matter application.

At ion speeds spread in the beam ∆Vz ≈ Vz, speciˇc for low temperature
sources, it comes out from condition (5) that the most optimal for ion cyclotron
heating are antennas with wavelength λ � L/2. The obtained as a result of
calculations [17] dependences of resonance curve on the wave number κ = 2π/λ
and the heating zone length L, conˇrm the fact of resonance curve broadening at
λ � L/2. The application of antennas with smaller wavelengths degrade heating
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selectivity also because of nonlinear effects manifestation [18]. Calculations
accomplished in this work have shown that simultaneous heating of resonance
particles takes place only on the length of the order of average axial transition
of particles from plasma source during half period. Then, because of movement
phases difference, the average energy of particles tends with oscillations to stable
value, and the spectrum of energies becomes maximally wide. Nevertheless, at
some conditions [19] the selective heating is also possible in case of nonlinear
oscillations captured by HF-ˇeld of resonance ions.

Two types of waves being able to carry out isotopically ion selective heating
are in use at present. The ˇrst type is the so-called ®ordinary¯ electromag-
netic wave, the electric ˇeld vector of which rotates in the same direction as the
ions during Larmor rotation. The other type of waves being able to carry out
ion selective heating at a frequency close to ion-cyclotron one, are electrosta-
tic ion-cyclotron waves [20] which have κ ‖ E. It is possible to excite them
only with contact process, e.g., supplying alternate potential to metal ˇlament
stretched along magnetic ˇeld to plasma column [21]. Contact process of excita-
tion is unsuitable for industrial applications for some reasons which will be noted.
Thus, the other method of electrostatic ion-cyclotron waves excitation is used in
experiments most frequently, when induced excited electromagnetic waves are
transformed into electrostatic ones [22].

On the basis of conditions (1)Ä(5), plasma parameters (n, Θi, Vz) and instal-
lation parameters (B, L, λ) are chosen. It is obvious that limitations imposed on

Fig. 1. Block diagram of the plant for ICR-
method isotope separation: 1 Å substance
feeding system, 2 Å vacuum chamber,
3 Å plasma source, 4 Å plasma source
magnetic coil, 5 Å the plant magnetic coil,
6 Å HF-antenna, 7 Å plasma 
ux, 8 Å
substance samples selector

n and Vz are the limitations for the instal-
lation output G = ξc0MinVzS, where ξ
is the substance use ratio, c0 is the ini-
tial selected isotope concentration, S is
the plasma 
ux cross section. Based on
acceptable values determining the output
of installation for isotope separation, the
calculated annual isotope production in a
large plant is not less than 500 kg.

Let's step to description of the plants
with the help of which isotope separa-
tion with ICR-method is executed. As
has been noted, there exist only three
plants for ICR-method isotope separation
[5,9,10], which are designed and built by
three experimental groups in the USA,
France and Russia. The common ele-

ments of these plants are: 1) vacuum chamber; 2) plasma source producing the

ux of ionized atoms of the element the isotopes of which are being separated;
3) the uniform magnetic ˇeld; 4) HF-antenna with the help of which in the
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uniform magnetic ˇeld the isotopic selective ion heating is accomplished at the
frequencies close to ion-cyclotron ones; 5) collector for extraction of selectively
heated isotopic ions out of plasma 
ux (see Fig. 1).

The ideas of the experiment execution are like each other, however there
are some differences between plasma creation processes, ways of selective ion
heating, ways of aimed isotope collection, the rest matter collection, etc.

By present, three methods of plasma creation are used in ICR-plants: ioniza-
tion of evaporated atoms on the hot surface of refractory metal [5], microwave
ionization at the frequency of electron cyclotron resonance [9] and also perma-
nent current discharge in the substance isotope vapors [10]. The ˇrst process has
signiˇcant limitations on plasma density. In most plants the density of the created
in this way plasma does not exceed 1011 cm−3. Some doubts in correctness of
such a point of view are induced by the work [23] in which uranium plasma with
density higher than 1012 cm−3 was obtained. The authors of this work tended to
obtain more dense, 1014 cm−3, plasma but the information conˇrming the forecast
did not follow. The disadvantage of discharge-gas source is the comparability of
plasma column cross section with cathode cross section, while the design of the
latter is accounted to the use of cored cathode. Construction of industrial plants
of cored cathode of a large diameter (∼ 50 cm) seems to be hardly realized. For
large separation ICR-plants, atom microwave ionization is considered to be the
most prospective out of the mentioned processes of plasma creation.

As for the ways of ion-cyclotron heating, there are two of them by today:
inductive and electrostatic. The application of electrostatic process in which
potential difference in plasma is created at the expense of contact with faced
electrodes, connected to AC source, is commonly supposed to be no prospect.
It is ˇrstly connected with the action of electrostatic mechanism of the ˇeld
formation only at small concentration of resonance particles in binary ion mixture
[24] and also with unsuitable coincidence of antenna and selector functions in
one design. It can be stated today, that the inductive method, which is realized
by superposition of weak alternate ˇeld on permanent uniformal magnetic ˇeld,
is favoured.

The helical antenna proposed by Hipp et al. [25] is considered to be the most
suitable for ion-cyclotron heating; such antenna is the wiring producing rotary
electrical ˇeld with mode m = 1. Helical antenna has a number of advantages in
comparison with solenoidal one. At ˇrst, it generates practically uniformal electric
ˇeld in close-to-axis installation zone that provides uniform heating of plasma jet.
Secondly, it produces favourable conditions for volume charge compensation with
electron currents along magnetic ˇeld.

Solenoidal antenna, which is considered to be unpromising, could be effec-
tively used in separation of some isotopes. This is mentioned in the work [26].
Calculations accomplished in the given work have shown that in spite of solenoid
antenna ˇeld shielding in plasma, the inductive heating, nevertheless, is enough
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for separation of isotopes with mass number about 150. However the plants with
plasma heating of this kind do not provide the effectiveness which is enough
for industrial scales. The calculated in [26] annual effectiveness of the plant for
gadolinium isotope separation was about 100 kg of 157Gd isotope. In calculations
the following plasma and separation system parameters were used: heating zone
length L = 2 m, plasma jet initial temperature θ = 10 eV, radius a = 10 cm,
plasma density in the jet n = 1012 cm−3, external magnetic ˇeld value B = 3 T.
Solenoidal antenna excites the HF-ˇeld with azimuth number m = 0. Current
amplitude in antenna turn I0 = 60 A and full number of turns N = 150 were
chosen to provide the obtaining of the ion energy necessary for isotope separation
W = 200−300 eV. The calculated voltage on the antenna was 70 kV.

In the experiments, the ion heating was tracked with the help of electrostatical
analyzers inserted inside of the plasma column. In large separation plants, the
analyzers, possibly, will serve for technological control. For plasma diagnostics
in the magnetic ˇeld two types of analyzers are used. The ˇrst type are multigrid
analyzers. Their detailed description can be found in [27, 28]. The analysis
of this type analyzer operation applicable to the problem of isotopes separation
in plasma is accomplished in the recent work [29]. This type of analyzers
allows one to measure the following basic parameters of magniˇed ions in plasma

ux: longitudinal axis of ions, cross-sectional energy spectrum of ions, spatial
distribution of ion density in the 
ux, full current of ions. The other type are more
simple by their construction analyzers [30] having only the case and collector,
without grids. Inserted into plasma across magnetic ˇeld they allow one to
carry out ion analysis to cross-sectional energies. The given type of analyzer is
the prototype of the selector of isotopically selectively heated particles, used in
experiments on isotope separation with the ICR-method.

Fig. 2. Elemental cell of product collector: 1 Å front
screens, 2 Å plates for product collection, 3 Å plates
for atom capture in case of spent material dispersion,
4 Å receiver of depleted plasma 
ux

The product selector is a
system of plates (collectors)
located parallel to magnetic
ˇeld and longitudinal 
ux of
plasma, forming the grid and
placed at a distance of the
order of 1Ä1.5 Larmor radii
of heated ions to each other.
As a result the collector ef-
fectively captures the heated
ions while the major part of
cold ions, Larmor radii of
which are less than the dis-

tance between the plates, pass through the collector. A part of cold ions moving
at a distance less than their Larmor radius are also captured by selector. The ions
which don't get to the plates are collected by the receiver of depleted plasma
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ux located behind the plates. The elemental cell of collector system is shown in
Fig. 2.

Collection of enriched with aimed isotope substance is conducted by evapo-
ration of ions collected on the plates. The rate of distribution achieved as a result
of the experiment is determined by the following formula:

q =
c(1 − c0)
c0(1 − c)

.

Here c and c0 are concentrations of extracted isotope in the product and in the
initial mixture, respectively. The value q, obtained at zero conˇning potential on
the plate, is called ®geometrical¯ separation factor.

In order to reduce the 
ux of cold ions to aimed isotope collector, it is
supposed to supply repulsion potential to the plates. Besides this, in front of
the plate face, crossly located screens can be installed which do not let ions
with Larmor radius less than the screen's height through. The choice of the
screen's height needs optimization, as signiˇcant increase of their height allows
signiˇcant decrease of the limited value of extraction of the isotope being enriched
γmax = (b−2a)/b, where a is half height of the screen, b is the distance between
collector plates. On the other hand, small screen height, or its absence, leads not
only to increase of the cold ions 
ux to selector, but also to dusting the plates with
neutral particles formed during recombination. The following system parameters
are also to be optimized: collector plate length z, the distance between them b,
the value of positive repulsion potential Uk.

Dependences of the ion 
ux to collector on concentration of the substance
dispersed on the plates at the given parameters were investigated in several works.
In [31] a method of calculation of the ion 
ux to collector system was proposed.
It consists in introducing the distribution function of accelerated particles to cross-
ing velocities with the following calculation of 
uxes to collector by means of
numerical integration along longitudinal (Vz) and cross-sectional (Vxy) to mag-
netic ˇeld velocities and also to cross-sectional coordinate of the particle leading
centre y0. The function of distribution to cross-sectional velocities was approxi-
mately calculated on the basis of the Boltzmann equation for collision free plasma
in supposition that the initial distribution function is equilibrium. The function
of distribution to longitudinal velocities was considered to be Maxwellian. Cal-
culations were performed applicably to separation of binary mixture of lithium
isotopes by single-wave antenna. The obtained dependences of Li 
ux density, 6Li
extraction factor and 6Li concentrations on parameters of collector system have
shown, on the whole, a qualitative coincidence with the investigation results.

In [32] calculations of 
ux density and concentration of the aimed isotope
dispersed on the plate were carried out accountless to the effect of the repulsion
potential on the collector. In this work the modiˇed calculation methods were
used containing in primary deˇnition of ion effective temperatures with ensuing
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calculation of ion 
uxes to collector. Unlike to [31], the distribution functions of
heated and cold ion to cross-sectional energies were supposed to be Maxwellian
with different effective temperatures. The function of distribution to longitudinal
velocities was selected the same as in [31], equilibrium, with the absence of
particles moving towards ion resource. The full distribution function of particles
of any sort at the given suppositions is the following:

F = 2n

(
Mi

2πkTxy

)(
Mi

2πkTz

)1/2

exp

(
−Mi

2k

(
V 2

xy

Txy
+

V 2
z

Tz

))
, Vz > 0.

Here Txy and Tz are cross-sectional and longitudinal ion effective temperatures
in plasma, k is the Boltzmann constant. For calculation of the ion distribution
function applicable to binary isotope mixture 6LiÄ7Li, the authors used the results
on the obtained calcium isotope mixture [33]. The installation parameters used
in calculations were taken from [10]: B = 0.25 T, E0 = 54 V/m, L = 0.8 m,
Txy = 5 eV, Tz = 10 eV.

In the work [34], being the continuation of [32], the effect of positive repul-
sion potential on the collector has been used during selection of heated ions from
plasma 
ux. Dependences obtained in [32] and [34] re
ect the same qualitative
ideas that in [31]. In Figs. 3Ä6 speciˇed dependences are presented, which allow
one to make the following basic conclusions.

The simple difference between Larmor radii of resonance and nonresonance
ions, connected with difference of ion effective temperatures for real modes of
isotopical-selective ICR heating, leads to separative effect during the substance
deposition on the collector. However the value of this effect is usually insufˇcient
for practical tasks. The use of the front screens and positive repulsing cold-ions
potential on the collector allows one to increase signiˇcantly the concentration of
the aimed isotope, being dispersed on the plates.

The condition of ion pass-
ight through the front screen is the following:

a < y0(1 − cos α) + sin α
√

r2
L − y2

0 < b − a. (6)

Here a = ωz1/Vz is the angle of the ion turn during the pass-
ight from the
plane of the screen to the place of collision with the plate, z1 is longitudinal
coordinate of the place of ion collision on the plate surface, ω is the frequency of
ion cyclotron rotation, rL is ion Larmor radius. This condition is realized at large
enough Larmor radius rL > a/(2 sin α/2) in limited coordinate range of leading
centre ∆y0 [32]. Thus even heated enough ions, the leading centre coordinates of
which do not satisfy the condition (6), get to the screens with following dissipation
or condensation. Hence the reduction of the 
ux density of the aimed isotope to
the plates takes place. Separation system parameters allow one to evaluate the
optimal height of the screen at which the ratio between concentration increase
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effect and density decrease effect is more favourable. In [32], for comparison,
the results obtained at a = 0 and a = 3 mm are presented. It is necessary to note
that at a = 3 mm the decrease of the 
ux density is insigniˇcant (∼ 1.25 times)
in comparison with the concentration increase (∼ 1.6 times) (see Fig. 3). In this
case the height of the front screen practically coincides with the value of Larmor
radius of nonresonance ions (∼ 3.6 mm). The further screen height increase leads
to equating the effects of concentration increase and 
ux density decrease, so it is
reasonable to use the front screens with the height of the order or less than cold
ion Larmor radius.

Fig. 3. Dependences of dimensionless 
ux density of ion 6Li+ (a) and isotope 6Li con-
centration (b) on longitudinal collector coordinate for different heights of the front screen:
1 Å a = 0; 2Å a = 1.5 mm; 3 Å a = 3.0 mm (b = ∞, Uk = 0) [32]

Positive repulsing nonresonance ions potential Uk applied to collector plate
helps more uniform extraction of resonance component from plasma 
ux. The
ions having signiˇcant velocity component normal to collector surface, overcome
potential barrier and condense on the plate. Other ions are re
ected and get out
of the 
ux. Condensation condition can be written in the form:

Mi(V 2
y /2) � eUk. (7)

Here Vy is the ion velocity in the plane perpendicular to the plate. From condition
(7) we obtain the following limitation on the range of leading centres coordinates:

−
√

r2
L − 2eUk

Miω
< y0 <

√
r2
L − 2eUk

Miω
. (8)

Thus, part of ions having signiˇcant energy but 
ying up to collector along soft
trajectories will get out of condensing 
ux. This phenomenon again helps the
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reduction of aimed ion 
ux density to collector. However, this effect simulta-
neously signiˇcantly increases the concentration level of isotope dispersed to the
plates. For example, the presented in [34] results show that at Uk = 40 V it is
possible to achieved nearly 100 % enrichment with isotope 6Li (for comparison
at Uk = 0 6Li concentration value is 20 %); 6Li+ ion 
ux density to collector
decreases only 2.5 times (see Fig. 4). It should be noted that there is no sense
using maximum allowable value Uk, as signiˇcant part of cold ions with cross-
sectional energy Wy is already cut off at Uk a little larger than Wy. Further
increase of collector potential will help not only cutting off nonresonance ions,
but decreasing the aimed isotope ions 
ux to the plate. So it is undesirable to
select the value Uk oneÄtwo tens more than the value of cross-sectional cold ion
energy.

Fig. 4. Dependences of dimensionless 
ux density of ion 6Li+ (a) and isotope 6Li con-
centration (b) on longitudinal collector coordinate for repulsing potentials Uk: a) 1 Å
Uk = 0; 2 Å Uk = 10 V; 3 Å Uk = 20 V; 4 Å Uk = 40 V; b) 1 Å Uk = 0; 2 Å
Uk = 10 V; 3 Å Uk = 20 V; 4 Å Uk = 30 V; 5 Å Uk = 40 V [34]

The next collector parameter, affecting the rate of the substance distribution,
is the distance between collector plates b. As was noted above, the most optimal
value b is in the range 1−1.5rL÷1.5 rL, where rL is Larmor radius of heated ions.
Notable reduction of the distance b in comparison with rL leads to changing the
sign of mixture enrichment to collector length z. This phenomenon was observed
in [32] in case of enrichment with isotope 6Li already at b = 7.5 mm while
the Larmor distance of 6Li ions was equal to 15 mm (see Fig. 5). Signiˇcant
increase of the distance between the plates (from 2−3 rL) was accompanied by
signiˇcant reduction of the 
ux density of the extracted isotope at small increase
of concentration, which is not reasonable and so is extremely undesirable.
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Fig. 5. Dependences of dimensionless 
ux density of ion 6Li+ (a) and isotope 6Li con-
centration (b) on longitudinal collector coordinate for different distances between collector
plates b: 1 Å b = 30 mm; 2 Å b = 15 mm; 3 Å b = 7.5 mm [32]. Uniform line (4) is
initial 6Li concentration (a = 0, Uk = 0)

While choosing collector plates length it is necessary to take into account
the following facts. The heated ions 
ying to the beginning of collector plates
have different coordinates therefore until the moment of collision with the plate
they are to necessarily turn at different angles αi = ωti, where ti is the ion
time-of-
ight distance from the screen plane to the place of collision. Maximum
angle of turning is deˇned by the value 2π. Thus, the collector plate length, z, is
to be chosen such that during the 
ight along the plate the ions could have time
to make full turn-round along Larmor helix:

z = Vzt = 2πz =
Vz

ω
. (9)

Besides, all resonance ions, the leading centre of which is at a distance
y � rL from collector, will get to the plate. In case of enrichment with 6Li
isotope at characteristic longitudinal velocity Vz ≈ 104 m/s, the value of z will
be ∼ 15 mm. Special attention needs the fact that maximum concentration of the
isotope, being enriched by more than 80 %, is obtained at once behind the screen
and reduces practically to the zero value at the end of collector plate. Therefore
to increase average concentration of the isotope, being dispersed, one needs to
choose the optimal collector length less than the one calculated by the formula
(9). The reduction of collector length shall be performed with the account of
dependence of target isotope extraction factor on z (see Fig. 6). It is necessary to
take into account that signiˇcant reduction of z leads to signiˇcant reduction of
the matter extraction factor.
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Fig. 6. Dependences of 6Li 
ux den-
sity (1), 6Li extraction factor (3) and
6Li concentration (2) on longitudinal
collector coordinate z [31]

The above-mentioned analysis of the
sampler parameters of the separation system
does not leave any doubt that only geomet-
ric factor is manifestly insufˇcient to obtain
highly enriched mixture. Therefore, as a
rule, in all plants on isotope separation by
ICR-method, positive repulsive potential is
used applying to collector plates in combi-
nation with the front edge screens. How-
ever, introduction of the screens and detain-
ing potentials is not the optimal decision to
increase isotope separation ratio. Their use
though allows one to increase separation ra-
tio several times but simultaneously leads
to reduction of operation matter usage fac-
tor. Besides, this positive detaining poten-
tial can lead to collector plates heating and

to evaporation of the collected isotope. To eliminate the enumerated problems
the qualitatively new approach to the given task is needed.

Fig. 7. Block diagram of the principal operation of the plant on ICR-method of isotope
separation with the portion of nonuniform magnetic ˇeld: L1 Å the length of the nonuni-
form magnetic ˇeld portion, L Å heating zone length, 1 Å plasma 
ux, 2 Å the source
of electrons, 3 Å the 
ux of selectively heated ions, 4 Å target isotope collector, 5 Å
basic plasma 
ux, 6 Å collector of depleted plasma 
ux

In [35], it was proposed for the ˇrst time the design advance, allowing
to increase isotope separation ratio by more than two orders. Technically the
given task is realized with the help of the device the principal operation of
which is shown in Fig. 7. The difference in the design of the proposed plant
is the portion of nonuniform magnetic ˇeld placed after the heating zone in
which spatial separation of heated plasma ion fraction from the cold one takes
place. At this portion the ions displace (drift) in the direction across power lines
of the nonuniform magnetic ˇeld Vdr = W/eBR, where W is the energy of
perpendicular to magnetic ˇeld B ion movement, R is magnetic ˇeld power lines
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curvature radius. The nonuniform magnetic ˇeld parameters are chosen in such a
way that the following condition is satisˇed:

Vdr
L1

Vz
> d.

Here L1 is the length of the nonuniform magnetic ˇeld area, d is plasma 
ux
diameter. While meeting this condition, resonance ions leave the area occupied
by plasma, whereas nonresonance displacement ions stay at basic plasma 
ux
(because of their energy small in comparison with the resonance one). Spatial
separation of ions of various isotopes allows one to carry out their recombination
in far enough and shielded from each other parts of the plant, reducing the
possibility of getting one isotope to the collection place instead of the other
and by this to essentially increase separation ratio. While creating such a plant,
one needs to take into account plasma ions spatial separation, causing the ions
ejection to the chamber walls in the crossed electric and magnetic ˇelds. Therefore
additionally there should be created a compensating electron 
ux along magnetic
ˇeld power lines for positive charge neutralization.

The authors [35] have calculated the minimum length of the nonuniform
magnetic ˇeld at which isolation of target isotope ions from plasma 
ux takes
place. Its value was ∼ 0.35 m at the following parameters: B ≈ 0.25 T, R ≈ 1 m,
Vdr ≈ 0.35 · 103 m/s, d = 0.2 m, Vz ≈ 0.6 · 103 m/s.

Disadvantage of the device proposed in [35] is comlicacy of realization with
its help of the repeated separation in one vacuum cycle of plasma 
ux separated at
the ˇrst step of separation and also the presence of the long portion of nonuniform
magnetic ˇeld. Technical decisions of the above-described problems are proposed
in [36,37]. Application of circular plasma 
uxes [36] allows one to reduce the
length of nonuniform magnetic ˇeld several times, as for full separation of heated
and cold ion fractions in the given case it will be enough to displace them relative
to each other not for plasma diameter but for thickness of square equivalent ring.
Besides this, the use of circular plasma sources helps to increase ICR-heating
effectiveness as in this case depth of high-frequency ˇeld penetration into plasma
reduces and, thus, more uniform heating of plasma 
ux is obtained.

The proposal to use conˇguration of nonuniform magnetic ˇeld [37] including
even number of toroidal solenoid portions with alternating on the curvature sign
(see Fig. 8) gives one the possibility to realize in one vacuum cycle multistage
separation at the expense of periodical returning of the plasma 
ux in its original
position. The system of movable collector, placed between portions of toroidal
solenoids, allows yielding ions of any of the two plasma sources. Not yielded

ux in the next toroidal portion with opposed curvature returns to the original
position and can enter similar to the previous stage of mass-separation. The use
of multistage process of isotopes separation in plasma realized in one vacuum
cycle allows one to increase essentially separation ratio and, thus, to obtain more
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pure matter. Suppositionally, with the help of the proposed design one can reach
the enrichment factor up to 104, which more than 100 times increases the similar
value, obtained in experiments [5,9,10].

Fig. 8. Schematic image of the device with
portions of nonuniform magnetic ˇeld for iso-
tope separation with ICR-method in plasma:
1 Å vacuum chamber; 2 Å plasma source;
3 Å electronic emitters; 4 Å plasma 
ux;
5 Å solenoid of nonuniform magnetic ˇeld;
6 Å electron 
ux; 7,9 Å solenoids of nonuni-
form magnetic ˇeld with different curvature
sign; 8 Å the matter selectors

One more method of increasing
isotope separation ratio with ICR-
method was suggested in [38]. This
method is based on spatial separation
of mixture components and consists in
that the use of traveling waves with
cyclotron frequencies leads to ions
drift of gap isotope both perpendic-
ular to the direction of these waves
propagation and to the lines of exter-
nal magnetic ˇeld. Thus, partial spa-
tial isotope separation takes place. It
allows one to decrease the possibility
of hitting of one isotope into the place
of another, i.e., to increase the separa-
tion ratio.

To ˇnish the review of ICR-
method of separation we present
brie
y the results of experimental
work in this ˇeld. As was noted, the
experiments on separation of kalium,
calcium and lithium isotopes, accom-
plished in the USA, France and USSR
before 1990, cover practically the
whole experimental material. Their
detailed discussion and the schemes of
separation plants can be found in the
review [3] of 1991.

Any isotope separation method is
characterized by the obtained separation ratio q. This value together with energy
consumption is the basic criterion for the choice of one or another plant to
produce the enriched isotope matter on industrial level. Thus, the results of the
experiments on isotope separation by ICR-method shall be considered from the
point of view of separation ratio obtained.

In the ˇrst experimental work [5] maximum 41K isotopes separation ratio
was found: q ≈ 53. This more than ten times enrichment of 41K isotope was
obtained by heating the ions on cyclotron frequency 41K at the value of magnetic
ˇeld B = 0.4 T. In [10] while separating binary isotopic mixture 6LiÄ7Li, the
enrichment of the mixture with 6Li isotope up to 88 % was reached at its original
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concentration of 8 %. Such concentration value corresponds to separation ratio
q = 84. At this point the frequency of the heating ˇeld was ω = 640 kHz,
magnetic ˇeld value was B = 0.25 T. Nowadays, the record value of separation
ratio q = 133 was reached by the French group in experiments [9] on separation
in calcium isotopic mixture with natural content of isotopes with mass numbers
40, 42, 43, 44, 46, 48. In the experiment, the following plant parameters and
plasma properties were used: E0 = 62 V/m, B = 0.2 T, θ ≈ 2 eV, L = 1.7 m,
Vz ≈ 104 m/s.

It is easy to notice that in all experiments the isotopes of light chemical
elements were separated. It is explained by the fact that at the increase of isotope
atomic masses the process of their separation becomes more and more complicated
because of the difˇculties in obtaining necessary mass resolution. In spite of this
problem, successful experiments on selective ICR-heating of the ions of heavier
isotopes demonstrate real possibility of application of ICR-method of separation
to the isotopes with larger atomic mass. For example, in [5] selective heating of
ions of Xe isotopes was carried out, in [7, 8] selective excitation of ions of Ni,
In, and Pb isotopes was observed. Apart from experimental works, calculations
carried out in [26, 39] demonstrate the possibility of application of ICR-method
to separation of heavy isotopes, in particular gadolinium.

The ions of other chemical element isotopes were also subjected to isotopic
selective heating, e.g., ions of He isotope in helium-krypton plasma or ions H+ in
hydrogen (H+, H2

+) plasma [40, 41]. Well resulting ion-cyclotron resonances for
some positive ions of Ne and Ar isotopes and for some separate negative ions of
Cl isotopes were observed in [5]. Thus, spectrum of chemical elements, to which
ICR-separation method is applicable, is very large. Theoretically this method
allows one to separate isotopes of elements with any atomic weight. The only
limitation is that the element being separated at room temperature is in solid state
and is a conductor. Practical difˇculties on separation of heavy chemical elements
isotopes related to mass resolution can be solved by the choice of corresponding
parameters of the separation system.

As is seen, ICR-method of isotope separation is very attractive because of
high separation factors in one separation cycle. However, there are some reasons
according to which the method is not yet used on industrial level. Firstly, even
at high separation factors the ICR-method does not compensate energy expenses,
and, thus, is not proˇtable. The given problem can possibly be decided by
creation of new designs of separation plants proposed in [36, 37] which promise
to increase isotope separation ratio more than 100 times at simultaneous energy
consumption reduction. The other problem consists in the search for suitable
plasma source. Possibly preference is already given to microwave ionization of
atoms. In this case one needs much efforts to be applied to develop the source
design of large scales with speciˇc parameters, exceeding several times ones
obtained in [7].
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´µ¸É¥° ¶·¨³¥´¥´¨Ö ¢ ÔÉµ° µ¡² ¸É¨ · §²¨Î´ÒÌ ´¥°É·µ´´ÒÌ ¨¸ÉµÎ´¨±µ¢. ‘¤¥² ´ µ¡§µ· µ¸´µ¢´ÒÌ
Ë¨§¨Î¥¸±¨Ì ·¥§Ê²ÓÉ Éµ¢. �¸´µ¢´Ò¥ ¨¸¸²¥¤µ¢ ´¨Ö ´  ¨³¶Ê²Ó¸´ÒÌ ·¥ ±Éµ· Ì �ˆŸˆ (ˆ��, ˆ��-30,
ˆ��-2) ¸¢Ö§ ´Ò ¸ ±¨´¥É¨±µ° µ·¨¥´É Í¨µ´´ÒÌ Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢ ¶¥·¢µ£µ ·µ¤ , ¨´¤ÊÍ¨·µ¢ ´´ÒÌ
¢ ³µ´µ±·¨¸É ²² Ì (´ ¡²Õ¤¥´¨¥ ¶·µÍ¥¸¸µ¢ É· ´¸Ëµ·³ Í¨¨ § ·µ¤ÒÏ¥° ´µ¢µ° Ë §Ò, µ¡´ ·Ê¦¥´¨¥
¨ ¨§ÊÎ¥´¨¥ ¤¨´ ³¨Î¥¸±µ£µ £¨¸É¥·¥§¨¸ ),   É ±¦¥ ¸ ¨§³¥·¥´¨¥³  ´É¨Ë¥··µ³ £´¨É´µ£µ Ê¶µ·Ö¤µÎ¥-
´¨Ö, ¨´¤ÊÍ¨·µ¢ ´´µ£µ ¢´¥Ï´¨³ ³ £´¨É´Ò³ ¶µ²¥³. �  ´¥°É·µ´´µ³ ¨¸ÉµÎ´¨±¥ ¢ KEK (Ÿ¶µ´¨Ö),
· ¡µÉ ÕÐ¥³ ´  µ¸´µ¢¥ ¶·µÉµ´´µ£µ Ê¸±µ·¨É¥²Ö, ¨§ÊÎ ²¨¸Ó ³ £´¨É´Ò¥ Ë §µ¢Ò¥ ¶¥·¥Ìµ¤Ò, ¨´¤ÊÍ¨-
·µ¢ ´´Ò¥ ¶µ²¥³ ¤µ 160 ±� ¢ ´¥¸±µ²Ó±¨Ì ³ £´¨ÉµÊ¶µ·Ö¤µÎ¥´´ÒÌ ¢¥Ð¥¸É¢ Ì. �  TRIGA-·¥ ±Éµ·¥
(‚¥´ ) ¢ ·¥¦¨³¥ µ¤¨´µÎ´ÒÌ ¢¸¶ÒÏ¥± ³µÐ´µ¸É¨ ¢Ò¶µ²´¥´ Ô±¸¶¥·¨³¥´É ¶µ ´ ¡²Õ¤¥´¨Õ ¸¶¨´-
Ë²µ¶-¶¥·¥Ìµ¤  ¢ MnF2.

Methodical bases for neutron researches of magnetic properties of crystal substances with use
of a pulsed magnetic ˇeld and analysis of possible application of various neutron sources in this area
are submitted. The review of the most interesting physical results is presented. Main investigations
on pulsed reactors of JINR (IBR, IBR-30, IBR-2) are researches on kinetics of the ˇrst order re-
orientational phase transitions induced in single crystals (supervision of transformation processes of
the new phase domains, observation and study of a dynamic hysteresis), and also measurement of
antiferromagnetic ordering induced by an external magnetic ˇeld. Magnetic phase transitions, induced
by a ˇeld up to 160 kOe in several magnetic ordering substances, were studied on the pulsed neutron
source used on the basis of proton accelerator in KEK (Japan). Experiment on observation of spin-
op
transition in MnF2 was carried out on TRIGA-reactor in Vienna in a mode of single 
ashes of power.

1. Œ…’�„ˆ—…‘Šˆ… �‘��‚› �…‰’����›• ˆ‘‘‹…„�‚��ˆ‰
‘ ˆŒ�“‹œ‘�›Œ Œ�ƒ�ˆ’�›Œ ��‹…Œ

�·¥¨³ÊÐ¥¸É¢  ¨¸¶µ²Ó§µ¢ ´¨Ö ¢ Ë¨§¨±¥ ±µ´¤¥´¸¨·µ¢ ´´ÒÌ ¸·¥¤ · ¸¸¥-
Ö´¨Ö ´¥°É·µ´µ¢ ¢ ¸µÎ¥É ´¨¨ ¸ ³ £´¨É´Ò³ ¶µ²¥³ ¸¢Ö§ ´Ò, ¶·¥¦¤¥ ¢¸¥£µ, ¸
Ê´¨± ²Ó´Ò³¨ ¢µ§³µ¦´µ¸ÉÖ³¨ ¶·¨³¥´¥´¨Ö ¤¨Ë· ±Í¨¨ ´¥°É·µ´µ¢ ¤²Ö ¨§ÊÎ¥-
´¨Ö ¸É·Ê±ÉÊ·Ò ±·¨¸É ²²¨Î¥¸±¨Ì ¢¥Ð¥¸É¢. ’ ±¨¥ ®±² ¸¸¨Î¥¸±¨¥¯ ³¥Éµ¤Ò, ± ±
¨§³¥·¥´¨¥ ´ ³ £´¨Î¥´´µ¸É¨, ³ £´¨Éµ¸É·¨±Í¨¨, ³ £´¨ÉµÉ¥¶²µ¢µ£µ ÔËË¥±É ,
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³ £´¨É´µ£µ ·¥§µ´ ´¸ , Î ¸Éµ ´¥ ¤ ÕÉ ¶µ²´µ£µ ¶·¥¤¸É ¢²¥´¨Ö µ¡ ¨¸É¨´´µ°
±·¨¸É ²²¨Î¥¸±µ° ¸É·Ê±ÉÊ·¥ Ë §µ¢ÒÌ ¸µ¸ÉµÖ´¨° ¢¥Ð¥¸É¢ ,   ¥¸²¨ ¨ ¶µ§¢µ²ÖÕÉ
¶µ²ÊÎ¨ÉÓ ¨¸Î¥·¶Ò¢ ÕÐÊÕ ± ·É¨´Ê, Éµ Éµ²Ó±µ ¶µ¸²¥ ¢¸¥¸Éµ·µ´´¥£µ ¨¸¸²¥¤µ-
¢ ´¨Ö ¸ ¨¸¶µ²Ó§µ¢ ´¨¥³ · §²¨Î´ÒÌ ¢§ ¨³´µ ¤µ¶µ²´ÖÕÐ¨Ì ³¥Éµ¤µ¢. ˆ Éµ²Ó±µ
¤¨Ë· ±Í¨Ö ´¥°É·µ´µ¢ ¤ ¥É µ¤´µ§´ Î´ÊÕ ¨´Ëµ·³ Í¨Õ µ ¸É·Ê±ÉÊ·¥, ±·¨¸É ²²¨-
Î¥¸±µ° ¨ ³ £´¨É´µ°, · §²¨Î´ÒÌ Ë §µ¢ÒÌ ¸µ¸ÉµÖ´¨° ¨ · §²¨Î´ÒÌ ±µ³¶µ´¥´Éµ¢
¢¥Ð¥¸É¢  ¨ µ¡ ¥¥ ¨§³¥´¥´¨¨ ¶·¨ ¤¥°¸É¢¨¨ ¢´¥Ï´¥£µ ¶µ²Ö.

�µ¸ÉµÖ´´µ¥ ³ £´¨É´µ¥ ¶µ²¥ Ï¨·µ±µ ¨¸¶µ²Ó§Ê¥É¸Ö ¢ ´¥°É·µ´´ÒÌ ¨¸¸²¥-
¤µ¢ ´¨ÖÌ ´  ¸É Í¨µ´ ·´ÒÌ ·¥ ±Éµ· Ì. �µ ¢¥²¨Î¨´  ¶µ²Ö ¶·¨ ÔÉµ³, §  µÎ¥´Ó
·¥¤±¨³ ¨¸±²ÕÎ¥´¨¥³, ´¥ ¶·¥¢ÒÏ ¥É 100 ±�, ÎÉµ µ¡Ê¸²µ¢²¥´µ §´ Î¨É¥²Ó´Ò³¨
É¥Ì´¨Î¥¸±¨³¨ ¸²µ¦´µ¸ÉÖ³¨, ±µÉµ·Ò¥ ¢µ§´¨± ÕÉ ¶·¨ ¶µ¶ÒÉ±¥ ¶µ¢Ò¸¨ÉÓ ÔÉµÉ
¶µ·µ£ ¢ ´¥°É·µ´´ÒÌ Ô±¸¶¥·¨³¥´É Ì. ‚ ¸¢µÕ µÎ¥·¥¤Ó, ¤µ¢µ²Ó´µ · ¸¶·µ¸É· -
´¥´´Ò³ Ö¢²Ö¥É¸Ö ¨¸¶µ²Ó§µ¢ ´¨¥ ¢ ³ £´¨É´ÒÌ ¨§³¥·¥´¨ÖÌ ¨³¶Ê²Ó¸´µ£µ ³ £-
´¨É´µ£µ ¶µ²Ö ¸  ³¶²¨ÉÊ¤µ° ¤µ ´¥¸±µ²Ó±¨Ì ¸µÉ¥´ ±¨²µÔ·¸É¥¤. �¤´ ±µ ¶·¨³¥-
´¥´¨¥ ¨³¶Ê²Ó¸´µ£µ ¶µ²Ö ¢ ´¥°É·µ´´ÒÌ ¨¸¸²¥¤µ¢ ´¨ÖÌ ¸¢Ö§ ´µ ¸ ´¥µ¡Ìµ¤¨³µ-
¸ÉÓÕ ¨³¥ÉÓ ¤µ¸É ÉµÎ´µ ¢Ò¸µ±¨¥ ³£´µ¢¥´´Ò¥ ¶µÉµ±¨ ´¥°É·µ´µ¢ ¨ ¸ ¸µ§¤ ´¨¥³
¨³¶Ê²Ó¸´ÒÌ ³ £´¨É´ÒÌ Ê¸É ´µ¢µ±, ¸ÊÐ¥¸É¢¥´´µ ¶·¥¢ÒÏ ÕÐ¨Ì ¶µ ¸²µ¦´µ-
¸É¨ ¨ ¶µ ³µÐ´µ¸É¨  ´ ²µ£¨Î´Ò¥ Ê¸É ´µ¢±¨, ¨¸¶µ²Ó§Ê¥³Ò¥ ¢ ³ £´¨É´ÒÌ (´¥
´¥°É·µ´´ÒÌ) ¨§³¥·¥´¨ÖÌ.

‚ ´¥°É·µ´´ÒÌ ¨¸¸²¥¤µ¢ ´¨ÖÌ ³ £´¨É´ÒÌ ¸¢µ°¸É¢ ±µ´¤¥´¸¨·µ¢ ´´ÒÌ ¸·¥¤
´  ¨³¶Ê²Ó¸´ÒÌ ¨¸ÉµÎ´¨± Ì ¸ ¨³¶Ê²Ó¸´Ò³ ³ £´¨É´Ò³ ¶µ²¥³ ¨¸¶µ²Ó§Ê¥É¸Ö ³¥-
Éµ¤ ¢·¥³¥´¨ ¶·µ²¥É  [1Ä5]. �¶·¥¤¥²¥´´Ò³ µ¡· §µ³ ¸µ·¨¥´É¨·µ¢ ´´Ò° ³µ-
´µ±·¨¸É ²²¨Î¥¸±¨° µ¡· §¥Í ¶µ³¥Ð ¥É¸Ö ¢ ®¡¥²Ò°¯ ¶ÊÎµ± ´¥°É·µ´µ¢. ‘ ¶µ-
³µÐÓÕ ¤¥É¥±Éµ· , Ê¸É ´µ¢²¥´´µ£µ ¶µ¤ § ¤ ´´Ò³ Ê£²µ³ ± ¶¥·¢¨Î´µ³Ê ¶ÊÎ±Ê,
¶µ²ÊÎ ÕÉ ¢·¥³¥´´µ° ¸¶¥±É· · ¸¸¥Ö´´ÒÌ ´¥°É·µ´µ¢, ¸µ¸ÉµÖÐ¨° ¨§ ´ ¡µ·  ¤¨-
Ë· ±Í¨µ´´ÒÌ ¶¨±µ¢ (·¨¸. 1,¡). �  ·¨¸. 1,  ¶µ± § ´  £¥µ³¥É·¨Ö ¨§³¥·¥´¨° ¸
¶·¥¤¢ ·¨É¥²Ó´µ° ³µ´µÌ·µ³ É¨§ Í¨¥° ´¥°É·µ´µ¢ (µ¡¥ £¥µ³¥É·¨¨ ¨¸¶µ²Ó§µ¢ -
²¨¸Ó ¢ ¨§³¥·¥´¨ÖÌ ´  ¨³¶Ê²Ó¸´µ³ ·¥ ±Éµ·¥ ˆ��-30). �¡ÒÎ´µ Ï¨·¨´  ± -
¦¤µ£µ ¶¨±  ¸µ¸É ¢²Ö¥É 100Ä300 ³±¸, ¢ § ¢¨¸¨³µ¸É¨ µÉ ¤²¨É¥²Ó´µ¸É¨ ¢¸¶ÒÏ±¨
´¥°É·µ´´µ£µ ¨¸ÉµÎ´¨± . ˆ³¶Ê²Ó¸ ³ £´¨É´µ£µ ¶µ²Ö ¤²¨É¥²Ó´µ¸ÉÓÕ 0,5Ä3 ³¸
¸¨´Ì·µ´¨§¨·ÊÕÉ ¸ ¤¨Ë· ±Í¨µ´´Ò³ ¶¨±µ³, ÎÊ¢¸É¢¨É¥²Ó´Ò³ ± ¶µ²Õ. ‚ ·Ö¤¥
· ¡µÉ, µ¸µ¡¥´´µ ¢ É¥Ì ¸²ÊÎ ÖÌ, ±µ£¤  ³µÐ´µ¸ÉÓ ´¥°É·µ´´µ£µ ¨¸ÉµÎ´¨±  ´¥¢¥-
²¨± , ¨¸¶µ²Ó§Ê¥É¸Ö ¨³¶Ê²Ó¸ ¶µ²Ö ¸¨´Ê¸µ¨¤ ²Ó´µ° Ëµ·³Ò ¸ ¤²¨É¥²Ó´µ¸ÉÓÕ,
¸ÊÐ¥¸É¢¥´´µ ¶·¥¢ÒÏ ÕÐ¥° Ï¨·¨´Ê ¤¨Ë· ±Í¨µ´´µ£µ ¶¨± , ³ ±¸¨³Ê³ ±µ-
Éµ·µ£µ ¸µ¢¶ ¤ ¥É ¢µ ¢·¥³¥´¨ ¸ ¢¥·Ï¨´µ° ¸¨´Ê¸µ¨¤Ò, ÎÉµ¡Ò ³µ¦´µ ¡Ò²µ
¶·¥´¥¡·¥ÎÓ ¨§³¥´¥´¨¥³ ¶µ²Ö ¢ ¶·¥¤¥² Ì ¶¨± . �  ·¨¸. 2 ¶µ± § ´µ ¢·¥³¥´-
´µ¥ ¸µµÉ¢¥É¸É¢¨¥ ³¥¦¤Ê ¶µ²ÊÎ ¥³Ò³ ¸¶¥±É·µ³ ´¥°É·µ´µ¢ ¨ ¨³¶Ê²Ó¸µ³ ¶µ²Ö,
¸µ¢³¥Ð¥´´Ò³ ¸ ¨¸¸²¥¤Ê¥³Ò³ ¶¨±µ³ (¢ ¤¥°¸É¢¨É¥²Ó´µ¸É¨, ±µ´¥Î´µ, ¨³¶Ê²Ó¸
¶·¨±² ¤Ò¢ ¥É¸Ö ¸ µ¶¥·¥¦¥´¨¥³ ´  ¢·¥³Ö, · ¢´µ¥ ¢·¥³¥´¨ ¶·µ²¥É  ´¥°É·µ-
´µ¢ µÉ µ¡· §Í  ¤µ ¤¥É¥±Éµ· ). ‚ É ±¨Ì ¨§³¥·¥´¨ÖÌ µ¶·¥¤¥²Ö¥É¸Ö § ¢¨¸¨³µ¸ÉÓ
¶²µÐ ¤¨ ¶¨±  µÉ  ³¶²¨ÉÊ¤Ò ¨³¶Ê²Ó¸  ¶µ²Ö. �µ²ÓÏ Ö Î ¸ÉÓ Éµ±µ¢µ£µ ¨³-
¶Ê²Ó¸  ¶·¨ ÔÉµ³ ¨¤¥É ²¨ÏÓ ´  ´ £·¥¢ ³ £´¨É , ÎÉµ ¸¨²Ó´µ µ£· ´¨Î¨¢ ¥É
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�¨¸. 1. ƒ¥µ³¥É·¨Ö Ô±¸¶¥·¨³¥´Éµ¢ ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ´  ˆ��-30: 1 Å  ±É¨¢´ Ö §µ´ 
·¥ ±Éµ· , 2 Å § ³¥¤²¨É¥²Ó ´¥°É·µ´µ¢, 3 Å ±·¨¸É ²²¨Î¥¸±¨° ³µ´µÌ·µ³ Éµ·, 4 Å
³µ´µ±·¨¸É ²²¨Î¥¸±¨° µ¡· §¥Í, 5 Å ¨³¶Ê²Ó¸´Ò° ³ £´¨É, 6 Å ¤¥É¥±Éµ· ´¥°É·µ´µ¢

�¨¸. 2. ‚·¥³¥´´µ¥ ¸µµÉ¢¥É¸É¢¨¥ ³¥¦¤Ê
¸¶¥±É·µ³ · ¸¸¥Ö´´ÒÌ ´¥°É·µ´µ¢ ¨ ¨³-
¶Ê²Ó¸µ³ ³ £´¨É´µ£µ ¶µ²Ö ¢ ¸²ÊÎ ¥
¨§³¥·¥´¨Ö § ¢¨¸¨³µ¸É¨ ¶²µÐ ¤¨ ¤¨-
Ë· ±Í¨µ´´µ£µ ¶¨±  µÉ  ³¶²¨ÉÊ¤Ò ¨³-
¶Ê²Ó¸µ¢

¢µ§³µ¦´ÊÕ Î ¸ÉµÉÊ ¨³¶Ê²Ó¸µ¢ ¶µ²Ö, ´¥ ¶µ§¢µ²ÖÖ ¶·¨¡²¨§¨ÉÓ¸Ö ± Î ¸ÉµÉ¥
¢¸¶ÒÏ¥± ¨¸ÉµÎ´¨±  ´¥°É·µ´µ¢. �µ²¥¥ ¶·µ£·¥¸¸¨¢´Ò³ Ö¢²Ö¥É¸Ö ³¥Éµ¤, ¢ ¸µ-
µÉ¢¥É¸É¢¨¨ ¸ ±µÉµ·Ò³ ¤²¨É¥²Ó´µ¸ÉÓ ¨³¶Ê²Ó¸  ³ £´¨É´µ£µ ¶µ²Ö ¸· ¢´¨³  ¶µ
¢¥²¨Î¨´¥ ¸ Ï¨·¨´µ° ¤¨Ë· ±Í¨µ´´µ£µ µÉ· ¦¥´¨Ö (¸³. ·¨¸. 3). ‚ ¸¢Ö§¨ ¸ ÔÉ¨³
µ¸É ´µ¢¨³¸Ö ´  ¢µ¶·µ¸¥ µ ¢·¥³¥´´µ³ ¨ ¶µ²¥¢µ³ · §·¥Ï¥´¨¨ ¶·¨ · ¡µÉ¥ ¸
¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ [6,7].

�·¨ µ¶·¥¤¥²¥´¨¨ § ¢¨¸¨³µ¸É¨ ¨´É¥´¸¨¢´µ¸É¨ µÉ ¢¥²¨Î¨´Ò ¶µ²Ö ´¥É ´¥µ¡-
Ìµ¤¨³µ¸É¨ ¢ ¸ÊÐ¥¸É¢¥´´µ³ Ê¢¥²¨Î¥´¨¨ ¤²¨É¥²Ó´µ¸É¨ ³ £´¨É´ÒÌ ¨³¶Ê²Ó¸µ¢.
�·¨ ¡Ò¸É·µ³ ¨§³¥´¥´¨¨ ¸µ¸ÉµÖ´¨Ö µ¡· §Í  ¢·¥³¥´´µ¥ · §·¥Ï¥´¨¥ ¨ ¸¢Ö-
§ ´´µ¥ ¸ ´¨³ · §·¥Ï¥´¨¥ ¶µ ¢¥²¨Î¨´¥ ¶µ²Ö µ¶·¥¤¥²ÖÕÉ¸Ö ²¨ÏÓ ¸É¥¶¥´ÓÕ
¶¥·¥³¥Ï¨¢ ´¨Ö ¨´Ëµ·³ Í¨¨ ¶·¨ ¶¥·¥¤ Î¥ ¥¥ ´¥°É·µ´ ³¨ µÉ µ¡· §Í  ± ·¥£¨-
¸É·¨·ÊÕÐ¥° ¸¨¸É¥³¥. �Éµ ¶¥·¥³¥Ï¨¢ ´¨¥ ¸¢Ö§ ´µ, ¶·¥¦¤¥ ¢¸¥£µ, ¸ ´¥³µ´µ-
Ì·µ³ É¨Î´µ¸ÉÓÕ ∆λ ´¥°É·µ´µ¢, ±µÉµ·Ò¥ · ¸¸¥¨¢ ÕÉ¸Ö ´  µ¡· §Í¥ ¢ ± ¦¤Ò°
³µ³¥´É ¢·¥³¥´¨. �¥°É·µ´Ò ¸ · §²¨Î´Ò³¨ ¤²¨´ ³¨ ¢µ²´ ¨§ ÔÉµ£µ ¤¨ ¶ §µ´ ,
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�¨¸. 3. ‚·¥³¥´´µ¥ ¸µµÉ¢¥É¸É¢¨¥ ³¥¦¤Ê
¤¨Ë· ±Í¨µ´´Ò³ µÉ· ¦¥´¨¥³ (224) ¤²Ö
Cr2O3 ¨ ¨³¶Ê²Ó¸µ³ ³ £´¨É´µ£µ ¶µ²Ö.
�¶·¥¤¥²ÖÕÉ¸Ö ¨´É¥´¸¨¢´µ¸ÉÓ ¨ ¢¥²¨-
Î¨´  ¶µ²Ö ¢ ± ¦¤µ³ ¢·¥³¥´´µ³ ± -
´ ²¥. ˜¨·¨´  ¢·¥³¥´´µ£µ ± ´ ²  τ =
4 ³±¸. „²¨É¥²Ó´µ¸ÉÓ ³ £´¨É´µ£µ ¨³-
¶Ê²Ó¸  455 ³±¸. �  ¢¸É ¢±¥ ¶µ± § ´ 
£¥µ³¥É·¨Ö ¨§³¥·¥´¨°; γ Å Ê£µ² ³¥¦¤Ê
´ ¶· ¢²¥´¨¥³ ³ £´¨É´µ£µ ¶µ²Ö ¨ ·µ³-
¡µÔ¤·¨Î¥¸±µ° µ¸ÓÕ ¢ £µ·¨§µ´É ²Ó´µ°
¶²µ¸±µ¸É¨

¢µ¸¶·¨´Ö¢Ï¨¥ ¨´Ëµ·³ Í¨Õ µ ± ±µ³-²¨¡µ ³µ³¥´É¥ ¶¥·¥Ìµ¤´µ£µ ¶·µÍ¥¸¸ ,
¤ ²¥¥ ®· §³ §Ò¢ ÕÉ¯ ¥¥ ¶µ ¢·¥³¥´¨ ·¥£¨¸É· Í¨¨ §  ¸Î¥É · §²¨Î´µ£µ ¢·¥³¥´¨
¶·µ²¥É  · ¸¸ÉµÖ´¨Ö µÉ µ¡· §Í  ¤µ ¤¥É¥±Éµ· . ‚¥²¨Î¨´  ∆λ µ¶·¥¤¥²Ö¥É¸Ö ±µ²-
²¨³ Í¨¥° ¶ÊÎ±µ¢ ¨ ³µ§ ¨Î´µ¸ÉÓÕ ³µ´µ±·¨¸É ²² ,   É ±¦¥ ¤¨ ¶ §µ´µ³ ¤²¨´
¢µ²´ ´¥°É·µ´µ¢, ¶ ¤ ÕÐ¨Ì ¢ ± ¦¤Ò° ³µ³¥´É ¢·¥³¥´¨ ´  µ¡· §¥Í, ¢ ¸²ÊÎ ¥ ¨³-
¶Ê²Ó¸´µ£µ Ì · ±É¥·  ®¡¥²µ£µ¯ ¶¥·¢¨Î´µ£µ ¶ÊÎ± . Š·µ³¥ Éµ£µ, ´  ¢·¥³¥´´µ³
· §·¥Ï¥´¨¨ ¶·µÖ¢²Ö¥É¸Ö ´¥µ¶·¥¤¥²¥´´µ¸ÉÓ ¢ ¶·µ²¥É´µ³ · ¸¸ÉµÖ´¨¨ ³¥¦¤Ê
ÉµÎ± ³¨ · ¸¸¥Ö´¨Ö ¨ ·¥£¨¸É· Í¨¨ ´¥°É·µ´µ¢ ¤¥É¥±Éµ·µ³. ‚ ·¥§Ê²ÓÉ É¥, ¥¸²¨
L1 Å · ¸¸ÉµÖ´¨¥ ³¥¦¤Ê ¨¸ÉµÎ´¨±µ³ ´¥°É·µ´µ¢ ¨ µ¡· §Íµ³, L2 Å ¸·¥¤´¥¥
· ¸¸ÉµÖ´¨¥ ³¥¦¤Ê µ¡· §Íµ³ ¨ ¤¥É¥±Éµ·µ³, Éµ ¢·¥³¥´´µ¥ · §·¥Ï¥´¨¥

∆t = c
√

(L2∆λ)2 + (λ0∆L2)2, (1)

£¤¥

∆λ =

[(
cL1

τs

)2

+
(

tg θB

λ0∆θB

)2
]−0,5

,

τs Å ¤²¨É¥²Ó´µ¸ÉÓ ¢¸¶ÒÏ±¨ ¨¸ÉµÎ´¨±  ´¥°É·µ´µ¢ (¢ ³±¸), λ0 Å ¸·¥¤´ÖÖ
¤²¨´  ¢µ²´Ò (¢ �A), ∆θB Å ´¥µ¶·¥¤¥²¥´´µ¸ÉÓ ¢ §´ Î¥´¨¨ Ê£²  �·Ô££ , ¸¢Ö§ ´-
´ Ö ¸ ³µ§ ¨Î´µ¸ÉÓÕ ±·¨¸É ²²  ¨ ±µ²²¨³ Í¨¥° ¶ÊÎ±µ¢, ∆L2 Å ´¥µ¶·¥¤¥²¥´-
´µ¸ÉÓ ¢ ¶·µ²¥É´µ³ · ¸¸ÉµÖ´¨¨, µ¡Ê¸²µ¢²¥´´ Ö · §³¥· ³¨ µ¡· §Í  ¨ Éµ²Ð¨´µ°

¤¥É¥±Éµ· , c = 2, 52 ³±¸·�A−1·¸³−1. ‚ ¸µµÉ¢¥É¸É¢¨¨ ¸ (1) ³µ¦´µ ¤µ¸É¨£´ÊÉÓ
¢·¥³¥´´µ£µ · §·¥Ï¥´¨Ö, · ¢´µ£µ 2Ä4 ³±¸ (¢ § ¢¨¸¨³µ¸É¨ µÉ ¸·¥¤´¥° ¤²¨´Ò
¢µ²´Ò).

‘µµÉ¢¥É¸É¢¥´´µ ¤²Ö ¸¨´Ê¸µ¨¤ ²Ó´µ£µ ¨³¶Ê²Ó¸  ¸  ³¶²¨ÉÊ¤µ° Hm ¨ ¤²¨-
É¥²Ó´µ¸ÉÓÕ (¶µ µ¸´µ¢ ´¨Õ) TH · §·¥Ï¥´¨¥ ¶µ ¢¥²¨Î¨´¥ ¶µ²Ö · ¢´µ

∆H

Hm
=

π

TH
∆t

∣∣∣∣cos π
t

TH

∣∣∣∣ . (2)
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…¸²¨ ¤²¨É¥²Ó´µ¸ÉÓ ¨³¶Ê²Ó¸  ¶µ²Ö · ¢´  1Ä2 ³¸, ³µ¦´µ ¡¥§ µ¸µ¡ÒÌ § -
É·Ê¤´¥´¨° ¨³¥ÉÓ ¶µ²¥¢µ¥ · §·¥Ï¥´¨¥ µ±µ²µ 1 % (±µ´¥Î´µ, ¶·¨ Ê¸²µ¢¨¨, ÎÉµ
Ï¨·¨´  µ¤´µ£µ ± ´ ²  ¢·¥³¥´´µ£µ  ´ ²¨§ Éµ·  ´¥ ¶·¥¢ÒÏ ¥É ¢¥²¨Î¨´Ê ∆t).

�· ±É¨Î¥¸±¨ ¨³¶Ê²Ó¸ ¶µ²Ö ¨ ¤¨Ë· ±Í¨µ´´Ò° ¶¨± ³µ£ÊÉ ¡ÒÉÓ ¡²¨§±¨³¨
¶µ ¤²¨É¥²Ó´µ¸É¨. ˆ´É¥´¸¨¢´µ¸É¨ ¢ ± ¦¤µ³ ± ´ ²¥ ¢·¥³¥´´µ° · §¢¥·É±¨ ¸¶¥±-
É·  ¸µµÉ¢¥É¸É¢Ê¥É ¸¢µ¥ §´ Î¥´¨¥ ³ £´¨É´µ£µ ¶µ²Ö. ‚ ·¥§Ê²ÓÉ É¥ ¸· §Ê ¢
± ¦¤µ³ ¨§³¥·¥´¨¨ ¶µ²ÊÎ ¥É¸Ö § ¢¨¸¨³µ¸ÉÓ µÉ· ¦ ÕÐ¥° ¸¶µ¸µ¡´µ¸É¨ ±·¨¸-
É ²²  µÉ ¶µ²Ö, ¨§³¥´ÖÕÐ¥£µ¸Ö ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ Ëµ·³µ° ³ £´¨É´µ£µ
¨³¶Ê²Ó¸ .

�¤´ ±µ µÎ¥¢¨¤´µ, ÎÉµ Ê³¥´ÓÏ¥´¨¥ ¤²¨É¥²Ó´µ¸É¨ ³ £´¨É´ÒÌ ¨³¶Ê²Ó¸µ¢
¤µ¶Ê¸É¨³µ Éµ²Ó±µ ¢ É¥Ì ¸²ÊÎ ÖÌ, ±µ£¤  µ¶·¥¤¥²Ö¥É¸Ö ³ £´¨É´ Ö ¸É·Ê±ÉÊ· 
¸É Í¨µ´ ·´ÒÌ ¸µ¸ÉµÖ´¨°, Ê¸É ´ ¢²¨¢ ÕÐ¨Ì¸Ö ¸ ³ ²Ò³ ¢·¥³¥´¥³ ·¥² ±¸ Í¨¨.
�·¨ µÉ´µ¸¨É¥²Ó´µ ³¥¤²¥´´ÒÌ ¶·µÍ¥¸¸ Ì ·¥² ±¸ Í¨¨ ´¥µ¡Ìµ¤¨³µ Ê³¥´ÓÏ ÉÓ
¸±µ·µ¸ÉÓ ¨§³¥´¥´¨Ö ¶µ²Ö.

�É³¥É¨³, ÎÉµ ¶·¨ ¤¨Ë· ±Í¨¨ ·¥´É£¥´µ¢¸±¨Ì ²ÊÎ¥°, ´ ¶·¨³¥·, ¸ ¨¸¶µ²Ó-
§µ¢ ´¨¥³ ¨¸ÉµÎ´¨±  ¸¨´Ì·µÉ·µ´´µ£µ ¨§²ÊÎ¥´¨Ö, µÉ¶ ¤ ÕÉ µ£· ´¨Î¥´¨Ö ¢ · §-
·¥Ï¥´¨¨, ¢Ò§¢ ´´Ò¥ ´¥³µ´µÌ·µ³ É¨Î´µ¸ÉÓÕ ·¥£¨¸É·¨·Ê¥³µ£µ ¨§²ÊÎ¥´¨Ö ¨
±µ´¥Î´µ¸ÉÓÕ · §³¥·µ¢ µ¡· §Í  ¨ ¤¥É¥±Éµ· . ‚ ÔÉµ³ ¸²ÊÎ ¥ ¢·¥³¥´´µ¥ · §-
·¥Ï¥´¨¥ ¨, ¸µµÉ¢¥É¸É¢¥´´µ, · §·¥Ï¥´¨¥ ¶µ ¢¥²¨Î¨´¥ ¶·¨²µ¦¥´´µ£µ ± ¨¸-
¸²¥¤Ê¥³µ³Ê µ¡· §ÍÊ ¢´¥Ï´¥£µ ¨³¶Ê²Ó¸´µ£µ ¢µ§¤¥°¸É¢¨Ö ¡Ê¤ÊÉ µ¶·¥¤¥²ÖÉÓ¸Ö
Éµ²Ó±µ ¢·¥³¥´´µ° ¤¨¸±·¥É´µ¸ÉÓÕ ·¥£¨¸É· Í¨¨ ¨§²ÊÎ¥´¨Ö, É.¥. ÔËË¥±É¨¢´µ°
Ï¨·¨´µ° ¢·¥³¥´´µ£µ ± ´ ²  ¶·¨ µ¶·¥¤¥²¥´¨¨ ¢·¥³¥´´µ° § ¢¨¸¨³µ¸É¨ ¨´-
É¥´¸¨¢´µ¸É¨ · ¸¸¥Ö´´µ£µ ¨§²ÊÎ¥´¨Ö, ¨ ¤²¨É¥²Ó´µ¸ÉÓÕ Ô²¥±É·µ´´µ£µ ¨³¶Ê²Ó¸ 
µÉ ± ¦¤µ£µ ±¢ ´É  ¨§²ÊÎ¥´¨Ö. �É¨ ¢¥²¨Î¨´Ò ³µ£ÊÉ ¡ÒÉÓ ¸¢¥¤¥´Ò ± ¤¥¸ÖÉÒ³
¤µ²Ö³ ³¨±·µ¸¥±Ê´¤Ò.

�¥·¢ Ö · ¡µÉ  ¶µ ¨¸¶µ²Ó§µ¢ ´¨Õ ¨³¶Ê²Ó¸´µ£µ ¶µ²Ö ¢ ¤¨Ë· ±Í¨µ´´ÒÌ
¨¸¸²¥¤µ¢ ´¨ÖÌ ¡Ò²  ¢Ò¶µ²´¥´  ¢ 1968 £. ¢ ‹ ¡µ· Éµ·¨¨ ´¥°É·µ´´µ° Ë¨§¨±¨
�ˆŸˆ. �  ¨³¶Ê²Ó¸´µ³ ·¥ ±Éµ·¥ ¶¥·¨µ¤¨Î¥¸±µ£µ ¤¥°¸É¢¨Ö ˆ�� ¡Ò²  ¸µ§¤ ´ 
¨³¶Ê²Ó¸´ Ö ³ £´¨É´ Ö Ê¸É ´µ¢±  ˆŒ“-1 ¨ ¶·¨ ³µÐ´µ¸É¨ ·¥ ±Éµ·  6 ±‚É ¢
·¥¦¨³¥ ·¥¤±¨Ì ¢¸¶ÒÏ¥± 0,2 ¸−1 ¶·µ¢¥¤¥´Ò ¨§³¥·¥´¨Ö ³ £´¨É´µ° ¸É·Ê±ÉÊ·Ò
£¥³ É¨É  (α−Fe2O3) ¢ ¶µ²¥ ¤µ 120 ±� [3,8]. �É³¥É¨³, ÎÉµ ³ ±¸¨³ ²Ó´µ¥ ³ £-
´¨É´µ¥ ¶µ²¥ ¢ ¶µ¸ÉµÖ´´µ³ ·¥¦¨³¥, ¨¸¶µ²Ó§Ê¥³µ¥ ¢ Éµ ¢·¥³Ö ¶·¨ ¤¨Ë· ±Í¨¨
´¥°É·µ´µ¢ ´  ¸É Í¨µ´ ·´ÒÌ ·¥ ±Éµ· Ì, ´¥ ¶·¥¢ÒÏ ²µ 45 ±�.

‘ § ¶Ê¸±µ³ ¢ �ˆŸˆ ¡µ²¥¥ ³µÐ´ÒÌ ¨³¶Ê²Ó¸´ÒÌ ·¥ ±Éµ·µ¢ (ˆ��-30,
ˆ��-2) ¸µ§¤ ¢ ²¨¸Ó, ¸µµÉ¢¥É¸É¢¥´´µ, ¡µ²¥¥ ¸µ¢¥·Ï¥´´Ò¥ ´¥°É·µ´´Ò¥ ¸¶¥±-
É·µ³¥É·Ò ¸ ¨³¶Ê²Ó¸´Ò³ ³ £´¨É´Ò³ ¶µ²¥³ (‘�ˆŒ-1, ‘�ˆŒ-2). �  ¸¶¥±É·µ-
³¥É·¥ ‘�ˆŒ-1 [9], ¨¸¶µ²Ó§Ê¥³µ³ ´  ˆ��-30 (³µÐ´µ¸ÉÓ 25 ±‚É, Î ¸ÉµÉ  ¢¸¶Ò-
Ï¥± 3,8Ä5,2 c−1), ¢ 1974Ä1978 ££. ¡Ò² ¢Ò¶µ²´¥´ Í¨±² ¨¸¸²¥¤µ¢ ´¨° [9Ä14] ¶µ
±¨´¥É¨±¥ Ë §µ¢µ° ¶¥·¥¸É·µ°±¨ ¶·¨ Ë §µ¢µ³ ¶¥·¥Ìµ¤¥ ¶¥·¢µ£µ ·µ¤ , ¨´¤ÊÍ¨-
·µ¢ ´´µ³ ¢ ³µ´µ±·¨¸É ²² Ì ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ¤µ 90 ±�. ‚ ÔÉ¨Ì Ô±¸¶¥·¨³¥´-
É Ì ¶·µÖ¢¨²¨¸Ó Ê´¨± ²Ó´Ò¥ ¢µ§³µ¦´µ¸É¨ ¸µÎ¥É ´¨Ö ¨³¶Ê²Ó¸´µ£µ ³ £´¨É´µ£µ
¶µ²Ö ¸ ¤¨Ë· ±Í¨¥° ´¥°É·µ´µ¢ ¢ ¨§ÊÎ¥´¨¨ ¶·µÍ¥¸¸µ¢ Ë §µ¢µ° ¶¥·¥¸É·µ°±¨,
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±µ£¤  § ·µ¤ÒÏ¨ ´µ¢µ£µ Ë §µ¢µ£µ ¸µ¸ÉµÖ´¨Ö ¨³¥ÕÉ ³¨±·µ¸±µ¶¨Î¥¸±¨¥ · §-
³¥·Ò ¶µ·Ö¤±  1000 �A.

Š 1988 £. ¡Ò² ¸µ§¤ ´ ¸¶¥±É·µ³¥É· ‘�ˆŒ-2 [15Ä18] ¤²Ö ´¥°É·µ´´ÒÌ ¨¸-
¸²¥¤µ¢ ´¨° ´  ·¥ ±Éµ·¥ ˆ��-2 (2 Œ‚É, 5 ¸−1). ˆ¸¶µ²Ó§µ¢ ´¨¥ ·¥ ±Éµ· ,
³µÐ´µ¸ÉÓ ±µÉµ·µ£µ ¶µÎÉ¨ ´  ¤¢  ¶µ·Ö¤±  ¡µ²ÓÏ¥, Î¥³ Ê ˆ��-30, ¶·µ¢µ¤± 
¶ÊÎ±  É¥¶²µ¢ÒÌ ´¥°É·µ´µ¢ ¶µ ®¨§µ£´ÊÉµ³Ê¯ §¥·± ²Ó´µ³Ê ´¥°É·µ´µ¢µ¤Ê, §´ -
Î¨É¥²Ó´µ ¡	µ²ÓÏ Ö ³µÐ´µ¸ÉÓ ³ £´¨É´µ° Ê¸É ´µ¢±¨ ¨  ¢Éµ³ É¨§ Í¨Ö µ¸´µ¢´ÒÌ
ËÊ´±Í¨° ¸¶¥±É·µ³¥É·  ¶µ§¢µ²¨²¨ §´ Î¨É¥²Ó´µ · ¸Ï¨·¨ÉÓ ±·Ê£ Ë¨§¨Î¥¸±¨Ì
§ ¤ Î, ±µÉµ·Ò¥ ³µ£ÊÉ ·¥Ï ÉÓ¸Ö ´  ¸¶¥±É·µ³¥É·¥. ‚ ·¥§Ê²ÓÉ É¥ ¢ ´ ¸ÉµÖÐ¥¥
¢·¥³Ö ‘�ˆŒ-2 ¶·¨£µ¤¥´ ¤²Ö ¶·µ¢¥¤¥´¨Ö ¨¸¸²¥¤µ¢ ´¨° ¢ ¸²¥¤ÊÕÐ¨Ì µ¡² -
¸ÉÖÌ:

1) ³ £´¨É´ Ö ¸É·Ê±ÉÊ·  Ë §µ¢ÒÌ ¸µ¸ÉµÖ´¨°, ¨´¤ÊÍ¨·µ¢ ´´ÒÌ ³ £´¨É´Ò³
¶µ²¥³;

2) ±¨´¥É¨±  ³ £´¨É´ÒÌ Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢, ¨´¤ÊÍ¨·µ¢ ´´ÒÌ ¨³¶Ê²Ó¸´Ò³
¶µ²¥³ ¢ ³µ´µ±·¨¸É ²²¨Î¥¸±¨Ì µ¡· §Í Ì;

3) ¤¨´ ³¨±  ³ £´¨É´µ° ¶µ¤¸¨¸É¥³Ò Ë §µ¢ÒÌ ¸µ¸ÉµÖ´¨°, ¨´¤ÊÍ¨·µ¢ ´´ÒÌ
³ £´¨É´Ò³ ¶µ²¥³; ¢ ¤ ´´µ³ ¸²ÊÎ ¥ ¨³¥¥É¸Ö ¢ ¢¨¤Ê ¨¸¶µ²Ó§µ¢ ´¨¥ ´¥Ê¶·Ê£µ£µ
±µ£¥·¥´É´µ£µ · ¸¸¥Ö´¨Ö ´¥°É·µ´µ¢;

4) ³ ²µÊ£²µ¢µ¥ ±·¨É¨Î¥¸±µ¥ ³ £´¨É´µ¥ · ¸¸¥Ö´¨¥ ´¥°É·µ´µ¢ ¶·¨ Ë §µ¢ÒÌ
¶¥·¥Ìµ¤ Ì ¢Éµ·µ£µ ·µ¤ , ¨´¤ÊÍ¨·µ¢ ´´ÒÌ ¢´¥Ï´¨³ ³ £´¨É´Ò³ ¶µ²¥³ (· ¸¸¥-
Ö´¨¥ ¢¡²¨§¨ ¤¨Ë· ±Í¨µ´´ÒÌ µÉ· ¦¥´¨° µÉ ³µ´µ±·¨¸É ²²µ¢).

�  ‘�ˆŒ-2 ¢Ò¶µ²´¥´µ ´¥¸±µ²Ó±µ Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ ¨¸¸²¥¤µ¢ ´¨° ¸
¨¸¶µ²Ó§µ¢ ´¨¥³ ¤¨Ë· ±Í¨¨ ´  ³µ´µ±·¨¸É ²²¨Î¥¸±¨Ì µ¡· §Í Ì. Š µ¸´µ¢´Ò³
¨§ ´¨Ì ³µ¦´µ µÉ´¥¸É¨ ¸²¥¤ÊÕÐ¨¥:

1) ´ ¡²Õ¤¥´¨¥ Ë §µ¢µ° ¶¥·¥¸É·µ°±¨, µ¸ÊÐ¥¸É¢²ÖÕÐ¥°¸Ö ¸¨´Ì·µ´´µ ¶µ
µ¡Ñ¥³Ê ³µ´µ±·¨¸É ²² , ¶·¨ ¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤¥ ¢ ±µ²²¨´¥ ·´ÒÌ  ´É¨Ë¥··µ-
³ £´¥É¨± Ì [19Ä21];

2) Ô±¸¶¥·¨³¥´ÉÒ ¶µ ¨§ÊÎ¥´¨Õ ¤¨´ ³¨Î¥¸±µ£µ £¨¸É¥·¥§¨¸  ¶·¨ ¸¶¨´-Ë²µ¶-
¶¥·¥Ìµ¤¥, ¨´¤ÊÍ¨·µ¢ ´´µ³ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³,   É ±¦¥ ¶·¨ Ë §µ¢µ³ ¶¥·¥Ìµ¤¥
¢ £¥³ É¨É¥ ¢ ¶µ²¥, ¶¥·¶¥´¤¨±Ê²Ö·´µ³ ·µ³¡µÔ¤·¨Î¥¸±µ° µ¸¨ ±·¨¸É ²²  [22,23];

3) ¨§ÊÎ¥´¨¥  ´É¨Ë¥··µ³ £´¨É´µ£µ Ê¶µ·Ö¤µÎ¥´¨Ö, ¨´¤ÊÍ¨·µ¢ ´´µ£µ ¢´¥Ï-
´¨³ ³ £´¨É´Ò³ ¶µ²¥³ ¢ HoFeO3 [24]: ¢ Î¥ÉÒ·¥Ì¶µ¤·¥Ï¥ÉµÎ´µ° ¶µ¤¸¨¸É¥³¥
¦¥²¥§  ¨´¤ÊÍ¨·Ê¥É¸Ö ³ £´¨É´Ò° ¶µ·Ö¤µ± ¸ Î¥·¥¤µ¢ ´¨¥³ §´ ±µ¢ ³ £´¨É´ÒÌ
±µ³¶µ´¥´É, µÉ²¨Î ÕÐ¨Ì¸Ö µÉ µ¸´µ¢´µ£µ  ´É¨Ë¥··µ³ £´¨É´µ£µ ¶µ·Ö¤± , ¸¢µ°-
¸É¢¥´´µ£µ ÔÉµ³Ê ¸µ¥¤¨´¥´¨Õ ¡¥§ ³ £´¨É´µ£µ ¶µ²Ö,   ¢ ¶µ¤¸¨¸É¥³¥ £µ²Ó³¨Ö
¨´¤ÊÍ¨·Ê¥É¸Ö  ´É¨Ë¥··µ³ £´¨É´µ¥ Ê¶µ·Ö¤µÎ¥´¨¥ ¨µ´µ¢ Ho+3, ´ Ìµ¤¨¢Ï¨Ì¸Ö
¶¥·¢µ´ Î ²Ó´µ ¢ ¶ · ³ £´¨É´µ³ ¸µ¸ÉµÖ´¨¨.

�ËË¥±ÉÒ ¶µ ¢¸¥³ É·¥³ Ê± § ´´Ò³ ¶Ê´±É ³,   É ±¦¥ ·¥§Ê²ÓÉ ÉÒ ¶µ · ¸-
¸¥Ö´¨Õ ´¥°É·µ´µ¢ ´  § ·µ¤ÒÏ Ì ´µ¢µ£µ Ë §µ¢µ£µ ¸µ¸ÉµÖ´¨Ö ¨¸¸²¥¤µ¢ ²¨¸Ó
Éµ²Ó±µ ´  ¸¶¥±É·µ³¥É· Ì ‘�ˆŒ-1 ¨ ‘�ˆŒ-2 ¨ ´¥ ´ ¡²Õ¤ ²¨¸Ó ± ±¨³¨-²¨¡µ
¤·Ê£¨³¨ ³¥Éµ¤ ³¨.
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�¨¸. 4. �¥°É·µ´µ£· ³³  ¤²Ö µÉ· ¦¥´¨Ö
(111) ³µ´µ±·¨¸É ²²  α − Fe2O3, ¶µ³¥-
Ð¥´´µ£µ ¢ ®¡¥²Ò°¯ ¶ÊÎµ± ¸É Í¨µ´ ·-
´µ£µ ·¥ ±Éµ· . �µ± § ´ ¨³¶Ê²Ó¸ ³ £´¨É-
´µ£µ ¶µ²Ö. N Å ´µ³¥· ± ´ ²  ¢·¥³¥´-
´µ£µ  ´ ²¨§ Éµ· ; Ï¨·¨´  ± ´ ²  · ¢´ 
20 ³±¸

‘ ¸ ³µ£µ ´ Î ² , É.¥. ¸ ¸µ§¤ ´¨Ö
¶¥·¢µ£µ ¨³¶Ê²Ó¸´µ£µ ·¥ ±Éµ·  ¶¥·¨µ-
¤¨Î¥¸±µ£µ ¤¥°¸É¢¨Ö ˆ�� (¢ 1960 £.),
¨ ¤µ ´¥¤ ¢´¥£µ ¢·¥³¥´¨ ¶·¥µ¡² ¤ ²µ
³´¥´¨¥, ÎÉµ Éµ²Ó±µ ´  É ±¨Ì ·¥ ±-
Éµ· Ì ¨ ¨¸ÉµÎ´¨± Ì Ê¸±µ·¨É¥²Ó´µ£µ
É¨¶  (spallation sources) ¢µ§³µ¦´Ò
¨ Í¥²¥¸µµ¡· §´Ò ¤¨Ë· ±Í¨µ´´Ò¥ ¨¸-
¸²¥¤µ¢ ´¨Ö ¸ ¶·¨³¥´¥´¨¥³ ¨³¶Ê²Ó¸-
´µ£µ ³ £´¨É´µ£µ ¶µ²Ö ¸  ³¶²¨ÉÊ¤µ°
¸¢ÒÏ¥ 100 ±�. ‚ ¤¥°¸É¢¨É¥²Ó´µ¸É¨
¢·¥³¥´´µ¥ ¨, ¸µµÉ¢¥É¸É¢¥´´µ, ¶µ²¥-
¢µ¥ · §·¥Ï¥´¨¥ § ¢¨¸ÖÉ µÉ ¤²¨É¥²Ó´µ-
¸É¨ ¢¸¶ÒÏ±¨ ´¥°É·µ´´µ£µ ¨¸ÉµÎ´¨± 
Éµ²Ó±µ ¶·¨ µÎ¥´Ó ±µ·µÉ±¨Ì ¢¸¶ÒÏ-
± Ì. ‚Ò· ¦¥´¨Ö (1) ¨ (2) ¸¶· ¢¥¤-
²¨¢Ò ¨ ¢ ¸²ÊÎ ¥ ¸É Í¨µ´ ·´µ£µ ·¥ ±-
Éµ·  (τs → ∞). �µ³¥Ð Ö ¨¸¸²¥¤Ê¥-
³Ò° ³µ´µ±·¨¸É ²² ´¥¶µ¸·¥¤¸É¢¥´´µ ¢
®¡¥²Ò°¯ ¶ÊÎµ± ·¥ ±Éµ·  ¨ · ¸¶µ² £ Ö
¤¥É¥±Éµ· ´  ´¥¡µ²ÓÏµ³ · ¸¸ÉµÖ´¨¨ µÉ
µ¡· §Í , ³µ¦´µ ¶µ²ÊÎ¨ÉÓ ¢·¥³¥´´µ°

¸¶¥±É· ¤¨Ë· ±Í¨µ´´µ£µ µÉ· ¦¥´¨Ö ¸ · §·¥Ï¥´¨¥³ ¢ ´¥¸±µ²Ó±µ ³¨±·µ¸¥±Ê´¤.
�·¨ ¸µ¶µ¸É ¢²¥´¨¨ ¨³¶Ê²Ó¸´µ£µ ¨¸ÉµÎ´¨±  ¸µ ¸É Í¨µ´ ·´Ò³ ·¥ ±Éµ·µ³

¸²¥¤Ê¥É, ±µ´¥Î´µ, ¶·¨´¨³ ÉÓ ¢µ ¢´¨³ ´¨¥ ·¥ ²Ó´ÊÕ ³µÐ´µ¸ÉÓ ÔÉµ£µ ¨¸ÉµÎ-
´¨±  ¨ Î ¸ÉµÉÊ ¢¸¶ÒÏ¥± ³µÐ´µ¸É¨. �Ê¦´µ µÉ³¥É¨ÉÓ, ÎÉµ ¤µ ¶¥·¢ÒÌ ¤¨Ë· ±-
Í¨µ´´ÒÌ ¨§³¥·¥´¨° ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ´  ¸É Í¨µ´ ·´µ³ ·¥ ±Éµ·¥ ¸µ¢¥·-
Ï¥´´µ ´¥ µÎ¥¢¨¤´µ° ¡Ò²  ¶· ±É¨Î¥¸± Ö ¢µ§³µ¦´µ¸ÉÓ É ±¨Ì · ¡µÉ. ‚ 1969 £.
¡Ò² ¢Ò¶µ²´¥´ Ô±¸¶¥·¨³¥´É [25] ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ´  ´¥°É·µ´´µ³ ¶ÊÎ±¥
¸É Í¨µ´ ·´µ£µ ·¥ ±Éµ·  ‚‚�-‘ ¢ ”¨²¨ ²¥ ”•ˆ ¨³. ‹.Ÿ.Š ·¶µ¢  (�¡´¨´¸±).
�  ³ ²µ£ ¡ ·¨É´µ° ¨³¶Ê²Ó¸´µ° ³ £´¨É´µ° Ê¸É ´µ¢±¥ ˆŒ“Œ, Ê¸É ´µ¢²¥´-
´µ° ´  µ¤´µ³ ¨§ ¤¨Ë· ±Éµ³¥É·µ¢ ÔÉµ£µ ·¥ ±Éµ· , ¡Ò²¨ ¶·µ¢¥¤¥´Ò ¨§³¥·¥´¨Ö
¸ ³µ´µ±·¨¸É ²²µ³ £¥³ É¨É . �§µÉ´Ò° ±·¨µ¸É É ¸ µ¡· §Íµ³, ¢¢¥¤¥´´Ò³ ¢ ¨³-
¶Ê²Ó¸´Ò° ³ £´¨É, Ê¸É ´ ¢²¨¢ ²¸Ö ´¥¶µ¸·¥¤¸É¢¥´´µ ¢ ®¡¥²Ò°¯ ¶ÊÎµ± ·¥ ±Éµ· ,
¨ ·¥£¨¸É·¨·µ¢ ²¨¸Ó ´¥°É·µ´Ò, · ¸¸¥Ö´´Ò¥ µÉ ¶²µ¸±µ¸É¨ (111) ±·¨¸É ²² . ˆ³-
¶Ê²Ó¸Ò ¸ ¤¥É¥±Éµ·  ¶µ¸ÉÊ¶ ²¨ ¢ ³´µ£µ± ´ ²Ó´Ò° ¢·¥³¥´´µ°  ´ ²¨§ Éµ·, § -
¶Ê¸± ±µÉµ·µ£µ ¸¨´Ì·µ´¨§¨·µ¢ ²¸Ö ¸ ¨³¶Ê²Ó¸ ³¨ ³ £´¨É´µ£µ ¶µ²Ö. „²¨É¥²Ó-
´µ¸ÉÓ ¨³¶Ê²Ó¸  ¶µ²Ö ¸¨´Ê¸µ¨¤ ²Ó´µ° Ëµ·³Ò (¶µ µ¸´µ¢ ´¨Õ) ¸µ¸É ¢²Ö²  2,9
¨ 1,6 ³¸. ‚ ·¥§Ê²ÓÉ É¥ ¶µ²ÊÎ ²¸Ö ¢·¥³¥´´µ° ¸¶¥±É·, ¢ ±µÉµ·µ³ ´  ¶µ¤²µ¦±¥,
¸¢Ö§ ´´µ° ¸ ´¥±µ£¥·¥´É´Ò³ Ê¶·Ê£¨³ · ¸¸¥Ö´¨¥³,   É ±¦¥ ¸ ´¥Ê¶·Ê£¨³ · ¸¸¥Ö-
´¨¥³ ´¥°É·µ´µ¢, ¡Ò² §´ Î¨É¥²Ó´Ò° ¶µ ¢¥²¨Î¨´¥ ¶¨± ±µ£¥·¥´É´µ£µ · ¸¸¥Ö´¨Ö
´  ¶²µ¸±µ¸É¨ (111), ¶µ Ëµ·³¥ ¶µ± §Ò¢ ÕÐ¨° ¨§³¥´¥´¨¥ ¢µ ¢·¥³¥´¨ µÉ· ¦ Õ-
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Ð¥° ¸¶µ¸µ¡´µ¸É¨ ±·¨¸É ²² , µ¡Ê¸²µ¢²¥´´µ¥ ¤¥°¸É¢¨¥³ ³ £´¨É´µ£µ ¶µ²Ö. „²Ö
¨²²Õ¸É· Í¨¨ ³¥Éµ¤  ´  ·¨¸. 4 ¶·¨¢¥¤¥´ µ¤¨´ ¨§ ¶µ²ÊÎ¥´´ÒÌ ¢ ¨§³¥·¥´¨ÖÌ
¢·¥³¥´´ÒÌ ¸¶¥±É·µ¢. Œµ´µÌ·µ³ É¨Î´µ¸ÉÓ · ¸¸¥Ö´´ÒÌ ´¥°É·µ´µ¢ µ¡¥¸¶¥Î¨-
¢ ²  ¤µ¸É ÉµÎ´µ Ìµ·µÏÊÕ § ¢¨¸¨³µ¸ÉÓ ¨§³¥´¥´¨Ö ¨´É¥´¸¨¢´µ¸É¨ ¢ ¸¶¥±É·¥ µÉ
¨§³¥´¥´¨Ö ¸µ¸ÉµÖ´¨Ö µ¡· §Í  (¢ Ô±¸¶¥·¨³¥´É¥ ¢·¥³¥´´µ¥ ¨, ¸µµÉ¢¥É¸É¢¥´´µ,
¶µ²¥¢µ¥ · §·¥Ï¥´¨Ö µ¶·¥¤¥²Ö²¨¸Ó ¤²¨É¥²Ó´µ¸ÉÓÕ ± ¦¤µ£µ ¢·¥³¥´´µ£µ ± ´ ² 
 ´ ²¨§ Éµ· , · ¢´µ° 30 ³±¸). ‘²¥¤µ¢ ²µ ¡Ò ´ §Ò¢ ÉÓ É ±¨¥ ¨§³¥·¥´¨Ö ®³¥-
Éµ¤µ³ ¢·¥³¥´¨ ¶·¨²¥É  ´¥°É·µ´µ¢¯.

�É¨ ¨§³¥·¥´¨Ö ¶µ± § ²¨, ¢ Î ¸É´µ¸É¨, ÎÉµ ¶¥·¢Ò¥ ¨¸¸²¥¤µ¢ ´¨Ö ¸ ¨³-
¶Ê²Ó¸´Ò³ ¶µ²¥³ [4,8], ¶·µ¢¥¤¥´´Ò¥ ¢ 1968 £. ´  ·¥ ±Éµ·¥ ˆ��, ¸ ´¥³¥´ÓÏ¨³
Ê¸¶¥Ìµ³ ³µ£²¨ ¡ÒÉÓ ¢Ò¶µ²´¥´Ò Éµ£¤  ¨ ´  µ¡ÒÎ´µ³ ¸É Í¨µ´ ·´µ³ ·¥±Éµ·¥.
ˆ¸¶µ²Ó§µ¢ ´¨¥ ¨³¶Ê²Ó¸´µ£µ ¶µ²Ö ´  ¸É Í¨µ´ ·´µ³ ·¥ ±Éµ·¥ ¨³¥¥É ´¥±µÉµ-
·Ò¥ ¶·¥¨³ÊÐ¥¸É¢  ¶¥·¥¤ ¨³¶Ê²Ó¸´Ò³¨ ¨¸ÉµÎ´¨± ³¨: ³µ¦´µ µ¤´µ¢·¥³¥´´µ
¢Ò¶µ²´ÖÉÓ ¨§³¥·¥´¨Ö ¤¨Ë· ±Í¨µ´´ÒÌ µÉ· ¦¥´¨° µÉ ´¥¸±µ²Ó±¨Ì ±·¨¸É ²²µ-
£· Ë¨Î¥¸±¨Ì ¶²µ¸±µ¸É¥°, ¶µ²ÊÎ Ö, É ±¨³ µ¡· §µ³, É·¥Ì³¥·´µ¥ ¶·¥¤¸É ¢²¥´¨¥
µ¡ ¨§³¥´¥´¨¨ µ·¨¥´É Í¨¨ ³ £´¨É´ÒÌ ³µ³¥´Éµ¢. Œ¥Éµ¤ ¢·¥³¥´¨ ¶·¨²¥É  ´¥
¶µ²ÊÎ¨² ¤µ ¸¨Ì ¶µ· ¶· ±É¨Î¥¸±µ£µ ¶·¨³¥´¥´¨Ö ¢ ¨¸¸²¥¤µ¢ ´¨ÖÌ, ´µ, ´¥¸µ-
³´¥´´µ, Ö¢²Ö¥É¸Ö ¶¥·¸¶¥±É¨¢´Ò³ ¤²Ö ¨¸¸²¥¤µ¢ ´¨° ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ´ 
³µÐ´ÒÌ ¸É Í¨µ´ ·´ÒÌ ·¥ ±Éµ· Ì ¨ ´  ¨³¶Ê²Ó¸´ÒÌ ¨¸ÉµÎ´¨± Ì ¸ ¡µ²ÓÏµ°
¤²¨É¥²Ó´µ¸ÉÓÕ ¢¸¶ÒÏ±¨ ³µÐ´µ¸É¨.

� ·Ö¤Ê ¸ ¨¸¸²¥¤µ¢ ´¨Ö³¨ ´  ¨³¶Ê²Ó¸´ÒÌ ·¥ ±Éµ· Ì �ˆŸˆ ¸ ¨³¶Ê²Ó¸´Ò³
¶µ²¥³, ´¥ ¤µ¸É¨¦¨³Ò³ ¢ ¸É Í¨µ´ ·´µ³ ·¥¦¨³¥, ´¥±µÉµ·Ò¥ ¨§ · ¡µÉ ¶µ¸²Ê-
¦¨²¨ ´ Î ²µ³ ´µ¢µ£µ Ô±¸¶¥·¨³¥´É ²Ó´µ£µ ´ ¶· ¢²¥´¨Ö ¢ ¶·¨³¥´¥´¨¨ ´¥°-
É·µ´´µ£µ · ¸¸¥Ö´¨Ö ¤²Ö ¨¸¸²¥¤µ¢ ´¨Ö ±µ´¤¥´¸¨·µ¢ ´´ÒÌ ¸·¥¤ Å ¨§ÊÎ¥´¨Ö
±¨´¥É¨±¨ Ë §µ¢µ° ¶¥·¥¸É·µ°±¨ ¶·¨ Ë §µ¢ÒÌ ¶¥·¥Ìµ¤ Ì ¶¥·¢µ£µ ·µ¤  ¢ ³µ´µ-
±·¨¸É ²² Ì. �·¨³¥´¥´¨¥ ³ £´¨É´µ£µ ¶µ²Ö ¢ ¢¨¤¥ ±µ·µÉ±¨Ì ¨³¶Ê²Ó¸µ¢, ¢ ·Ö¤¥
¸²ÊÎ ¥¢ ²ÊÎÏ¥ ¶·Ö³µÊ£µ²Ó´µ° Ëµ·³Ò, ¤¨±ÉÊ¥É¸Ö ¶·¨ ÔÉµ³ ¸ ³µ° Ë¨§¨Î¥¸±µ°
§ ¤ Î¥°. ‚µ ³´µ£¨Ì ¸²ÊÎ ÖÌ ´¥É ´¥µ¡Ìµ¤¨³µ¸É¨ ¨³¥ÉÓ ¤²Ö É ±¨Ì § ¤ Î ¸²¨Ï-
±µ³ ¡µ²ÓÏµ¥ ¶µ ¢¥²¨Î¨´¥ ¶µ²¥ ¨ ¶µÔÉµ³Ê É ±¨¥ ¨¸¸²¥¤µ¢ ´¨Ö ¸ ¢·¥³¥´´Ò³
· §·¥Ï¥´¨¥³ ¤µ ´¥¸±µ²Ó±¨Ì ³¨±·µ¸¥±Ê´¤ ³µ£²¨ ¡Ò Ê¸¶¥Ï´µ ¢Ò¶µ²´ÖÉÓ¸Ö ´¥
Éµ²Ó±µ ´  ¨³¶Ê²Ó¸´µ³ ´¥°É·µ´´µ³ ¨¸ÉµÎ´¨±¥, ´µ ¨ ´  ¸É Í¨µ´ ·´ÒÌ ·¥ ±Éµ-
· Ì ¸ Ê³¥·¥´´µ° ³µÐ´µ¸ÉÓÕ.

„µ 1990 £. ´¥°É·µ´´Ò¥ ¨¸¸²¥¤µ¢ ´¨Ö ¸ ¨³¶Ê²Ó¸´Ò³ ³ £´¨É´Ò³ ¶µ²¥³
¢ �ˆŸˆ µ¸É ¢ ²¨¸Ó ¥¤¨´¸É¢¥´´Ò³¨ ¢ ³¨·¥. ‘ 1991 £. ¸É ²¨ ¶µÖ¢²ÖÉÓ¸Ö ¶Ê-
¡²¨± Í¨¨ [26Ä30] µ ¤¨Ë· ±Í¨µ´´ÒÌ ¨¸¸²¥¤µ¢ ´¨ÖÌ ¸ ¨³¶Ê²Ó¸´Ò³ ³ £´¨É-
´Ò³ ¶µ²¥³ ´  ´¥°É·µ´´µ³ ¨¸ÉµÎ´¨±¥, · ¡µÉ ÕÐ¥³ ´  µ¸´µ¢¥ ¶·µÉµ´´µ£µ
Ê¸±µ·¨É¥²Ö ¢ ŠEK (Ÿ¶µ´¨Ö). �¥¸³µÉ·Ö ´  §´ Î¨É¥²Ó´µ ³¥´ÓÏ¨°, Î¥³ ´ 
ˆ��-2, ¨³¶Ê²Ó¸´Ò° ¶µÉµ± É¥¶²µ¢ÒÌ ´¥°É·µ´µ¢ (¶·¨¡²¨§¨É¥²Ó´µ ´  ¤¢  ¶µ-
·Ö¤± ), §  7Ä8 ²¥É ´  ¤¨Ë· ±Éµ³¥É·¥ MRP ¡Ò²¨ ¶·µ¢¥¤¥´Ò Ê¸¶¥Ï´Ò¥ ¨¸-
¸²¥¤µ¢ ´¨Ö ³ £´¨É´ÒÌ Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢ ¢ PrCo2Si2, CsCuCl3 ¨ DyAg [31Ä
39]. �·¨ ÔÉµ³ ¨¸¶µ²Ó§µ¢ ²µ¸Ó ¨³¶Ê²Ó¸´µ¥ ¶µ²¥ ¸  ³¶²¨ÉÊ¤µ°, ¤µ¸É¨£ ÕÐ¥°
160 ±�.
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�É³¥É¨³ ¥Ð¥ Ô±¸¶¥·¨³¥´É ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³, ¢Ò¶µ²´¥´´Ò° ´  ¸É -
Í¨µ´ ·´µ³ ·¥ ±Éµ·¥ É¨¶  TRIGA (‚¥´ ) ¢ 1995 £µ¤Ê [40,41]. ‚ ³¥Éµ¤¨Î¥-
¸±µ³ µÉ´µÏ¥´¨¨ µ´  ´ ²µ£¨Î¥´ ¨§³¥·¥´¨Ö³ ¸ £¥³ É¨Éµ³ ´  ·¥ ±Éµ·¥ ‚‚�-‘
[25]. ˆ§³¥·¥´¨Ö ¶·µ¢µ¤¨²¨¸Ó ¸ ³µ´µ±·¨¸É ²²µ³  ´É¨Ë¥··µ³ £´¥É¨±  MnF2.
’µ²Ó±µ ¢ ÔÉµ³ ¸²ÊÎ ¥ ¨¸¶µ²Ó§µ¢ ²¸Ö ·¥ ±Éµ· ´¥ ¢ ¸É Í¨µ´ ·´µ³ ·¥¦¨³¥,   ¢
·¥¦¨³¥ µ¤¨´µÎ´ÒÌ ¢¸¶ÒÏ¥± ³µÐ´µ¸É¨, ¤µ 400 Œ‚É ¢ ¨³¶Ê²Ó¸¥ ¶·¨ ¤²¨É¥²Ó-
´µ¸É¨ ¢¸¶ÒÏ±¨ µ±µ²µ 40 ³¸ (¢ ´µ·³ ²Ó´µ³ ¸É Í¨µ´ ·´µ³ ·¥¦¨³¥ ·¥ ±Éµ·
¨³¥¥É 250 ±‚É), ¨, ±·µ³¥ Éµ£µ, µ¡· §¥Í ¶µ³¥Ð ²¸Ö ´¥ ¢ ®¡¥²Ò°¯ ¶ÊÎµ± ·¥ ±-
Éµ· , ± ± ¢ [25],   ¢ ³µ´µÌ·µ³ É¨Î¥¸±¨°, ¶µ¸²¥ ±·¨¸É ²²¨Î¥¸±µ£µ ³µ´µÌ·µ-
³ Éµ· . � ¡µÉ  ¸ µ¤´µ±· É´Ò³¨, É.¥. ¸ ·¥¤±µ ¶µ¢Éµ·ÖÕÐ¨³¨¸Ö ¨³¶Ê²Ó¸ ³¨
³ £´¨É´µ£µ ¶µ²Ö, §´ Î¨É¥²Ó´µ µ¡²¥£Î ²  ·¥Ï¥´¨¥ ¶·µ¡²¥³Ò µÌ² ¦¤¥´¨Ö ³ £-
´¨É  ¨ µ¡· §Í , ¶µ§¢µ²ÖÖ ¶¥·¥¤ ¸ ³µ° ¢¸¶ÒÏ±µ° ·¥ ±Éµ·  ¨ ¨³¶Ê²Ó¸µ³ ¶µ²Ö
Ê¤ ²ÖÉÓ ¸¨¸É¥³Ê  §µÉ´µ£µ µÌ² ¦¤¥´¨Ö ¨³¶Ê²Ó¸´µ£µ ³ £´¨É  ¨ É¥³ ¸ ³Ò³ µ¸¢µ-
¡µ¦¤ ÉÓ É· ¸¸Ê ¤²Ö ¶·µÌµ¦¤¥´¨Ö ´¥°É·µ´µ¢. „ ²Ó´¥°Ï¨Ì ¤¨Ë· ±Í¨µ´´ÒÌ
Ô±¸¶¥·¨³¥´Éµ¢ ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ´  TRIGA-·¥ ±Éµ·¥ ´¥ ¶·µ¨§¢µ¤¨²µ¸Ó.
�Î¥¢¨¤´µ, ÔÉµ ¸¢Ö§ ´µ ¸ ³ ²µ° ¨´É¥´¸¨¢´µ¸ÉÓÕ ´¥°É·µ´µ¢ ¶·¨ · ¡µÉ¥ ¢ ³µ-
´µÌ·µ³ É¨Î¥¸±µ³ ¶¥·¢¨Î´µ³ ¶ÊÎ±¥ ¨ ¸ ´¥¢µ§³µ¦´µ¸ÉÓÕ Î ¸ÉÒÌ ¶µ¢Éµ·¥´¨°
·¥¦¨³  µ¤¨´µÎ´ÒÌ ¢¸¶ÒÏ¥± ´  ÔÉµ³ ·¥ ±Éµ·¥. ’¥³ ´¥ ³¥´¥¥ ¶µ¤µ¡´Ò¥ ¨§-
³¥·¥´¨Ö ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ¶·¥¤¸É ¢²ÖÕÉ¸Ö ¶¥·¸¶¥±É¨¢´Ò³¨. �µ³¥Ð¥´¨¥
¨¸¸²¥¤Ê¥³µ£µ µ¡· §Í  ´¥¶µ¸·¥¤¸É¢¥´´µ ¢ ®¡¥²Ò°¯ ¶ÊÎµ± ´¥°É·µ´µ¢ ³µ£²µ ¡Ò
¶·¨¢¥¸É¨ ± ¶µ¢ÒÏ¥´¨Õ ¨´É¥´¸¨¢´µ¸É¨ ´  µ¤¨´-¤¢  ¶µ·Ö¤± . Š·µ³¥ ³´µ£µÎ¨-
¸²¥´´ÒÌ ·¥ ±Éµ·µ¢ É¨¶  TRIGA, ¤µ¶Ê¸± ÕÐ¨Ì ·¥¦¨³ µ¤¨´µÎ´ÒÌ ¢¸¶ÒÏ¥±
³µÐ´µ¸É¨, ¸ÊÐ¥¸É¢ÊÕÉ ¸¶¥Í¨ ²¨§¨·µ¢ ´´Ò¥ ¨³¶Ê²Ó¸´Ò¥ ·¥ ±Éµ·Ò, · ¡µÉ Õ-
Ð¨¥ ¢ µ¤´µ±· É´µ³ ·¥¦¨³¥ ¨ ¨³¥ÕÐ¨¥ ¡µ²ÓÏµ° ³£´µ¢¥´´Ò° ¶µÉµ± É¥¶²µ¢ÒÌ
´¥°É·µ´µ¢. Š ´¨³ µÉ´µ¸¨É¸Ö, ´ ¶·¨³¥·, ·¥ ±Éµ· �ˆƒ� [42] ¸ ¤²¨É¥²Ó´µ¸ÉÓÕ
¢¸¶ÒÏ±¨ 2 ³¸ ¨ ¶¨±µ¢Ò³ ¶µÉµ±µ³ É¥¶²µ¢ÒÌ ´¥°É·µ´µ¢ 1018 ¸³−2·¸−1, ÎÉµ
¡µ²¥¥ Î¥³ ´  ¤¢  ¶µ·Ö¤±  ¢ÒÏ¥, Î¥³ Ê ˆ��-2.

‘· ¢´¨É¥²Ó´Ò¥ Ì · ±É¥·¨¸É¨±¨ · §²¨Î´ÒÌ ¨¸ÉµÎ´¨±µ¢ ´¥°É·µ´µ¢ (¢µ§-
³µ¦´µ¸É¨ ¤¨Ë· ±Í¨µ´´ÒÌ ¨¸¸²¥¤µ¢ ´¨° ¸ ¨³¶Ê²Ó¸´Ò³ ³ £´¨É´Ò³ ¶µ²¥³)
¶·¨¢¥¤¥´Ò ¢ É ¡². 1 [7]. P1 Å ÔÉµ ±µ²¨Î¥¸É¢µ ´¥°É·µ´µ¢, ¶ ¤ ÕÐ¨Ì ´  µ¡· -
§¥Í §  ¢·¥³Ö µ¤´µ£µ ¨³¶Ê²Ó¸  ³ £´¨É´µ£µ ¶µ²Ö, µÉ´¥¸¥´´µ¥ ± ¥¤¨´¨Î´µ³Ê
¨´É¥·¢ ²Ê ¶µ ¤²¨´¥ ¢µ²´Ò (¶·¨ λ0 = 3 �A); ∆λm = λ0η/tg θ0 Å ¤¨ ¶ §µ´
¤²¨´ ¢µ²´ ´¥°É·µ´µ¢, · ¸¸¥¨¢ ¥³ÒÌ ´  ±·¨¸É ²²¥ ¸ ³µ§ ¨Î´µ¸ÉÓÕ η = 1′, ¶·¨
§ ¤ ´´µ³ ´ ¶· ¢²¥´¨¨ ¶ ¤¥´¨Ö ´  µ¡· §¥Í ¨ Ê£²¥ �·Ô££  θ0 = 45◦. ‘²¥¤µ¢ -
É¥²Ó´µ, ¢¥²¨Î¨´  P1∆λm · ¢´  Î¨¸²Ê ´¥°É·µ´µ¢, · ¸¸¥Ö´´ÒÌ ±·¨¸É ²²µ³ § 
¢·¥³Ö µ¤´µ£µ ¨³¶Ê²Ó¸  ¶µ²Ö ¶·¨ ±µÔËË¨Í¨¥´É¥ µÉ· ¦¥´¨Ö, · ¢´µ³ ¥¤¨´¨Í¥.
�ÉµÉ ¶ · ³¥É· ³µ¦¥É ¸²Ê¦¨ÉÓ ¤²Ö ¸· ¢´¥´¨Ö · §²¨Î´ÒÌ ¨¸ÉµÎ´¨±µ¢. ’¨¶
§ ³¥¤²¨É¥²Ö ´¥°É·µ´µ¢ Ê± § ´ ¢ ¸±µ¡± Ì. ‚ É¥Ì ¸²ÊÎ ÖÌ, ±µ£¤  ´¥ Ê± § ´ ¢·¥-
³¥´´µ° ¨´É¥·¢ ², ¶·¥¤¶µ² £ ¥É¸Ö, ÎÉµ ¨³¶Ê²Ó¸ ¶µ²Ö ¶µ ¢·¥³¥´¨ µÌ¢ ÉÒ¢ ¥É
¤²¨É¥²Ó´µ¸ÉÓ ¢¸¶ÒÏ±¨ ¨¸ÉµÎ´¨±  ´¥°É·µ´µ¢.

‚ É·¥ÉÓ¥° ±µ²µ´±¥ ¶·¨¢¥¤¥´Ò ¤ ´´Ò¥ ¤²Ö ¤¨Ë· ±Í¨µ´´µ° Ê¸É ´µ¢±¨ ¸
¨³¶Ê²Ó¸´Ò³ ¶µ²¥³, ¶·µ¥±É¨·Ê¥³µ° ´  ¨¸ÉµÎ´¨±¥ Ê¸±µ·¨É¥²Ó´µ£µ É¨¶  ¢
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‹µ¸-�² ³µ¸¥ (‘˜�) [43,44]. ƒ² ¢´Ò³ µ¡· §µ³, ¨§-§  ¡µ²ÓÏ¥°, Î¥³ ´  ˆ��-2,
Î ¸ÉµÉÒ ¢¸¶ÒÏ¥± ÔÉµ£µ ¨¸ÉµÎ´¨± , ¶ · ³¥É· P1∆λm ¶·¨ λ0 = 3 �A ´  NSPM
(É ± ³µ¦¥³ Ê¸²µ¢´µ ´ §¢ ÉÓ ÔÉÊ Ê¸É ´µ¢±Ê) ¶·¨¡²¨§¨É¥²Ó´µ ¢ 8 · § ³¥´ÓÏ¥,
Î¥³ ´  ¸¶¥±É·µ³¥É·¥ ‘�ˆŒ-2 ˆ��-2 (± ± Ê¦¥ µÉ³¥Î ²µ¸Ó, ´  ‘�ˆŒ-2 ¨¸-
¶µ²Ó§Ê¥É¸Ö ®¨§µ£´ÊÉÒ°¯ §¥·± ²Ó´Ò° ´¥°É·µ´µ¢µ¤, µ¡·¥§ ÕÐ¨° ¸¶¥±É· ´¥°-
É·µ´µ¢ ¶·¨ λ ∼= 0, 85 �A ¸µ ¸Éµ·µ´Ò ³¥´ÓÏ¨Ì ¤²¨´ ¢µ²´).

‚ É·¥Ì ¶µ¸²¥¤´¨Ì ±µ²µ´± Ì ¶·¨¢¥¤¥´Ò ¤ ´´Ò¥, ±µÉµ·Ò¥ ´¥ µÉ´µ¸ÖÉ¸Ö
± ¤¥°¸É¢ÊÕÐ¨³ ¨²¨ ¶·µ¥±É¨·Ê¥³Ò³ ¸¶¥±É·µ³¥É· ³ ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³,
´µ ²¨ÏÓ ¸¢¨¤¥É¥²Ó¸É¢ÊÕÉ µ ¶·¨´Í¨¶¨ ²Ó´µ° ¢µ§³µ¦´µ¸É¨ ¶·µ¢¥¤¥´¨Ö É ±¨Ì
· ¡µÉ. „²Ö ·¥ ±Éµ·  �ˆƒ� ¡µ²ÓÏ Ö ¢¥²¨Î¨´  ¶ · ³¥É·  P1∆λm µ¡Ê¸²µ-
¢²¥´  ´¥ Éµ²Ó±µ ¡µ²ÓÏ¨³ ¶¨±µ¢Ò³ ¶µÉµ±µ³ ´¥°É·µ´µ¢, ´µ ¨ ¡µ²¥¥ ÔËË¥±-
É¨¢´Ò³ ¨¸¶µ²Ó§µ¢ ´¨¥³ ± ¦¤µ£µ ¨³¶Ê²Ó¸  ¶µ²Ö §  ¸Î¥É ¡µ²ÓÏ¥° ¤²¨É¥²Ó-
´µ¸É¨ ¢¸¶ÒÏ±¨ ³µÐ´µ¸É¨ (τs

∼= 2000 ³±¸). �µ²ÊÎ¥´¨¥ ¡µ²ÓÏ¨Ì ¨³¶Ê²Ó-
¸µ¢ ³ £´¨É´µ£µ ¶µ²Ö ¸ ¤²¨É¥²Ó´µ¸ÉÓÕ ³¥´ÓÏ¥°, Î¥³ 1 ³¸, ¸¢Ö§ ´µ ¸ ´¥³ -
²Ò³¨ É¥Ì´¨Î¥¸±¨³¨ É·Ê¤´µ¸ÉÖ³¨. �µÔÉµ³Ê ´  ·¥ ±Éµ·¥ ˆ��-2, ¤²¨É¥²Ó´µ¸ÉÓ
¢¸¶ÒÏ±¨ ±µÉµ·µ£µ ¸µ¸É ¢²Ö¥É µ±µ²µ 300 ³±¸, µ¡ÒÎ´µ §´ Î¨É¥²Ó´ Ö Î ¸ÉÓ
¨³¶Ê²Ó¸  ¨¤¥É ²¨ÏÓ ´  ´ £·¥¢ ³ £´¨É . ˆ§ ¸µ¶µ¸É ¢²¥´¨Ö ¤ ´´ÒÌ ¸²¥¤Ê¥É,
ÎÉµ ¨´Ëµ·³ Í¨Ö, ¶µ²ÊÎ ¥³ Ö ´  ‘�ˆŒ-2 §  ÉÒ¸ÖÎÊ ¨³¶Ê²Ó¸µ¢ ³ £´¨É´µ£µ
¶µ²Ö, ¶·¨ ¨¸¶µ²Ó§µ¢ ´¨¨ �ˆƒ� ³µ¦¥É ¡ÒÉÓ ¶µ²ÊÎ¥´  ¢¸¥£µ §  ¤¢  ¨³¶Ê²Ó¸ 
¸ É ±µ° ¦¥  ³¶²¨ÉÊ¤µ° ¨ ¤²¨É¥²Ó´µ¸ÉÓÕ. Šµ´¥Î´µ, ´¥¸µ¶µ¸É ¢¨³Ò ¤²¨-
É¥²Ó´µ¸É¨ ¨§³¥·¥´¨° ´  ´¥°É·µ´´ÒÌ ¨¸ÉµÎ´¨± Ì Í¨±²¨Î¥¸±µ£µ ¤¥°¸É¢¨Ö ¨
·¥ ±Éµ· Ì É¨¶  �ˆƒ� (Î ¸ÉµÉ  ¶µ¢Éµ·¥´¨° ¢¸¶ÒÏ¥± ´  �ˆƒ� ¶µ·Ö¤±  µ¤-
´µ° ¢¸¶ÒÏ±¨ ¢ ¸ÊÉ±¨). �µÔÉµ³Ê ´  ÔÉ¨Ì ·¥ ±Éµ· Ì ¨³¥¥É ¸³Ò¸² ¶·µ¨§¢µ-
¤¨ÉÓ Ë¨§¨Î¥¸±¨¥ ¨§³¥·¥´¨Ö, ¶·¥¦¤¥ ¢¸¥£µ, ¢ É ±¨Ì ¶µ²ÖÌ, ¤²Ö ±µÉµ·ÒÌ ³ £-
´¨ÉÒ ¨§-§  µ£· ´¨Î¥´¨° ¢ Ê¸É ²µ¸É´µ° ¶·µÎ´µ¸É¨ ³µ£ÊÉ ¢Ò¤¥·¦¨¢ ÉÓ ¸· ¢-
´¨É¥²Ó´µ ´¥¡µ²ÓÏµ¥ Î¨¸²µ ¨³¶Ê²Ó¸µ¢. �· ±É¨Î¥¸±¨ ÔÉµ µ§´ Î ¥É ¢µ§³µ¦-
´µ¸ÉÓ ¨¸¸²¥¤µ¢ ´¨° ¢ ¶µ²ÖÌ ¤µ 500 ±� ¨ ¤ ¦¥ ¡µ²ÓÏ¥. Š ± Ê¦¥ µÉ³¥Î -
²µ¸Ó, ¤µ¶µ²´¨É¥²Ó´Ò³ ¶·¥¨³ÊÐ¥¸É¢µ³ ·¥ ±Éµ·µ¢, · ¡µÉ ÕÐ¨Ì ¢ É ±µ³ ·¥-
¦¨³¥, ¶µ ¸· ¢´¥´¨Õ ¸ ¨³¶Ê²Ó¸´Ò³¨ Í¨±²¨Î¥¸±¨³¨ ·¥ ±Éµ· ³¨, ¨¸ÉµÎ´¨± ³¨
´  µ¸´µ¢¥ Ê¸±µ·¨É¥²¥° ¨²¨ ¸É Í¨µ´ ·´Ò³¨ ·¥ ±Éµ· ³¨, Ö¢²Ö¥É¸Ö §´ Î¨É¥²Ó-
´µ¥ Ê¶·µÐ¥´¨¥ ¶·µ¡²¥³, ¸¢Ö§ ´´ÒÌ ¸ µÌ² ¦¤¥´¨¥³ ³ £´¨É  ¨ ¨¸¸²¥¤Ê¥³µ£µ
µ¡· §Í .

‚ ¶ÖÉµ° ±µ²µ´±¥ ¶·¥¤¸É ¢²¥´Ò µÍ¥´±¨ ¤²Ö ´ ¨¡µ²¥¥ ¨´É¥´¸¨¢´µ£µ ¸É -
Í¨µ´ ·´µ£µ ·¥ ±Éµ·  HFR (57 Œ‚É, ƒ·¥´µ¡²Ó) (¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ Ê¸²µ¢¨Ö³¨
´  ´¥°É·µ´´µ³ ¶ÊÎ±¥ H-22 [45]), ´  ±µÉµ·µ³ ´ ¨²ÊÎÏ¨³ µ¡· §µ³ ¤µ¸É¨£ ¥É¸Ö
³ ±¸¨³ ²Ó´ Ö ¨´É¥´¸¨¢´µ¸ÉÓ ¶ÊÎ±µ¢ É¥¶²µ¢ÒÌ ´¥°É·µ´µ¢. ‚ ¤ ´´µ³ ¸²ÊÎ ¥
¢¥²¨Î¨´  ¨´É¥´¸¨¢´µ¸É¨ P1 ¶·¨¢¥¤¥´  ± 5 ³¸ (¤²¨É¥²Ó´µ¸ÉÓ ³ £´¨É´ÒÌ ¨³-
¶Ê²Ó¸µ¢). ’ ± ± ± ¶·¨ É ±µ° ¤²¨É¥²Ó´µ¸É¨ ¨³¶Ê²Ó¸µ¢ Î ¸ÉµÉ  ¶µ¢Éµ·¥´¨°
¡Ò²  ¡Ò ¢ ¤¥¸ÖÉÓ · § ³¥´ÓÏ¥, Î¥³ ¶·¨ 0,5 ³¸ ´  ‘�ˆŒ-2, ÔÉµ µ§´ Î ¥É, ÎÉµ
¶·¨ λ = 3 �A Ê¸²µ¢¨Ö ¶µ ¨´É¥´¸¨¢´µ¸É¨ ¤²Ö · ¡µÉÒ ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ´ 
HFR ²¨ÏÓ ¢ ´¥¸±µ²Ó±µ · § ÌÊ¦¥, Î¥³ ´  ´ ¨¡µ²¥¥ ³µÐ´µ³ ¢ ´ ¸ÉµÖÐ¥¥ ¢·¥³Ö
¨³¶Ê²Ó¸´µ³ ¨¸ÉµÎ´¨±¥ Å ·¥ ±Éµ·¥ ˆ��-2.
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� ±µ´¥Í, ¢ Ï¥¸Éµ° ±µ²µ´±¥ ¶·¨¢¥¤¥´Ò É ±¦¥ µÍ¥´±¨ ¶µ ¨´É¥´¸¨¢´µ¸É¨
´  µ¤´µ³ ¨§ ¶·µ¥±É¨·Ê¥³ÒÌ ´¥°É·µ´´ÒÌ ¨¸ÉµÎ´¨±µ¢ ´  µ¸´µ¢¥ Ê¸±µ·¨É¥²Ö Å
®European Spallation Source¯ (ESS) [46]. ‚ ¤ ´´µ³ ¸²ÊÎ ¥ ´¥°É·µ´´Ò° ¶µÉµ±
Ê± § ´ ¢ ¸²ÊÎ ¥ ¨¸¶µ²Ó§µ¢ ´¨¥ ´¥°É·µ´´µ£µ §¥·± ²Ó´µ£µ ´¥°É·µ´µ¢µ¤ , ± ±
´  ·¥ ±Éµ· Ì ˆ��-2 ¨ HFR.

�·¨¢¥¤¥´´Ò¥ µÍ¥´±¨ ¤²Ö · §²¨Î´ÒÌ ¨¸ÉµÎ´¨±µ¢ ´¥°É·µ´µ¢ ¸²¥¤Ê¥É · ¸-
¸³ É·¨¢ ÉÓ ¶·¥¦¤¥ ¢¸¥£µ ± ± ¶·µ£´µ§Ò ¶µ±  ´¥ ·¥ ²¨§µ¢ ´´ÒÌ ¢µ§³µ¦´µ¸É¥°.
ˆ§ ¸± § ´´µ£µ ¢ÒÏ¥ ¸²¥¤Ê¥É, ÎÉµ ·¥ ²Ó´Ò¥ Ë¨§¨Î¥¸±¨¥ ¨¸¸²¥¤µ¢ ´¨Ö ¶·µ¢µ¤¨-
²¨¸Ó Éµ²Ó±µ ´  ¨³¶Ê²Ó¸´ÒÌ ·¥ ±Éµ· Ì �ˆŸˆ ¨ ¶·µ¤µ²¦ ÕÉ¸Ö ´  ¨³¶Ê²Ó¸´µ³
¨¸ÉµÎ´¨±¥ ´  µ¸´µ¢¥ ¶·µÉµ´´µ£µ Ê¸±µ·¨É¥²Ö ¢ ŠEK (Ÿ¶µ´¨Ö). „ ²¥¥ ¡Ê¤ÊÉ
· ¸¸³µÉ·¥´Ò µ¸´µ¢´Ò¥ ´ ÊÎ´Ò¥ ·¥§Ê²ÓÉ ÉÒ ÔÉ¨Ì ¨¸¸²¥¤µ¢ ´¨° ¨ ´¥¸±µ²Ó±µ
¶µ¤·µ¡´¥¥ Å Ô±¸¶¥·¨³¥´É ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ´  ¢¥´¸±µ³ ·¥ ±Éµ·¥ [40,41].

2. Œ�ƒ�ˆ’��Ÿ ‘’�“Š’“�� α − Fe2O3 ˆ Cr2O3 ˆ ”�‡�‚›…
�…�…•�„›, ˆ�„“–ˆ��‚���›… Œ�ƒ�ˆ’�›Œ ��‹…Œ

‡´ Î¨É¥²Ó´ Ö Î ¸ÉÓ Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ ¨¸¸²¥¤µ¢ ´¨° ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ-
²¥³ ´  ¨³¶Ê²Ó¸´ÒÌ ·¥ ±Éµ· Ì ¡Ò²  ¢Ò¶µ²´¥´  ¸ £¥³ É¨Éµ³ (α − Fe2O3) ¨
µ±¨¸ÓÕ Ì·µ³  (Cr2O3). �µÔÉµ³Ê · ¸¸³µÉ·¨³ µ¸´µ¢´Ò¥ ¸¢µ°¸É¢  ÔÉ¨Ì ¢¥-
Ð¥¸É¢, ¸¢Ö§ ´´Ò¥ ¸ ¶µ¢¥¤¥´¨¥³ ¢µ ¢´¥Ï´¥³ ³ £´¨É´µ³ ¶µ²¥. �¡  µ´¨ µÉ´µ-
¸ÖÉ¸Ö ± ·µ³¡µÔ¤·¨Î¥¸±µ° ¸¨¸É¥³¥ ¨ · ¸¶µ²µ¦¥´¨¥ ¨Ì  Éµ³µ¢ µ¡² ¤ ¥É ¸¨³³¥-
É·¨¥° ¶·µ¸É· ´¸É¢¥´´µ° £·Ê¶¶Ò D6

3d −R3̄c. „²Ö £¥³ É¨É  É¥³¶¥· ÉÊ·  �¥¥²Ö
TN = 950 K, ¤²Ö Cr2O3 TN = 210 K. Š ¦¤ Ö ·µ³¡µÔ¤·¨Î¥¸± Ö ÖÎ¥°±  ¸µ-
¤¥·¦¨É Î¥ÉÒ·¥ ³ £´¨É´ÒÌ ¨µ´  Fe+3 ¨²¨ Cr+3, · ¸¶µ²µ¦¥´´ÒÌ ´  µ¸¨ C3

(µ ³ £´¨É´µ° ¸É·Ê±ÉÊ·¥ ÔÉ¨Ì ¸µ¥¤¨´¥´¨° ¸³. [47Ä49]). �  ·¨¸. 5 ¶µ± § ´µ · ¸-
¶µ²µ¦¥´¨¥ ³ £´¨É´ÒÌ ¨µ´µ¢ µÉ´µ¸¨É¥²Ó´µ Ô²¥³¥´Éµ¢ ¸¨³³¥É·¨¨ ¨ Ì · ±É¥·
Î¥·¥¤µ¢ ´¨Ö §´ ±µ¢ ³µ³¥´Éµ¢. ‚ ¤ ²Ó´¥°Ï¥³ ¢³¥¸Éµ ¢¥±Éµ·µ¢ Mi Î¥ÉÒ·¥Ì
¶µ¤·¥Ï¥Éµ± ¨¸¶µ²Ó§Ê¥³ ¢¥±Éµ·Ò Ë¥··µ³ £´¥É¨§³  ¨  ´É¨Ë¥··µ³ £´¥É¨§³ :

m = (M1 +M2 +M3 +M4)(4M0)−1, l = (M1−M2−M3 +M4)(4M0)−1,

n = (M1−M2 +M3−M4)(4M0)−1, p = (M1 +M2−M3−M4)(4M0)−1,

£¤¥ M0 Å ´ ³ £´¨Î¥´´µ¸ÉÓ ± ¦¤µ° ¶µ¤·¥Ï¥É±¨, ¨ ¶·Ö³µÊ£µ²Ó´ÊÕ ¸¨¸É¥³Ê
±µµ·¤¨´ É ¸ µ¸ÓÕ x, ´ ¶· ¢²¥´´µ° ¶µ µ¸¨ C2, ¨ µ¸ÓÕ z, ¶ · ²²¥²Ó´µ° µ¸¨
C3.

’¥·³µ¤¨´ ³¨Î¥¸±¨° ¶µÉ¥´Í¨ ² ¤²Ö £¥³ É¨É , ¸ ÊÎ¥Éµ³ Éµ²Ó±µ É¥Ì ¨´¢ ·¨-
 ´Éµ¢, ±µÉµ·Ò¥ ³µ£ÊÉ ¶µ´ ¤µ¡¨ÉÓ¸Ö ¢ ¤ ²Ó´¥°Ï¥³ · ¸¸³µÉ·¥´¨¨, ¶·¥¤¸É ¢²¥´
¢ ¸²¥¤ÊÕÐ¥³ ¢¨¤¥ [50]:

Φ =
B

2
m2 +

D

2
(lm)2 − a

2
l2z − g

4
l4z + β(lxmy − lymx) − (mH)+



858 �ˆ’– ‚.‚.

+
d

2i

[
(lx + ily)3 − (lx − ily)3

]
lz. (3)

�µ¸²¥ ³¨´¨³¨§ Í¨¨ ¶µ m ¶µ²ÊÎ ¥³

Φ(ϑ, ϕ) = −a

2
cos2 ϑ− g

4
cos 4ϑ−

H̃2
‖

2(B + D)
− H̃2

⊥
2B

+d sin3 ϑ cos ϑ sin 3φ, (4)

£¤¥ ϑ Å Ê£µ² ³¥¦¤Ê ¢¥±Éµ·µ³ l ¨ µ¸ÓÕ z, φ Å Ê£µ² ³¥¦¤Ê ¶·µ¥±Í¨¥° ¢¥±-
Éµ·  l ´  ¶²µ¸±µ¸ÉÓ (x, y) ¨ µ¸ÓÕ x; H̃‖ Å ¶·µ¥±Í¨Ö ÔËË¥±É¨¢´µ£µ ³ £´¨É-

´µ£µ ¶µ²Ö H̃(H̃x = Hx + β sin ϑ sin φ, H̃y = Hy − β sin ϑ cos φ, H̃z = Hz)
´  µ¸Ó  ´É¨Ë¥··µ³ £´¥É¨§³ : H̃‖ = (Hx cos φ + Hy sin φ) sin ϑ + Hz cos ϑ;

H̃⊥ =
√

H̃2 − H̃2
‖ Å ±µ³¶µ´¥´É  ÔÉµ£µ ¶µ²Ö, ¶¥·¶¥´¤¨±Ê²Ö·´ Ö µ¸¨  ´É¨-

Ë¥··µ³ £´¥É¨§³ .

�¨¸. 5. ‘Ì¥³  · ¸¶µ²µ¦¥-
´¨Ö ³ £´¨É´ÒÌ ¨µ´µ¢ ¢ Ô²¥-
³¥´É ·´µ° ÖÎ¥°±¥ ±·¨¸É ²² 
¸ ¶·µ¸É· ´¸É¢¥´´µ° £·Ê¶¶µ°
R3̄c ¨ ¢Ò¡µ· ¸¨¸É¥³Ò ±µµ·-
¤¨´ É

‚ £¥³ É¨É¥ ¶·¨ É¥³¶¥· ÉÊ·¥ ´¨¦¥ ÉµÎ±¨ Œµ-
·¨´ , T < TM = 260, 5 K, µ¸Ó  ´É¨Ë¥··µ³ £´¥-
É¨§³  ¸µ¢¶ ¤ ¥É ¸ µ¸ÓÕ C3. �·¨ ÔÉµ³ µ¸ÊÐ¥-
¸É¢²Ö¥É¸Ö ¸µ¸ÉµÖ´¨¥ ¸¨³³¥É·¨¨ (3+

z 2+
x I+), ¢ ±µ-

Éµ·µ³ lx = ly = 0, lz �= 0, m = 0, ¸²¥¤µ¢ É¥²Ó´µ,
n = p = 0 [50] (¢ ¸±µ¡± Ì Ê± §Ò¢ ¥³ Ô²¥³¥´ÉÒ
¸¨³³¥É·¨¨: µ¸Ó É·¥ÉÓ¥£µ ¶µ·Ö¤± , µ¸Ó ¢Éµ·µ£µ ¶µ-
·Ö¤± , Í¥´É· ¨´¢¥·¸¨¨ ¨ Î¥É´µ¸ÉÓ µÉ´µ¸¨É¥²Ó´µ
ÔÉ¨Ì Ô²¥³¥´Éµ¢ ¸¨³³¥É·¨¨ (+ ¨²¨ Ä)). �¡µ§´ -
Î¨³ ÔÉµ ¸µ¸ÉµÖ´¨¥ ± ± I0. ‚ÒÏ¥ TM ¢¥±Éµ· l,
¶µ ±· °´¥° ³¥·¥, ¸ ÉµÎ´µ¸ÉÓÕ ¤µ Ô±¸¶¥·¨³¥´-
É ²Ó´ÒÌ ¶µ£·¥Ï´µ¸É¥°, ¶¥·¶¥´¤¨±Ê²Ö·¥´ µ¸¨ C3.
�·¨ ÔÉµ³, ¢µµ¡Ð¥ £µ¢µ·Ö, ¢µ§³µ¦´Ò ¤¢  ¸µ¸ÉµÖ-
´¨Ö.

1) ‚¥±Éµ· l ´ ¶· ¢²¥´ ¸É·µ£µ ¶µ µ¸¨ ¢Éµ-
·µ£µ ¶µ·Ö¤± ; ÔÉµ³Ê ¸µ¸ÉµÖ´¨Õ ¸µµÉ¢¥É¸É¢ÊÕÉ
Ô²¥³¥´ÉÒ ¸¨³³¥É·¨¨ (2−x I+), ± µ¸´µ¢´µ° ±µ³-
¶µ´¥´É¥ lx ¶·¨³¥Ï¨¢ ÕÉ¸Ö µÉ´µ¸¨É¥²Ó´µ ³ ²Ò¥
¨ ´¥ · ¢´Ò¥ ´Ê²Õ ±µ³¶µ´¥´ÉÒ my ¨ mz. ‚ ¤ ²Ó-
´¥°Ï¥³ ¡Ê¤¥³ µ¡µ§´ Î ÉÓ ÔÉµ ¸µ¸ÉµÖ´¨¥ II.

2) ‚¥±Éµ· l ¶¥·¶¥´¤¨±Ê²Ö·¥´ µ¤´µ° ¨§ É·¥Ì
µ¸¥° ¢Éµ·µ£µ ¶µ·Ö¤± , ²¥¦ Ð¨Ì ¢ ¡ §¨¸´µ° ¶²µ¸-
±µ¸É¨ (³Ò ¶·¨´¨³ ¥³ ÔÉÊ ¢Ò¤¥²¥´´ÊÕ µ¸Ó §  µ¸Ó

x); ÔÉµ³Ê ¸µ¸ÉµÖ´¨Õ ¸µµÉ¢¥É¸É¢ÊÕÉ Ô²¥³¥´ÉÒ ¸¨³³¥É·¨¨ (2+
x I+) (¸µ¸ÉµÖ´¨¥

III). �·¨ ÔÉµ³ ly �= 0, lz �= 0, mx �= 0, my = mz = lx = 0 , ¶·¨Î¥³ ±µ³¶µ-
´¥´ÉÒ lz ¨ mx, µ¡Ê¸²µ¢²¥´´Ò¥ ³ £´¨É´Ò³¨ ¢§ ¨³µ¤¥°¸É¢¨Ö³¨, µÎ¥´Ó ³ ²Ò
¶µ µÉ´µÏ¥´¨Õ ± ly.

ˆ§  ´ ²¨§  Ë §µ¢µ° ¤¨ £· ³³Ò [51] ¸²¥¤Ê¥É, ÎÉµ ¢ É¥³¶¥· ÉÊ·´µ³ ¤¨ ¶ -
§µ´¥ TM < T < TM1

∼= 370 K ±·¨¸É ²² ´ Ìµ¤¨É¸Ö ¢ Ë §µ¢µ³ ¸µ¸ÉµÖ´¨¨ III,
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  ¢ ¤¨ ¶ §µ´¥ TM1 < T < TN Å ¢ ¸µ¸ÉµÖ´¨¨ II. ” §µ¢Ò¥ ¶¥·¥Ìµ¤Ò ¢ ÉµÎ± Ì
TM ¨ TM1 Å ¶¥·¥Ìµ¤Ò ¶¥·¢µ£µ ·µ¤ .

’ ± ± ± ±µ³¶µ´¥´ÉÒ ¢¥±Éµ·µ¢ (ly, mx) ¨ (lx, my), ¸µµÉ¢¥É¸É¢¥´´µ, ¶·¥-
µ¡· §ÊÕÉ¸Ö ¶µ µ¤¨´ ±µ¢Ò³ ¶·¥¤¸É ¢²¥´¨Ö³ ¸¨³³¥É·¨¨ (¸³. ·¨¸. 5), ¨§ ´ -
²¨Î¨Ö µ¤´µ° ¨§ ±µ³¶µ´¥´É ¶ ·Ò ¸ ´¥µ¡Ìµ¤¨³µ¸ÉÓÕ ¸²¥¤Ê¥É ´¥´Ê²¥¢µ¥ §´ -
Î¥´¨¥ ¤·Ê£µ° ±µ³¶µ´¥´ÉÒ. �µÔÉµ³Ê ¶·¨ T > TM , ´ ·Ö¤Ê ¸ ±µ³¶µ´¥´Éµ°
¢¥±Éµ·   ´É¨Ë¥··µ³ £´¥É¨§³ , Ê£µ² ±µÉµ·µ° ¸ ·µ³¡µÔ¤·¨Î¥¸±µ° µ¸ÓÕ · ¢¥´
90◦, ¨ ¡²¨§±µ° ¶µ ³µ¤Ê²Õ ± 1, ¨³¥¥³ ¶¥·¶¥´¤¨±Ê²Ö·´ÊÕ ± l ±µ³¶µ´¥´ÉÊ m0

®¸² ¡µ£µ¯ Ë¥··µ³ £´¥É¨§³ . �¡ÑÖ¸´¥´¨¥ ¸ÊÐ¥¸É¢µ¢ ´¨Ö ¸² ¡µ£µ Ë¥··µ³ £-
´¥É¨§³  ¢  ´É¨Ë¥··µ³ £´¥É¨± Ì ´  µ¸´µ¢ ´¨¨ ¸¨³³¥É·¨¨ ±·¨¸É ²²µ¢ ¡Ò²µ
¤ ´µ ….„§Ö²µÏ¨´¸±¨³ [50] (¡µ²¥¥ ¶µ²´Ò°  ´ ²¨§ ¸² ¡µ£µ Ë¥··µ³ £´¥É¨§³  ¢
±·¨¸É ²² Ì ¸ · §²¨Î´Ò³¨ É¨¶ ³¨ ¸É·Ê±ÉÊ·Ò ¨³¥¥É¸Ö ¢ ±´¨£¥ [52]). �É´µ¸¨-
É¥²Ó´ Ö ¢¥²¨Î¨´  ¸² ¡µ£µ Ë¥··µ³ £´¥É¨§³  ¢ £¥³ É¨É¥ ¨, ¸²¥¤µ¢ É¥²Ó´µ, ´¥-
±µ²²¨´¥ ·´µ¸ÉÓ  ´É¨Ë¥··µ³ £´¨É´µ£µ Ê¶µ·Ö¤µÎ¥´¨Ö ¸µ¸É ¢²Ö¥É µ±µ²µ 10−3.
‘ ¤·Ê£µ° ¸Éµ·µ´Ò, ¤¥°¸É¢¨¥ ³ £´¨É´µ£µ ¶µ²Ö, ¶¥·¶¥´¤¨±Ê²Ö·´µ£µ ·µ³¡µÔ¤·¨-
Î¥¸±µ° µ¸¨, ¢ ´¨§±µÉ¥³¶¥· ÉÊ·´µ° ³µ¤¨Ë¨± Í¨¨ £¥³ É¨É  ¶·¨¢µ¤¨É ± ¨´-
¤ÊÍ¨·µ¢ ´¨Õ ¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì ±µ³¶µ´¥´É ¢¥±Éµ·   ´É¨Ë¥··µ³ £´¥É¨§³  ly
¨ lx, É.¥. ± ¶µ¢µ·µÉÊ ¢¥±Éµ·  l ± ¶²µ¸±µ¸É¨ (111). Œ É¥³ É¨Î¥¸±¨ É ± Ö
¸¢Ö§Ó ³¥¦¤Ê Ê± § ´´Ò³¨ ±µ³¶µ´¥´É ³¨ ÊÎ¨ÉÒ¢ ¥É¸Ö ¢¢¥¤¥´¨¥³ ¨´¢ ·¨ ´É-
´µ£µ Î²¥´  β(lxmy − lymx) ¢ É¥·³µ¤¨´ ³¨Î¥¸±¨° ¶µÉ¥´Í¨ ². ‚¶¥·¢Ò¥ Ì · ±-
É¥· ¨§³¥´¥´¨Ö µ·¨¥´É Í¨¨ ¢¥±Éµ·   ´É¨Ë¥··µ³ £´¥É¨§³  ¢ ³ £´¨É´µ³ ¶µ²¥
¡Ò² ¶·µ ´ ²¨§¨·µ¢ ´ ¢ · ¡µÉ¥ [52].

�´ ²¨§ ¸µ¸ÉµÖ´¨° ¸¨³³¥É·¨¨ £¥³ É¨É  ¶·¨ T < TM ¶·¨¢µ¤¨É ± ¸²¥-
¤ÊÕÐ¥°, ¡µ²¥¥ ¶µ²´µ° ¸Ì¥³¥ Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢, ¸¢Ö§ ´´ÒÌ ¸ ¨§³¥´¥´¨¥³
¸¨³³¥É·¨¨, ¢ ¶µ²¥ Hy ¨Hz [53,54]:

(5)

(6)

�´ ²µ£¨Î´µ ¤²Ö É¥³¶¥· ÉÊ·´µ° µ¡² ¸É¨ TM < T < TM1:

(7)

(8)
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‚ (5)Ä(8) Ê± § ´Ò ´¥ · ¢´Ò¥ ´Ê²Õ ±µ³¶µ´¥´ÉÒ ³ £´¨É´ÒÌ ³µ³¥´Éµ¢; ¢
¸²ÊÎ ¥ (I+) ´¥ · ¢´Ò ´Ê²Õ ¢¸¥ ±µ³¶µ´¥´ÉÒ ¢¥±Éµ·µ¢ l ¨ m. �  ¢Éµ·µ³
³¥¸É¥ ¸²¥¢  ¶µ¸²¥ Éµ´±¨Ì ¸É·¥²µ± ¶·¨¢¥¤¥´Ò ¸µ¸ÉµÖ´¨Ö, ·¥ ²¨§ÊÕÐ¨¥¸Ö Ê¦¥
¶·¨ ¸±µ²Ó Ê£µ¤´µ ³ ²µ° ¢¥²¨Î¨´¥ ³ £´¨É´µ£µ ¶µ²Ö. �µ¤Î¥·±´ÊÉÒ µ¸´µ¢´Ò¥
±µ³¶µ´¥´ÉÒ  ´É¨Ë¥··µ³ £´¨É´µ£µ Ê¶µ·Ö¤µÎ¥´¨Ö. ’µ²¸ÉÒ³¨ ¸É·¥²± ³¨ µ¡µ-
§´ Î¥´Ò ¶¥·¥Ìµ¤Ò, ¶·µ¨¸Ìµ¤ÖÐ¨¥ ¶·¨ Ê¢¥²¨Î¥´¨¨ ¶µ²Ö. ’ ³, £¤¥ ÔÉµ ¸²¥¤Ê¥É
¨§ ¸µµ¡· ¦¥´¨° ¸¨³³¥É·¨¨, Ê± § ´µ, ÎÉµ ¶¥·¥Ìµ¤ Ö¢²Ö¥É¸Ö Ë §µ¢Ò³ ¶¥·¥Ìµ-
¤µ³ ¶¥·¢µ£µ ·µ¤ .

‚ ¶µ²¥ Hx ¢µ§³µ¦´Ò ²¨ÏÓ ¤¢  ¸µ¸ÉµÖ´¨Ö ¸¨³³¥É·¨¨: (2+
x I+) ¨ (I+). ‚

¶¥·¢µ³ ¨§ ´¨Ì ¢¥±Éµ· l Å ¢ ¶²µ¸±µ¸É¨ yz,   ¢Éµ·µ¥ ¸µ¸ÉµÖ´¨¥ Å ¸ µÉ±²µ-
´¥´¨¥³ l µÉ ¶²µ¸±µ¸É¨ yz Å ³µ¦¥É ·¥ ²¨§µ¢ ÉÓ¸Ö ²¨ÏÓ ¢ ¸²ÊÎ ¥ ¨§³¥´¥´¨Ö
§´ ±   ´¨§µÉ·µ¶¨¨ ¢ ¡ §¨¸´µ° ¶²µ¸±µ¸É¨. …¸²¨ ÔÉµ£µ ´¥ ¶·µ¨¸Ìµ¤¨É, ¢ ¶µ²¥
Hx ´¥É Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢, ¸¢Ö§ ´´ÒÌ ¸ ¨§³¥´¥´¨¥³ ¸¨³³¥É·¨¨. �µ Ë §µ¢Ò°
¶¥·¥Ìµ¤ (2+

x I+) ⇒ (2+
x I+) ¶¥·¢µ£µ ·µ¤  µ¸É ¥É¸Ö ¢µ§³µ¦´Ò³. ’ ±µ° ¶¥·¥Ìµ¤,

µÎ¥¢¨¤´µ, ¨³¥¥É ³¥¸Éµ ¶·¨ T < TM ¤µ¸É ÉµÎ´µ ¡²¨§±µ ± TM , ±µ£¤  ¸ ·µ¸Éµ³
³ £´¨É´µ£µ ¶µ²Ö Ê£µ² ³¥¦¤Ê µ¸ÓÕ z ¨ l Ê¢¥²¨Î¨¢ ¥É¸Ö,   § É¥³ ¸± Î±µ³ ¶·¨-
´¨³ ¥É §´ Î¥´¨¥, ¡²¨§±µ¥ (´µ ´¥ · ¢´µ¥) ± 90◦. ‚ ¤ ²Ó´¥°Ï¥³ ´¨§±µ¶µ²¥¢ÊÕ
³µ¤¨Ë¨± Í¨Õ ¸µ¸ÉµÖ´¨Ö (2+

x I+) ¡Ê¤¥³ ´ §Ò¢ ÉÓ III1,   ¢Ò¸µ±µ¶µ²¥¢ÊÕ Å III2.

�  ·¨¸. 6 ¶·¥¤¸É ¢²¥´Ò Ë §µ¢Ò¥ ¤¨ £· ³³Ò £¥³ É¨É  ¢ ¶µ²ÖÌ Hy, Hz

¨ Hx ¢ É¥³¶¥· ÉÊ·´µ° µ¡² ¸É¨ T < TM [51]. ‚ ¶µ²¥ Hz µ¸ÊÐ¥¸É¢²Ö¥É¸Ö
Ì · ±É¥·´Ò° ¤²Ö µ¤´µµ¸´ÒÌ  ´É¨Ë¥··µ³ £´¥É¨±µ¢ ¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤ (¢ ´¥-
±µÉµ·ÒÌ · ¡µÉ Ì µ´ ´ §Ò¢ ¥É¸Ö Ë §µ¢Ò³ ¶¥·¥Ìµ¤µ³ ®µ¶·µ±¨¤Ò¢ ´¨Ö¯). ‚
µÉ´µ¸¨É¥²Ó´µ ´¥¡µ²ÓÏµ³ ³ £´¨É´µ³ ¶µ²¥, ´ ¶· ¢²¥´´µ³ ¶µ µ¸¨ C3,  ´¨§µ-
É·µ¶¨Ö ¶·¥¶ÖÉ¸É¢Ê¥É µÉ±²µ´¥´¨Õ ³ £´¨É´ÒÌ ³µ³¥´Éµ¢ µÉ ´ ¶· ¢²¥´¨Ö ¶µ²Ö.
‡  ¨¸±²ÕÎ¥´¨¥³ É¥³¶¥· ÉÊ·´µ° µ¡² ¸É¨, ¡²¨§±µ° ± TM , ¶µ¶¥·¥Î´ Ö ³ £´¨É-
´ Ö ¢µ¸¶·¨¨³Î¨¢µ¸ÉÓ χ⊥ ¸ÊÐ¥¸É¢¥´´µ ¶·¥¢ÒÏ ¥É ¶·µ¤µ²Ó´ÊÕ χ‖. �µÔÉµ³Ê,
±µ£¤  ¢¥²¨Î¨´  ¶µ²Ö ¶·¥¢ÒÏ ¥É ±·¨É¨Î¥¸±µ¥ §´ Î¥´¨¥ Hzeq =

√
HAHE , £¤¥

HA Å ÔËË¥±É¨¢´µ¥ ¶µ²¥  ´¨§µÉ·µ¶¨¨, HE Å ÔËË¥±É¨¢´µ¥ ¶µ²¥ µ¡³¥´´µ£µ
¢§ ¨³µ¤¥°¸É¢¨Ö, Ô´¥·£¨Ö (−HM⊥) ¢§ ¨³µ¤¥°¸É¢¨Ö ¶µ²Ö ¸ ´ ³ £´¨Î¥´´µ¸ÉÓÕ
±·¨¸É ²²  ¢ ¸µ¸ÉµÖ´¨¨ ¸ ®µ¶·µ±¨´ÊÉµ°¯ µ¸ÓÕ  ´É¨Ë¥··µ³ £´¥É¨§³  ¸É ´µ-
¢¨É¸Ö ¶µ  ¡¸µ²ÕÉ´µ° ¢¥²¨Î¨´¥ ¡µ²ÓÏ¥, Î¥³ Ô´¥·£¨Ö  ´¨§µÉ·µ¶¨¨ HAM0.
�·µ¨¸Ìµ¤¨É Ë §µ¢Ò° ¶¥·¥Ìµ¤.

‘²¥¤Ê¥É § ³¥É¨ÉÓ, ÎÉµ ÌµÉÖ ¶·¨ É¥³¶¥· ÉÊ·¥ T < Txcr ¢ ¶µ²¥ Hx ¶µ-
¢µ·µÉ ¢¥±Éµ·  l ± ¶²µ¸±µ¸É¨ (111) µ¸ÊÐ¥¸É¢²Ö¥É¸Ö ´¥¶·¥·Ò¢´µ, ¡¥§ Ë §µ¢µ£µ
¶¥·¥Ìµ¤ , · §²¨Î¨¥ ¢ ¶µ¢¥¤¥´¨¨ ¸É·Ê±ÉÊ·Ò ¢ ¸²ÊÎ ÖÌ Hx ¨ Hy ¢ ¨§¢¥¸É´ÒÌ · -
¡µÉ Ì (¸³., ´ ¶·¨³¥·, [55Ä58]) ´¥ ¶·µÖ¢²Ö²µ¸Ó ¨§-§  ´¥¤µ¸É ÉµÎ´µ° ÉµÎ´µ¸É¨
¨¸¶µ²Ó§Ê¥³ÒÌ ³¥Éµ¤µ¢. ‘ÊÐ¥¸É¢µ¢ ´¨¥ ±·¨É¨Î¥¸±µ° ÉµÎ±¨ ¶·¨ Tcr

∼= 236, 5 K,
Hxcr

∼= 45 ±� (¨, ¸µµÉ¢¥É¸É¢¥´´µ, ±·¨É¨Î¥¸±µ° ²¨´¨¨ ¢ ¤¢ÊÌ±µ³¶µ´¥´É´µ³
¶µ²¥ (Hx, Hz)) Ö¢²Ö¥É¸Ö ¶µ±  ²¨ÏÓ ·¥§Ê²ÓÉ Éµ³ É¥µ·¥É¨Î¥¸±µ£µ  ´ ²¨§  [51]
Ë §µ¢µ° ¤¨ £· ³³Ò ´  µ¸´µ¢ ´¨¨ ¨§¢¥¸É´ÒÌ §´ Î¥´¨° ±µ´¸É ´É ¢§ ¨³µ¤¥°-
¸É¢¨Ö.
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” §µ¢ Ö ¤¨ £· ³³  Cr2O3 §´ Î¨É¥²Ó´µ ¶·µÐ¥. ‚ ÔÉµ³ ¸²ÊÎ ¥ µ¡³¥´´µ¥
¢§ ¨³µ¤¥°¸É¢¨¥ ¶·¨¢µ¤¨É ± Ê¶µ·Ö¤µÎ¥´¨Õ ¸ ¢¥±Éµ·µ³  ´É¨Ë¥··µ³ £´¥É¨§³ 
n ¨ ¸ÊÐ¥¸É¢µ¢ ´¨¥ ¸² ¡µ£µ Ë¥··µ³ £´¥É¨§³  ´¥ ¤µ¶Ê¸± ¥É¸Ö, É.±. ³ £´¨É´ Ö
¸É·Ê±ÉÊ·  ´¥Î¥É´  µÉ´µ¸¨É¥²Ó´µ Í¥´É·  ¨´¢¥·¸¨¨ [50,52]. ” §µ¢ Ö ¤¨ £· ³³ 
[59] ¢ ¶µ²¥ Hz ¶µ± § ´  ´  ·¨¸. 7, £¤¥ ¶·¥¤¸É ¢²¥´  É¥³¶¥· ÉÊ·´ Ö § ¢¨¸¨-
³µ¸ÉÓ ±·¨É¨Î¥¸±µ£µ ¶µ²Ö ¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤ . �´ ²¨§ ¸µ¸ÉµÖ´¨° ¸¨³³¥É·¨¨
¶·¨¢µ¤¨É ± ¸²¥¤ÊÕÐ¥° ¸Ì¥³¥ ¢µ§³µ¦´ÒÌ ¨§³¥´¥´¨° ¢ ¶µ²¥ Hx, Hy, Hz ±·¨-
¸É ²²  ¸ ¨¸Ìµ¤´Ò³ ¸µ¸ÉµÖ´¨¥³ (3+

z 2+
x I−) (±·µ³¥ Cr2O3, ÔÉ  ¸Ì¥³  ¶·¨³¥´¨³ 

± Ti2O3 ¨ V2O3) [53]:

(9)

(10)

(11)

ˆ´¤¥±¸ σx µ§´ Î ¥É ¶²µ¸±µ¸ÉÓ ¸±µ²Ó¦¥´¨Ö, ¶¥·¶¥´¤¨±Ê²Ö·´ÊÕ µ¸¨ x;
µÎ¥¢¨¤´µ, σ−

x = 2+
x I− = 2−x I+, σ+

x = 2+
x I+ = 2−x I−, ¢ ¤ ´´µ³ ¸²ÊÎ ¥

¨³¥ÕÉ¸Ö ¢ ¢¨¤Ê ¶µ¸²¥¤µ¢ É¥²Ó´µ¸É¨ ¤¢ÊÌ µ¶¥· Í¨° ¸¨³³¥É·¨¨. Š ± ¢¨¤¨³,

�¨¸. 6. ” §µ¢Ò¥ ¤¨ £· ³³Ò £¥³ É¨É  ¢ ³ £´¨É´µ³ ¶µ²¥. ‹¨´¨Ö Ë §µ¢µ£µ · ¢´µ¢¥¸¨Ö ¢
¶µ²¥ Hx, ´ Î¨´ Ö µÉ ÉµÎ±¨ Œµ·¨´ , ¶µÎÉ¨ ¸µ¢¶ ¤ ¥É ¸ ±·¨¢µ° ¤²Ö ¶µ²Ö Hy ¨, ¸µ£² ¸´µ
· ¸Î¥É ³ [51], µ± ´Î¨¢ ¥É¸Ö ±·¨É¨Î¥¸±µ° ÉµÎ±µ° ¶·¨ Txcr = 236, 5 K, Hxcr = 45 ±�

�¨¸. 7. ” §µ¢ Ö ¤¨ £· ³³  Cr2O3 ¢ ¶µ²¥ Hz [59]
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¤¥°¸É¢¨¥ ³ £´¨É´µ£µ ¶µ²Ö ¶·¨¢µ¤¨É ± ¨´¤ÊÍ¨·µ¢ ´¨Õ ±µ³¶µ´¥´Éµ¢ ¸² ¡µ£µ
 ´É¨Ë¥··µ³ £´¥É¨§³  É¨¶  l ¨ p. �µ²¥¥ ¶µ²´Ò°  ´ ²¨§ ¸Ì¥³Ò ¨§³¥´¥´¨Ö
³ £´¨É´µ° ¸É·Ê±ÉÊ·Ò ·µ³¡µÔ¤·¨Î¥¸±¨Ì ±·¨¸É ²²µ¢ ¶·¨ ¤¥°¸É¢¨¨ ³ £´¨É´µ£µ
¶µ²Ö ¸µ¤¥·¦¨É¸Ö ¢ · ¡µÉ¥ [54].

3. �…Š�’��›… ”ˆ‡ˆ—…‘Šˆ… �…‡“‹œ’�’›,
��‹“—…��›… �� ˆ��

�¥·¢Ò¥ Ô±¸¶¥·¨³¥´ÉÒ [3,8] ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³, ¢Ò¶µ²´¥´´Ò¥ ´  ˆ��,
¸µ¸ÉµÖ²¨ ¢ ¨§³¥·¥´¨¨ ¶µ¢¥¤¥´¨Ö ³ £´¨É´µ° ¸É·Ê±ÉÊ·Ò £¥³ É¨É  ´¨¦¥ ÉµÎ±¨
Œµ·¨´  ¢ ³ £´¨É´µ³ ¶µ²¥, ¶¥·¶¥´¤¨±Ê²Ö·´µ³ ·µ³¡µÔ¤·¨Î¥¸±µ° µ¸¨. Š Éµ³Ê
¢·¥³¥´¨ Ê¦¥ ¨³¥²¨¸Ó É¥µ·¥É¨Î¥¸±¨¥ ¶·¥¤¸± § ´¨Ö µ Ì · ±É¥·¥ ¨§³¥´¥´¨Ö ³ £-

�¨¸. 8. ’¨¶¨Î´Ò¥ ´¥°É·µ´µ£· ³³Ò ¤²Ö £¥³ É¨É . �¨± (111) ¸¢Ö§ ´ Éµ²Ó±µ ¸ ³ £´¨É´Ò³
· ¸¸¥Ö´¨¥³, ¶¨± (222) Å Éµ²Ó±µ ¸ Ö¤¥·´Ò³. �³¶²¨ÉÊ¤Ò ¨³¶Ê²Ó¸µ¢: Hm = 14 (1), 49,5
(2), 72 ±� (3), ¢¸¥ É·¨ ¸¶¥±É·  ¶·¨ É¥³¶¥· ÉÊ·¥ ¦¨¤±µ£µ  §µÉ ; H = 0 (4) Å ¶·¨
±µ³´ É´µ° É¥³¶¥· ÉÊ·¥. ‘¶¥±É· 2 ¸µµÉ¢¥É¸É¢Ê¥É  ´µ³ ²Ó´µ³Ê ¶¨±Ê ´  ·¨¸. 9. ˜¨·¨´ 
± ¦¤µ£µ ¢·¥³¥´´µ£µ ± ´ ²  32 ³±¸

�¨¸. 9. ‡ ¢¨¸¨³µ¸ÉÓ ¶²µÐ ¤¨ ³ £´¨É´µ£µ µÉ· ¦¥´¨Ö (111) £¥³ É¨É  µÉ  ³¶²¨ÉÊ¤Ò ¨³-
¶Ê²Ó¸µ¢ ¶µ²Ö, ´ ¶· ¢²¥´´µ£µ ¶µ µ¸¨ ¢Éµ·µ£µ ¶µ·Ö¤± . �¨± ´µ·³¨·µ¢ ´ µÉ´µ¸¨É¥²Ó´µ
Ö¤¥·´µ£µ µÉ· ¦¥´¨Ö (222). ‹¨´¨Ö 1 Å ³ ±¸¨³ ²Ó´µ ¢µ§³µ¦´ Ö ¨´É¥´¸¨¢´µ¸ÉÓ Å
¡Ò²  ¨§³¥·¥´  ¶·¨ ±µ³´ É´µ° É¥³¶¥· ÉÊ·¥; ±·¨¢ Ö 2 ¶·µ¢¥¤¥´  ¶µ Ô±¸¶¥·¨³¥´É ²Ó-
´Ò³ ÉµÎ± ³ ¡¥§ ÊÎ¥É  ÉµÎ¥±, ¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì  ´µ³ ²Ó´µ³Ê · ¸¸¥Ö´¨Õ
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´¨É´µ° ¸¨¸É¥³Ò ¢ É ±µ³ ¶µ²¥ ´  µ¸´µ¢ ´¨¨ É¥µ·¨¨ „§Ö²µÏ¨´¸±µ£µ. Š·µ³¥
Éµ£µ, ¡Ò²¨ ¨§¢¥¸É´Ò ¨§³¥·¥´¨Ö ´ ³ £´¨Î¥´´µ¸É¨ [60] ¨ ³ £´¨Éµ¸É·¨±Í¨¨ [61]
¢ ¨³¶Ê²Ó¸´µ³ ¶µ²¥, ¶µ§¢µ²ÖÕÐ¨¥ ¸¤¥² ÉÓ ¢Ò¢µ¤ µ ´¥¶·¥·Ò¢´µ³ ¶µ¢µ·µÉ¥ ¢¥±-
Éµ·   ´É¨Ë¥··µ³ £´¥É¨§³  ¶·¨ Ê¢¥²¨Î¥´¨¨ ¶µ²Ö, ¶¥·¶¥´¤¨±Ê²Ö·´µ£µ ·µ³¡µ-
Ô¤·¨Î¥¸±µ° µ¸¨ ±·¨¸É ²² . ’¥³ ´¥ ³¥´¥¥ µ¸É ¢ ² ¸Ó ´¥µ¡Ìµ¤¨³µ¸ÉÓ ¶·µ¢¥¸É¨
¨§³¥·¥´¨Ö ¸ ¨³¶Ê²Ó¸´Ò³ ³ £´¨É´Ò³ ¶µ²¥³, ¨¸¶µ²Ó§ÊÖ ¤¨Ë· ±Í¨Õ É¥¶²µ¢ÒÌ
´¥°É·µ´µ¢, ¶µ§¢µ²ÖÕÐÊÕ ¶·µ¸²¥¤¨ÉÓ ´¥¶µ¸·¥¤¸É¢¥´´µ §  ¨§³¥´¥´¨¥³ µ·¨¥´-
É Í¨¨ ¢¥±Éµ·   ´É¨Ë¥··µ³ £´¥É¨§³ .

ˆ¸¶µ²Ó§µ¢ ²¸Ö ³µ´µ±·¨¸É ²²¨Î¥¸±¨° µ¡· §¥Í £¥³ É¨É  ¢ ¢¨¤¥ Ï ·¨± 
¤¨ ³¥É·µ³ 8 ³³. �  ·¨¸. 8 ¶·¨¢¥¤¥´µ ´¥¸±µ²Ó±µ É¨¶¨Î´ÒÌ ´¥°É·µ´µ£· ³³,
¶µ²ÊÎ¥´´ÒÌ ¶·¨ Ï¨·¨´¥ ± ´ ²   ´ ²¨§ Éµ·  32 ³±¸. “£µ² · ¸¸¥Ö´¨Ö ¡Ò²
· ¢¥´ 2θB = 67◦. „²¨É¥²Ó´µ¸ÉÓ ¨³¶Ê²Ó¸  ¶µ²Ö (¶µ µ¸´µ¢ ´¨Õ) ¢ ÔÉ¨Ì ¨§³¥-
·¥´¨ÖÌ ¸µ¸É ¢²Ö²  µ±µ²µ 3 ³¸, ÎÉµ ¶µ§¢µ²Ö²µ µ¶·¥¤¥²ÖÉÓ ¶µ²¥¢ÊÕ § ¢¨¸¨³µ¸ÉÓ
¶²µÐ ¤¨ ¶¨± , ¶·¥´¥¡·¥£ Ö ¨§³¥´¥´¨¥³ ¶µ²Ö ¢ ¶·¥¤¥² Ì ¤¨Ë· ±Í¨µ´´µ£µ µÉ-
· ¦¥´¨Ö. ’¥³¶¥· ÉÊ·  µ¡· §Í  · ¢´Ö² ¸Ó 80 K. ‘µµÉ¢¥É¸É¢ÊÕÐ Ö § ¢¨¸¨³µ¸ÉÓ
¶²µÐ ¤¨ ³ £´¨É´µ£µ ¶¨±  (111) µÉ  ³¶²¨ÉÊ¤Ò ³ £´¨É´ÒÌ ¨³¶Ê²Ó¸µ¢ ¶µ± § ´ 
´  ·¨¸. 9. „¨Ë· ±Í¨µ´´Ò° ¶¨± (222) Å Ö¤¥·´Ò°, ´¥ § ¢¨¸ÖÐ¨° µÉ ¢´¥Ï´¥£µ
³ £´¨É´µ£µ ¶µ²Ö, ¶µÔÉµ³Ê ¶·µ¨§¢µ¤¨² ¸Ó ´µ·³¨·µ¢±  ´  ¥£µ ¶²µÐ ¤Ó. �·¨
H = 0 ´¨¦¥ TM ³ £´¨É´Ò¥ ³µ³¥´ÉÒ ¶¥·¶¥´¤¨±Ê²Ö·´Ò ¶²µ¸±µ¸É¨ (111),
¶µÔÉµ³Ê ³ £´¨É´Ò° ¢±² ¤ µÉ ¤¨Ë· ±Í¨¨ ´¥°É·µ´µ¢ ¶·¨ ÔÉµ³ · ¢¥´ ´Ê²Õ.
‚µ§· ¸É ´¨¥ ¨´É¥´¸¨¢´µ¸É¨ ¶·¨ Ê¢¥²¨Î¥´¨¨ ¶µ²Ö ¸¢¨¤¥É¥²Ó¸É¢Ê¥É µ Éµ³, ÎÉµ,
¶µ ±· °´¥° ³¥·¥, ¶·¨ T ∼= 80 K ¢¥±Éµ·  ´É¨Ë¥··µ³ £´¥É¨§³  ´¥¶·¥·Ò¢´µ ¶µ-
¢µ· Î¨¢ ¥É¸Ö ± ¶²µ¸±µ¸É¨ (111), ÎÉµ Ö¢²Ö¥É¸Ö ± Î¥¸É¢¥´´Ò³ ¶µ¤É¢¥·¦¤¥´¨¥³
± ± É¥µ·¥É¨Î¥¸±¨Ì ¶·¥¤¸É ¢²¥´¨°, É ± ¨ ³ £´¨É´ÒÌ ¨§³¥·¥´¨° [60,61].

�¤´ ±µ ´ ¨¡µ²ÓÏ¨° ¨´É¥·¥¸ ¢Ò§¢ ² ¶¨± ¶·¨ H ∼= 49, 5 ±� ¢ § ¢¨¸¨³µ¸É¨
¨´É¥´¸¨¢´µ¸É¨ µÉ ¶µ²Ö, ·¥§±µ ¢Ò¤¥²ÖÕÐ¨°¸Ö ´  ¶µ¤²µ¦±¥ ¶² ¢´µ£µ ·µ¸É 
¨´É¥´¸¨¢´µ¸É¨. �¤´  ¨§ ´¥°É·µ´µ£· ³³, ¸µµÉ¢¥É¸É¢ÊÕÐ Ö ÔÉµ³Ê ¶¨±Ê, ¶·¨¢¥-
¤¥´  ´  ·¨¸. 8(2). ‚ ¤ ²Ó´¥°Ï¥³ ³Ò ¢¥·´¥³¸Ö ± ¥£µ · ¸¸³µÉ·¥´¨Õ ¨ ¶·¨¢¥¤¥³
´¥±µÉµ·Ò¥ ¸µµ¡· ¦¥´¨Ö µ ¥£µ ¶·¨·µ¤¥.

4. ��‘‘…Ÿ�ˆ… �…‰’����‚ �� ‡���„›˜�• ��‚�‰ ”�‡›
��ˆ ”�‡�‚�Œ �…�…•�„… �…�‚�ƒ� ��„�

4.1. ”¨§¨Î¥¸±¨¥ µ¸´µ¢ ´¨Ö. � ¸¸³µÉ·¨³ ¸µ¢¥·Ï¥´´Ò° ¨ ¤µ¸É ÉµÎ´µ Éµ²-
¸ÉÒ° ³µ´µ±·¨¸É ²², ¶µ³¥Ð¥´´Ò° ¢ ´¥°É·µ´´Ò° ¶ÊÎµ±. �·¥´¥¡·¥¦¥³ ¶µ£²µ-
Ð¥´¨¥³ ¨ ´¥±µ£¥·¥´É´Ò³ · ¸¸¥Ö´¨¥³ ´¥°É·µ´µ¢. �·¨ § ¤ ´´µ³ ´ ¶· ¢²¥´¨¨
(ξ,ζ) ¶ ¤ ÕÐ¨Ì ´¥°É·µ´µ¢, ¸µ£² ¸´µ ¤¨´ ³¨Î¥¸±µ° É¥µ·¨¨ ¤¨Ë· ±Í¨¨, ¥¸²¨
¤²¨´  ¢µ²´Ò ´¥°É·µ´µ¢ λ (ξ,ζ) ¸µµÉ¢¥É¸É¢Ê¥É Ê£²Ê �·Ô££  θ (ξ,ζ), ¶·µ¨¸Ìµ¤¨É
¶µ²´µ¥ µÉ· ¦¥´¨¥ ´¥°É·µ´µ¢ ¢ Ê£²µ¢µ³ ¤¨ ¶ §µ´¥ s (¨§³¥·Ö¥³µ³ ¢ ¶²µ¸±µ-
¸É¨, µ¡· §µ¢ ´´µ° ¶¥·¶¥´¤¨±Ê²Ö·µ³ ± ¶µ¢¥·Ì´µ¸É¨ ±·¨¸É ²²  ¨ ¢µ²´µ¢Ò³
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¢¥±Éµ·µ³ ¶ ¤ ÕÐ¨Ì ´¥°É·µ´µ¢) ¢ µ±·¥¸É´µ¸É¨ θ (ξ,ζ), £¤¥

s =
4d2tg θ(ξ, ς)

πvc
|Fτ | , (12)

Fτ Å  ³¶²¨ÉÊ¤  · ¸¸¥Ö´¨Ö, µÉ´¥¸¥´´ Ö ± µ¤´µ° Ô²¥³¥´É ·´µ° ÖÎ¥°±¥, vc Å
µ¡Ñ¥³ ÖÎ¥°±¨, τ Å ¤²¨´  ¢¥±Éµ·  µ¡· É´µ° ·¥Ï¥É±¨ ¤²Ö · ¸¸³ É·¨¢ ¥³µ°
¶²µ¸±µ¸É¨). …¸²¨ ±·¨¸É ²² ¶µ³¥Ð¥´ ¢ ´¥³µ´µÌ·µ³ É¨Î¥¸±¨° ¶ÊÎµ±, Éµ ¤²Ö
± ¦¤µ£µ ¢Ò¡· ´´µ£µ ´ ¶· ¢²¥´¨Ö (ξ,ζ), ¢§ÖÉµ£µ ¨§ ¶µ²´µ£µ É¥²¥¸´µ£µ Ê£²  Ω
¶ ¤ ÕÐ¨Ì ´¥°É·µ´µ¢, ¨³¥¥É ³¥¸Éµ ¶µ²´µ¥ µÉ· ¦¥´¨¥ ¢ ¤¨ ¶ §µ´¥ ¤²¨´ ¢µ²´

∆λm = λctg θ(ξ, ς)s. (13)

�·¨ ÊÎ¥É¥ ³µ§ ¨Î´µ¸É¨ η ±·¨¸É ²²  ´Ê¦´µ ¢ (13) ¢³¥¸Éµ s ¨¸¶µ²Ó§µ¢ ÉÓ
¢¥²¨Î¨´Ê ηeff =

√
s2 + η2.

�µ²´ Ö ¨´É¥´¸¨¢´µ¸ÉÓ ¤¨Ë· ±Í¨µ´´µ£µ µÉ· ¦¥´¨Ö

IM
∼=
∫
Ω

dξdς

∫
dλi(λ, ξ, ς)λ(ξ, ς)ctg θ(ξ, ς)ηeff , (14)

£¤¥ i (λ, ξ, ς) Å ¨´É¥´¸¨¢´µ¸ÉÓ ¶¥·¢¨Î´µ£µ ¶ÊÎ± . ’ ± ± ± ¶· ±É¨Î¥¸±¨ Ê£²Ò
ξ ¨ ζ ¨§³¥´ÖÕÉ¸Ö ¢ ´¥¡µ²ÓÏ¨Ì ¶·¥¤¥² Ì, ³µ¦´µ § ³¥´¨ÉÓ λ ¨ θ ¨Ì ¸·¥¤´¨³¨
§´ Î¥´¨Ö³¨ λ0 ¨ θ0. ’µ£¤ 

IM
∼= I(λ0)Sλ0 ctg θ0ηeff , (15)

£¤¥ I(λ0) Å ¨´É¥´¸¨¢´µ¸ÉÓ ´¥°É·µ´µ¢, ¶ ¤ ÕÐ¨Ì ¢µ ¢¸¥³ É¥²¥¸´µ³ Ê£²¥ Ω,
S Å ¶²µÐ ¤Ó ¸¥Î¥´¨Ö ±·¨¸É ²² , ¶¥·¶¥´¤¨±Ê²Ö·´µ£µ ¶¥·¢¨Î´µ³Ê ¶ÊÎ±Ê.

…¸²¨ ±·¨¸É ²² ¨³¥¥É ³ ²ÊÕ ³µ§ ¨Î´µ¸ÉÓ, Éµ ¶µ²´µ¥ ¤¨Ë· ±Í¨µ´´µ¥ · ¸-
¸¥Ö´¨¥ ¤²Ö ´¥°É·µ´µ¢ ¢ ¤¨ ¶ §µ´¥ ∆λm µ¸ÊÐ¥¸É¢²Ö¥É¸Ö ¢ Éµ´±µ³ ¶µ¢¥·Ì´µ¸É-
´µ³ ¸²µ¥. „²Ö ´¥°É·µ´µ¢ ¶·¨ § ¤ ´´µ³ ´ ¶· ¢²¥´¨¨ ¶ ¤¥´¨Ö ¨ ¸ ¤²¨´ ³¨
¢µ²´, ¢ÒÌµ¤ÖÐ¨³¨ §  ¶·¥¤¥²Ò ÔÉµ£µ ¤¨ ¶ §µ´ , ±·¨¸É ²² µ¸É ¥É¸Ö ¶·µ§· Î-
´Ò³.

„µ¶Ê¸É¨³ É¥¶¥·Ó, ÎÉµ ¢ ¥¤¨´¨Í¥ µ¡Ñ¥³  ±·¨¸É ²²  ¸µ¤¥·¦¨É¸Ö N µ¤¨-
´ ±µ¢ÒÌ ¶µ · §³¥· ³ Î ¸É¨Í ¢ ´µ¢µ° Ë §¥ ¢ Ëµ·³¥ ¶ · ²²¥²¥¶¨¶¥¤µ¢ ¸µ
¸Éµ·µ´ ³¨, ¶ · ²²¥²Ó´Ò³¨ ¢¥±Éµ· ³ ai Ô²¥³¥´É ·´µ° ÖÎ¥°±¨, ¸ · §³¥· ³¨
niai (i = x, y, z; n = nxnynz), µÉ²¨Î ÕÐ¨Ì¸Ö µÉ ³ É·¨ÍÒ ¢¥²¨Î¨´µ° ¨²¨
´ ¶· ¢²¥´¨¥³ ³ £´¨É´ÒÌ ³µ³¥´Éµ¢. ’µ£¤ , ¶µ  ´ ²µ£¨¨ ¸µ ¸²ÊÎ ¥³ Ö¤¥·´µ£µ
· ¸¸¥Ö´¨Ö (¸³., ´ ¶·¨³¥·, [62]), ¤¨ËË¥·¥´Í¨ ²Ó´µ¥ ¸¥Î¥´¨¥ ³ £´¨É´µ£µ · ¸-
¸¥Ö´¨Ö ´  ÔÉ¨Ì Î ¸É¨Í Ì ¨³¥¥É ¢¨¤

dσp

dΩ
∼= NV

∏
i=x,y,z

1 − cos (nikiai)
1 − cos (kiai)

∑
α,β

(δαβ − eαeβ)∆Fα∆F β∗, (16)



�…‰’����›… ˆ‘‘‹…„�‚��ˆŸ Œ�ƒ�ˆ’�›• ‘‚�‰‘’‚ 865

£¤¥ ∆Fα = (r0γ)
r∑

ν=1
(Sα

νpfνp−Sα
ν0fν0) exp (iτ hklρν), Sα

ν0, Sα
νp Å ±µ³¶µ´¥´ÉÒ

¸¶¨´  ¨µ´  ν-° Ô²¥³¥´É ·´µ° ÖÎ¥°±¨, ¸µµÉ¢¥É¸É¢¥´´µ, ³ É·¨Î´µ° ¨ ´µ¢µ°
Ë §Ò, fν0, fνp Å ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ ³ £´¨É´Ò¥ Ëµ·³Ë ±Éµ·Ò, k = (k2−k1)−
τ hkl, r Å Î¨¸²µ ³ £´¨É´ÒÌ ¨µ´µ¢ ¢ ÖÎ¥°±¥, ρν Å ±µµ·¤¨´ É  ¨µ´  ¢ ÖÎ¥°±¥,
eα, eβ Å ±µ³¶µ´¥´ÉÒ ¥¤¨´¨Î´µ£µ ¢¥±Éµ·  · ¸¸¥Ö´¨Ö, r0 = 2, 8 · 10−13 ¸³,
γ = −1, 913, V Å µ¡Ñ¥³ ±·¨¸É ²² .

�¨¸. 10. „¨ £· ³³  Ê¶·Ê£µ£µ ±µ£¥-
·¥´É´µ£µ · ¸¸¥Ö´¨Ö ®¡¥²µ£µ¯ ¶ÊÎ± 
´¥°É·µ´µ¢ ´  ³µ´µ±·¨¸É ²²¨Î¥¸±¨Ì
Î ¸É¨Í Ì ¸ · §³¥· ³¨ aini (i =
x, y, z)

�  ·¨¸. 10 · ¸¸¥Ö´¨¥ ´  Î ¸É¨Í Ì ¶·µ-
¨²²Õ¸É·¨·µ¢ ´µ ¢ ¨³¶Ê²Ó¸´µ³ ¶·µ¸É· ´-
¸É¢¥. �  £· ´ÖÌ ¶ · ²²¥²¥¶¨¶¥¤  ¢Ò¶µ²-
´Ö¥É¸Ö Ê¸²µ¢¨¥

∏
i

[1 − cos (nikiai)][1 −

cos (kiai)]−1 = 0. ‚¸¥ ¢µ²´µ¢Ò¥ ¢¥±-
Éµ·Ò k2, µ± ´Î¨¢ ÕÐ¨¥¸Ö ¢´ÊÉ·¨ ¶ · ²-
²¥²¥¶¨¶¥¤  ¨ · ¢´Ò¥ ¶µ ³µ¤Ê²Õ |k1|, ¸¢Ö-
§ ´Ò ¸ Ê¶·Ê£¨³ · ¸¸¥Ö´¨¥³ ´  Î ¸É¨Í Ì.
…¸²¨ § Ë¨±¸¨·µ¢ ÉÓ ´ ¶· ¢²¥´¨Ö ¶ ¤¥´¨Ö
¨ · ¸¸¥Ö´¨Ö, ¶·¨Î¥³ É ±, ÎÉµ kx �= 0,  
ky = kz = 0, Éµ ¤¨ ¶ §µ´ ¤²¨´ ¢µ²´ ´¥°-
É·µ´µ¢, · ¸¸¥¨¢ ¥³ÒÌ ´  Î ¸É¨Í Ì, · ¢¥´
(¶µ² £ ¥³, ÎÉµ τ hkl = (2π/ax, 0, 0)):

∆λp
∼=

2λ0

nx
. (17)

�·¨ ¤µ¸É ÉµÎ´µ ³ ²ÒÌ · §³¥· Ì Î -
¸É¨Í ∆λp � ∆λm, É.¥. ±·¨¸É ²² ¸É -
´µ¢¨É¸Ö ´¥¶·µ§· Î´Ò³ ¤²Ö §´ Î¨É¥²Ó´µ
¡µ²ÓÏ¥£µ Ô´¥·£¥É¨Î¥¸±µ£µ ¤¨ ¶ §µ´  ´¥°-
É·µ´µ¢, Î¥³ ¢ ¸²ÊÎ ¥ ¸µ¢¥·Ï¥´´µ£µ ±·¨-
¸É ²²  ¶·¨ µÉ¸ÊÉ¸É¢¨¨ ³ ²ÒÌ Î ¸É¨Í (±µ-
´¥Î´µ, §¤¥¸Ó ¨³¥¥É¸Ö ¢ ¢¨¤Ê ¤¨ ¶ §µ´ ¤²Ö Ë¨±¸¨·µ¢ ´´µ£µ ´ ¶· ¢²¥´¨Ö ¶ ¤¥-
´¨Ö; ¶µ²´Ò° Ô´¥·£¥É¨Î¥¸±¨° ¤¨ ¶ §µ´ ¸ ÊÎ¥Éµ³ Ë ±É¨Î¥¸±µ£µ ¶ ¤¥´¨Ö ´¥°-
É·µ´µ¢ ¢ É¥²¥¸´µ³ Ê£²¥ Ω ³µ¦¥É µ¸É ¢ ÉÓ¸Ö µÉ´µ¸¨É¥²Ó´µ ¡µ²ÓÏ¨³ ¨ ¶· ±-
É¨Î¥¸±¨ ´¥¨§³¥´´Ò³).

„²Ö µ¶·¥¤¥²¥´´µ¸É¨ ¶·¥¤¶µ²µ¦¨³, ÎÉµ ax = ay = az, nx = ny = nz.
�·¨¡²¨§¨É¥²Ó´µ¥ §´ Î¥´¨¥ ¸¥Î¥´¨Ö · ¸¸¥Ö´¨Ö ´  ¢¸¥Ì § ·µ¤ÒÏ Ì ¶µ²ÊÎ ¥É¸Ö
Ê³´µ¦¥´¨¥³ ¸¥Î¥´¨Ö ¶·¨ k = 0 ´  É¥²¥¸´Ò° Ê£µ² § ·µ¤ÒÏ  ¢ µ¡· É´µ³ ¶·µ-

¸É· ´¸É¢¥,
λ2

0

a2
xn2

x

, ¨ ´  ¢¥²¨Î¨´Ê ¤¨ ¶ §µ´  ∆λp. ‚ ·¥§Ê²ÓÉ É¥ ¨´É¥´¸¨¢´µ¸ÉÓ

· ¢´ 
Ip

∼= I(λ0)8nNV λ0 sin2 θ0∆F 2
⊥, (18)

£¤¥
∆F 2

⊥ = (∆F y)2 + (∆F z)2 .
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�·¨ ¤µ¸É ÉµÎ´µ ¡µ²ÓÏµ° Éµ²Ð¨´¥ ±·¨¸É ²²  (¢ ´ ¶· ¢²¥´¨¨ ¶¥·¢¨Î´µ£µ
¶ÊÎ± ) ± ¦¤Ò° ´¥°É·µ´ ¸ ¤²¨´µ° ¢µ²´Ò ¢ ¤¨ ¶ §µ´¥ ∆λp ¨¸¶ÒÉÒ¢ ¥É · ¸¸¥-
Ö´¨¥, ¶µÔÉµ³Ê ³ ±¸¨³ ²Ó´µ ¢µ§³µ¦´ Ö (¶·¨ ¤ ´´µ³ nx) ¨´É¥´¸¨¢´µ¸ÉÓ

Ip max
∼= I(λ0)S

2λ0

nx
. (19)

’ ±¨³ µ¡· §µ³, ¸µµÉ´µÏ¥´¨¥ ³¥¦¤Ê ³ ±¸¨³ ²Ó´µ ¢µ§³µ¦´µ° (¶·¨ Ê¢¥-
²¨Î¥´¨¨ Éµ²Ð¨´Ò) ¨´É¥´¸¨¢´µ¸ÉÓÕ · ¸¸¥Ö´¨Ö ´  Î ¸É¨Í Ì ´µ¢µ° Ë §Ò ¨ ¨´-
É¥´¸¨¢´µ¸ÉÓÕ · ¸¸¥Ö´¨Ö ´  µ¤´µË §´µ³ µ¡· §Í¥ Ì · ±É¥·¨§Ê¥É¸Ö ¢¥²¨Î¨´µ°

Pmax ≡ Ip max

IM
= 2tg θ0n

−1
x η−1

eff . (20)

‚¥²¨Î¨´  ¨´É¥´¸¨¢´µ¸É¨ · ¸¸¥Ö´¨Ö (19) ¸µµÉ¢¥É¸É¢Ê¥É É ±¨³ · §³¥· ³
Î ¸É¨Í ¢ ´µ¢µ° Ë §¥, ¶·¨ ±µÉµ·ÒÌ µ´¨ ¢§ ¨³´µ Ô±· ´¨·ÊÕÉ¸Ö, É.¥. ¤µ¸É¨£ ¥É¸Ö
´ ¸ÒÐ¥´¨¥ ¢Éµ·¨Î´µ° Ô±¸É¨´±Í¨¨, ¨ ¶·¨ ¤ ²Ó´¥°Ï¥³ ·µ¸É¥ · §³¥·µ¢ Î ¸É¨Í
¨´É¥´¸¨¢´µ¸ÉÓ ¶ ¤ ¥É §  ¸Î¥É Ê³¥´ÓÏ¥´¨Ö ¤¨ ¶ §µ´  ∆λp. „²Ö µÍ¥´±¨ §´ Î¥-
´¨Ö nxm, ¶·¨ ±µÉµ·µ³ ¤µ¸É¨£ ¥É¸Ö ³ ±¸¨³Ê³ ¨´É¥´¸¨¢´µ¸É¨ ¶·¨ ¶µ¸ÉµÖ´´µ°
±µ´Í¥´É· Í¨¨ Î¨¸²  Î ¸É¨Í N , ¸²¥¤Ê¥É ¶·¨· ¢´ÖÉÓ (18) ¨ (19). �µ²ÊÎ ¥³

n4
xm

∼=
S

4NV sin2 θ0∆F 2
⊥

. (21)

�·¨¢¥¤¥³ ´¥¸±µ²Ó±µ ¶·¨³¥·µ¢. „²Ö ¶·µ¸ÉµÉÒ ¸Î¨É ¥³, ÎÉµ Î ¸É¨ÍÒ ¢
´µ¢µ° Ë §¥ ¨³¥ÕÉ ±Ê¡¨Î¥¸±ÊÕ Ëµ·³Ê. �  ·¨¸. 11 ¶µ± § ´  § ¢¨¸¨³µ¸ÉÓ µÉ´µ-
¸¨É¥²Ó´µ° ¨´É¥´¸¨¢´µ¸É¨ P = Ip/IM ¨ Ê£²µ¢µ° Ï¨·¨´Ò γ1 = λ0/axnx · ¸-
¸¥Ö´¨Ö ´  Î ¸É¨Í Ì µÉ ¢¥²¨Î¨´Ò nx ¤²Ö ¸²ÊÎ Ö: N = 4 · 1012 ¸³−3, θ0 = 80◦,
∆F 2

⊥ = 6 · 10−24 ¸³2. �·¨ ÔÉµ³ ηeff
∼= 4, 5′, É.¥. ÔÉµÉ ¶·¨³¥· ¸µµÉ¢¥É¸É¢Ê¥É

· ¸¸¥Ö´¨Õ ±·¨¸É ²²µ³, ¨³¥ÕÐ¨³ §´ Î¨É¥²Ó´ÊÕ ³µ§ ¨Î´µ¸ÉÓ.
�  ·¨¸. 12 ¶µ± § ´Ò É¥µ·¥É¨Î¥¸±¨¥ § ¢¨¸¨³µ¸É¨ µÉ´µ¸¨É¥²Ó´µ° ¨´É¥´¸¨¢-

´µ¸É¨ P (nx) ¶·¨ ´¥¸±µ²Ó±¨Ì §´ Î¥´¨ÖÌ N ¤²Ö ¸µ¢¥·Ï¥´´µ£µ ±·¨¸É ²² , ±µ-
£¤  ¢¥²¨Î¨´  ηeff ¡²¨§±  ± Ï¨·¨´¥ ¸Éµ²¨±  „ ·¢¨´ . ‚ ÔÉµ³ ¸²ÊÎ ¥ θ0 = 35◦,
ηeff

∼= 5′′. …¸²¨ ¡Ò ¢ ¶·µÍ¥¸¸¥ Ë §µ¢µ° ¶¥·¥¸É·µ°±¨, ¶·µ¨¸Ìµ¤ÖÐ¥° ¶µ¤ ¤¥°-
¸É¢¨¥³ ¨³¶Ê²Ó¸´µ£µ ¶µ²Ö, Î¨¸²µ Î ¸É¨Í N ¨ ¸±µ·µ¸ÉÓ ·µ¸É  Î ¸É¨Í dnx/dt
µ¸É ¢ ²¨¸Ó ´¥¨§³¥´´Ò³¨, § ¢¨¸¨³µ¸ÉÓ P (t) ¢ ÉµÎ´µ¸É¨ ¸µ¢¶ ¤ ²  ¡Ò ¶µ Ëµ·³¥
¸ P (nx). ‚ ¸²ÊÎ ¥ ¸¶µ´É ´´µ£µ µ¡· §µ¢ ´¨Ö § ·µ¤ÒÏ¥° ´  ¶¥·¥¤´¥³ Ë·µ´É¥
³ £´¨É´µ£µ ¨³¶Ê²Ó¸  Ê¢¥²¨Î¨¢ ¥É¸Ö ´¥ Éµ²Ó±µ nx, ´µ ¨ N . ‚ ´¥±µÉµ·Ò° ³µ-
³¥´É ¢·¥³¥´¨ ¤µ¸É¨£ ¥É¸Ö ³ ±¸¨³ ²Ó´ Ö ¨´É¥´¸¨¢´µ¸ÉÓ P = Pm, ¶µ¸²¥ Î¥£µ
P Ê³¥´ÓÏ ¥É¸Ö. …¸²¨ ¶·¨ ÔÉµ³ ¶µ²¥ ¶·µ¤µ²¦ ¥É · ¸É¨, ¢¥²¨Î¨´  dnx/dt Éµ¦¥
· ¸É¥É. ‚ ·¥§Ê²ÓÉ É¥ § ¢¨¸¨³µ¸ÉÓ P (t) ¨³¥¥É Ê±µ·µÎ¥´´Ò° ¶µ ¸· ¢´¥´¨Õ ¸
P (nx) ¸¶ ¤. ‚ ¸²ÊÎ ¥ ¨¸¶µ²Ó§µ¢ ´¨Ö ¢ ¨§³¥·¥´¨ÖÌ ¨³¶Ê²Ó¸´µ£µ ¨¸ÉµÎ´¨± 
´¥°É·µ´µ¢ ¶·µ¨¸Ìµ¤¨É µ¡·¥§ ´¨¥ § ¢¨¸¨³µ¸É¨ P (t) ¸µ ¸Éµ·µ´Ò ³ ²ÒÌ §´ Î¥-
´¨° t, ¸¢Ö§ ´´µ¥ ¸ É¥³, ÎÉµ ±µ²¨Î¥¸É¢µ ´¥°É·µ´µ¢, · ¸¸¥¨¢ ¥³ÒÌ ´  µ¡· §Í¥
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�¨¸. 11. ‡ ¢¨¸¨³µ¸ÉÓ µÉ´µ¸¨É¥²Ó´µ° ¨´É¥´¸¨¢´µ¸É¨ P ¨ Ê£²µ¢µ° Ï¨·¨´Ò γ1 · ¸¸¥Ö´¨Ö
´  Î ¸É¨Í Ì µÉ ¢¥²¨Î¨´Ò nx ¤²Ö ¸²ÊÎ Ö: N = 4 · 1012 ¸³−3, θ0 = 80◦, ηeff

∼= 4, 5′,
∆F 2

⊥ = 6 · 10−24 ¸³2

�¨¸. 12. ‡ ¢¨¸¨³µ¸É¨ P (nx) ¶·¨ ´¥¸±µ²Ó±¨Ì §´ Î¥´¨ÖÌ N (Éµ´±¨¥ ²¨´¨¨) ¤²Ö ¸²ÊÎ Ö
θ0 = 35◦, ηeff

∼= 5′′. ’µ²¸Éµ° ²¨´¨¥° ± Î¥¸É¢¥´´µ ¶µ± § ´ Ì · ±É¥· § ¢¨¸¨³µ¸É¨ P (t)
¶·¨ ÊÎ¥É¥ ¢µ§· ¸É ´¨Ö ±µ´Í¥´É· Í¨¨ N ¨ Ê¢¥²¨Î¥´¨Ö ¸±µ·µ¸É¨ ·µ¸É  Î ¸É¨Í dnx/dt
¢µ ¢·¥³Ö Ë §µ¢µ° ¶¥·¥¸É·µ°±¨

µ¤´µ¢·¥³¥´´µ, µ£· ´¨Î¥´µ ¢¥²¨Î¨´µ° ∆λs = τs/cL1. Š Î¥¸É¢¥´´µ § ¢¨¸¨-
³µ¸ÉÓ P (t) ¶µ± § ´  ´  ·¨¸. 12 ¡µ²¥¥ Éµ²¸Éµ° ²¨´¨¥°.

4.2. � ¡²Õ¤¥´¨¥ ¤¨Ë· ±Í¨¨ ´  § ·µ¤ÒÏ Ì ´µ¢µ° Ë §Ò ¶·¨ ¨´¤ÊÍ¨-
·µ¢ ´´µ³ Ë §µ¢µ³ ¶¥·¥Ìµ¤¥ ¢ £¥³ É¨É¥. � ¸¸³µÉ·¨³ ´¥±µÉµ·Ò¥ ·¥§Ê²ÓÉ ÉÒ
¨¸¸²¥¤µ¢ ´¨Ö ³ £´¨É´µ£µ ¶¥·¥Ìµ¤  ¢ ³µ´µ±·¨¸É ²²¥ £¥³ É¨É  ¢ ¨³¶Ê²Ó¸-
´µ³ ¶µ²¥ [11,12,14], ¶µ²ÊÎ¥´´Ò¥ ´  ¸¶¥±É·µ³¥É·¥ ‘�ˆŒ-1 [9] (´  ·¥ ±Éµ·¥
ˆ��-30).

Š ± ¸± § ´µ ¢ÒÏ¥, ¶·¨ T < TM ¸ Ê¢¥²¨Î¥´¨¥³ ³ £´¨É´µ£µ ¶µ²Ö, ¶¥·-
¶¥´¤¨±Ê²Ö·´µ£µ µ¸¨ C3, ¢¥±Éµ· l ´¥¶·¥·Ò¢´µ ¶µ¢µ· Î¨¢ ¥É¸Ö µÉ ÔÉµ° µ¸¨ ±
¡ §¨¸´µ° ¶²µ¸±µ¸É¨ (111) ±·¨¸É ²² ,   § É¥³, ¢µ ¢¸Ö±µ³ ¸²ÊÎ ¥, ¥¸²¨ É¥³¶¥-
· ÉÊ·  ´¥ ¸²¨Ï±µ³ Ê¤ ²¥´  µÉ ÉµÎ±¨ Œµ·¨´ , ¶·¨ µ¶·¥¤¥²¥´´µ³ §´ Î¥´¨¨
¶µ²Ö ¸± Î±µ³ ²µ¦¨É¸Ö ¢ ÔÉÊ ¶²µ¸±µ¸ÉÓ, µ¸É ¢ Ö¸Ó ¶¥·¶¥´¤¨±Ê²Ö·´Ò³ ³ £´¨É-
´µ³Ê ¶µ²Õ. �·µ¨¸Ìµ¤¨É ³ £´¨É´Ò° Ë §µ¢Ò° ¶¥·¥Ìµ¤ ¶¥·¢µ£µ ·µ¤ . �·µÍ¥¸¸
Ë §µ¢µ° ¶¥·¥¸É·µ°±¨ ¶·¨ É ±µ³ ¶¥·¥Ìµ¤¥ µ¡ÒÎ´µ · ¸¸³ É·¨¢ ¥É¸Ö, ± ± ·µ¸É
§ ·µ¤ÒÏ¥° ´µ¢µ° Ë §Ò, ±µÉµ·Ò¥ ¢ ·¥§Ê²ÓÉ É¥ § ¶µ²´ÖÕÉ µ¸´µ¢´µ° µ¡Ñ¥³ ±·¨-
¸É ²² . ‡ ·µ¤ÒÏ¨ ´µ¢µ° Ë §Ò ³µ£ÊÉ § ¢¥¤µ³µ ¸ÊÐ¥¸É¢µ¢ ÉÓ ¨²¨ ¢µ§´¨± ÉÓ
¶·¨ ·µ¸É¥ ³ £´¨É´µ£µ ¶µ²Ö ¢ ³ É·¨Í¥ ´¨§±µ¶µ²¥¢µ° Ë §Ò ´  É ±¨Ì ´¥µ¤´µ-
·µ¤´µ¸ÉÖÌ ±·¨¸É ²² , ± ± ¤¨¸²µ± Í¨¨, ¶·¨³¥¸´Ò¥ ¢±· ¶²¥´¨Ö, ¶µ¢¥·Ì´µ¸É-
´Ò¥ ¸²µ¨, £· ´¨ÍÒ ³¥¦¤Ê ±·¨¸É ²²¨É ³¨. …¸²¨ ±µ²¨Î¥¸É¢µ É ±¨Ì § ·µ¤ÒÏ¥°
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³ ²µ ¨ µ´¨ · ¸ÉÊÉ ¤µ¸É ÉµÎ´µ ¡Ò¸É·µ, ¶·µÍ¥¸¸ Ë §µ¢µ° ¶¥·¥¸É·µ°±¨ ´¥ ¶·¨-
¢¥¤¥É ± § ³¥É´µ³Ê ¤µ¶µ²´¨É¥²Ó´µ³Ê · ¸¸¥Ö´¨Õ ´¥°É·µ´µ¢, ±·µ³¥ ¤¨Ë· ±Í¨¨
´  ³ ±·µ¸±µ¶¨Î¥¸±µ³ µ¡Ñ¥³¥ ´µ¢µ° Ë §Ò. ‚µ§³µ¦¥´ ¨´µ° Ì · ±É¥· · ¸¸¥Ö-
´¨Ö ´¥°É·µ´µ¢, ±µ£¤  ±µ²¨Î¥¸É¢µ ³ ²ÒÌ § ·µ¤ÒÏ¥° ¢¥²¨±µ. ’ ± Ö ¸¨ÉÊ Í¨Ö
·¥ ²¨§Ê¥É¸Ö, ¥¸²¨ ±·¨¸É ²² ¸µ¸Éµ¨É ¨§ ³´µ¦¥¸É¢  ´¨§±µ¶µ²¥¢ÒÌ ¤µ³¥´µ¢ ¨,
¸²¥¤µ¢ É¥²Ó´µ, ¸µ¤¥·¦¨É ¡µ²ÓÏµ¥ ±µ²¨Î¥¸É¢µ ³¥¦¤µ³¥´´ÒÌ £· ´¨Í, ±µÉµ·Ò¥
³µ£ÊÉ ¸²Ê¦¨ÉÓ Í¥´É· ³¨ µ¡· §µ¢ ´¨Ö § ·µ¤ÒÏ¥° ¢Ò¸µ±µ¶µ²¥¢µ° Ë §Ò (¸³.,
´ ¶·¨³¥·, [63,64]). Š·µ³¥ Éµ£µ, ¥¸²¨ ¶µ²¥ ¶·¥¢ÒÏ ¥É ±·¨É¨Î¥¸±µ¥ §´ Î¥´¨¥,
¸µµÉ¢¥É¸É¢ÊÕÐ¥¥ É¥·³µ¤¨´ ³¨Î¥¸±µ³Ê · ¢´µ¢¥¸¨Õ ³¥¦¤Ê ¤¢Ê³Ö Ë §µ¢Ò³¨ ¸µ-
¸ÉµÖ´¨Ö³¨, ³µ£ÊÉ ¢µ§´¨± ÉÓ ¢ ¡µ²ÓÏµ³ ±µ²¨Î¥¸É¢¥ § ·µ¤ÒÏ¨ ´µ¢µ£µ ¸µ¸Éµ-
Ö´¨Ö ¢ ·¥§Ê²ÓÉ É¥ Ë²Ê±ÉÊ Í¨° Ô´¥·£¨¨. ‚ É ±¨Ì ¸²ÊÎ ÖÌ ¢µ§´¨±´¥É ¤µ¶µ²-
´¨É¥²Ó´µ¥ · ¸¸¥Ö´¨¥ ´¥°É·µ´µ¢, ¸¢Ö§ ´´µ¥ ¸ ³ ²Ò³¨ · §³¥· ³¨ § ·µ¤ÒÏ¥°
(¤µ³¥´µ¢) ´µ¢µ° Ë §Ò. �µ´ÖÉ´µ, ÎÉµ ¤²Ö ¶·µÖ¢²¥´¨Ö É ±µ£µ · ¸¸¥Ö´¨Ö ¸²¥-
¤Ê¥É ¨¸¶µ²Ó§µ¢ ÉÓ ¶µ ¢µ§³µ¦´µ¸É¨ ´ ¨¡µ²¥¥ ¸µ¢¥·Ï¥´´Ò¥ ±·¨¸É ²²Ò, ÎÉµ¡Ò
³¥Ì ´¨§³ Ë §µ¢µ° ¶¥·¥¸É·µ°±¨, ¸¢Ö§ ´´Ò° ¸ ´¥¸µ¢¥·Ï¥´¸É¢ ³¨ ±·¨¸É ²²¨-
Î¥¸±µ° ¸É·Ê±ÉÊ·Ò, ¡Ò² ¶µ¤ ¢²¥´ ¨, ±·µ³¥ Éµ£µ, ¡Ò²  ³ ²µ° ¨´É¥´¸¨¢´µ¸ÉÓ
µ¸´µ¢´µ£µ ¤¨Ë· ±Í¨µ´´µ£µ · ¸¸¥Ö´¨Ö, ±µÉµ· Ö µ¶·¥¤¥²Ö¥É¸Ö ¢¥²¨Î¨´µ° ³µ-
§ ¨Î´µ¸É¨ ±·¨¸É ²² , É.¥. · §¡·µ¸µ³ ¶µ Ê£²µ¢µ° µ·¨¥´É Í¨¨ ¢ ¶·µ¸É· ´¸É¢¥
µÉ¤¥²Ó´ÒÌ ¡²µ±µ¢ (±·¨¸É ²²¨Éµ¢) µ¡· §Í .

�¨¸. 13. ‡ ¢¨¸¨³µ¸ÉÓ ¶²µÐ ¤¨ µÉ· ¦¥´¨Ö
(100) µÉ ¢¥²¨Î¨´Ò ¶µ²Ö ¶·¨ T = 240 K.
Hxeq

∼= 36 ±� Å ¢¥²¨Î¨´  ¶µ²Ö Ë §µ¢µ£µ
· ¢´µ¢¥¸¨Ö ¶·¨ T = 240 K

–¥²ÓÕ Ô±¸¶¥·¨³¥´Éµ¢ Ö¢²Ö²µ¸Ó
´ ¡²Õ¤¥´¨¥ ¤µ¶µ²´¨É¥²Ó´µ£µ Ê¶·Ê-
£µ£µ · ¸¸¥Ö´¨Ö ´¥°É·µ´µ¢, ¸¢Ö§ ´-
´µ£µ ¸ µ¡· §µ¢ ´¨¥³ ¨ ·µ¸Éµ³ ³´µ-
¦¥¸É¢  ³¥²±¨Ì ¤µ³¥´µ¢ ´µ¢µ£µ Ë -
§µ¢µ£µ ¸µ¸ÉµÖ´¨Ö. Œµ´µ±·¨¸É ²²
α − Fe2O3, ¨³¥ÕÐ¨° Ëµ·³Ê ¶·Ö³µ-
Ê£µ²Ó´µ£µ ¶ · ²²¥²¥¶¨¶¥¤  ¸ · §³¥-
· ³¨ ¸Éµ·µ´ µ±µ²µ 8 ³³, µ·¨¥´É¨-
·µ¢ ²¸Ö É ±, ÎÉµ µ¸Ó C2 ¡Ò²  ¶ · ²-
²¥²Ó´µ° ¢¥·É¨± ²Ó´µ ´ ¶· ¢²¥´´µ³Ê
¶µ²Õ. ‚¸¶µ³µ£ É¥²Ó´Ò³¨ ¨§³¥·¥-
´¨Ö³¨ ¡Ò²  ¶·¨¡²¨§¨É¥²Ó´µ µ¶·¥¤¥-
²¥´  ÔËË¥±É¨¢´ Ö ³µ§ ¨Î´µ¸ÉÓ ±·¨-
¸É ²² , · ¢´ Ö ηeff

∼= 8′′, ÎÉµ ´¥´ -
³´µ£µ ¶·¥¢ÒÏ ¥É ¢¥²¨Î¨´Ê ¶ · ³¥-
É·  s, µ¶·¥¤¥²Ö¥³µ£µ ¤¨´ ³¨Î¥¸±µ°

É¥µ·¨¥° ¤¨Ë· ±Í¨¨. �·¥¤¢ ·¨É¥²Ó´Ò¥ ¨§³¥·¥´¨Ö ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ¢Ò¶µ²-
´Ö²¨¸Ó ¸ ³µ´µÌ·µ³ É¨§ Í¨¥° ¶¥·¢¨Î´ÒÌ ´¥°É·µ´µ¢ ¢ £¥µ³¥É·¨¨, ¶µ± § ´´µ°
´  ·¨¸. 1, . „²¨É¥²Ó´µ¸ÉÓ ³ £´¨É´µ£µ ¨³¶Ê²Ó¸  (¶µ µ¸´µ¢ ´¨Õ) ¢ ÔÉµ³ ¸²Ê-
Î ¥ · ¢´  2000 ³±¸. �µ²´ Ö Ï¨·¨´  ¤¨Ë· ±Í¨µ´´µ£µ ¶¨±  (100) ¸µ¸É ¢²Ö² 
µ±µ²µ 300 ³±¸. ˆ³¶Ê²Ó¸Ò ¶µ²Ö ¸¨´Ì·µ´¨§µ¢ ²¨¸Ó µÉ´µ¸¨É¥²Ó´µ ¢¸¶ÒÏ¥±
³µÐ´µ¸É¨ ·¥ ±Éµ·  É ±¨³ µ¡· §µ³, ÎÉµ · ¸¸¥Ö´¨¥ ´¥°É·µ´µ¢ ´  ¶²µ¸±µ¸É¨
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(100) ¶·µ¨¸Ìµ¤¨²µ ¶·¨ ³ ±¸¨³ ²Ó´µ³ §´ Î¥´¨¨ ¶µ²Ö. �  ·¨¸. 13 ¶µ± § ´Ò
¤ ´´Ò¥, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ ¶µ²¥¢µ° § ¢¨¸¨³µ¸É¨ ¶²µÐ ¤¨ ¶¨±  ¶·¨ T = 240 K.
ˆ§³¥·¥´¨¥ ¶·¨ 240 K ¢ ¶µ²¥, ¶·¥¢ÒÏ ÕÐ¥³ 47 ±�, ´¥ ¶·µ¨§¢µ¤¨²µ¸Ó. �¤-
´ ±µ, ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ Ë §µ¢µ° ¤¨ £· ³³µ° £¥³ É¨É , É ±µ³Ê ¨§³¥·¥´¨Õ Ô±¢¨-
¢ ²¥´É´µ ¨§³¥·¥´¨¥ ¶·¨ T > TM ¢ ¶µ²¥, ¤µ¸É ÉµÎ´µ³ ¤²Ö Éµ£µ, ÎÉµ¡Ò ¢µ
¢¸¥³ µ¡Ñ¥³¥ µ¡· §Í  ¢¥±Éµ·Ò l ¸É ²¨ ¶¥·¶¥´¤¨±Ê²Ö·´Ò³¨ ´ ¶· ¢²¥´¨Õ ¶µ²Ö.
�µÔÉµ³Ê ³µ¦´µ ¶·µ¢¥¸É¨ £µ·¨§µ´É ²Ó´ÊÕ ¶·Ö³ÊÕ, ¡²¨§±ÊÕ ¶µ §´ Î¥´¨Õ ¨´-
É¥´¸¨¢´µ¸É¨ ± ÉµÎ±¥, ¶µ²ÊÎ¥´´µ° ¶·¨ T = 293 K, Hm = 17, 5 ±�, ÎÉµ¡Ò
¶·¥¤¸É ¢¨ÉÓ, ± ±ÊÕ ¨´É¥´¸¨¢´µ¸ÉÓ ¸²¥¤µ¢ ²µ ¡Ò µ¦¨¤ ÉÓ ¢ µ¡² ¸É¨ ¡µ²ÓÏ¨Ì
¶µ²¥° ¶·¨ ÊÎ¥É¥ ¶µ¢µ·µÉ  ³µ³¥´Éµ¢ ¢ ³ ±·µ¸±µ¶¨Î¥¸±¨Ì ¤µ³¥´ Ì. �  ·¨¸. 13
¸É·¥²±µ° ¶·¨ H = 36 ±� µÉ³¥Î¥´µ §´ Î¥´¨¥ ¶µ²Ö Hxeq Ë §µ¢µ£µ · ¢´µ¢¥¸¨Ö
¤²Ö T = 240 K ¶·¨ ¶¥·¥Ìµ¤¥ ¶¥·¢µ£µ ·µ¤  (ÔÉµ §´ Î¥´¨¥ ¢§ÖÉµ ¨§ Ë §µ¢µ°
¤¨ £· ³³Ò (·¨¸. 6)). Š ± ¢¨¤´µ, ¢ÒÏ¥ Hxeq ´ ¡²Õ¤ ²µ¸Ó §´ Î¨É¥²Ó´µ¥ Ê¢¥²¨-
Î¥´¨¥ ¨´É¥´¸¨¢´µ¸É¨ (¶µ± § ´µ ÏÉ·¨Ìµ¢µ° ²¨´¨¥°). ‚µ§´¨±²µ ¶·¥¤¶µ²µ¦¥-
´¨¥, ÎÉµ Ê¢¥²¨Î¥´¨¥ ¨´É¥´¸¨¢´µ¸É¨ ¸¢Ö§ ´µ ¸ · ¸¸¥Ö´¨¥³ ´  ³ ²ÒÌ Î ¸É¨Í Ì
´µ¢µ° Ë §Ò.

„ ²Ó´¥°Ï¨¥ ¨§³¥·¥´¨Ö ¢Ò¶µ²´Ö²¨¸Ó ¢ £¥µ³¥É·¨¨ ·¨¸. 1,¡. „²¨É¥²Ó´µ¸ÉÓ
³ £´¨É´µ£µ ¨³¶Ê²Ó¸  (¶µ µ¸´µ¢ ´¨Õ) ¸µ¸É ¢²Ö²  1100 ³±¸. �  ·¨¸. 14 ¶·¥¤-
¸É ¢²¥´  ¸¥·¨Ö ¸¶¥±É·µ¢, ±µÉµ·Ò¥ ¶µ²ÊÎ¥´Ò ¶·¨ Ë¨±¸¨·µ¢ ´´µ°  ³¶²¨ÉÊ¤¥
³ £´¨É´ÒÌ ¨³¶Ê²Ó¸µ¢. ˆ¸Ìµ¤´Ò° ¸¶¥±É· µÉ· ¦¥´¨Ö (100) ´¨§±µ¶µ²¥¢µ£µ ¸µ-
¸ÉµÖ´¨Ö, ¶µ²ÊÎ¥´´Ò° ¶·¨ T = 233 K, H = 0, ¶µ± § ´ ´  ·¨¸. 14,a ¨ ÏÉ·¨-
Ìµ¢µ° ²¨´¨¥° ´  ¸¶¥±É· Ì, ¨§³¥·¥´´ÒÌ ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³. ‘¶¥±É·, ¸µµÉ-
¢¥É¸É¢ÊÕÐ¨° ¶µ²´µ° Ë §µ¢µ° ¶¥·¥¸É·µ°±¥ ¨ ¨§³¥·¥´´Ò° ¶·¨ T = 250 K,
Hm = 69 ±�, ¶·¥¤¸É ¢²¥´ ´  ·¨¸. 14,¡ ¨ ´¥¶·¥·Ò¢´µ° ¶µ²µ£µ° ²¨´¨¥° ´ 
µ¸É ²Ó´ÒÌ ¸¶¥±É· Ì. ‘¢¨¤¥É¥²Ó¸É¢µ³ ¶µ²´µ° ¶¥·¥¸É·µ°±¨ ¢ ¶µ¸²¥¤´¥³ ¸²ÊÎ ¥
¶µ¸²Ê¦¨²µ ¶· ±É¨Î¥¸±µ¥ ¸µ¢¶ ¤¥´¨¥ ÔÉµ£µ ¸¶¥±É·  ¸ ·¥§Ê²ÓÉ Éµ³ ¨§³¥·¥´¨Ö
¸¶¥±É·  ¢ÒÏ¥ TM , ¶·¨ T = 278 K, Hm = 69 ±�.

‘¶¥±É· ¶·¨ T = 233 K, H = 0 ¸µµÉ¢¥É¸É¢Ê¥É ¶· ±É¨Î¥¸±¨ ³ ±¸¨³ ²Ó´µ
¢µ§³µ¦´µ° ¨´É¥´¸¨¢´µ¸É¨ ¤¨Ë· ±Í¨¨ ´  µ¤´µË §´µ³ ¸µ¸ÉµÖ´¨¨ µ¡· §Í , É.±.
Ê£µ² ³¥¦¤Ê ¶¥·¢µ´ Î ²Ó´Ò³ ´ ¶· ¢²¥´¨¥³ ¢¥±Éµ·   ´É¨Ë¥··µ³ £´¥É¨§³  ¨
¶²µ¸±µ¸ÉÓÕ (100), ¢ ±µÉµ·ÊÕ ²µ¦¨É¸Ö ¢¥±Éµ· l ¶·¨ ´¥±µÉµ·µ³ ¶·µ³¥¦ÊÉµÎ-
´µ³ §´ Î¥´¨¨ ¶µ²Ö ¤²Ö µ¤´µ£µ ¨§ ¤¢ÊÌ É¨¶µ¢  ´É¨Ë¥···µ³ £´¨É´ÒÌ ¤µ³¥´µ¢,
¸µ¸É ¢²Ö¥É ¢¸¥£µ µ±µ²µ 17◦ (´ ¶· ¢²¥´¨Ö ¶µ¢µ·µÉ  ¢¥±Éµ·µ¢ l ¤²Ö ¤µ³¥´µ¢
¸µ §´ Î¥´¨Ö³¨ cos ϑ > 0 ¨ cos ϑ < 0 ¶·µÉ¨¢µ¶µ²µ¦´Ò). �µÔÉµ³Ê ³µ¦´µ
¡Ò²µ ¶·¥¤¶µ²µ¦¨ÉÓ, ÎÉµ Ê§±¨¥ ¶¨±¨, ¨§³¥´ÖÕÐ¨¥ ¶µ²µ¦¥´¨¥ ¶·¨ ¨§³¥´¥´¨¨
T , ¨ §´ Î¨É¥²Ó´µ ¶·¥¢ÒÏ ÕÐ¨¥ ¶µ ¨´É¥´¸¨¢´µ¸É¨ µ¸´µ¢´µ¥ ¤¨Ë· ±Í¨µ´´µ¥
· ¸¸¥Ö´¨¥, ¸¢Ö§ ´Ò ¸ · ¸¸¥Ö´¨¥³ ´  ³ ²ÒÌ Î ¸É¨Í Ì ¢Ò¸µ±µ¶µ²¥¢µ° Ë §Ò. � 
·¨¸Ê´±¥ ÔÉ¨ ¶¨±¨ ¶µ³¥Î¥´Ò ¸É·¥²± ³¨. �Ê´±É¨·´µ° ²¨´¨¥° ´  ·¨¸. 14,¤ ¶µ-
± § ´  ËÊ´±Í¨Ö ¢·¥³¥´´µ£µ · §·¥Ï¥´¨Ö ¶·¨ ¨§³¥·¥´¨¨ ¢·¥³¥´´ÒÌ ¸¶¥±É·µ¢.
˜¨·¨´  ¥¥ µ¡Ê¸²µ¢²¥´ , £² ¢´Ò³ µ¡· §µ³, ¢¥²¨Î¨´µ° ®³£´µ¢¥´´µ°¯ ´¥³µ´µ-
Ì·µ³ É¨Î´µ¸É¨ ´¥°É·µ´µ¢, ¸¢Ö§ ´´µ° ¸ Ê£²µ¢µ° · ¸Ìµ¤¨³µ¸ÉÓÕ ¶¥·¢¨Î´µ£µ ¨
¢Éµ·¨Î´µ£µ ¶ÊÎ±µ¢, ¨, ± ± ¸²¥¤¸É¢¨¥, ¸ ®· §³ÒÉ¨¥³¯ ¨´Ëµ·³ Í¨¨ ¶·¨ ¶·µ-
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�¨¸. 14. �¥°É·µ´µ£· ³³Ò µÉ· ¦¥´¨Ö (100): a) T = 233 K, H = 0; ¡) T = 250 K,
H = 69, 7 ±�, ¢Ä¥) ¶µ²ÊÎ¥´Ò ¸ ¨³¶Ê²Ó¸ ³¨ ¶µ²Ö ¸  ³¶²¨ÉÊ¤µ° Hm = 69, 7 ±� ¶·¨ Ê± -
§ ´´ÒÌ §´ Î¥´¨ÖÌ É¥³¶¥· ÉÊ·Ò. N Å ´µ³¥· ¢·¥³¥´´µ£µ ± ´ ²  ¶·¨ Ï¨·¨´¥ ± ¦¤µ£µ
± ´ ²  16 ³±¸; ¤) ÏÉ·¨Ìµ¢µ° ²¨´¨¥° ¶µ± § ´  ËÊ´±Í¨Ö  ¶¶ · ÉÊ·´µ£µ · §·¥Ï¥´¨Ö

²¥É¥ ´¥°É·µ´ ³¨ · ¸¸ÉµÖ´¨Ö µÉ µ¡· §Í  ¤µ ¤¥É¥±Éµ·  (Ê£²µ¢ Ö · ¸Ìµ¤¨³µ¸ÉÓ
¶¥·¢¨Î´µ£µ ¨ ¢Éµ·¨Î´µ£µ ¶ÊÎ±µ¢ ¸µ¸É ¢²Ö²  µ±µ²µ 1◦, ¤²¨´  ¢µ²´Ò ´¥°É·µ´µ¢
4, 77 �A, · ¸¸ÉµÖ´¨¥ ¤µ ¤¥É¥±Éµ·  250 ¸³ (¸³. (1)).

�  ·¨¸. 15 ¶µ± § ´Ò § ¢¨¸¨³µ¸É¨ P (t) ¤²Ö µÉ³¥Î¥´´ÒÌ ¶¨±µ¢. „²Ö ÔÉµ£µ
¨§ Î¥ÉÒ·¥Ì ¸¶¥±É·µ¢ ¢ÒÎÉ¥´  ¶µ¤²µ¦± , ¸µµÉ¢¥É¸É¢ÊÕÐ Ö ¢Ò¸µ±µ¶µ²¥¢µ³Ê
¸µ¸ÉµÖ´¨Õ (250 K, 69 ±�), ¨ ´µ·³¨·µ¢ ´Ò · §´µ¸É¨ µÉ´µ¸¨É¥²Ó´µ ¢Ò¸µ±µ-
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¶µ²¥¢µ° ´¥°É·µ´µ£· ³³Ò (É.¥. ´ °¤¥´Ò µÉ´µÏ¥´¨Ö P = Ip/IM ). �  ÔÉµ³
·¨¸Ê´±¥, ¸ ÊÎ¥Éµ³ Éµ£µ, ÎÉµ ¸¶¥±É·Ò · ¸¸¥Ö´¨Ö · ¸Ï¨·ÖÕÉ¸Ö ¶·¨ ¶·µ²¥É¥
´¥°É·µ´ ³¨ · ¸¸ÉµÖ´¨Ö µÉ µ¡· §Í  ¤µ ¤¥É¥±Éµ· , Ï¨·¨´  ± ¦¤µ£µ ¢·¥³¥´-
´µ£µ ± ´ ²  · ¢´  13,4 ³±¸,   ´¥ 16 ³±¸, ± ± ¢ ¨§³¥·¥´´ÒÌ ¸¶¥±É· Ì ´ 
·¨¸. 14. ‡¤¥¸Ó ¦¥ ¶µ± § ´ ¨³¶Ê²Ó¸ ³ £´¨É´µ£µ ¶µ²Ö. ‡¢¥§¤µÎ± ³¨ µÉ³¥Î¥´Ò
§´ Î¥´¨Ö ¶µ²Ö Hxeq, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ Î¥ÉÒ·¥³ ¸¶¥±É· ³, ¨¸Ìµ¤Ö ¨§ Ë §µ¢µ°
¤¨ £· ³³Ò (55, 50, 45,2 ¨ 42 ±�).

�¨¸. 15. ‡ ¢¨¸¨³µ¸ÉÓ P (t) ¤²Ö Î¥-
ÉÒ·¥Ì ¶¨±µ¢, µÉ³¥Î¥´´ÒÌ ´  ·¨¸. 14
¸É·¥²± ³¨, ¨ ¨³¶Ê²Ó¸ ³ £´¨É´µ£µ
¶µ²Ö. ‡¢¥§¤µÎ± ³¨ µÉ³¥Î¥´Ò §´ Î¥-
´¨Ö ¶µ²Ö Hxeq, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ Î¥-
ÉÒ·¥³ ¸¶¥±É· ³

“³¥´ÓÏ¥´¨¥ §´ Î¥´¨° Hp, ¶·¨ ±µÉµ-
·ÒÌ ¨´É¥´¸¨¢´µ¸ÉÓ ¢ ´ ¡²Õ¤ ¥³ÒÌ ¶¨-
± Ì ¶·¨ ¢µ§· ¸É ´¨¨ É¥³¶¥· ÉÊ·Ò ³ ±-
¸¨³ ²Ó´ , ´ Ìµ¤¨É¸Ö ¢ ± Î¥¸É¢¥´´µ³ ¸µ-
µÉ¢¥É¸É¢¨¨ ¸ Ë §µ¢µ° ¤¨ £· ³³µ°. �¤-
´ ±µ ¶µ²ÊÎ¥´´Ò¥ ¸¶¥±É·Ò ´¥ Ê±² ¤Ò¢ -
ÕÉ¸Ö ¢ ¸Ì¥³Ê, ¸¢Ö§ ´´ÊÕ ¸ ¶·¥¤¸É ¢²¥-
´¨¥³ µ · ¸¸¥Ö´¨¨ ´  § ·µ¤ÒÏ Ì ¢Ò¸µ±µ-
¶µ²¥¢µ£µ ¸µ¸ÉµÖ´¨Ö, µ¡· §ÊÕÐ¨Ì¸Ö ¨²¨
¸ÊÐ¥¸É¢ÊÕÐ¨Ì ¢ ³ É·¨Í¥ ´¨§±µ¶µ²¥¢µ£µ
Ë §µ¢µ£µ ¸µ¸ÉµÖ´¨Ö,   § É¥³ ¢µ§· ¸É Õ-
Ð¨Ì ¶µ µ¡Ñ¥³Ê. �·¥¦¤¥ ¢¸¥£µ, ¶·µÖ¢²Ö-
¥É¸Ö ¸ÊÐ¥¸É¢¥´´µ¥ · §²¨Î¨¥ ³¥¦¤Ê §´ -
Î¥´¨¥³ ¶µ²Ö Hp, ¶·¨ ±µÉµ·µ³ P = Pm,
¨ Hxeq.

ˆ§ ¸¶¥±É·µ¢ ·¨¸. 14,¤ ¨ 14,¥ µÎ¥-
¢¨¤´µ, ÎÉµ ¢µ§· ¸É ´¨¥ ¨´É¥´¸¨¢´µ¸É¨,
¶·¨¢µ¤ÖÐ¥¥ ± Ê§±¨³ ¶¨± ³, ´ Î¨´ -
¥É¸Ö Ê¦¥ ¶µ¸²¥ Éµ£µ, ± ± ¨´É¥´¸¨¢-
´µ¸ÉÓ Ê³¥´ÓÏ¨² ¸Ó ¶µÎÉ¨ ¤µ §´ Î¥´¨°,
¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì ¢Ò¸µ±µ¶µ²¥¢µ³Ê ¸¶¥±-
É·Ê ·¨¸. 14,¡, É.¥. Ë §µ¢ Ö ¶¥·¥¸É·µ°±  ¢
µ¸´µ¢´µ³ § ¢¥·Ï¨² ¸Ó. ‘¢µ¥µ¡· §´µ° ¶µ²ÊÎ¨² ¸Ó § ¢¨¸¨³µ¸ÉÓ P (t), ¸µµÉ-
¢¥É¸É¢ÊÕÐ Ö ¨§³¥·¥´¨Ö³ ¶·¨ T = 230 K: § ÉÖ´ÊÉÒ° ¸¶ ¤ ¨´É¥´¸¨¢´µ¸É¨,  
§ É¥³ ¸´µ¢  ¢µ§· ¸É ´¨¥. ‡ ³¥É¨³, ÎÉµ ¢¨¤ ÔÉµ° § ¢¨¸¨³µ¸É¨, ¶µ± § ´´Ò° ´ 
·¨¸. 15 (±·¨¢ Ö ¥), Ö¢²Ö¥É¸Ö ·¥§Ê²ÓÉ Éµ³ ¡µ²¥¥ ÉÐ É¥²Ó´µ° µ¡· ¡µÉ±¨ ¨§³¥-
·¥´´ÒÌ ¸¶¥±É·µ¢, Î¥³ ÔÉµ ¡Ò²µ ¶·¥¤¸É ¢²¥´µ ¢ ¸É ÉÓ¥ [14], ¢ ±µÉµ·µ° ¢µ§· ¸-
É ´¨¥ ¨´É¥´¸¨¢´µ¸É¨ ´¥ ¡Ò²µ µÉ· ¦¥´µ. ‚ ¸¢Ö§¨ ¸ É ±¨³¨ µ¸µ¡¥´´µ¸ÉÖ³¨
·¥§Ê²ÓÉ Éµ¢ ¡µ²¥¥ ¶· ¢¨²Ó´µ° Ö¢²Ö¥É¸Ö ± ·É¨´  · ¸¸¥Ö´¨Ö ´¥°É·µ´µ¢, ¸¢Ö-
§ ´´ Ö ¸ ¶µÖ¢²¥´¨¥³ Ê§±¨Ì ¶¨±µ¢, µ¡· É´ Ö Éµ°, ±µÉµ· Ö ¡Ò²  ¶·¥¤¸É ¢²¥´ 
¶¥·¢µ´ Î ²Ó´µ. Œ¥²±¨¥ ¤µ³¥´Ò, ¶·¨¢µ¤ÖÐ¨¥ ± ¤µ¶µ²´¨É¥²Ó´µ³Ê · ¸¸¥Ö´¨Õ
´¥°É·µ´µ¢, Ö¢²ÖÕÉ¸Ö ´¥ § ·µ¤ÒÏ ³¨ ¢Ò¸µ±µ¶µ²¥¢µ£µ ¸µ¸ÉµÖ´¨Ö,   µ¸É É± ³¨
µÉ ´¨§±µ¶µ²¥¢µ£µ Ë §µ¢µ£µ ¸µ¸ÉµÖ´¨Ö. �·¨ Ë §µ¢µ° ¶¥·¥¸É·µ°±¥, ±µ£¤  ¶µ²e
¶·¥¢ÒÏ ¥É §´ Î¥´¨¥ Hxeq, · ¸ÉÊÉ ¢Ò¸µ±µ¶µ²¥¢Ò¥ ¤µ³¥´Ò, µ¡· §µ¢ ¢Ï¨¥¸Ö,  
¢¥·´¥¥, ¸ÊÐ¥¸É¢ÊÕÐ¨¥ ¢ ¢¨¤¥ § ·µ¤ÒÏ¥° ´  ¤µ³¥´´ÒÌ ¸É¥´± Ì ´¨§±µ¶µ²¥¢µ°
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Ë §Ò, Ê³¥´ÓÏ ÕÉ¸Ö ¢ · §³¥· Ì ´¨§±µ¶µ²¥¢Ò¥ ¤µ³¥´Ò, µ´¨ ¸É ´µ¢ÖÉ¸Ö ³¨±·µ-
¸±µ¶¨Î¥¸±¨³¨ ¨ ¢ ± ±µ°-Éµ ³µ³¥´É ¨Ì Éµ²Ð¨´  ¸É ´µ¢¨É¸Ö µ¶É¨³ ²Ó´µ° ¤²Ö
³ ±¸¨³ ²Ó´µ° ¨´É¥´¸¨¢´µ¸É¨ · ¸¸¥Ö´¨Ö. ‡ É¥³ ¨Ì Éµ²Ð¨´  ¸É ´µ¢¨É¸Ö ¸²¨Ï-
±µ³ ³ ²µ° ¤²Ö Éµ£µ, ÎÉµ¡Ò ¤ ¢ ÉÓ § ³¥É´Ò° ¢±² ¤ ¢ ¨´É¥´¸¨¢´µ¸ÉÓ. �É¨ ³¨-
±·µ¸±µ¶¨Î¥¸±¨¥ ´¨§±µ¶µ²¥¢Ò¥ ¤µ³¥´Ò ´¥ ¨¸Î¥§ ÕÉ ¸µ¢¸¥³,   ¶·¥¢· Ð ÕÉ¸Ö
¢ ³¥¦¤µ³¥´´Ò¥ ¸É¥´±¨ ¢Ò¸µ±µ¶µ²¥¢µ£µ ¸µ¸ÉµÖ´¨Ö III2, Ö¢²ÖÖ¸Ó § ·µ¤ÒÏ ³¨
´¨§±µ¶µ²¥¢µ£µ ¸µ¸ÉµÖ´¨Ö III1.

’ ± Ö ± ·É¨´  É· ´¸Ëµ·³ Í¨¨ ¤µ³¥´µ¢ ¢ £¥³ É¨É¥ ¶·¨ ¢µ§· ¸É ´¨¨ ¶µ²Ö
¸Ì¥³ É¨Î´µ ¶µ± § ´  ´  ·¨¸. 16. � ¸¸³µÉ·¨³ ±·¨¸É ²², ¸µ¸ÉµÖÐ¨° ¨§ ¤¢ÊÌ
É¨¶µ¢  ´É¨Ë¥··µ³ £´¨É´ÒÌ ¤µ³¥´µ¢, µ¡· §µ¢ ¢Ï¨Ì¸Ö ¶·¨ µÌ² ¦¤¥´¨¨. � 
·¨¸. 16,a ¶·¥¤¸É ¢²¥´  ³ £´¨É´ Ö ¸É·Ê±ÉÊ·  É ±¨Ì ¤µ³¥´µ¢ ¶·¨ H = 0. Š -
¦¤ Ö ¸É·¥²±  µ§´ Î ¥É ´ ¶· ¢²¥´¨¥ ¢¥±Éµ·µ¢  ´É¨Ë¥··µ³ £´¥É¨§³  Ô²¥³¥´-
É ·´µ° ÖÎ¥°±¨ ¸µµÉ¢¥É¸É¢ÊÕÐ¥£µ ¤µ³¥´ . 180-£· ¤Ê¸´Ò¥ ¶²µ¸±¨¥ ¤µ³¥´´Ò¥
¸É¥´±¨ ¶¥·¶¥´¤¨±Ê²Ö·´Ò µ¸¨ z ¨ µ£· ´¨Î¥´Ò ¶µ µ¸Ö³ x ¨ y Éµ²Ó±µ · §³¥· ³¨
±·¨¸É ²² . „µ¶Ê¸É¨³, ÎÉµ ÔÉµ ¸É¥´±¨ É¨¶  �¥¥²Ö ¸ ³ £´¨É´Ò³¨ ³µ³¥´É ³¨,
²¥¦ Ð¨³¨ ¢ ¶²µ¸±µ¸É¨ yz. (� Ì · ±É¥·¥ ¤µ³¥´´ÒÌ ¸É¥´µ± ¢ ³ £´¨ÉµÊ¶µ·Ö-
¤µÎ¥´´ÒÌ ±·¨¸É ²² Ì ¸³., ´ ¶·¨³¥·, ¢ [65].) �·¥¤¶µ²µ¦¥´¨¥ µ É ±¨Ì ¸É¥´± Ì
¥¸É¥¸É¢¥´´µ, ±µ£¤  ¶·¨² £ ¥³µ¥ ¶µ²¥ ´ ¶· ¢²¥´µ ¶µ µ¸¨ x. ‚µ§³µ¦´Ò ¤¢ 
É¨¶  É ±¨Ì ¸É¥´µ± (π-¸µ²¨Éµ´µ¢): ¸ ¢¥±Éµ·µ³ l ¢ ¸¥·¥¤¨´¥ ¸É¥´±¨, ´ ¶· ¢²¥´-
´Ò³ ¶µ µ¸¨ y (´ §µ¢¥³ É ±¨¥ ¸É¥´±¨ ¶µ²µ¦¨É¥²Ó´Ò³¨), ¨ ¸ ¶·µÉ¨¢µ¶µ²µ¦´Ò³
´ ¶· ¢²¥´¨¥³ ¢¥±Éµ·  l ¢ Í¥´É·¥ (µÉ·¨Í É¥²Ó´Ò¥ ¸É¥´±¨). �·¨ ¤¥°¸É¢¨¨ ³ £-
´¨É´µ£µ ¶µ²Ö Hx > 0 É¥·³µ¤¨´ ³¨Î¥¸±¨° ¶µÉ¥´Í¨ ² (¡¥§ ÊÎ¥É  ¤µ³¥´´ÒÌ
¸É¥´µ±) ¨³¥¥É ¢¨¤

Φ(ϑ, φ) = −1
2

(
a − β2

B

)
cos2 ϑ − g

4
cos4 ϑ − βHx

B
sin ϑ sin φ+

+d sin3 ϑ cos ϑ sin 3φ (22)

Œ £´¨É´Ò¥ ³µ³¥´ÉÒ ¢ ¤µ³¥´ Ì ¶µ¢µ· Î¨¢ ÕÉ¸Ö µÉ µ¸¨ z, ¶·¨ ÔÉµ³ φ =
π

2
.

ˆ§¢¥¸É´µ [3], ÎÉµ ±µ´¸É ´É  d < 0. ‘²¥¤µ¢ É¥²Ó´µ, ¶µÉ¥´Í¨ ² ¤µ³¥´µ¢ D1,
Ê ±µÉµ·ÒÌ cos ϑ > 0, ¸É ´µ¢¨É¸Ö ¡µ²ÓÏ¥, Î¥³ Ê ¤µ³¥´µ¢ D2 ¸ cos ϑ < 0.
„µ³¥´Ò É¨¶  D2 · ¸ÉÊÉ, ¸µ±· Ð Ö · §³¥·Ò ¤µ³¥´µ¢ D1. �¤´µ¶µ²Ö·´Ò¥ ¤µ-
³¥´´Ò¥ ¸É¥´±¨ ¨ § ±²ÕÎ¥´´Ò¥ ³¥¦¤Ê ´¨³¨ ¤µ³¥´Ò D1 Ê´¨ÎÉµ¦ ÕÉ¸Ö, ¶·¨
ÔÉµ³ ¤¢  ¤µ³¥´  É¨¶  D2 ¸²¨¢ ÕÉ¸Ö ¢ µ¤¨´,   · §´µ¶µ²Ö·´Ò¥ ¸É¥´±¨ ¸¡²¨¦ -
ÕÉ¸Ö ¨ µ¸É ÕÉ¸Ö ´¥ Ê´¨ÎÉµ¦¥´´Ò³¨, § ±²ÕÎ Ö ³¥¦¤Ê ¸µ¡µ° µ¸É É±¨ ¤µ³¥´µ¢
D1, ± ± ¶µ± § ´µ ´  ·¨¸. 16,¡. ‚ ¸ÊÐ´µ¸É¨, É ±µ° ±µ³¶²¥±¸ ¨§ ¤¢ÊÌ · §-
´µ¶µ²Ö·´ÒÌ ¸É¥´µ± ¨ µ¸É É±  µÉ ¤µ³¥´  D1 ¶·¥¤¸É ¢²Ö¥É ¸µ¡µ° 2π-¸µ²¨Éµ´,
¨²¨, ± ± ¶·¨´ÖÉµ ´ §Ò¢ ÉÓ É¥³¨, ±Éµ § ´¨³ ¥É¸Ö ³ É¥³ É¨Î¥¸±¨³¨ ¸¢µ°¸É¢ ³¨
¸µ²¨Éµ´µ¢, 2π-±¨´±. ’ ±¨³ µ¡· §µ³, ¶¥·¢µ´ Î ²Ó´µ¥ ±µ²¨Î¥¸É¢µ ¤µ³¥´µ¢ ¸µ-
±· Ð ¥É¸Ö ¢¤¢µ¥. Š ¦¤Ò° É ±µ° 2π-¸µ²¨Éµ´ ¶·¥¤¸É ¢²Ö¥É ¸µ¡µ° ¶ ·Ê · §-
´µ¶µ²Ö·´ÒÌ § ·µ¤ÒÏ¥° ¡Ê¤ÊÐ¥£µ ¢Ò¸µ±µ¶µ²¥¢µ£µ Ë §µ¢µ£µ ¸µ¸ÉµÖ´¨Ö III2.
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�¨¸. 16. ‘Ì¥³ É¨Î´µ¥ ¶·¥¤¸É ¢²¥´¨¥ ¶¥·¥¸É·µ°±¨ ³ £´¨É´µ° ¸É·Ê±ÉÊ·Ò £¥³ É¨É  ¢
³ £´¨É´µ³ ¶µ²¥, ¶¥·¶¥´¤¨±Ê²Ö·´µ³ µ¸¨ C3 (¶µ µ¸¨ x)
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Šµ£¤  ³ £´¨É´µ¥ ¶µ²¥ ¶·¥¢ÒÏ ¥É ±·¨É¨Î¥¸±µ¥ §´ Î¥´¨¥ Hxeq, ÔÉ¨ § ·µ¤ÒÏ¨
· ¸ÉÊÉ, ¸É ´µ¢Ö¸Ó · §´µ¶µ²Ö·´Ò³¨ ¤µ³¥´ ³¨ ¢Ò¸µ±µ¶µ²¥¢µ£µ ¸µ¸ÉµÖ´¨Ö III2
¨ ¸µ±· Ð Ö · §³¥·Ò ¤µ³¥´  D2 ´¨§±µ¶µ²¥¢µ£µ ¸µ¸ÉµÖ´¨Ö III1 (¸³. ·¨¸. 16,¢).
…¸²¨ ¢¸É·¥Î ÕÉ¸Ö ¤¢  µ¤´µ¶µ²Ö·´ÒÌ ¤µ³¥´  ¸µ¸ÉµÖ´¨Ö III2, µ´¨ Ê´¨ÎÉµ¦ ÕÉ
§ ±²ÕÎ¥´´Ò° ³¥¦¤Ê ´¨³¨ µ¸É Éµ± ¤µ³¥´  D2,   ¶·¨ ¢¸É·¥Î¥ · §´µ¶µ²Ö·´ÒÌ
¤µ³¥´µ¢ µ´¨ µ¸É ¢²ÖÕÉ § ¦ ÉÒ° ³¥¦¤Ê ´¨³¨ § ·µ¤ÒÏ ´¨§±µ¶µ²¥¢µ£µ ¸µ¸ÉµÖ-
´¨Ö III1, ± ± ´  ·¨¸. 16,£. �·¨ ¤ ²Ó´¥°Ï¥³ Ê³¥´ÓÏ¥´¨¨ ¶µ²Ö ¤µ ´Ê²Ö ¤µ³¥´Ò
¸µ¸ÉµÖ´¨Ö III2 ¸´µ¢  Ê³¥´ÓÏ ÕÉ¸Ö, µ¸É ¢²ÖÖ ²¨ÏÓ ¸¢µ¨ § ·µ¤ÒÏ¨. �·µÍ¥¸¸
¨¤¥É ¢ µ¡· É´µ³ ´ ¶· ¢²¥´¨¨.

’ ±¨³ µ¡· §µ³, Ë §µ¢ Ö ¶¥·¥¸É·µ°±  ¶·¥¤¸É ¢²Ö¥É ¸µ¡µ° ¶·µÍ¥¸¸ ¸µ±· -
Ð¥´¨Ö ¤µ³¥´µ¢ ´¨§±µ¶µ²¥¢µ£µ ¸µ¸ÉµÖ´¨Ö ¤µ ³¨´¨³ ²Ó´ÒÌ · §³¥·µ¢, µ¶·¥¤¥-
²Ö¥³ÒÌ Ê¸²µ¢¨Ö³¨ ¸ÊÐ¥¸É¢µ¢ ´¨Ö ¨Ì ¢ ¢¨¤¥ § ·µ¤ÒÏ¥° ³¥¦¤Ê ¤¢Ê³Ö ¤µ³¥´ ³¨
¢Ò¸µ±µ¶µ²¥¢µ£µ ¸µ¸ÉµÖ´¨Ö. � ¸¸³µÉ·¨³ ¶µ¤·µ¡´¥¥ ¢·¥³¥´´µ° Ì · ±É¥· ÔÉµ£µ
¶·µÍ¥¸¸ . �Ê¸ÉÓ ± ³µ³¥´ÉÊ ¢·¥³¥´¨ t0, ±µ£¤  ¶µ²¥ ¤µ¸É¨£ ¥É §´ Î¥´¨Ö Hxeq,
Éµ²Ð¨´  ± ¦¤µ£µ ¤µ³¥´  ¸µ¸ÉµÖ´¨Ö III1 · ¢´  L0. �·¨ ¤ ²Ó´¥°Ï¥³ ¢µ§· ¸É -
´¨¨ ¶µ²Ö · §³¥· ¤µ³¥´  Ê³¥´ÓÏ ¥É¸Ö: L(t) = L0 − 2

∫ t

t0
v(t)dt, £¤¥ ¸±µ·µ¸ÉÓ

¤¢¨¦¥´¨Ö ¤µ³¥´´µ° ¸É¥´±¨ v(t) =
∆Φ
α

, ∆Φ Å · §´µ¸ÉÓ ¶µÉ¥´Í¨ ²µ¢ ¤¢ÊÌ

Ë §µ¢ÒÌ ¸µ¸ÉµÖ´¨°, α Å ¶ · ³¥É· § ÉÊÌ ´¨Ö ¶·¨ ¤¢¨¦¥´¨¨ ¸É¥´±¨; ÊÎ¨ÉÒ-
¢ ¥É¸Ö, ÎÉµ · §³¥· ¤µ³¥´  ¸µ±· Ð ¥É¸Ö ¸ ¤¢ÊÌ ¸Éµ·µ´. ˆ§ (22) ¸²¥¤Ê¥É ¶·¨-

¡²¨¦¥´´µ¥ ¢Ò· ¦¥´¨¥ ¤²Ö · §´µ¸É¨ ¶µÉ¥´Í¨ ²µ¢ ∆Φ =
β

B
(Hx(t) − Hxeq).

�µ² £ Ö, ÎÉµ ¨³¶Ê²Ó¸ ¶µ²Ö ¨³¥¥É ¸¨´Ê¸µ¨¤ ²Ó´ÊÕ Ëµ·³Ê, H = Hm sin
π

TH
t,

¤²Ö ¢·¥³¥´´µ° § ¢¨¸¨³µ¸É¨ · §³¥·  ¤µ³¥´µ¢ ¶µ²ÊÎ ¥³

L(t) = L0 −
2βTHHm

αBπ

[(
cos

π

TH
t0 − cos

π

TH
t

)
− Hxeq

Hm

π

TH
(t − t0)

]
. (23)

�µ ³¥·¥ ·µ¸É  ¤µ³¥´µ¢ ¸µ¸ÉµÖ´¨Ö III2, ¨´É¥´¸¨¢´µ¸ÉÓ · ¸¸¥Ö´¨Ö ´  ³ -
É·¨Í¥ µ¡· §Í  Ê³¥´ÓÏ ¥É¸Ö ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ Ê³¥´ÓÏ¥´¨¥³ ¶·µ¥±Í¨¨ ³µ³¥´-
Éµ¢ ´  ¶²µ¸±µ¸ÉÓ (100). ‚ ¸¢µÕ µÎ¥·¥¤Ó, ±µ£¤  ¢¥²¨Î¨´  L(t) ¸É ´µ¢¨É¸Ö ¤µ-
¸É ÉµÎ´µ ³ ²µ°, ´ Î¨´ ¥É · ¸É¨ ¨´É¥´¸¨¢´µ¸ÉÓ · ¸¸¥Ö´¨Ö ´  ³¥²±¨Ì ¤µ³¥´ Ì
¸µ¸ÉµÖ´¨Ö III1, ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ Ê¢¥²¨Î¥´¨¥³ ¤¨ ¶ §µ´  ¤²¨´ ¢µ²´ ∆λp =
2λ0

n(t)
. �  ·¨¸. 17 ¶·¥¤¸É ¢²¥´Ò § ¢¨¸¨³µ¸É¨ ∆λp = 2λ0d(100)L

−1(t) ¶·¨

Hm = 69, 7 ±�, Hxeq = 50 ±�, TH = 900 ³±¸, d = 4, 77 �A, β = 19, 7 · 103 �,
B = 17, 14 · 106 � ¤²Ö ¤¢ÊÌ ¸²ÊÎ ¥¢: L0 = 5 · 106 �A, α = 10−6 ±�·³±¸/�A
¨ L0 = 5 · 105 �A, α = 10−5 ±�·³±¸/�A ¸µµÉ¢¥É¸É¢¥´´µ. �É¨ § ¢¨¸¨³µ¸É¨ ¸µ-
µÉ¢¥É¸É¢ÊÕÉ ¶¨±Ê (¤) ´  ·¨¸. 14 ¨ 15. ‚¨¤´µ, ÎÉµ Î¥·¥§ 170Ä180 ³±¸ ¶µ-
¸²¥ ¤µ¸É¨¦¥´¨Ö · ¢´µ¢¥¸´µ£µ ¸µ¸ÉµÖ´¨Ö ¨´É¥´¸¨¢´µ¸ÉÓ ¢ ¶¨±¥ ¤¥°¸É¢¨É¥²Ó´µ
¤µ²¦´  ·¥§±µ ¢µ§· ¸É ÉÓ. ˆ´É¥´¸¨¢´µ¸ÉÓ · ¸¸¥Ö´¨Ö ´  ³¥²±¨Ì ¤µ³¥´ Ì ¸É -
´µ¢¨É¸Ö ³ ±¸¨³ ²Ó´µ°, ±µ£¤  ¤¨ ¶ §µ´ ∆λp ¸É ´µ¢¨É¸Ö ¡²¨§±¨³ ± ¢¥²¨Î¨´¥
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∆λs =
τs

cL1

∼= 0, 03 �A, µ¶·¥¤¥²Ö¥³µ° ¤²¨É¥²Ó´µ¸ÉÓÕ ¢¸¶ÒÏ±¨ ·¥ ±Éµ· , É.¥.

±µ£¤  n(t) ∼= 300. ‚·¥³¥´´µ° ¤¨ ¶ §µ´, ¢ ±µÉµ·µ³ · §³¥·Ò ¤µ³¥´µ¢ µ¶É¨-
³ ²Ó´Ò ¤²Ö ¸ÊÐ¥¸É¢¥´´µ£µ · ¸¸¥Ö´¨Ö ´¥°É·µ´µ¢, ¢µ ¢¸Ö±µ³ ¸²ÊÎ ¥, ³¥´ÓÏ¥
Î¥³ ¢¥²¨Î¨´  75 ³±¸, µ¶·¥¤¥²Ö¥³ Ö ËÊ´±Í¨¥° ¢·¥³¥´´µ£µ · §·¥Ï¥´¨Ö. �·¨
¤ ²Ó´¥°Ï¥³ Ê³¥´ÓÏ¥´¨¨ ¢¥²¨Î¨´Ò L Ê¦¥ ´¥ Ì¢ É ¥É ´¥°É·µ´µ¢, ±µÉµ·Ò¥
³µ£²¨ ¡Ò · ¸¸¥¨¢ ÉÓ¸Ö ´  ¤µ³¥´ Ì. �µÔÉµ³Ê ´ ¡²Õ¤ ¥É¸Ö ·¥§±µ¥ Ê³¥´ÓÏ¥´¨¥
¨´É¥´¸¨¢´µ¸É¨ ´  ¸¶ ¤¥ ¶¨±µ¢ (£), (¢) ¨ (¤).

�¨¸. 17. ‚·¥³¥´´Ò¥ § ¢¨¸¨³µ¸É¨ ³ £´¨É-
´µ£µ ¶µ²Ö ¨ ¢¥²¨Î¨´Ò ∆λp ¤²Ö · ¸¸¥Ö-
´¨Ö ´  ³¥²±¨Ì ¤µ³¥´ Ì Ë §µ¢µ£µ ¸µ¸ÉµÖ-
´¨Ö III1: ²¨´¨¨ 1 ¸µµÉ¢¥É¸É¢ÊÕÉ §´ Î¥´¨Ö³
L0 = 5·106 �A, α = 1·10−6 ±�·³±¸/�A, ²¨´¨¨
2 Å L0 = 5 · 105 �A, α = 1 · 10−5±�·³±¸/�A

�µ²¥¥ ¸²µ¦´Ò¥ ¶·µÍ¥¸¸Ò ¶·µ-
Ö¢¨²¨¸Ó ¢ ¶¨±¥ (¥). ‚´ Î ²¥ ¶µ-
¸²¥ ³ ±¸¨³Ê³  ¨´É¥´¸¨¢´µ¸ÉÓ ¤µ-
¢µ²Ó´µ ·¥§±µ ¶ ¤ ¥É ¢ ¸µµÉ¢¥É¸É¢¨¨
¸ Ê³¥´ÓÏ¥´¨¥³ ¨´É¥´¸¨¢´µ¸É¨ ´¥°-
É·µ´µ¢ ¸ ¤²¨´µ° ¢µ²´Ò 4, 77 �A. �µ
¸²¥¤Ê¥É ¨³¥ÉÓ ¢ ¢¨¤Ê, ÎÉµ ¶·µ¤µ²-
¦ ÕÉ ¶µ¸ÉÊ¶ ÉÓ ´¥°É·µ´Ò ¸ Ê¢¥²¨-
Î¨¢ ÕÐ¥°¸Ö ¤²¨´µ° ¢µ²´Ò, ±µÉµ-
·Ò¥ ¥Ð¥ ³µ£ÊÉ Ê¤µ¢²¥É¢µ·ÖÉÓ Ê¸²µ-
¢¨Õ ¤¨Ë· ±Í¨µ´´µ£µ · ¸¸¥Ö´¨Ö ´ 
µ¸É ¢Ï¨Ì¸Ö ¤µ³¥´ Ì ´¨§±µ¶µ²¥¢µ£µ
¸µ¸ÉµÖ´¨Ö, ¨³¥ÕÐ¨Ì µÎ¥´Ó ³ ²Ò¥,
¶µ ¸ÊÐ¥¸É¢Ê, ³¨´¨³ ²Ó´Ò¥ · §³¥·Ò
(µ±µ²µ 200 �A). ‡  ¢·¥³Ö µÉ ³ ±¸¨-
³Ê³  ¶¨±  (∼= 440 ³±¸) ¤µ Éµ£µ ³µ-
³¥´É , ±µ£¤  ¸´µ¢  H = Hxeq, ÔÉµ
Ê¢¥²¨Î¥´¨¥ ¤²¨´Ò ¢µ²´Ò ¸µ¸É ¢²Ö¥É
µ±µ²µ 0, 06 �A. �µÔÉµ³Ê ´ ¡²Õ¤ -
¥É¸Ö § ÉÖ´ÊÉÒ° ¢µ ¢·¥³¥´¨ ¸¶ ¤.
�·¨ ¤ ²Ó´¥°Ï¥³ Ê³¥´ÓÏ¥´¨¨ ¶µ²Ö
(H < Hxeq) ¨¤¥É µ¡· É´Ò° ¶·µÍ¥¸¸
¤¢¨¦¥´¨Ö ¤µ³¥´´ÒÌ ¸É¥´µ±. ˆ´É¥´-
¸¨¢´µ¸ÉÓ · ¸¸¥Ö´¨Ö ´  ¤µ³¥´ Ì ¸µ¸ÉµÖ´¨Ö III1 Ê³¥´ÓÏ ¥É¸Ö ¨§-§  Ê¢¥²¨Î¥-
´¨Ö ¨Ì · §³¥·µ¢, ´µ ¶µÉµ³ ¢ µ¶·¥¤¥²¥´´Ò° ³µ³¥´É ´ Î¨´ ¥É ¶·µÖ¢²ÖÉÓ¸Ö
· ¸¸¥Ö´¨¥, ´  ÔÉµÉ · § ´  ¤µ³¥´ Ì ¢Ò¸µ±µ¶µ²¥¢µ£µ Ë §µ¢µ£µ ¸µ¸ÉµÖ´¨Ö III2,
¶·¨´¨³ ÕÐ¨Ì ³ ²Ò¥ · §³¥·Ò. �µÔÉµ³Ê ´ ¡²Õ¤ ¥É¸Ö ´µ¢µ¥ Ê¢¥²¨Î¥´¨¥ ¨´-
É¥´¸¨¢´µ¸É¨.

�¥¶µ²´µÉ  Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ ·¥§Ê²ÓÉ Éµ¢ ´¥ ¶µ§¢µ²Ö¥É ¨§¢²¥ÎÓ ¨§ ´¨Ì
±µ²¨Î¥¸É¢¥´´Ò¥ ¤ ´´Ò¥ µ · §³¥· Ì ¤µ³¥´µ¢ ¨ µ ¸±µ·µ¸ÉÖÌ ¤¢¨¦¥´¨Ö ¤µ³¥´-
´ÒÌ ¸É¥´µ±. ’¥³ ´¥ ³¥´¥¥ · ¸¸³µÉ·¥´´ Ö ³µ¤¥²Ó ¢ ± Î¥¸É¢¥´´µ³ µÉ´µÏ¥´¨¨
¢¶µ²´¥ Ê¤µ¢²¥É¢µ·¨É¥²Ó´µ µ¶¨¸Ò¢ ¥É ÔÉ¨ ·¥§Ê²ÓÉ ÉÒ.

‚¥·´¥³¸Ö É¥¶¥·Ó ± ¸ ³Ò³ ¶¥·¢Ò³ ¨§³¥·¥´¨Ö³ ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³
(·¨¸. 9). „µ ´¥¤ ¢´¥£µ ¢·¥³¥´¨ ®¶µÖ¢²¥´¨¥¯ ¶¨±  ¶·¨ H = 49, 5 ±� ´¥



876 �ˆ’– ‚.‚.

¨³¥²µ ¤µ¸É ÉµÎ´µ Ê¤µ¢²¥É¢µ·¨É¥²Ó´µ£µ µ¡ÑÖ¸´¥´¨Ö. �É³¥É¨³ ´¥±µÉµ·Ò¥ µ¸µ-
¡¥´´µ¸É¨ ¶µ²ÊÎ¥´¨Ö ÔÉ¨Ì ·¥§Ê²ÓÉ Éµ¢. �·¨ µÌ² ¦¤¥´¨¨ µ¡· §Í  ´¨¦¥ ÉµÎ±¨
Œµ·¨´ , ±µ£¤  ¨´É¥´¸¨¢´µ¸ÉÓ µÉ· ¦¥´¨Ö (111) ¤µ²¦´  ¡ÒÉÓ · ¢´µ° ´Ê²Õ, ¶¨±
(111) ´¥ ¨¸Î¥§ ² ¶µ²´µ¸ÉÓÕ, ± ± ÔÉµ µ¡ÒÎ´µ ¶·µ¨¸Ìµ¤¨²µ ¢ ¶µ¸²¥¤ÊÕÐ¨Ì ¨§-
³¥·¥´¨ÖÌ ¸ ¤·Ê£¨³¨ µ¡· §Í ³¨ £¥³ É¨É . �Éµ ¡Ò²µ µÉ³¥Î¥´µ ¢ ¸É ÉÓ¥ [3] ¨,
´¥¸³µÉ·Ö ´  Éµ, ÎÉµ ±µ´É·µ²Ó´Ò¥ ¨§³¥·¥´¨Ö ¶µ± § ²¨ ´ ²¨Î¨¥ ÉµÎ±¨ Œµ·¨´ 
¢ ®´Ê¦´µ³¯ ³¥¸É¥, ∼= 260 K, ¸¢¨¤¥É¥²Ó¸É¢µ¢ ²µ µ ± ±¨Ì-Éµ ´¥¸µ¢¥·Ï¥´¸É¢ Ì
±·¨¸É ²² . Š·µ³¥ Éµ£µ, ¨´É¥´¸¨¢´µ¸ÉÓ ¢ ¶µ²¥ ¸  ³¶²¨ÉÊ¤µ° µ±µ²µ 50 ±�
·¥§±µ Ê¢¥²¨Î¨¢ ² ¸Ó ²¨ÏÓ ¢ Éµ³ ¸²ÊÎ ¥, ¥¸²¨ ¤µ ÔÉµ£µ ¶·µ¨§¢µ¤¨²¸Ö ´ £·¥¢
µ¡· §Í  ¤µ É¥³¶¥· ÉÊ·Ò ¢ÒÏ¥ TM , µÌ² ¦¤¥´¨¥ ¡¥§ ¶µ²Ö,   § É¥³ ¨§³¥·¥´¨¥
¢ ¨³¶Ê²Ó¸´µ³ ¶µ²¥ ¸  ³¶²¨ÉÊ¤µ°, ´¥ ¶·¥¢ÒÏ ÕÐ¥° ¢¥²¨Î¨´Ò ¶µ²Ö, ¸µµÉ-
¢¥É¸É¢ÊÕÐ¥°  ´µ³ ²Ó´µ³Ê ¶¨±Ê. …¸²¨ ¶µ¸²¥ ¨§³¥·¥´¨Ö ¶·¨  ³¶²¨ÉÊ¤¥ ¶µ²Ö
¸¢ÒÏ¥ 70 ±� ¶·µ¢µ¤¨²µ¸Ó ¸´µ¢  ¨§³¥·¥´¨¥ ¶·¨ H ∼= 50 ±�, ¤¨Ë· ±Í¨µ´´µ¥
µÉ· ¦¥´¨¥ ¡Ò²µ ´µ·³ ²Ó´Ò³, É.¥. ÉµÎ±¨ ²µ¦¨²¨¸Ó ´  µ¸´µ¢´ÊÕ ¶² ¢´ÊÕ ±·¨-
¢ÊÕ. �¥¸±µ²Ó±µ ¨§ ¶µ²ÊÎ¥´´ÒÌ É ±¨³ µ¡· §µ³ ÉµÎ¥± ´ ´¥¸¥´µ ´  ·¨¸Ê´±¥ ¢
µ¸´µ¢ ´¨¨ ¶¨± . Š ¦¤ Ö ÉµÎ±  ¸  ´µ³ ²Ó´µ ¡µ²ÓÏµ° ¨´É¥´¸¨¢´µ¸ÉÓÕ ¢ ¶µ²¥
µ±µ²µ 50 ±� ¡Ò²  ¶µ²ÊÎ¥´  ¶µ¸²¥ ´ £·¥¢  µ¡· §Í  ¢ÒÏ¥ TM . ‚¸¥£µ ¡Ò²µ
¶µ²ÊÎ¥´µ ¶ÖÉÓ ÉµÎ¥± ¸  ´µ³ ²Ó´Ò³ · ¸¸¥Ö´¨¥³, ± ¦¤ Ö ¨§ ´¨Ì ¢ µÉ¤¥²Ó´µ°
¸¥·¨¨ ¨§³¥·¥´¨°. “± § ´´ Ö ¶·¥¤Ò¸Éµ·¨Ö µ¡· §Í  ¸ µÌ² ¦¤¥´¨¥³ Î¥·¥§ ÉµÎ±Ê
Œµ·¨´  ¸¢¨¤¥É¥²Ó¸É¢µ¢ ²  µ Éµ³, ÎÉµ ÔËË¥±É ® ´µ³ ²Ó´µ£µ¯ · ¸¸¥Ö´¨Ö ¶·µ-
Ö¢²Ö²¸Ö Éµ²Ó±µ ´  ³´µ£µ¤µ³¥´´µ³ ±·¨¸É ²²¥.

‚ ¸É ÉÓ¥ [66] ¡Ò²µ ¶µ± § ´µ, ÎÉµ ¸µ¢³¥¸É´µ¥ ¤¥°¸É¢¨¥ ³ £´¨É´µ£µ ¶µ²Ö ¨
¢´¥Ï´¥£µ ¤ ¢²¥´¨Ö ¢¤µ²Ó µ¸¨ ¢Éµ·µ£µ ¶µ·Ö¤±  (Hx ¨ Px) ³µ¦¥É ¶·¨¢µ¤¨ÉÓ ±
Ë §µ¢µ³Ê ¶¥·¥Ìµ¤Ê ¶¥·¢µ£µ ·µ¤  ³¥¦¤Ê ¤¢Ê³Ö ¸µ¸ÉµÖ´¨Ö³¨, · §²¨Î ÕÐ¨³¨¸Ö
¶¥·¢µ´ Î ²Ó´Ò³¨ ´ ¶· ¢²¥´¨Ö³¨ ¢¥±Éµ·   ´É¨Ë¥··µ³ £´¥É¨§³ . � ¸¸³µÉ·¨³
É¥·³µ¤¨´ ³¨Î¥¸±¨° ¶µÉ¥´Í¨ ² ¸ ÊÎ¥Éµ³ ¤ ¢²¥´¨Ö [67]:

Φ(ϑ, φ) = −1
2

(
a − β2

B

)
cos2 ϑ − g

4
cos4 ϑ − β

B
Hx sin ϑ sin φ+

+ d sin3 ϑ cos ϑ sin 3φ + αP Px sin ϑ cos ϑ sinφ + γP Px sin2 ϑ sin2 φ. (24)

�·¨ µÉ¸ÊÉ¸É¢¨¨ ³ £´¨É´µ£µ ¶µ²Ö ¨ ¤ ¢²¥´¨Ö ¶²µÉ´µ¸É¨ Ô´¥·£¨¨ ¤µ³¥´µ¢
¸ cos ϑ = 1 ¨ cos ϑ = −1 µ¤¨´ ±µ¢Ò. ‚ ¸¨²Ê ¸¨³³¥É·¨¨ ±·¨¸É ²²  ¤¥°¸É¢¨¥
± ± ³ £´¨É´µ£µ ¶µ²Ö, É ± ¨ ¤ ¢²¥´¨Ö ¸´¨³ ¥É ¢Ò·µ¦¤¥´¨¥ ¸ ÔÉ¨Ì ¤¢ÊÌ ¸µ-
¸ÉµÖ´¨° ¨ ¶·¨¢µ¤¨É ± µÉ±²µ´¥´¨Õ ¢¥±Éµ·  l µÉ ·µ³¡µÔ¤·¨Î¥¸±µ° µ¸¨. �·¨
ÔÉµ³ ¥¸²¨ ¶·¨ ¶µ¸ÉµÖ´´µ³ ¤ ¢²¥´¨¨ Px > 0 Ê¢¥²¨Î¨¢ ¥É¸Ö ¶µ²¥ Hx > 0,
Éµ ¤µ ´¥±µÉµ·µ£µ µ¶·¥¤¥²¥´´µ£µ §´ Î¥´¨Ö ¶µ²Ö É¥·³µ¤¨´ ³¨Î¥¸±¨¥ ¶µÉ¥´Í¨-
 ²Ò, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ ¤µ³¥´ ³ É¨¶  D1 (cos ϑ > 0), ³¥´ÓÏ¥, Î¥³ ¤²Ö ¤µ³¥´µ¢
D2 (cos ϑ < 0). �·¨ ¡µ²ÓÏ¥° ¢¥²¨Î¨´¥ ¶µ²Ö ¸µµÉ´µÏ¥´¨¥ ³¥¦¤Ê Ô´¥·£¨Ö³¨
¸µ¸ÉµÖ´¨° ¨§³¥´Ö¥É¸Ö ´  µ¡· É´µ¥. Œµ¦´µ ¸Î¨É ÉÓ, ÎÉµ ÔÉµ ¸µµÉ¢¥É¸É¢Ê¥É Ë -
§µ¢µ³Ê ¶¥·¥Ìµ¤Ê ¶¥·¢µ£µ ·µ¤ . Šµ´¸É ´ÉÒ ³ £´¨ÉµÊ¶·Ê£µ° ¸¢Ö§¨ ¤²Ö £¥³ É¨É 
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¨§¢¥¸É´Ò: |αP | = 0, 015 �·¸³2·±£¸−1, γP = 0, 018 �·¸³2·±£¸−1 [56]. Œ¨´¨³¨-
§¨·ÊÖ (24) µÉ´µ¸¨É¥²Ó´µ ϑ ¨ φ, ¨ ÊÎ¨ÉÒ¢ Ö, ÎÉµ |βHx| � B |αP Px|, ¶µ²ÊÎ ¥³
¶·¨ Hx > 0, Px > 0 · ¢´µ¢¥¸´Ò¥ §´ Î¥´¨Ö ¤²Ö ¤¢ÊÌ Ë §µ¢ÒÌ ¸µ¸ÉµÖ´¨°:

φeq =
π

2
, sin ϑeq

∼=
βHx

B [a − (β2/B) + g + 2γP Px]
. (25)

‚ ¨¸¶µ²Ó§Ê¥³µ³ ¶·¨¡²¨¦¥´¨¨ ¢¥²¨Î¨´  ϑeq ´¥ § ¢¨¸¨É µÉ É¨¶  ¤µ³¥´ .
�·¨· ¢´¨¢ Ö Ô´¥·£¨¨ ¤¢ÊÌ É¨¶µ¢ ¤µ³¥´µ¢ ¶·¨ cos ϑ > 0 ¨ cos ϑ < 0, ¶µ-
²ÊÎ ¥³ ¸µµÉ´µÏ¥´¨¥, µ¶¨¸Ò¢ ÕÐ¥¥ ²¨´¨Õ · ¢¥´¸É¢  Ô´¥·£¨° ¸µ¸ÉµÖ´¨° ¢
±µµ·¤¨´ É Ì (Hx, Px):

H2
x0 =

αP B2
[
a −
(
β2/B

)
+ g
]2

dβ2
Px0 (26)

(¶·¥´¥¡·¥£ ¥³ ¢¥²¨Î¨´µ° 2 |γP Px| ¢ ¸· ¢´¥´¨¨ ¸ ±µ´¸É ´Éµ°  ´¨§µÉ·µ¶¨¨ a).
�Î¥¢¨¤´µ, ¸¨³³¥É·¨Ö ±·¨¸É ²²  ¶·¨ ÔÉµ³ ´¥ ¨§³¥´Ö¥É¸Ö,   Ë §µ¢Ò° ¶¥·¥Ìµ¤
¶·¨ ¸¦ É¨¨ ±·¨¸É ²²  ¢ ³ £´¨É´µ³ ¶µ²¥ ¢µ§³µ¦¥´ Éµ²Ó±µ ¢ Éµ³ ¸²ÊÎ ¥, ¥¸²¨
±µ´¸É ´ÉÒ αP ¨ d ¨³¥ÕÉ µ¤¨´ ±µ¢Ò¥ §´ ±¨. …¸²¨ d < 0, Éµ ¶·¨ αP < 0,
Hx < Hx0 ¶²µÉ´µ¸ÉÓ Ô´¥·£¨¨ ¤µ³¥´µ¢ D1 ³¥´ÓÏ¥, Î¥³ Ê ¤µ³¥´µ¢ D2, ¨
´ µ¡µ·µÉ, ±µ£¤  Hx > Hx0.

…¸²¨ ¶µ¶ÒÉ ÉÓ¸Ö ¸¢Ö§ ÉÓ ÔËË¥±É  ´µ³ ²Ó´µ£µ · ¸¸¥Ö´¨Ö ´¥°É·µ´µ¢ ¶·¨
Hx0 = 49, 5 · 103 � ¸ ³¥¦¤µ³¥´´Ò³ Ë §µ¢Ò³ ¶¥·¥Ìµ¤µ³, Éµ ¶·¨ §´ Î¥´¨ÖÌ
±µ´¸É ´É ¢§ ¨³µ¤¥°¸É¢¨Ö, ¨¸¶µ²Ó§Ê¥³ÒÌ ¶·¨ · ¸Î¥É¥ [51] Ë §µ¢µ° ¤¨ £· ³³Ò
£¥³ É¨É  ¤²Ö T = 78 K (B = 17, 14 · 106 �, β = 19, 7 · 103 �, a = 205 �,
g = 123, 8 �, d = 3, 273 �), ¶µ²ÊÎ ¥³ §´ Î¥´¨¥ Px0 = 7 ±£¸·¸³−2. „ ¢²¥´¨¥
¶·¨¡²¨§¨É¥²Ó´µ É ±µ° ¢¥²¨Î¨´Ò ¤¥°¸É¢¨É¥²Ó´µ ¢µ§´¨± ²µ ¢ Ô±¸¶¥·¨³¥´É¥
¶·¨ µÌ² ¦¤¥´¨¨ µ¡· §Í , ´µ µ´µ ´¥ ±µ´É·µ²¨·µ¢ ²µ¸Ó.

�¸É ¢ ²µ¸Ó ´¥ Ö¸´Ò³, ¶µÎ¥³Ê É ±µ° ³¥¦¤µ³¥´´Ò° Ë §µ¢Ò° ¶¥·¥Ìµ¤ ³µ-
¦¥É ¸µ¶·µ¢µ¦¤ ÉÓ¸Ö §´ Î¨É¥²Ó´Ò³ Ê¢¥²¨Î¥´¨¥³ ¨´É¥´¸¨¢´µ¸É¨ · ¸¸¥Ö´¨Ö.
„¥°¸É¢¨É¥²Ó´µ, ¶·¨ ¤¨Ë· ±Í¨¨ µÉ ¶²µ¸±µ¸É¨ (111) ¤µ³¥´Ò D1 ¨ D2 ´¥· §²¨-
Î¨³Ò, É.±. ³ £´¨É´Ò¥ ³µ³¥´ÉÒ ¢ ´¨Ì ¨³¥ÕÉ ¶· ±É¨Î¥¸±¨ µ¤¨´ ±µ¢Ò¥ Ê£²Ò ¸
µÉ· ¦ ÕÐ¥° ¶²µ¸±µ¸ÉÓÕ. �µ  ´ ²µ£¨¨ ¸ ³µ¤¥²ÓÕ, µ¡ÑÖ¸´ÖÕÐ¥° ¶·¨¢¥¤¥´´Ò¥
¢ÒÏ¥ ·¥§Ê²ÓÉ ÉÒ · ¸¸¥Ö´¨Ö ´  ¶²µ¸±µ¸É¨ (100), · ¸¸³µÉ·¨³ ³¥Ì ´¨§³ · ¸¸¥-
Ö´¨Ö ´¥°É·µ´µ¢, ¶·¨³¥´¨³Ò° ± ¸²ÊÎ Õ ¤¨Ë· ±Í¨¨ ´  ¶²µ¸±µ¸É¨ (111). Š ±
Ê¦¥ ¡Ò²µ ¶µÖ¸´¥´µ ¢ÒÏ¥, ¶·¨ µÌ² ¦¤¥´¨¨ ±·¨¸É ²²  ¡¥§ ³ £´¨É´µ£µ ¶µ²Ö ¸
· ¢´µ° ¢¥·µÖÉ´µ¸ÉÓÕ µ¡· §ÊÕÉ¸Ö  ´É¨Ë¥··µ³ £´¨É´Ò¥ ¤µ³¥´Ò ¤¢ÊÌ É¨¶µ¢,
· §¤¥²¥´´Ò¥ 180-£· ¤Ê¸´Ò³¨ ¤µ³¥´´Ò³¨ ¸É¥´± ³¨ Å π-¸µ²¨Éµ´ ³¨. �·¨
¤¥°¸É¢¨¨ ¶µ²Ö Hx µ¡Ð¥¥ ±µ²¨Î¥¸É¢µ ¤µ³¥´µ¢ Ê³¥´ÓÏ ¥É¸Ö ¢ ¤¢  · § . ‚ ·¥-
§Ê²ÓÉ É¥ µ¡· §Ê¥É¸Ö µÉ´µ¸¨É¥²Ó´µ Ê¸Éµ°Î¨¢ Ö ¤µ³¥´´ Ö ¸É·Ê±ÉÊ· , ¢ ±µÉµ·µ°
Î¥·¥¤ÊÕÉ¸Ö ¤µ³¥´´Ò¥ ¸É¥´±¨ · §´µ° ¶µ²Ö·´µ¸É¨, ± ± ¶µ± § ´µ ´  ·¨¸. 18, .
…¸²¨ ¶·¨ ¶µ¸ÉµÖ´´µ³ ¤ ¢²¥´¨¨ Hx < Hx0, Éµ ¤µ³¥´Ò D1 · ¸ÉÊÉ,   ´  ³¥¸É¥
¤µ³¥´µ¢ D2 ¢µ§´¨± ÕÉ ¶²µ¸±¨¥ µ¤´µ³¥·´Ò¥ ¸µ²¨Éµ´Ò, ´µ ¸ ¨´µ° ¸É·Ê±ÉÊ·µ°:
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�¨¸. 18. ‘Ì¥³ É¨Î´µ¥ ¶·¥¤¸É ¢²¥´¨¥ ¶¥·¥¸É·µ°±¨ ³ £´¨É´µ° ¸É·Ê±ÉÊ·Ò £¥³ É¨É  ¶·¨
³¥¦¤µ³¥´´µ³ Ë §µ¢µ³ ¶¥·¥Ìµ¤¥ ¶µ¤ ¤¥°¸É¢¨¥³ ³ £´¨É´µ£µ ¶µ²Ö ¨ ¤ ¢²¥´¨Ö, ´ ¶· -
¢²¥´´ÒÌ ¶µ µ¸¨ ¢Éµ·µ£µ ¶µ·Ö¤±  (¶¥·¶¥´¤¨±Ê²Ö·´µ ¶²µ¸±µ¸É¨ ·¨¸Ê´± )
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¸ µ¡Ð¨³ ¶µ¢µ·µÉµ³ ³ £´¨É´ÒÌ ³µ³¥´Éµ¢ ´  360◦ Å 2π-¸µ²¨Éµ´Ò. ‘Ì¥³ -
É¨Î´µ É ±¨¥ ¸µ²¨Éµ´Ò ¶µ± § ´Ò ¢ ¢¨¤¥ µÉ¤¥²Ó´ÒÌ ¡²µ±µ¢ ´  ·¨¸. 18,¡. Šµ£¤ 
¶µ²¥ ¶·¥¢ÒÏ ¥É §´ Î¥´¨¥ Hx0, ± ¦¤Ò° É ±µ° ¸µ²¨Éµ´ ¤¥²¨É¸Ö ´  Î ¸É¨: µ¡· -
§Ê¥É¸Ö ¨ · ¸É¥É ¤µ³¥´ D2, µÉ ±µÉµ·µ£µ · §¡¥£ ÕÉ¸Ö ¢ ¶·µÉ¨¢µ¶µ²µ¦´Ò¥ ¸Éµ-
·µ´Ò ¤¢  π-¸µ²¨Éµ´a (¸³. ·¨¸. 18,¡), ¤µ ¢¸É·¥Î¨ ¸  ´ ²µ£¨Î´Ò³¨ ¸µ²¨Éµ´ ³¨,
¤¢¨¦ÊÐ¨³¨¸Ö ¨³ ´ ¢¸É·¥ÎÊ. ‚ ·¥§Ê²ÓÉ É¥ µ¡· §Ê¥É¸Ö ´µ¢ Ö ¤µ³¥´´ Ö ¸É·Ê±-
ÉÊ· : ¸ ¡µ²ÓÏ¨³¨ ¤µ³¥´ ³¨ D2, · §¤¥²¥´´Ò³¨ 2π-¸µ²¨Éµ´ ³¨ (·¨¸. 18,£).
’ ±¨³ µ¡· §µ³, Ë §µ¢ Ö ¶¥·¥¸É·µ°±  ¸¢µ¤¨É¸Ö ± ¨§³¥´¥´¨Õ · §³¥·µ¢ ¤µ³¥-
´µ¢ ¤¢ÊÌ ¸µ¸ÉµÖ´¨° ¶ÊÉ¥³ ¤¢¨¦¥´¨Ö π-¸µ²¨Éµ´µ¢. �¤´ ±µ ¶·¨ ÊÎ¥É¥ Éµ²Ó±µ
±µ´¥Î´ÒÌ ¸É Í¨µ´ ·´ÒÌ ¸µ¸ÉµÖ´¨° ¨§³¥´¥´¨¥ ¨´É¥´¸¨¢´µ¸É¨ ¸¢Ö§ ´µ Éµ²Ó±µ
¸ ¨§³¥´¥´¨¥³ Ê£²  ³¥¦¤Ê ¢¥±Éµ·µ³ l ¨ ¶²µ¸±µ¸ÉÓÕ (111) ¨ ´¥ ³µ¦¥É ¨³¥ÉÓ
·¥§±µ£µ ¢µ§· ¸É ´¨Ö ¶·¨ H = H0. ’ ±µ¥ ¢µ§· ¸É ´¨¥ ¨´É¥´¸¨¢´µ¸É¨ ³µ¦´µ
¸¢Ö§ ÉÓ ¸ ¤¨´ ³¨±µ° ¨§³¥´¥´¨Ö · §³¥·µ¢ ¤µ³¥´µ¢ ¶·¨ ÊÎ¥É¥ µ¸µ¡¥´´µ¸É¥°
· ¸¸¥Ö´¨Ö ´¥°É·µ´µ¢ ´  ³µ´µ±·¨¸É ²² Ì. ‚ ¸É Í¨µ´ ·´µ³ ¸µ¸ÉµÖ´¨¨, ±µ£¤ 
§ ·µ¤ÒÏ ´µ¢µ£µ ¸µ¸ÉµÖ´¨Ö § ¦ É ³¥¦¤Ê ¤¢Ê³Ö π-¸µ²¨Éµ´ ³¨, ¥£µ Éµ²Ð¨´ 

µ¶·¥¤¥²Ö¥É¸Ö Ô´¥·£¨¥° ´¥µ¤´µ·µ¤´µ£µ µ¡³¥´´µ£µ ¢§ ¨³µ¤¥°¸É¢¨Ö
ζ

2

(
dl
dz

)2

¨

Ô´¥·£¨¥°  ´¨§µÉ·µ¶¨¨
1
2

(
a − β2

B

)
cos2 ϑ ¨ ¸µ¸É ¢²Ö¥É µ±µ²µ 300�A. ‘²¥¤Ê¥É

¶·¨´¨³ ÉÓ ¢µ ¢´¨³ ´¨¥, ÎÉµ ÔÉ¨ § ·µ¤ÒÏ¨ ¨³¥ÕÉ ¶·¨¡²¨§¨É¥²Ó´µ É ±¨¥ ¦¥
¶·µ¥±Í¨¨ ¢¥±Éµ·  l ´  ¶²µ¸±µ¸ÉÓ (111), ± ± ¨ ¤²Ö µ¸´µ¢´µ° Ë §Ò, ´µ µÉ-
¤¥²¥´Ò µÉ ¤µ³¥´µ¢ µ¸´µ¢´µ£µ ¸µ¸ÉµÖ´¨Ö π-¸µ²¨Éµ´ ³¨. �µÔÉµ³Ê ¨Ì ³µ¦´µ
· ¸¸³ É·¨¢ ÉÓ ± ± ´¥§ ¢¨¸¨³Ò¥ · ¸¸¥¨¢ É¥²¨, ´¥±µ£¥·¥´É´Ò¥ ¶µ µÉ´µÏ¥´¨Õ
± ³ É·¨Í¥. …¸²¨ ±µ²¨Î¥¸É¢µ ¤µ³¥´µ¢ ¢ ±·¨¸É ²²¥ ¢¥²¨±µ, Éµ ¢±² ¤ · ¸¸¥-
Ö´¨Ö ´  ´¨Ì ¨ ´  π-¸µ²¨Éµ´ Ì ¢ µ¡ÐÊÕ ¨´É¥´¸¨¢´µ¸ÉÓ ³µ¦¥É ¸µ¸É ¢²ÖÉÓ
¸ÊÐ¥¸É¢¥´´ÊÕ Î ¸ÉÓ. ‚µ§³µ¦´µ, ¸ ÔÉ¨³ ¸¢Ö§ ´µ ´ ²¨Î¨¥ ¤µ¢µ²Ó´µ ¡µ²ÓÏµ°
¨´É¥´¸¨¢´µ¸É¨ µÉ· ¦¥´¨Ö (111) ¶·¨ µÉ¸ÊÉ¸É¢¨¨ ³ £´¨É´µ£µ ¶µ²Ö (±µ´¥Î´µ,
¢ ÔÉµ³ ¸²ÊÎ ¥ ¢±² ¤ ¢ ¨´É¥´¸¨¢´µ¸ÉÓ ³µ£ÊÉ ¤ ¢ ÉÓ ±µ³¶µ´¥´ÉÒ ¢¥±Éµ·  l ´ 
¶²µ¸±µ¸ÉÓ (111), ¨³¥ÕÐ¨¥¸Ö Éµ²Ó±µ ¢ π-¸µ²¨Éµ´ Ì). ‚ ³ £´¨É´µ³ ¶µ²¥, ¡²¨§-
±µ³ ± §´ Î¥´¨Õ Hx0, ±µ£¤  · §³¥· L ´µ¢ÒÌ ¤µ³¥´µ¢ (¸µ¸ÉµÖ´¨Ö I1 ¨²¨ I2,
¢ § ¢¨¸¨³µ¸É¨ µÉ Éµ£µ, ³¥´ÓÏ¥ ¨²¨ ¡µ²ÓÏ¥ ¶µ²¥, Î¥³ Hx0) Ê¢¥²¨Î¨¢ ¥É¸Ö,
¨´É¥´¸¨¢´µ¸ÉÓ · ¸¸¥Ö´¨Ö ´  N É ±¨Ì ¤µ³¥´ Ì · ¢´  [68]:

Ip = I(λ)8d4
(111) sin θBN2

c N
∣∣F(111)

∣∣2 L sin2 ϑ, (27)

£¤¥ F(111)
∼= 10 · 10−12 ¸³ Å  ³¶²¨ÉÊ¤  ³ £´¨É´µ£µ · ¸¸¥Ö´¨Ö ¤²Ö µÉ· ¦¥´¨Ö

(111), µÉ´¥¸¥´´ Ö ± µ¤´µ° Ô²¥³¥´É ·´µ° ÖÎ¥°±¥, Nc Å Î¨¸²µ Ô²¥³¥´É ·-
´ÒÌ ÖÎ¥¥± ¢ ¥¤¨´¨Í¥ µ¡Ñ¥³ . „¨ ¶ §µ´ ¤²¨´ ¢µ²´ ´¥°É·µ´µ¢, µÌ¢ ÉÒ¢ ¥³ÒÌ

ÔÉ¨³ · ¸¸¥Ö´¨¥³, ∆λp =
2λ0

n
(n Å Î¨¸²µ Ô²¥³¥´É ·´ÒÌ ÖÎ¥¥± ´  ¤²¨´¥ L),

´ ³´µ£µ ¡µ²ÓÏ¥, Î¥³ ¤¨ ¶ §µ´ ∆λm =
λ0ηef

tg θB
¤²Ö ¤¨Ë· ±Í¨¨ ´  ¡µ²ÓÏ¨Ì
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¤µ³¥´ Ì µ¸´µ¢´µ£µ ¸µ¸ÉµÖ´¨Ö. �µ ³¥·¥ ·µ¸É  ¤µ³¥´  ¨´É¥´¸¨¢´µ¸ÉÓ ¢µ§-
· ¸É ¥É ¶·µ¶µ·Í¨µ´ ²Ó´µ ¥£µ · §³¥·Ê. …¸²¨ ´ Î ²Ó´Ò° · §³¥· nmin = 80
(nd(111) = 400 �A), ¸¶¥±É· · ¸¸¥¨¢ ¥³ÒÌ ´¥°É·µ´µ¢ ®µ¡·¥§ ¥É¸Ö¯ ¢¥²¨Î¨´µ°

∆λs =
τs

cL1

∼= 0, 07 �A (¤²¨É¥²Ó´µ¸ÉÓ τs ¢¸¶ÒÏ±¨ É¥¶²µ¢ÒÌ ´¥°É·µ´µ¢ ´  ˆ��

¸µ¸É ¢²Ö²  150 ³±¸, · ¸¸ÉµÖ´¨¥ L1 µÉ § ³¥¤²¨É¥²Ö ¤µ µ¡· §Í  ¡Ò²µ · ¢´Ò³
8,5 ³). �·¨ Ê¢¥²¨Î¥´¨¨ · §³¥·  ¤µ n = 1000 (nd(111) = 5000 �A) ¨´É¥´¸¨¢-
´µ¸ÉÓ ¢µ§· ¸É ¥É ¡µ²¥¥ Î¥³ ¢ 20 · § ¶µ µÉ´µÏ¥´¨Õ ± ´ Î ²Ó´µ°. �·¨ ÔÉµ³
¶µ-¶·¥¦´¥³Ê ¤¨ ¶ §µ´ ∆λp = 0, 01 �A ¸ÊÐ¥¸É¢¥´´µ ¶·¥¢ÒÏ ¥É ¢¥²¨Î¨´Ê ∆λm,
±µÉµ· Ö, ¥¸²¨ ¤ ¦¥ ÔËË¥±É¨¢´ Ö ³µ§ ¨Î´µ¸ÉÓ ±·¨¸É ²²  ¸µ¸É ¢²Ö¥É 60′′, · ¢´ 
0, 002 �A. „µ¶Ê¸É¨³, ÎÉµ ¢ ±·¨¸É ²²¥ ¸ · §³¥· ³¨ 10 ³³ ¸µ¤¥·¦¨É¸Ö 2 · 103

¤µ³¥´µ¢ µ¸´µ¢´µ£µ ¸µ¸ÉµÖ´¨Ö, É.¥. ¢µ§´¨± ¥É ¸Éµ²Ó±µ ¦¥ ³ ²¥´Ó±¨Ì ¤µ³¥´µ¢
¤·Ê£µ£µ ¸µ¸ÉµÖ´¨Ö. ‘µµÉ¢¥É¸É¢ÊÕÐ¨¥ · §³¥·Ò µ¸´µ¢´ÒÌ ¤µ³¥´µ¢ (5 ·10−4 ¸³)
¸± §Ò¢ ÕÉ¸Ö Ê¦¥ ´  Ï¨·¨´¥ ¤¨ ¶ §µ´  ¤²¨´ ¢µ²´ ¤²Ö ÔÉ¨Ì ¤µ³¥´µ¢, ±µÉµ·Ò°
· ¢¥´ ¢ É ±µ³ ¸²ÊÎ ¥ ∼ 0, 003 �A. „µ¶Ê¸± Ö, ÎÉµ ¶·¨ 50 ±� ´  µ¸´µ¢´µ³ µ¡Ñ¥-
³¥ ±·¨¸É ²²  · ¸¸¥¨¢ ¥É¸Ö Éµ²Ó±µ 0,1 Î ¸ÉÓ µÉ ³ ±¸¨³ ²Ó´µ ¢µ§³µ¦´µ° ¤²Ö

µÉ· ¦¥´¨Ö (111), ¨ ¶µ¤¸É ¢²ÖÖ ¢ (27) §´ Î¥´¨¥ sinϑ ∼=
βH

aB − β2
, ¶µ²ÊÎ ¥³

¶·¨ n = 3000 (¶·¨ ÔÉµ³ ∆λp = 0, 01 �A) Ê¢¥²¨Î¥´¨¥ µ¡Ð¥° ¨´É¥´¸¨¢´µ¸É¨ § 
¸Î¥É · ¸¸¥Ö´¨Ö ´  ³¥²±¨Ì ¤µ³¥´ Ì ´µ¢µ£µ Ë §µ¢µ£µ ¸µ¸ÉµÖ´¨Ö ¢ 15 · §.

‘¶· Ï¨¢ ¥É¸Ö, ¶µÎ¥³Ê ¤µ¶µ²´¨É¥²Ó´µ¥ · ¸¸¥Ö´¨¥ ´ ¡²Õ¤ ¥É¸Ö ¨³¥´´µ
¶·¨  ³¶²¨ÉÊ¤¥ ¨³¶Ê²Ó¸µ¢ 50 ±�,   ´¥ ¶·µÖ¢²Ö¥É¸Ö ¶·¨ ¡µ²ÓÏ¨Ì §´ Î¥´¨ÖÌ
Hm, ±µ£¤  ±·¨É¨Î¥¸±µ¥ §´ Î¥´¨¥ ¶µ²Ö ¶¥·¥¸¥± ¥É¸Ö ´  ¶µ¤Ñ¥³¥ ¨ ´  ¸¶ ¤¥
¨³¶Ê²Ó¸µ¢? „²Ö µÉ¢¥É  ´  ÔÉµÉ ¢µ¶·µ¸ ¸²¥¤Ê¥É ¶·¨´¨³ ÉÓ ¢µ ¢´¨³ ´¨¥ ¸±µ-
·µ¸ÉÓ ¨§³¥´¥´¨Ö ¶µ²Ö. ‚ µÉ²¨Î¨¥ µÉ ¸¨ÉÊ Í¨¨, ±µ£¤  ±·¨É¨Î¥¸±µ¥ §´ Î¥´¨¥
¤µ¸É¨£ ¥É¸Ö ´  ±·ÊÉµ³ Ë·µ´É¥ ³ £´¨É´µ£µ ¨³¶Ê²Ó¸ , ¥¸²¨ Hx0 ¡²¨§±µ ¶µ
§´ Î¥´¨Õ ± Hm, ¸±µ·µ¸ÉÓ ¤¢¨¦¥´¨Ö π-¸µ²¨Éµ´µ¢, ±µÉµ· Ö ¶·µ¶µ·Í¨µ´ ²Ó´ 
|Hx − Hx0|, µÉ´µ¸¨É¥²Ó´µ ³ ² , ³¥²±¨¥ ¤µ³¥´Ò µÉ´µ¸¨É¥²Ó´µ ¤µ²£µ¥ ¢·¥³Ö
¨³¥ÕÉ · §³¥·Ò, µ¶É¨³ ²Ó´Ò¥ ¤²Ö · ¸¸¥Ö´¨Ö ´¥°É·µ´µ¢. ‡  ÔÉµ ¢·¥³Ö Ê¸¶¥-
¢ ÕÉ ¶·¨²¥É¥ÉÓ ´¥°É·µ´Ò ¸ ¤²¨´µ° ¢µ²´Ò λ0 (¶·¨ § ¤ ´´µ³ ´ ¶· ¢²¥´¨¨
¶ ¤¥´¨Ö) ¢ ¶·¥¤¥² Ì ¤²¨É¥²Ó´µ¸É¨ ¢¸¶ÒÏ±¨ ¨¸ÉµÎ´¨±  (150 ³±¸), ±·µ³¥ Éµ£µ,
¶·¨²¥É ÕÉ ¨ · ¸¸¥¨¢ ÕÉ¸Ö ´¥°É·µ´Ò ¸ ¤·Ê£¨³¨ §´ Î¥´¨Ö³¨ ¤²¨´Ò ¢µ²´Ò ¶µ¤
¤·Ê£¨³¨ Ê£² ³¨ (´ ¶·¨³¥·, ¸ ¡	µ²ÓÏ¨³¨ ¤²¨´ ³¨ ¢µ²´ ¶µ¤ ¡	µ²ÓÏ¨³¨ Ê£² ³¨
θ0), É ±¦¥ Ê¤µ¢²¥É¢µ·ÖÕÐ¨¥ Ê¸²µ¢¨Õ ¤¨Ë· ±Í¨¨ ´  ¤µ³¥´¥.

�¸É ¥É¸Ö ¢µ¶·µ¸ µ ¶·¨Î¨´ Ì ¨¸Î¥§´µ¢¥´¨Ö  ´µ³ ²Ó´µ£µ · ¸¸¥Ö´¨Ö ¶µ¸²¥
Éµ£µ, ± ± µ¡· §¥Í ´ Ìµ¤¨²¸Ö ¢ ¶µ²¥, §´ Î¨É¥²Ó´µ ¶·¥¢ÒÏ ÕÐ¥³ ±·¨É¨Î¥¸±µ¥
§´ Î¥´¨¥. Œµ¦´µ Éµ²Ó±µ ¶·¥¤¶µ²µ¦¨ÉÓ, ÎÉµ ¶·¨ ÔÉµ³ ¶·µ¨¸Ìµ¤¨É · §·ÊÏ¥-
´¨¥ ³´µ£µ¤µ³¥´´µ° ¸É·Ê±ÉÊ·Ò, É.¥. § ·µ¤ÒÏ¨ ¸µ¸ÉµÖ´¨Ö I1, § ¦ ÉÒ¥ ¸ ¤¢ÊÌ
¸Éµ·µ´ π-¸µ²¨Éµ´ ³¨ ¨ ¤µ³¥´ ³¨ ¸µ¸ÉµÖ´¨Ö I2, ²¨±¢¨¤¨·ÊÕÉ¸Ö ¨ ¢ ·¥§Ê²ÓÉ É¥
±·¨¸É ²² ¸É ´µ¢¨É¸Ö µ¤´µ¤µ³¥´´Ò³.

Š ¸µ¦ ²¥´¨Õ, ¨§³¥·¥´¨Ö £¥³ É¨É  ¢ ¨³¶Ê²Ó¸´µ³ ¶µ²¥ ¸ ±µ´É·µ²¨·Ê¥³Ò³
¤ ¢²¥´¨¥³ ´  µ¡· §¥Í ´¥ ¶·µ¢µ¤¨²¨¸Ó. ’ ±¨¥ ¨¸¸²¥¤µ¢ ´¨Ö ´¥ Éµ²Ó±µ ¢ µ¡² -
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¸É¨ µÉ· ¦¥´¨Ö (111), ´µ ¨ ¸ ¤·Ê£¨³¨ ¶²µ¸±µ¸ÉÖ³¨, ¨³¥ÕÐ¨³¨ Ê£µ² ¸ µ¸ÓÕ
z, µÉ²¨Î ÕÐ¨°¸Ö µÉ 90◦, ´ ¶·¨³¥· (100), ¤²Ö ±µÉµ·ÒÌ  ³¶²¨ÉÊ¤Ò · ¸¸¥Ö´¨Ö
· §²¨Î´Ò ¤²Ö ¤¢ÊÌ É¨¶µ¢ ¤µ³¥´µ¢, ³µ£²¨ ¡Ò ¤ ÉÓ ´¥ Éµ²Ó±µ ¡µ²¥¥ ¶µ²´ÊÕ
¨´Ëµ·³ Í¨Õ µ ±¨´¥É¨±¥ Ë §µ¢µ° ¶¥·¥¸É·µ°±¨, ´µ, ¢µ§³µ¦´µ, ¶µ§¢µ²¨²¨ ¡Ò
¢Ò¤¥²¨ÉÓ Î ¸ÉÓ · ¸¸¥Ö´¨Ö, ¸¢Ö§ ´´ÊÕ ¸ π-¸µ²¨Éµ´ ³¨ ¨ 2π-¸µ²¨Éµ´ ³¨.

5. „ˆ��Œˆ—…‘Šˆ‰ ƒˆ‘’…�…‡ˆ‘ ��ˆ ”�‡�‚›• �…�…•�„�•,
ˆ�„“–ˆ��‚���›• ˆŒ�“‹œ‘�›Œ ��‹…Œ

‚ ¤ ´´µ³ · §¤¥²¥ ¶·¥¤¸É ¢²¥´Ò ·¥§Ê²ÓÉ ÉÒ ¨§³¥·¥´¨° ¢ ¨³¶Ê²Ó¸´µ³ ¶µ²¥
Ë §µ¢µ£µ ¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤  ¢ ³µ´µ±·¨¸É ²² Ì α−Fe2O3 ¨ Cr2O3,   É ±¦¥
Ë §µ¢µ£µ ¶¥·¥Ìµ¤  ¶¥·¢µ£µ ·µ¤  ¢ α−Fe2O3 ´¨¦¥ ÉµÎ±¨ Œµ·¨´  ¢ ³ £´¨É´µ³
¶µ²¥, ¶ · ²²¥²Ó´µ³ µ¸¨ C2. ˆ§³¥·¥´¨Ö ¡Ò²¨ ¢Ò¶µ²´¥´Ò ´  ¸¶¥±É·µ³¥É·¥
‘�ˆŒ-2 [13Ä16]. ˆ¸¶µ²Ó§µ¢ ²¨¸Ó ³µ´µ±·¨¸É ²²Ò: α − Fe2O3 c · §³¥· ³¨
5 × 6 × 8 ³³, Cr2O3 Å Í¨²¨´¤· ¤¨ ³¥É·µ³ 3,5 ³³ ¨ ¢Ò¸µÉµ° 8 ³³.

5.1. ‘¶¨´-Ë²µ¶ ¶¥·¥Ìµ¤ [20,21]. ‚ ¸²ÊÎ ¥ α − Fe2O3 ¶·µ¨§¢µ¤¨²¨¸Ó ¨§-
³¥·¥´¨Ö ¢²¨Ö´¨Ö ³ £´¨É´µ£µ ¶µ²Ö ´  ¤¨Ë· ±Í¨µ´´Ò° ¶¨± (333), ±µÉµ·Ò°

�¨¸. 19. �µ·³¨·µ¢ ´´Ò¥ ´¥°É·µ´µ£· ³³Ò ³ £´¨É´µ£µ µÉ· ¦¥´¨Ö (333) ¤²Ö £¥³ É¨É .
T = 199 Š, Ï¨·¨´  ± ´ ²  τ = 4 ³±¸, ¤²¨É¥²Ó´µ¸ÉÓ ³ £´¨É´µ£µ ¨³¶Ê²Ó¸  (¶µ µ¸´µ-
¢ ´¨Õ) TH = 737 ³±¸. ‡´ Î¥´¨Ö Hm (¢ ±�) ¸µµÉ¢¥É¸É¢ÊÕÉ: � Å 59,08; � Å 58,33;
★ Å 57,84; �Å 57,46; ✡ Å 57,20; ♦ Å 56,82; � Å 56,56; ◦ Å 56,18; • Å 55,81 ±�

�¨¸. 20. ‡ ¢¨¸¨³µ¸É¨ ¨´É¥´¸¨¢´µ¸É¨ µÉ ¶µ²Ö, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ ´¥°É·µ´µ£· ³³ ³,
¶·¥¤¸É ¢²¥´´Ò³ ´  ·¨¸. 19. ‡´ Î¥´¨Ö Hm (¢ ±�) ¸µµÉ¢¥É¸É¢ÊÕÉ: •, ◦ Å 56,56; �,� Å
56,82; �,� Å 57,20; ✡ , ✡ Å 57,84; �, � Å 59,08 ±�
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�¨¸. 21. ’µ ¦¥, ÎÉµ ´  ·¨¸.20, ´µ ¸ µÉ´µ¸¨É¥²Ó´µ ¡µ²ÓÏ¨³¨  ³¶²¨ÉÊ¤ ³¨ ¨³¶Ê²Ó¸µ¢.
‡¤¥¸Ó ¦¥ ¤²Ö ¸· ¢´¥´¨Ö ¶·¨¢¥¤¥´  µ¤´  ¶¥É²Ö £¨¸É¥·¥§¨¸  ¸ ¶·µ³¥¦ÊÉµÎ´Ò³ §´ Î¥´¨¥³
 ³¶²¨ÉÊ¤Ò (¶·¨ Hm = 57, 2 ±� Å ✡ , ✡ ). �,� Å 60,33; �,� Å 60,33; •, ◦ Å 61,34;
�, � Å 61,66 ±�

�¨¸. 22. ‡ ¢¨¸¨³µ¸É¨ ¨´É¥´¸¨¢´µ¸É¨ ¢ ¶¨±¥ (333) µÉ ¢¥²¨Î¨´Ò ¶µ²Ö, ¶µ²ÊÎ¥´´Ò¥ ¶·¨
T = 156 K, τ = 8 ³±¸. ‡´ Î¥´¨Ö Hm ¸µµÉ¢¥É¸É¢ÊÕÉ: •, ◦ Å 64,81 ±�; �,� Å
66,07 ±�; �,� Å 68,59 ±�; ✡ , ✡ Å 71,10 ±�. „²Ö ¶·¥¤¸É ¢²¥´¨Ö µ É¥³¶¥· ÉÊ·´µ°
§ ¢¨¸¨³µ¸É¨ ¶µ²µ¦¥´¨Ö ¶¥É²¨ £¨¸É¥·¥§¨¸  ¶·¨¢¥¤¥´Ò É ±¦¥ ¤ ´´Ò¥, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥
É¥³¶¥· ÉÊ·¥ T = 157, 5 K, �, � Å 73,47 ±�

µÉ¸ÊÉ¸É¢Ê¥É ¢ ¨¸Ìµ¤´µ³ ¸µ¸ÉµÖ´¨¨ µ¡· §Í  ´¨¦¥ ÉµÎ±¨ Œµ·¨´  ¨ ¨³¥¥É ³ ±-
¸¨³ ²Ó´ÊÕ ¨´É¥´¸¨¢´µ¸ÉÓ ¢ ¸¶¨´-Ë²µ¶-¸µ¸ÉµÖ´¨¨, ±µ£¤  ¶µ²¥ ¶·¥¢ÒÏ ¥É ¢¥-
²¨Î¨´Ê Hzeq. �µ³¡µÔ¤·¨Î¥¸± Ö µ¸Ó ±·¨¸É ²²  [111] ¡Ò²  ¶ · ²²¥²Ó´µ° £µ·¨-
§µ´É ²Ó´µ ´ ¶· ¢²¥´´µ³Ê ³ £´¨É´µ³Ê ¶µ²Õ ¸ ÉµÎ´µ¸ÉÓÕ 0,2◦. “£µ² · ¸¸¥Ö´¨Ö
· ¢¥´ 170◦.

‚ ¨§³¥·¥´¨ÖÌ ¸ ³µ´µ±·¨¸É ²²µ³ Cr2O3 ¨¸¶µ²Ó§µ¢ ²µ¸Ó µÉ· ¦¥´¨¥ (224).
„²Ö ¨¸±²ÕÎ¥´¨Ö ¢²¨Ö´¨Ö ´¥µ¤´µ·µ¤´µ¸É¨ · ¤¨ ²Ó´µ° ¸µ¸É ¢²ÖÕÐ¥° ¶µ²Ö ¨,
¸²¥¤µ¢ É¥²Ó´µ, ¤²Ö µ¤´µ§´ Î´µ£µ § ¤ ´¨Ö ´ ¶· ¢²¥´¨Ö ¶µ¢µ·µÉ  ¢¥±Éµ·   ´-
É¨Ë¥··µ³ £´¥É¨§³  n µÉ µ¸¨ ¸¨³³¥É·¨¨, ±·¨¸É ²² Cr2O3 Ê¸É ´ ¢²¨¢ ²¸Ö ¸
µÉ±²µ´¥´¨¥³ µ¸¨ C3 µÉ µ¸¨ ³ £´¨É  ¢ £µ·¨§µ´É ²Ó´µ° ¶²µ¸±µ¸É¨ ´  µ¶·¥¤¥-
²¥´´Ò° Ê£µ² γ > 0 (± ± ¶· ¢¨²µ, µ´ ¡Ò² ´¥ ³¥´ÓÏ¥, Î¥³ 1◦) ¸ ÉµÎ´µ¸ÉÓÕ
0, 25◦. “£µ² · ¸¸¥Ö´¨Ö ¢ ÔÉµ³ ¸²ÊÎ ¥ 2θ0 = 90◦. ‚·¥³¥´´µ¥ ¸µµÉ´µÏ¥-
´¨¥ ³¥¦¤Ê µÉ· ¦¥´¨¥³ (224) ¤²Ö Cr2O3 ¨ ¨³¶Ê²Ó¸µ³ ¶µ²Ö ¶·¥¤¸É ¢²¥´µ ´ 
·¨¸. 3. ’ ³ ¦¥ ¶µ± § ´  £¥µ³¥É·¨Ö ¨§³¥·¥´¨°.

�  ·¨¸. 19 ¶·¨¢¥¤¥´  Î ¸ÉÓ ¸¥·¨¨ ´µ·³¨·µ¢ ´´ÒÌ ´¥°É·µ´µ£· ³³ µÉ· -
¦¥´¨Ö (333) ¤²Ö £¥³ É¨É . �µ·³¨·µ¢±  ¢ ¤ ´´µ³ ¸²ÊÎ ¥ ¸µ¸ÉµÖ²  ¢ ¤¥²¥´¨¨
¶µ²ÊÎ¥´´ÒÌ ¶·¨ · §²¨Î´ÒÌ  ³¶²¨ÉÊ¤ Ì ¶µ²Ö ¸¶¥±É·µ¢ ´  ´¥°É·µ´µ£· ³³Ê
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¸ ¨³¶Ê²Ó¸µ³, µ¡¥¸¶¥Î¨¢ ÕÐ¨³ ¶µ²´Ò° ¶µ¢µ·µÉ ³µ³¥´Éµ¢ (¸ ¶·¥¤¢ ·¨É¥²Ó-
´Ò³ ¢ÒÎ¨É ´¨¥³ ¨§ ± ¦¤µ£µ ¸¶¥±É·  Ëµ´µ¢µ° ¶µ¤²µ¦±¨). ‘µµÉ¢¥É¸É¢ÊÕÐ¨¥
ÔÉµ° ¸¥·¨¨ § ¢¨¸¨³µ¸É¨ ¨´É¥´¸¨¢´µ¸É¨ µÉ ¶µ²Ö ¶µ± § ´Ò ´  ·¨¸. 20 ¨ ·¨¸. 21.
‚µ§· ¸É ´¨Õ ¶µ²Ö ¸µµÉ¢¥É¸É¢ÊÕÉ ÉµÎ±¨, µ¡µ§´ Î¥´´Ò¥ Î¥·´Ò³¨ §´ Î± ³¨,  
Ê³¥´ÓÏ¥´¨Õ ¶µ²Ö Å ¸¢¥É²Ò³¨. Š·µ³¥ Éµ£µ, ´  ·¨¸. 22 ¶·¥¤¸É ¢²¥´Ò § ¢¨¸¨-
³µ¸É¨, ¶µ²ÊÎ¥´´Ò¥ ¶·¨ T = 156 K, τ = 8 ³±¸, TH = 1000 ³±¸.

�¨¸. 23. ‡ ¢¨¸¨³µ¸É¨ µÉ· ¦ ÕÐ¥° ¸¶µ¸µ¡-
´µ¸É¨ I = (IH − I0)/I0 µÉ ´µ³¥·  ± ´ ² 
¤²Ö Cr2O3, ¶µ²ÊÎ¥´´Ò¥ ¶·¨ T = 136 K,
γ = +1◦, TH = 1000 ³±¸. ˜É·¨Ìµ¢µ°
²¨´¨¥° ¶µ± § ´ Ì · ±É¥· ¨§³¥´¥´¨Ö ³ £´¨É-
´µ£µ ¶µ²Ö. ‡´ Î¥´¨Ö Hm ¸µµÉ¢¥É¸É¢ÊÕÉ:
�Å 67,2; �Å 68,6; �Å 69,9; + Å 71,0 ±�

�  ·¨¸. 23 ¶·¨¢¥¤¥´  ¸¥·¨Ö
¨§ Î¥ÉÒ·¥Ì § ¢¨¸¨³µ¸É¥° µÉ· ¦ Õ-
Ð¥° ¸¶µ¸µ¡´µ¸É¨ I = (IH − I0)/I0

µÉ ´µ³¥·  ± ´ ²  ¤²Ö Cr2O3. ‘µ-
µÉ¢¥É¸É¢ÊÕÐ¨¥ § ¢¨¸¨³µ¸É¨ µÉ· -
¦ ÕÐ¥° ¸¶µ¸µ¡´µ¸É¨ µÉ ¢¥²¨Î¨´Ò
¶µ²Ö ¤ ´Ò ´  ·¨¸. 24,a,¡,¢. � 
·¨¸. 24,£,¤,¥ ¶µ± § ´Ò  ´ ²µ£¨Î´Ò¥
§ ¢¨¸¨³µ¸É¨ µÉ ¶µ²Ö, ¶µ²ÊÎ¥´´Ò¥
¶·¨ T = 153 K, τ = 8 ³±¸ ¨ ´¥¨§-
³¥´´ÒÌ ¶·µÎ¨Ì ¶ · ³¥É· Ì ¨§³¥-
·¥´¨°.

‘ Í¥²ÓÕ ¢ÒÖ¸´¥´¨Ö ¢²¨Ö´¨Ö
´  Ë §µ¢ÊÕ ¶¥·¥¸É·µ°±Ê ¡µ²¥¥ ·¥§-
±µ£µ ¨§³¥´¥´¨Ö ³ £´¨É´µ£µ ¶µ²Ö,
¡Ò²µ ¢Ò¶µ²´¥´µ ¨§³¥·¥´¨¥ ´ 
Cr2O3 ¶·¨ TH = 455 ³±¸, T =
108 K, τ = 8 ³±¸. ‘µµÉ¢¥É¸É¢ÊÕ-
Ð¨¥ § ¢¨¸¨³µ¸É¨ I(H) ¶·¨¢¥¤¥´Ò
´  ·¨¸. 25.

�¡Ð¥° µ¸µ¡¥´´µ¸ÉÓÕ ÔÉ¨Ì ·¥-
§Ê²ÓÉ Éµ¢ Ö¢²Ö¥É¸Ö ´ ²¨Î¨¥ £¨¸É¥-
·¥§¨¸  ¢ § ¢¨¸¨³µ¸É¨ ¨´É¥´¸¨¢´µ-
¸É¨ µÉ ¢¥²¨Î¨´Ò ³ £´¨É´µ£µ ¶µ²Ö.
• · ±É¥· ¨§³¥´¥´¨Ö ¶¥É²¨ £¨¸É¥·¥-
§¨¸  ¢ ¸²ÊÎ ¥ α − Fe2O3 ¶·¨ Ê¢¥²¨Î¥´¨¨  ³¶²¨ÉÊ¤Ò ¨³¶Ê²Ó¸  ¶·µ¨²²Õ¸É·¨-
·µ¢ ´ ´  ·¨¸. 20, ¨§ ±µÉµ·µ£µ ¸²¥¤Ê¥É, ÎÉµ ¶·µÍ¥¸¸ Ê¸É ´µ¢²¥´¨Ö · ¢´µ¢¥¸´µ£µ
´ ¶· ¢²¥´¨Ö ¤²Ö ¢¥±Éµ·   ´É¨Ë¥··µ³ £´¥É¨§³  I ´¥ Ê¸¶¥¢ ¥É §  ¨§³¥´¥´¨¥³
³ £´¨É´µ£µ ¶µ²Ö. ‘ Ê¢¥²¨Î¥´¨¥³  ³¶²¨ÉÊ¤Ò ¨³¶Ê²Ó¸µ¢ ¶¥É²Ö £¨¸É¥·¥§¨¸ 
· ¸Ï¨·Ö¥É¸Ö, ´µ § É¥³ ¶·¨µ¡·¥É ¥É ¶·¥¤¥²Ó´ÊÕ Ï¨·¨´Ê ¨ Ëµ·³Ê. �·¨ ¶µ¢Ò-
Ï¥´¨¨ É¥³¶¥· ÉÊ·Ò ¶·µÍ¥¸¸ ¶¥·¥µ·¨¥´É Í¨¨ ¸ £¨¸É¥·¥§¨¸µ³ ¶¥·¥³¥Ð ¥É¸Ö ±
³¥´ÓÏ¨³ §´ Î¥´¨Ö³ ¶µ²Ö, ÎÉµ ¸µ£² ¸Ê¥É¸Ö ¸ Ë §µ¢µ° ¤¨ £· ³³µ° £¥³ É¨É .
�  ·¨¸. 22 ¶µ± § ´µ, ± ± ¸³¥Ð ¥É¸Ö ¶¥É²Ö £¨¸É¥·¥§¨¸  ¶·¨ ¨§³¥´¥´¨¨ É¥³¶¥-
· ÉÊ·Ò ¢¸¥£µ ´  1,5 Š.

�µ ±· °´¥° ³¥·¥ ¤²Ö ¸²ÊÎ Ö ¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤  ¢ α − Fe2O3 ´ ¡²Õ¤ -
¥³Ò° £¨¸É¥·¥§¨¸ ¨³¥¥É ¤¨´ ³¨Î¥¸±¨° Ì · ±É¥·, É.¥. µ´ ´¥ ¶·µÖ¢¨²¸Ö ¡Ò ¢
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�¨¸. 24. ‡ ¢¨¸¨³µ¸É¨ ¨§³¥´¥´¨Ö µÉ· ¦ ÕÐ¥° ¸¶µ¸µ¡´µ¸É¨ µÉ ¢¥²¨Î¨´Ò ³ £´¨É´µ£µ
¶µ²Ö ¤²Ö Cr2O3 ¶·¨ γ = +1◦: T = 136 K, (a, ¡, ¢), T = 153 K (£, ¤, ¥)

¶µ²¥, ±µÉµ·µ¥ ¨§³¥´Ö¥É¸Ö µÎ¥´Ó ³¥¤²¥´´µ. �·¨ µÉ´µ¸¨É¥²Ó´µ ³ ²ÒÌ §´ Î¥-
´¨ÖÌ Hm, ±µ£¤  ¶µ²¥ ¨§³¥´Ö¥É¸Ö ¢¡²¨§¨ ³ ±¸¨³Ê³  ¨³¶Ê²Ó¸ , ¨´É¥´¸¨¢´µ¸ÉÓ
· ¸É¥É, ¶·¨¡²¨¦ Ö¸Ó ± ´¥±µÉµ·µ° ²¨´¨¨, ¶·µÌµ¤ÖÐ¥° µ±µ²µ Í¥´É·  ¶·¥¤¥²Ó-
´µ° ¶¥É²¨ £¨¸É¥·¥§¨¸ . �¥¸±µ²Ó±µ ¨´ Ö ¸¨ÉÊ Í¨Ö ¸ Cr2O3. ’ ± ± ± ¢ ÔÉµ³
¸²ÊÎ ¥ ¶µ²¥ ¡Ò²µ § ¢¥¤µ³µ ´ ¶· ¢²¥´µ ¶µ¤ ´¥±µÉµ·Ò³ Ê£²µ³ ± µ¸¨ ¸¨³³¥-
É·¨¨, µ¸´µ¢´µ° Ì · ±É¥· ¨§³¥´¥´¨Ö ¨´É¥´¸¨¢´µ¸É¨ µ¶·¥¤¥²Ö¥É¸Ö ¶·µÍ¥¸¸µ³
¸¢µ¥£µ ·µ¤  ®±µ£¥·¥´É´µ£µ¯ ¶µ¢µ·µÉ  ¢¥±Éµ·  n ¨¸Ìµ¤´µ£µ ¸µ¸ÉµÖ´¨Ö ¶·¨
¨§³¥´¥´¨¨ ¶µ²Ö. ˆ§ ¸µ¶µ¸É ¢²¥´¨Ö ¤ ´´ÒÌ, ¶·¥¤¸É ¢²¥´´ÒÌ ´  ·¨¸. 25, ¸
·¥§Ê²ÓÉ É ³¨ ¨§³¥·¥´¨Ö ¨´É¥´¸¨¢´µ¸É¨ ¶·¨ T > TN = 320 K ¸²¥¤Ê¥É, ÎÉµ ¢
³¨´¨³Ê³¥ ³ £´¨É´ Ö Î ¸ÉÓ · ¸¸¥Ö´¨Ö ¶· ±É¨Î¥¸±¨ ¨¸Î¥§ ¥É, É.¥. ¢¥±Éµ· n ¸É -
´µ¢¨É¸Ö ¶¥·¶¥´¤¨±Ê²Ö·´Ò³ ¶²µ¸±µ¸É¨ (224). ˆ§-§  ³ ²µ° ¢¥²¨Î¨´Ò ¢Éµ·µ°
±µ´¸É ´ÉÒ µ¸¥¢µ°  ´¨§µÉ·µ¶¨¨ µÉ´µ¸¨É¥²Ó´µ ¶¥·¢µ° (ÉµÎ´µ¥ §´ Î¥´¨¥ ¢Éµ·µ°
±µ´¸É ´ÉÒ ´¥¨§¢¥¸É´µ) ¨ § ¢¥¤µ³µ£µ µÉ±²µ´¥´¨Ö ¶µ²Ö µÉ µ¸¨ ¸¨³³¥É·¨¨ ¢ ¸²Ê-
Î ¥ Cr2O3 ¸²¥¤Ê¥É £µ¢µ·¨ÉÓ ´¥ µ Ë §µ¢µ³ ¶¥·¥Ìµ¤¥,   µ ´¥¶·¥·Ò¢´µ³ ¶µ¢µ·µÉ¥
¢¥±Éµ·  n. ’¥³ ´¥ ³¥´¥¥ ¨ ÔÉµÉ ¶·µÍ¥¸¸ ¶·µ¨¸Ìµ¤¨É ¸ £¨¸É¥·¥§¨¸µ³. � ¨¡µ²¥¥
µ¶·¥¤¥²¥´´Ò³ ·¥§Ê²ÓÉ Éµ³ ¨§³¥·¥´¨° ¸ Cr2O3 Ö¢²Ö¥É¸Ö ´ ²¨Î¨¥ £¨¸É¥·¥§¨¸ 
¶·¨ Hm < Hzeq (¸³. ·¨¸. 24 ¨ 25). �Éµ ¸¢¨¤¥É¥²Ó¸É¢Ê¥É µ ¸ÊÐ¥¸É¢µ¢ ´¨¨
³¥Ì ´¨§³ , ¢Ò§Ò¢ ÕÐ¥£µ § ¶ §¤Ò¢ ´¨¥ ¶·µÍ¥¸¸  ¶µ¢µ·µÉ  ´ ³ £´¨Î¥´´µ¸É¥°
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�¨¸. 25. ‡ ¢¨¸¨³µ¸É¨ µÉ· ¦ ÕÐ¥° ¸¶µ¸µ¡´µ¸É¨ Cr2O3 µÉ ¶µ²Ö ¶·¨ T = 108 K,
γ = +1◦, TH = 455 ³±¸, Hm = 64, 9 ±� ( ) ¨ 71,4 ±� (¡). ‘É·¥²± ³¨ Ê± § ´a
¶µ¸²¥¤µ¢ É¥²Ó´µ¸ÉÓ ¨§³¥´¥´¨Ö ³ £´¨É´µ£µ ¶µ²Ö

’ ¡²¨Í  2. ‡´ Î¥´¨Ö ±·¨É¨Î¥¸±µ£µ ¶µ²Ö, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ Ë §µ¢µ° ¤¨ £· ³³¥, ¨
¶µ²µ¦¥´¨e Í¥´É·  ¶¥É²¨ £¨¸É¥·¥§¨¸ . �É´µ¸¨É¥²Ó´Ò¥ §´ Î¥´¨Ö Ï¨·¨´Ò ¶¥É²¨ ¢
¶µ²¥ Hz

T,K Hzeq, ±� Hz exp ∆Hz/Hz exp, % Hxeq, ±� Hx exp

156 64,08 64,65 1,7

157,5 63,86 63,8

199 55,7 56,57 3,25

230 Ä 54,1

240 39,14 41,1

³ £´¨É´ÒÌ ¶µ¤·¥Ï¥Éµ± § ¤µ²£µ ¤µ ¤µ¸É¨¦¥´¨Ö ¶µ²¥³ ±·¨É¨Î¥¸±µ£µ §´ Î¥´¨Ö.
ˆ³¥ÕÐ¨¥¸Ö Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ ¤ ´´Ò¥ ´¥ ¶µ§¢µ²ÖÕÉ ¢Ò¤¥²¨ÉÓ ¢ £¨¸É¥·¥§¨¸-
´µ° ± ·É¨´¥ Î ¸ÉÓ, ¸¢Ö§ ´´ÊÕ ´¥¶µ¸·¥¤¸É¢¥´´µ ¸ Ë §µ¢Ò³ ¶¥·¥Ìµ¤µ³, ±µ£¤ 
Hm > Hzeq.

‚ É ¡². 2 ¶·¨¢¥¤¥´Ò §´ Î¥´¨Ö ³ £´¨É´µ£µ ¶µ²Ö, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ ¢ ± -
¦¤µ³ ¸²ÊÎ ¥ Í¥´É·Ê ¶¥É²¨ £¨¸É¥·¥§¨¸  ¤²Ö £¥³ É¨É , ¢ ¸· ¢´¥´¨¨ ¸ ¢¥²¨-
Î¨´ ³¨ ±·¨É¨Î¥¸±µ£µ ¶µ²Ö Ë §µ¢µ£µ ¶¥·¥Ìµ¤  ¶¥·¢µ£µ ·µ¤ , ±µÉµ·Ò¥ ¡Ò²¨
¶µ²ÊÎ¥´Ò ¢ · ¸Î¥É Ì Ë §µ¢µ° ¤¨ £· ³³Ò [51]. ‘²¥¤Ê¥É ¶·¨§´ ÉÓ, ÎÉµ ¤²Ö
¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤  Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ ·¥§Ê²ÓÉ ÉÒ ´¥¶²µÌµ ¸µ£² ¸ÊÕÉ¸Ö ¸
±·¨É¨Î¥¸±¨³¨ §´ Î¥´¨Ö³¨. ‚ ÔÉµ° ¦¥ É ¡²¨Í¥ ¶·¥¤¸É ¢²¥´Ò µÉ´µ¸¨É¥²Ó´Ò¥
§´ Î¥´¨Ö Ï¨·¨´Ò ¶¥É²¨ £¨¸É¥·¥§¨¸  ¢ ¶µ²¥ Hz.
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�Ò²µ ¡Ò ¥¸É¥¸É¢¥´´µ ¶·¥¤¶µ²µ¦¨ÉÓ, ÎÉµ ´ ¡²Õ¤ ¥³ Ö ¶¥É²Ö £¨¸É¥·¥§¨¸ 
´¥¶µ¸·¥¤¸É¢¥´´µ ¸¢Ö§ ´  ¸ ¤¨ ¶ §µ´µ³ ³¥É ¸É ¡¨²Ó´µ¸É¨ ¤²Ö Ë §µ¢ÒÌ ¸µ¸Éµ-
Ö´¨°. Š ± ¢¨¤´µ ´  ·¨¸. 21, µÉ´µ¸¨É¥²Ó´ Ö Ï¨·¨´  ¶·¥¤¥²Ó´µ° ¶¥É²¨ £¨¸É¥·¥-
§¨¸  ¸µ¸É ¢²Ö¥É 3,25 % ¶·¨ T = 199 K. �Éµ ¢ É·¨ · §  ³¥´ÓÏ¥ É¥µ·¥É¨Î¥¸±µ£µ
¤¨ ¶ §µ´  ³¥É ¸É ¡¨²Ó´µ¸É¨, ±µÉµ·Ò° ¶·¨ ÔÉµ° É¥³¶¥· ÉÊ·¥ µ£· ´¨Î¨¢ ¥É¸Ö
§´ Î¥´¨Ö³¨ µÉ 52,5 ¤µ 58,9 ±� [51]. �·¨ T = 156 K Ï¨·¨´  ¶·¥¤¥²Ó´µ°
¶¥É²¨ £¨¸É¥·¥§¨¸  ¥Ð¥ ³¥´ÓÏe Å µ±µ²µ 1,7 % (¸³. ·¨¸. 22).

’ ±µ¥ ·¥§±µ¥ · ¸Ìµ¦¤¥´¨¥ ¸¢¨¤¥É¥²Ó¸É¢Ê¥É µ Éµ³, ÎÉµ µ¡· §¥Í ¸µ¸Éµ¨É ¨§
³´µ¦¥¸É¢   ´É¨Ë¥··µ³ £´¨É´ÒÌ ¤µ³¥´µ¢, ¨ Ë §µ¢ Ö ¶¥·¥¸É·µ°±  µ¶·¥¤¥²Ö-
¥É¸Ö ¤¢¨¦¥´¨¥³ ¤µ³¥´´ÒÌ ¸É¥´µ±. ‚ ÔÉµ³ µÉ´µÏ¥´¨¨ ¤ ´´Ò¥ Ô±¸¶¥·¨³¥´É 
¸µ£² ¸ÊÕÉ¸Ö ¸ É¥µ·¨¥° [63] ¨ ¸ ·¥§Ê²ÓÉ É ³¨ ¨¸¸²¥¤µ¢ ´¨Ö · ¸¸¥Ö´¨Ö ´  § ·µ-
¤ÒÏ Ì ´µ¢µ° Ë §Ò (¸³. · §¤. 4). …¸²¨ ¢ ¨¸Ìµ¤´µ³ ¸µ¸ÉµÖ´¨¨ µ¡· §¥Í ¸µ¸Éµ¨É
¨§ ³´µ¦¥¸É¢   ´É¨Ë¥··µ³ £´¨É´ÒÌ ¤µ³¥´µ¢, · §¤¥²¥´´ÒÌ 180-£· ¤Ê¸´Ò³¨
¸É¥´± ³¨, Éµ ¢ µ¡² ¸É¨ ±·¨É¨Î¥¸±µ£µ §´ Î¥´¨Ö ¶µ²Ö ± ¦¤ Ö ¸É¥´±  · ¸Ð¥¶²Ö-
¥É¸Ö ´  ¤¢¥ 90-£· ¤Ê¸´Ò¥ ¸É¥´±¨, ±µÉµ·Ò¥ ¶·¨ Ê¢¥²¨Î¥´¨¨ ¶µ²Ö ®· §¡¥£ ÕÉ¸Ö¯
¨ ¸É ´µ¢ÖÉ¸Ö, É ±¨³ µ¡· §µ³, ¸É¥´± ³¨ ³¥¦¤Ê ¤µ³¥´ ³¨ ´¨§±µ¶µ²¥¢µ° ¨ ¢Ò-
¸µ±µ¶µ²¥¢µ° Ë §. ‚ É ±µ³ ¸²ÊÎ ¥ ®´¥¶µ²´Ò¥¯ ¶¥É²¨ £¨¸É¥·¥§¨¸  (´  ·¨¸. 20Ä
22) ¸µµÉ¢¥É¸É¢ÊÕÉ ¸¨ÉÊ Í¨¨, ±µ£¤  90-£· ¤Ê¸´Ò¥ ¸É¥´±¨ §  ¢·¥³Ö ¢µ§· ¸É ´¨Ö
¶µ²Ö ´¥ Ê¸¶¥¢ ÕÉ ¶·µ°É¨ ¢¥¸Ó µ¡Ñ¥³, § ¶µ²´¥´´Ò° ¶¥·¢µ´ Î ²Ó´µ ¤µ³¥´ ³¨
¨¸Ìµ¤´µ£µ ¸µ¸ÉµÖ´¨Ö.

�·µ ´ ²¨§¨·Ê¥³ ¶µ¤·µ¡´¥¥ ¶·µÍ¥¸¸ Ë §µ¢µ° ¶¥·¥¸É·µ°±¨ ¢ ¸²ÊÎ ¥ ¸¶¨´-
Ë²µ¶-¶¥·¥Ìµ¤ . …¸²¨, ¨¸¶µ²Ó§ÊÖ ¢Ò· ¦¥´¨¥ (4) ¶·¨ H = Hz, ¶·¨· ¢´ÖÉÓ
É¥·³µ¤¨´ ³¨Î¥¸±¨¥ ¶µÉ¥´Í¨ ²Ò ¤¢ÊÌ Ë §µ¢ÒÌ ¸µ¸ÉµÖ´¨° (¸µ¸ÉµÖ´¨¥ I0 ¶·¨
sin ϑ = 0 ¨ III ¶·¨ cos ϑ = 0), Éµ ¤²Ö · §´µ¸É¨ ¶µÉ¥´Í¨ ²µ¢ ¶µ²ÊÎ ¥³ ¢Ò· -
¦¥´¨¥

∆Φ ≡ Φ1 − Φ2 =
Hzeq

B

[
(H − Hzeq) +

(H − Hzeq)
2

2Hzeq

]
(28)

(¶·¨´¨³ ¥³ ¢µ ¢´¨³ ´¨¥, ÎÉµ D � B). „µ¶Ê¸É¨³, ÎÉµ ±·¨¸É ²² ¸µ¸Éµ¨É ¨§
µ¤¨´ ±µ¢ÒÌ ¶µ · §³¥· ³ (L0) ¶²µ¸±¨Ì  ´É¨Ë¥··µ³ £´¨É´ÒÌ ¤µ³¥´µ¢, · §-
¤¥²¥´´ÒÌ 180-£· ¤Ê¸´Ò³¨ ¸É¥´± ³¨. Šµ£¤  ¶µ²¥ ¶·¥¢ÒÏ ¥É §´ Î¥´¨¥ Hzeq,
¤µ³¥´ ¸µ¸ÉµÖ´¨Ö III, µ¡· §µ¢ ¢Ï¨°¸Ö ³¥¦¤Ê 90-£· ¤Ê¸´Ò³¨ ¸É¥´± ³¨, · ¸É¥É
¸µ ¸±µ·µ¸ÉÓÕ, µ¶·¥¤¥²Ö¥³µ° ¨Ì ¤¢¨¦¥´¨¥³. �·¨ ¢µ§· ¸É ´¨¨ ¶µ²Ö · §³¥·
± ¦¤µ£µ ¤µ³¥´  ¨§³¥´Ö¥É¸Ö ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ ¢Ò· ¦¥´¨¥³

L‖(t) ≡ 2

t∫
t1

v(t)dt =
Hzeq

αB

t∫
t1

[
(H(t) − Hzeq) +

1
2Hzeq

(H(t) − Hzeq)2
]

dt,

(29)
£¤¥ H(t1) = Hzeq. ‚ µ¶·¥¤¥²¥´´Ò° ³µ³¥´É t1m ¤µ³¥´Ò ¤µ¸É¨£ ÕÉ ³ ±¸¨³ ²Ó-
´µ£µ §´ Î¥´¨Ö L0. �·¨ Ê³¥´ÓÏ¥´¨¨ ¶µ²Ö, ´  ¸¶ ¤¥ ³ £´¨É´µ£µ ¨³¶Ê²Ó¸ , ¢
³µ³¥´É ¢·¥³¥´¨ t2 (¶·¨ ÔÉµ³ É ±¦¥ H(t2) = Hzeq) ´ Î¨´ ¥É¸Ö µ¡· É´Ò°
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�¨¸. 26. � ¸Î¥É´ Ö Ëµ·³  ¶¥É²¨ £¨-
¸É¥·¥§¨¸  ¤²Ö ¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤  ¢
£¥³ É¨É¥ ¤²Ö ¸¨´Ê¸µ¨¤ ²Ó´ÒÌ ¨³-
¶Ê²Ó¸µ¢ ¶µ²Ö (¨´É¥´¸¨¢´µ¸ÉÓ · ¸¸¥Ö-
´¨Ö ´¥°É·µ´µ¢ ¶·µ¶µ·Í¨µ´ ²Ó´  · §-
³¥·Ê L ¤µ³¥´µ¢) ¶·¨ ¸²¥¤ÊÕÐ¨Ì §´ -
Î¥´¨ÖÌ ¶ · ³¥É·µ¢: Hm = 62 ±�,
TH = 740 ³±¸, Hzeq = 55, 7 ±�,
B = 17, 14 · 103±�, L0 = 3 · 106 �A,
α = 0, 5 · 10−6 ±�·³±¸·�A−1

. �Ê´±-
É¨·´ Ö ²¨´¨Ö ¢ ¶¥É²¥, ¶µÎÉ¨ ¸µ¢¶ -
¤ ÕÐ Ö ¸ ´¥¶·¥·Ò¢´µ° ²¨´¨¥°, ¸µµÉ-
¢¥É¸É¢Ê¥É ¶·¨¡²¨¦¥´´µ° (²¨´¥°´µ°)
§ ¢¨¸¨³µ¸É¨ ¸±µ·µ¸É¨ ¤¢¨¦¥´¨Ö ¤µ-
³¥´´ÒÌ ¸É¥´µ± µÉ (H − Hzeq)

¶·µÍ¥¸¸ Å Ê³¥´ÓÏ¥´¨¥ ¤µ³¥´µ¢:

L‖(t) = L0 −
Hzeq

αB

t∫
t2

[
(Hzeq − H(t)) − 1

2Hzeq
(Hzeq − H(t))2

]
dt, (30)

±µÉµ·Ò° § ¢¥·Ï ¥É¸Ö ¶·¨ L(t2m) = 0. �·¨ ´¥ ¸²¨Ï±µ³ ¡µ²ÓÏµ° Éµ²Ð¨´¥
±·¨¸É ²² , ±µ£¤  ³µ¦´µ ¶·¥´¥¡·¥ÎÓ ¢Éµ·¨Î´µ° Ô±¸É¨´±Í¨¥° ¶·¨ · ¸¸¥Ö´¨¨
´¥°É·µ´µ¢, ¨´É¥´¸¨¢´µ¸ÉÓ ¶·µ¶µ·Í¨µ´ ²Ó´  ¢¥²¨Î¨´¥ L‖(t). ˆ¸Ìµ¤Ö ¨§ ¢·¥-
³¥´´µ° § ¢¨¸¨³µ¸É¨ ³ £´¨É´µ£µ ¨³¶Ê²Ó¸ , ³µ¦´µ · ¸¸Î¨É ÉÓ Ëµ·³Ê ±·¨¢µ°
£¨¸É¥·¥§¨¸  I(Hz) ≈ L‖(Hz). �  ·¨¸. 26 ¶µ± § ´ ¶·¨³¥· É ±µ° § ¢¨¸¨³µ-

¸É¨ ¤²Ö ¸¨´Ê¸µ¨¤ ²Ó´ÒÌ ¨³¶Ê²Ó¸µ¢ ¶µ²Ö Hz = Hm sin
πt

TH
¶·¨ ¸²¥¤ÊÕÐ¨Ì

§´ Î¥´¨ÖÌ ¶ · ³¥É·µ¢: Hm = 62 ±�, TH = 740 ³±¸, Hzeq = 55, 7 ±�, B =
17, 14 · 103 ±�, L0 = 3 · 106 �A, α = 0, 5 · 10−6 ±�·³±¸·�A−1

. ŒÒ ´¥ § ¤ ¢ ²¨¸Ó
Í¥²ÓÕ ¤µ¡¨ÉÓ¸Ö ±µ²¨Î¥¸É¢¥´´µ£µ ¸µ£² ¸¨Ö ÔÉµ° § ¢¨¸¨³µ¸É¨ ¸ Ô±¸¶¥·¨³¥´-
É ²Ó´Ò³¨ ¤ ´´Ò³¨ ¶µ ®¶·¥¤¥²Ó´µ°¯ ¶¥É²¥ £¨¸É¥·¥§¨¸  (¸³. ·¨¸. 21), ÌµÉÖ ± -
Î¥¸É¢¥´´µ¥ ¸µµÉ¢¥É¸É¢¨¥ µÎ¥¢¨¤´µ. „¥°¸É¢¨É¥²Ó´µ, ¨³¶Ê²Ó¸Ò ¶µ²Ö ¢ Ô±¸¶¥·¨-

³¥´É Ì [22, 23] ¨³¥²¨ Ëµ·³Ê § ÉÊÌ ÕÐ¥° ¸¨´Ê¸µ¨¤Ò: Hz = Hme−δt sin
πt

TH
.

Šµ··¥±É´ Ö µ¡· ¡µÉ±  Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ ±·¨¢ÒÌ £¨¸É¥·¥§¨¸ , ¶·¨ Ê¸²µ-
¢¨¨ ¶·¨³¥´¨³µ¸É¨ ±¨´¥³ É¨Î¥¸±µ£µ ¶·¨¡²¨¦¥´¨Ö ¶·¨  ´ ²¨§¥ · ¸¸¥Ö´¨Ö
´¥°É·µ´µ¢, ¶µ§¢µ²Ö¥É µ¶·¥¤¥²ÖÉÓ ¶·µ¨§¢¥¤¥´¨¥ (L0α). ‚µ¸Ìµ¤ÖÐ Ö ¨ ´¨¸-
Ìµ¤ÖÐ Ö ¢¥É¢¨ ¶¥É²¨ ´ Î¨´ ÕÉ¸Ö (ÉµÎ±¨ 1 ¨ 3 ´  ·¨¸. 26) ¶·¨ µ¤´µ³ ¨ Éµ³
¦¥ §´ Î¥´¨¨ ³ £´¨É´µ£µ ¶µ²Ö Hz = Hzeq.

�  ·¨¸. 26 ¶Ê´±É¨·µ³ ¶µ± § ´ Ìµ¤ ±·¨¢ÒÌ L‖(H) ¶·¨ ÊÎ¥É¥ Éµ²Ó±µ ²¨-
´¥°´µ£µ Î²¥´  ¢ § ¢¨¸¨³µ¸É¨ ¸±µ·µ¸É¨ ¤¢¨¦¥´¨Ö ¸É¥´±¨ µÉ (H − Hzeq). Š ±
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¢¨¤¨³, ¶µ ±· °´¥° ³¥·¥ ¢ · ¸¸³µÉ·¥´´µ³ ¶·¨³¥·¥ Ï¨·¨´  ¶¥É²¨ £¨¸É¥·¥§¨¸ 
¶· ±É¨Î¥¸±¨ ´¥ ¨§³¥´Ö¥É¸Ö. ˆ¸¶µ²Ó§ÊÖ É ±µ¥ ¶·¨¡²¨¦¥´¨¥ ¤²Ö ¸±µ·µ¸É¨,
¶µ²ÊÎ ¥³ ¢Ò· ¦¥´¨Ö ¤²Ö ¢·¥³¥´¨ ¶·Ö³µ£µ ¨ µ¡· É´µ£µ ¶¥·¥³ £´¨Î¨¢ ´¨Ö
±·¨¸É ²² :

(t1m − t1)2 ∼= (t2m − t2)2 ∼=
BTHαL0

πHzeq

√
H2

m − H2
zeq

. (31)

‘µµÉ¢¥É¸É¢ÊÕÐ¨¥ ±µµ·¤¨´ ÉÒ ÉµÎ¥± 3 ¨ 4 ´  ±·¨¢µ° £¨¸É¥·¥§¨¸ :

H3
∼= Hzeq−

√
πBαL0

HzeqTH

√
H2

m − H2
zeq, H4

∼= Hzeq+

√
πBαL0

HzeqTH

√
H2

m − H2
zeq.

(32)
�µ´ÖÉ´o, ¶µÎ¥³Ê ¢ Ô±¸¶¥·¨³¥´É¥ ¶¥É²Ö £¨¸É¥·¥§¨¸  ¶·¨ Ê¢¥²¨Î¥´¨¨  ³-

¶²¨ÉÊ¤Ò ¨³¶Ê²Ó¸µ¢, ¤µ¸É¨£´Ê¢ µ¶·¥¤¥²¥´´µ° Ï¨·¨´Ò, § É¥³ ¢ ¶·¥¤¥² Ì ÉµÎ-
´µ¸É¨ ¨§³¥·¥´¨° ¨ ¢ ¸· ¢´¨É¥²Ó´µ ³ ²µ³ ¤¨ ¶ §µ´¥ §´ Î¥´¨°  ³¶²¨ÉÊ¤Ò,
¢ ±µÉµ·µ³ ¶·µ¨§¢µ¤¨²¨¸Ó ¨§³¥·¥´¨Ö, ¶¥·¥¸É ²  ÊÏ¨·ÖÉÓ¸Ö. „ ²¥¥ Ï¨·¨´ 
Ê¢¥²¨Î¨¢ ¥É¸Ö ± ± ±µ·¥´Ó Î¥É¢¥·Éµ° ¸É¥¶¥´¨ µÉ (Hm − Hzeq). ‡ ³¥É¨³, ÎÉµ

³ ±¸¨³ ²Ó´ Ö ¸±µ·µ¸ÉÓ (¢ ÉµÎ±¥ 4) ¶·¨ α = 0, 5 · 10−6 ±�·³±¸·�A−1
· ¢´ 

3, 6 · 104 �A·³±¸−1.
5.2. ” §µ¢Ò° ¶¥·¥Ìµ¤ ¢ £¥³ É¨É¥ ¢ ³ £´¨É´µ³ ¶µ²¥, ¶¥·¶¥´¤¨±Ê²Ö·-

´µ³ ·µ³¡µÔ¤·¨Î¥¸±µ° µ¸¨. ˆ§³¥·¥´¨Ö ¸ ³µ´µ±·¨¸É ²²µ³ α − Fe2O3 ¡Ò²¨
¶·µ¢¥¤¥´Ò ´¨¦¥ ÉµÎ±¨ Œµ·¨´ , ±µ£¤  ³ £´¨É´µ¥ ¶µ²¥ ´ ¶· ¢²¥´µ ¶µ µ¸¨
¸¨³³¥É·¨¨ ¢Éµ·µ£µ ¶µ·Ö¤± , É.¥. ¶µ µ¸¨ x. Š ± ¸²¥¤Ê¥É ¨§  ´ ²¨§  Ë §µ-
¢µ° ¤¨ £· ³³Ò £¥³ É¨É  [51], Ë §µ¢Ò° ¶¥·¥Ìµ¤ ¶¥·¢µ£µ ·µ¤  ¢ ÔÉµ³ ¸²ÊÎ ¥
¨³¥¥É ³¥¸Éµ Éµ²Ó±µ ¤µ¸É ÉµÎ´µ ¡²¨§±µ ± ÉµÎ±¥ Œµ·¨´ . �¤´ ±µ · ¸Î¥ÉÒ ¶µ-
± §Ò¢ ÕÉ, ÎÉµ ¨ ´¨¦¥ ±·¨É¨Î¥¸±µ° ÉµÎ±¨ (Tcr

∼= 236, 5 K, Hxcr
∼= 45 ±�)

¶µ¢µ·µÉ ¶·¨¡²¨§¨É¥²Ó´µ µÉ 65◦ ± 90◦ ¤µ²¦¥´ ¶·µ¨¸Ìµ¤¨ÉÓ ´ ¸Éµ²Ó±µ ·¥§±µ,
ÎÉµ ¢ É ±¨Ì Ô±¶¥·¨³¥´É Ì, ± ±, ´ ¶·¨³¥·, ¨§³¥·¥´¨¥ ´ ³ £´¨Î¥´´µ¸É¨ ¨²¨
¤¨Ë· ±Í¨Ö ´¥°É·µ´µ¢, µ´ ³µ¦¥É ¢µ¸¶·¨´¨³ ÉÓ¸Ö, ± ± ¶¥·¥Ìµ¤ ¶¥·¢µ£µ ·µ¤ .

‚ ´¥°É·µ´´ÒÌ Ô±¸¶¥·¨³¥´É Ì ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ¨¸¶µ²Ó§µ¢ ²¸Ö ÉµÉ
¦¥ µ¡· §¥Í £¥³ É¨É , ¸ ±µÉµ·Ò³ ¶·µ¢µ¤¨²¨¸Ó ¨§³¥·¥´¨Ö ¸¶¨´-Ë²µ¶ ¶¥·¥Ìµ¤ .
“£µ² · ¸¸¥Ö´¨Ö ¢ ÔÉµ³ ¸²ÊÎ ¥ ¸µ¸É ¢²Ö² 2θ0 = 90◦. Œ £´¨É´µ¥ ¶µ²¥ ¡Ò²µ ¢¥·-
É¨± ²Ó´Ò³, ´ ¶· ¢²¥´´Ò³ ¶¥·¶¥´¤¨±Ê²Ö·´µ ¶²µ¸±µ¸É¨ · ¸¸¥Ö´¨Ö. „²¨É¥²Ó-
´µ¸ÉÓ ¨³¶Ê²Ó¸  ¶µ²Ö ¸µ¸É ¢²Ö²  1035 ³±¸. �  ·¨¸. 27 ¶·¨¢¥¤¥´Ò ¤¢¥ ´¥°É·µ-
´µ£· ³³Ò µÉ· ¦¥´¨Ö (333) ¢ ¨³¶Ê²Ó¸´µ³ ¶µ²¥ ¸  ³¶²¨ÉÊ¤µ° Hm = 84, 3 ±�
¶·¨ É¥³¶¥· ÉÊ·¥ T = 230 K. �  µ¤´µ° ¨§ ´¨Ì ¨³¶Ê²Ó¸ ¶µ²Ö ¸¨´Ì·µ´¨§¨·µ¢ ´
¸ ¤¨Ë· ±Í¨µ´´Ò³ ¶¨±µ³ É ±, ÎÉµ ´ ¡²Õ¤ ¥É¸Ö ¶µ¢µ·µÉ ¢¥±Éµ·  l ± ¡ §¨¸´µ°
¶²µ¸±µ¸É¨, ¶·µ¨¸Ìµ¤ÖÐ¨° ¶·¨ ¢µ§· ¸É ´¨¨ ¶µ²Ö, ´  ¶¥·¥¤´¥³ Ë·µ´É¥ ¨³-
¶Ê²Ó¸ ,   ´  ¢Éµ·µ° ´¥°É·µ´µ£· ³³¥ Å µ¡· É´Ò° ¶µ¢µ·µÉ, ± ·µ³¡µÔ¤·¨Î¥¸±µ°
µ¸¨, ±µÉµ·Ò° ¶·µ¨¸Ìµ¤¨É ´  ¸¶ ¤¥ ¨³¶Ê²Ó¸  ³ £´¨É´µ£µ ¶µ²Ö. ‡ ¢¨¸¨³µ¸ÉÓ
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�¨¸. 27. �¥°É·µ´µ£· ³³Ò µÉ· ¦¥´¨Ö (333) ¤²Ö £¥³ É¨É  ¶·¨ T = 230 K ¢ ¶µ²¥, ¶ · ²-
²¥²Ó´µ³ µ¸¨ ¸¨³³¥É·¨¨ ¢Éµ·µ£µ ¶µ·Ö¤± . ‘¶¥±É·, µ¡µ§´ Î¥´´Ò° Î¥·´Ò³¨ ÉµÎ± ³¨,
¶µ²ÊÎ¥´ ¶·¨ § ¤¥·¦±¥ ¨³¶Ê²Ó¸µ¢ ¶µ²Ö µÉ´µ¸¨É¥²Ó´µ ¸É ·Éµ¢ÒÌ ¨³¶Ê²Ó¸µ¢ ·¥ ±Éµ· ,
· ¢´µ° 18044 ³±¸,   ¢Éµ·µ° ¸¶¥±É· (¸¢¥É²Ò¥ ±·Ê¦±¨) Å ¶·¨ § ¤¥·¦±¥ 17564 ³±¸.
˜¨·¨´  ± ´ ²  4 ³±¸

�¨¸. 28. ‡ ¢¨¸¨³µ¸ÉÓ ´µ·³¨·µ¢ ´´µ° ¨´É¥´¸¨¢´µ¸É¨ µÉ· ¦¥´¨Ö (333) µÉ ¢¥²¨Î¨´Ò
³ £´¨É´µ£µ ¶µ²Ö ¶·¨ ¤¢ÊÌ §´ Î¥´¨ÖÌ É¥³¶¥· ÉÊ·Ò. —¥·´Ò³¨ §´ Î± ³¨ ¶µ± § ´Ò §´ -
Î¥´¨Ö, ¶µ²ÊÎ¥´´Ò¥ ¶·¨ ·µ¸É¥ ³ £´¨É´µ£µ ¶µ²Ö, ¸¢¥É²Ò³¨ Å ¶·¨ Ê³¥´ÓÏ¥´¨¨ ¶µ²Ö
(¸É·¥²±¨ ¶µ± §Ò¢ ÕÉ ´ ¶· ¢²¥´´µ¸ÉÓ ¨§³¥´¥´¨Ö ¶µ²Ö)

¨´É¥´¸¨¢´µ¸É¨ µÉ ¢¥²¨Î¨´Ò ¶µ²Ö, ¶µ²ÊÎ¥´´ Ö ¶·¨ µ¡· ¡µÉ±¥ ´¥°É·µ´µ£· ³³Ò
·¨¸. 27, ¶µ± § ´  ´  ·¨¸. 28. ‚ ¤ ´´µ³ ¸²ÊÎ ¥ I Å ´µ·³¨·µ¢ ´´ Ö ¨´É¥´¸¨¢-
´µ¸ÉÓ, É.¥. ¸¶¥±É·, ¶µ²ÊÎ¥´´Ò° ¸ ¶µ²¥³, ¤¥²¨²¸Ö ´  ¸¶¥±É·, ±µÉµ·Ò° ¨§³¥·Ö²¸Ö
¢ÒÏ¥ ÉµÎ±¨ Œµ·¨´ , ¶·¨ 270 K, ¢ ¸² ¡µ³ ³ £´¨É´µ³ ¶µ²¥ 10 ±�. �  ÔÉµ³
¦¥ ·¨¸Ê´±¥ ¶·¥¤¸É ¢²¥´Ò ·¥§Ê²ÓÉ ÉÒ, ¶µ²ÊÎ¥´´Ò¥ ¶·¨ T = 240 K. „²¨É¥²Ó-
´µ¸ÉÓ ¨³¶Ê²Ó¸  ¶µ²Ö ¸µ¸É ¢²Ö²  ¢ ÔÉµ³ ¸²ÊÎ ¥ TH = 740 ³±¸, ¶·¨ ÔÉµ³ ¸· §Ê
¨§³¥·Ö² ¸Ó ¨´É¥´¸¨¢´µ¸ÉÓ ´  ¶µ¤Ñ¥³¥ ¨ ´  ¸¶ ¤¥ ³ £´¨É´µ£µ ¨³¶Ê²Ó¸ .

‚ É ¡². 2 ¶·¨¢¥¤¥´µ ¸· ¢´¥´¨¥ ¶µ²ÊÎ¥´´ÒÌ ¶µ²µ¦¥´¨° ¶¥É²¨ £¨¸É¥·¥§¨¸ 
¢ ¶µ²¥ Hx ¸ ¤ ´´Ò³¨, ¢§ÖÉÒ³¨ ¨§ Ë §µ¢µ° ¤¨ £· ³³Ò (HxT ). �·¨ É¥³¶¥· -
ÉÊ·¥ 230 Š ´¥ ¶·¨¢µ¤¨É¸Ö §´ Î¥´¨¥ Hxeq, É.±. ÔÉ  É¥³¶¥· ÉÊ·  ´¨¦¥ §´ Î¥´¨Ö,
¸µµÉ¢¥É¸É¢ÊÕÐ¥£µ ±·¨É¨Î¥¸±µ° ÉµÎ±¥. �¥ ¸²¥¤Ê¥É ¶·¨¤ ¢ ÉÓ ¡µ²ÓÏµ£µ §´ Î¥-
´¨Ö ¶µ²ÊÎ¥´´µ³Ê Ê¢¥²¨Î¥´¨Õ Ï¨·¨´Ò ¶¥É²¨ £¨¸É¥·¥§¨¸  ¶·¨ Ê³¥´ÓÏ¥´¨¨
É¥³¶¥· ÉÊ·Ò, É.±. ¶·¨ É¥³¶¥· ÉÊ·¥ 230 K ¶·¨Ìµ¤¨²µ¸Ó ¤¥² ÉÓ ¨§³¥·¥´¨Ö · §-
¤¥²Ó´µ, ÎÉµ, ¢µ§³µ¦´µ, ¶·¨¢´µ¸¨²µ ¤µ¶µ²´¨É¥²Ó´Ò¥ ¶µ£·¥Ï´µ¸É¨ ¢ µ¡· ¡µÉ±Ê
·¥§Ê²ÓÉ Éµ¢.

‡ ³¥É¨³, ÎÉµ ¶µ²µ¦¥´¨¥ ±·¨É¨Î¥¸±µ° ÉµÎ±¨ µÎ¥´Ó ÎÊ¢¸É¢¨É¥²Ó´µ ± §´ -
Î¥´¨Ö³ ¶ · ³¥É·µ¢  ´¨§µÉ·µ¶¨¨; µ´  ¸ÊÐ¥¸É¢¥´´µ ¸¤¢¨£ ¥É¸Ö ¶·¨ ¨§³¥´¥´¨¨
ÔÉ¨Ì ¶ · ³¥É·µ¢ ¢ ¶·¥¤¥² Ì ÉµÎ´µ¸É¨ ¨Ì µ¶·¥¤¥²¥´¨Ö. …¸²¨ ¦¥ ¤¥°¸É¢¨-
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É¥²Ó´µ É¥³¶¥· ÉÊ·  230 K ´¨¦¥ ±·¨É¨Î¥¸±µ° ÉµÎ±¨, Éµ, ± ± ¨ ¢ ¨§³¥·¥´¨ÖÌ
¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤  ¢ Cr2O3, ¢ ¨§³¥·¥´¨ÖÌ ¸ £¥³ É¨Éµ³ ¢ ¶µ²¥, ¶ · ²²¥²Ó´µ³
µ¸¨ ¢Éµ·µ£µ ¶µ·Ö¤± , ¢¨¤¨³ ¶·µÖ¢²¥´¨¥ £¨¸É¥·¥§¨¸ , ´¥ ¸¢Ö§ ´´µ¥ ´¥¶µ¸·¥¤-
¸É¢¥´´µ ¸ ¤¢¨¦¥´¨¥³ ¤µ³¥´´ÒÌ ¸É¥´µ±.

‘¤¥² ¥³ ´¥±µÉµ·Ò¥ ¢Ò¢µ¤Ò ¶µ ·¥§Ê²ÓÉ É ³ ¨¸¸²¥¤µ¢ ´¨Ö ±¨´¥É¨±¨ Ë §µ-
¢ÒÌ ¶¥·¥Ìµ¤µ¢.

1. „¨Ë· ±Í¨µ´´Ò¥ ¨§³¥·¥´¨Ö µ·¨¥´É Í¨µ´´ÒÌ Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢ ¶¥·-
¢µ£µ ·µ¤ , ¨´¤ÊÍ¨·µ¢ ´´ÒÌ ¨³¶Ê²Ó¸´Ò³ ³ £´¨É´Ò³ ¶µ²¥³ ¢ ³µ´µ±·¨¸É ²² Ì,
¶µ¤É¢¥·¤¨²¨ ³¥Ì ´¨§³ Ë §µ¢µ° ¶¥·¥¸É·µ°±¨, ¸¢Ö§ ´´Ò° ¸ ¨§³¥´¥´¨¥³ · §³¥-
·µ¢ ¤µ³¥´µ¢ §  ¸Î¥É ¤¢¨¦¥´¨Ö ¤µ³¥´´ÒÌ ¸É¥´µ±.

2. ‚ Ô±¸¶¥·¨³¥´É Ì 1976Ä1978 ££. ´  ¶µ¤²µ¦±¥ µ¡ÒÎ´ÒÌ ¤¨Ë· ±Í¨µ´´ÒÌ
¶¨±µ¢ µÉ ±·¨¸É ²²  § ·¥£¨¸É·¨·µ¢ ´Ò Ê§±¨¥ ¶¨±¨, ±µÉµ·Ò¥ ¶µ ¨´É¥´¸¨¢´µ-
¸É¨ ¶µÎÉ¨ ´  ¶µ·Ö¤µ± ³µ£ÊÉ ¶·¥¢ÒÏ ÉÓ µ¸´µ¢´µ¥ ¤¨Ë· ±Í¨µ´´µ¥ · ¸¸¥Ö´¨¥.
‚µ§´¨±´µ¢¥´¨¥ ¨Ì µ¡Ê¸²µ¢²¥´µ · ¸¸¥Ö´¨¥³ ´  ³¨±·µ¸±µ¶¨Î¥¸±¨Ì ¤µ³¥´ Ì,
¶·¥¤¸É ¢²ÖÕÐ¨Ì ¸µ¡µ° µ¸É É±¨ µÉ ¶¥·¢µ´ Î ²Ó´µ£µ ´¨§±µ¶µ²¥¢µ£µ Ë §µ¢µ£µ
¸µ¸ÉµÖ´¨Ö. ” §µ¢ Ö ¶¥·¥¸É·µ°±  ¶·¨ ¤¥°¸É¢¨¨ ¨³¶Ê²Ó¸µ¢ ¶µ²Ö ¶·¥¤¸É ¢²Ö¥É
¸µ¡µ° ·µ¸É · §³¥·µ¢ ¤µ³¥´µ¢ ¢Ò¸µ±µ¶µ²¥¢µ£µ ¸µ¸ÉµÖ´¨Ö, ¸ÊÐ¥¸É¢ÊÕÐ¨Ì ¶·¨
µÉ¸ÊÉ¸É¢¨¨ ¶µ²Ö ¢ ¢¨¤¥ § ·µ¤ÒÏ¥° ´  ¤µ³¥´´ÒÌ ¸É¥´± Ì, ¨ ¸µµÉ¢¥É¸É¢ÊÕÐ¥¥
Ê³¥´ÓÏ¥´¨¥ · §³¥·µ¢ ¤µ³¥´µ¢ ´¨§±µ¶µ²¥¢µ£µ ¸µ¸ÉµÖ´¨Ö. ‚µ§³µ¦´µ¸ÉÓ ´ -
¡²Õ¤¥´¨Ö ÔÉ¨Ì (´¨§±µ¶µ²¥¢ÒÌ) ¤µ³¥´µ¢ ¸¢Ö§ ´  ¸µ ¸¶¥Í¨Ë¨±µ° ¤¨Ë· ±Í¨¨
´¥°É·µ´µ¢ ´  ³µ´µ±·¨¸É ²² Ì, ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ ±µÉµ·µ° µ¶É¨³ ²Ó´Ò³¨ Ö¢²Ö-
ÕÉ¸Ö · §³¥·Ò µ±µ²µ 1000 �A. �·µ¤µ²¦ Ö ¸¦¨³ ÉÓ¸Ö, ÔÉ¨ ¤µ³¥´Ò ´¥ ¨¸Î¥§ ÕÉ,
  µ¸É ÕÉ¸Ö ¢ ¢¨¤¥ § ·µ¤ÒÏ¥° ¡Ê¤ÊÐ¥£µ ´¨§±µ¶µ²¥¢µ£µ ¸µ¸ÉµÖ´¨Ö ¸ · §³¥-
· ³¨ 200Ä300 �A, ´µ ¸É ´µ¢ÖÉ¸Ö Ê¦¥ ´¥¢¨¤¨³Ò³¨ ¶·¨ · ¸¸¥Ö´¨¨ ´¥°É·µ´µ¢
¨§-§  ¸¢µ¨Ì ³ ²ÒÌ · §³¥·µ¢. ‚·¥³Ö, §  ±µÉµ·µ¥ ÔÉ¨ ¤µ³¥´Ò Ê³¥´ÓÏ ÕÉ¸Ö ¤µ
µ¶É¨³ ²Ó´ÒÌ · §³¥·µ¢, ´ Î¨´ Ö µÉ ³µ³¥´É  ¤µ¸É¨¦¥´¨Ö ¶µ²¥³ §´ Î¥´¨Ö Heq,
¸µ¸É ¢²Ö²µ 170Ä180 ³±¸. �·¨ §´ Î¥´¨¨ Heq, ¡²¨§±µ³ ±  ³¶²¨ÉÊ¤¥ ³ £´¨É-
´ÒÌ ¨³¶Ê²Ó¸µ¢, Ê¤ ²µ¸Ó § ·¥£¨¸É·¨·µ¢ ÉÓ µ¡· É´Ò° ¶·µÍ¥¸¸, ±µ£¤  ´  ¸¶ ¤¥
¨³¶Ê²Ó¸µ¢ ¢Ò¸µ±µ¶µ²¥¢Ò¥ ¤µ³¥´Ò ¸´µ¢  Ê³¥´ÓÏ ÕÉ¸Ö ¨ ¶µÖ¢²Ö¥É¸Ö ¤µ¶µ²´¨-
É¥²Ó´µ¥ · ¸¸¥Ö´¨¥, ¸¢Ö§ ´´µ¥ Ê¦¥ ¸ ³¨±·µ¸±µ¶¨Î¥¸±¨³¨ ¤µ³¥´ ³¨ ¢Ò¸µ±µ¶µ-
²¥¢µ£µ ¸µ¸ÉµÖ´¨Ö.

3. „²Ö µ¡ÑÖ¸´¥´¨Ö  ´µ³ ²Ó´µ£µ ¶¨±  ¢ · ¸¸¥Ö´¨¨ ´¥°É·µ´µ¢, ¶·µÖ¢¨¢-
Ï¥£µ¸Ö ¶·¨ ¶µ²¥ 49,5 ±� ¢ Ô±¸¶¥·¨³¥´É Ì 1968 £., ¨¸¶µ²Ó§Ê¥É¸Ö ³µ¤¥²Ó
³¥¦¤µ³¥´´µ£µ Ë §µ¢µ£µ ¶¥·¥Ìµ¤  ¶¥·¢µ£µ ·µ¤ , ¶·µ¨¸Ìµ¤ÖÐ¥£µ ¶·¨ ¸µ¢³¥¸É-
´µ³ ¤¥°¸É¢¨¨ ³ £´¨É´µ£µ ¶µ²Ö ¨ ¤ ¢²¥´¨Ö. ‚ ÔÉµ³ ¸²ÊÎ ¥ ¤µ¶µ²´¨É¥²Ó´µ¥
· ¸¸¥Ö´¨¥ ´¥°É·µ´µ¢ ¸¢Ö§ ´µ ¸ ·µ¸Éµ³ ³´µ¦¥¸É¢  ¤µ³¥´µ¢ ´µ¢µ£µ ¸µ¸ÉµÖ-
´¨Ö, ¸ÊÐ¥¸É¢ÊÕÐ¨Ì ¢ ³ É·¨Í¥ µ¸´µ¢´µ£µ ¸µ¸ÉµÖ´¨Ö ¢ Ëµ·³¥ § ·µ¤ÒÏ¥° ¢
2π-¸µ²¨Éµ´ Ì.

4. „¨Ë· ±Í¨µ´´Ò¥ ¨§³¥·¥´¨Ö ¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤  ¢ ³µ´µ±·¨¸É ²² Ì
α − Fe2O3 ¨ Cr2O3,   É ±¦¥ Ë §µ¢µ£µ ¶¥·¥Ìµ¤  ¶¥·¢µ£µ ·µ¤  ¢ £¥³ É¨É¥
¢ ³ £´¨É´o³ ¶µ²¥, ¶ · ²²¥²Ó´µ³ µ¸¨ ¢Éµ·µ£µ ¶µ·Ö¤± , ¶µ± § ²¨ ´ ²¨Î¨¥ £¨-
¸É¥·¥§¨¸  ¢ § ¢¨¸¨³µ¸É¨ ¨´É¥´¸¨¢´µ¸É¨ µÉ ¢¥²¨Î¨´Ò ¶µ²Ö.
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5. � ¡²Õ¤ ¥³Ò° £¨¸É¥·¥§¨¸ ¨³¥¥É ¤¨´ ³¨Î¥¸±¨° Ì · ±É¥·, É.¥. µ´ ´¥ ¶·µ-
Ö¢¨²¸Ö ¡Ò ¢ ³¥¤²¥´´µ ¨§³¥´ÖÕÐ¥³¸Ö ¶µ²¥. ƒ¨¸É¥·¥§¨¸, ¸¢Ö§ ´´Ò° ¸ Ô´¥·£¨¥°
¸É ¡¨²¨§ Í¨¨ ¶µ²µ¦¥´¨Ö ¤µ³¥´´ÒÌ ¸É¥´µ±, ¢ ¨§³¥·¥´¨ÖÌ ´¥ ¶·µÖ¢¨²¸Ö.

6. ˜¨·¨´  ¶¥É²¨ £¨¸É¥·¥§¨¸  ¢ ¸²ÊÎ ¥ £¥³ É¨É  ¸ÊÐ¥¸É¢¥´´µ ³¥´ÓÏ¥
¤¨ ¶ §µ´  ³¥É ¸É ¡¨²Ó´µ¸É¨, ¶µ²ÊÎ ¥³µ£µ ¨§ · ¸Î¥Éµ¢ Ë §µ¢µ° ¤¨ £· ³³Ò,
ÎÉµ ¸µ£² ¸Ê¥É¸Ö ¸ ³¥Ì ´¨§³µ³ Ë §µ¢µ° ¶¥·¥¸É·µ°±¨, ¸¢Ö§ ´´Ò³ ¸ µ¡· §µ¢ -
´¨¥³ ¤µ³¥´µ¢ ´µ¢µ° Ë §Ò ´  180-£· ¤Ê¸´ÒÌ ¤µ³¥´´ÒÌ ¸É¥´± Ì ¨¸Ìµ¤´µ£µ ¸µ-
¸ÉµÖ´¨Ö.

7. �·¨ Ê¢¥²¨Î¥´¨¨  ³¶²¨ÉÊ¤Ò ¨³¶Ê²Ó¸µ¢, É.¥. ¸±µ·µ¸É¨ ¨§³¥´¥´¨Ö ³ £-
´¨É´µ£µ ¶µ²Ö, ¶¥É²Ö £¨¸É¥·¥§¨¸  ¢ ¸²ÊÎ ¥ ¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤  ¢ £¥³ É¨É¥
¶·¨´¨³ ¥É ¶·¥¤¥²Ó´Ò¥ Ëµ·³Ê ¨ Ï¨·¨´Ê, ´¥ ¨§³¥´ÖÕÐ¨¥¸Ö ¶·¨ ¤ ²Ó´¥°Ï¥³
Ê¢¥²¨Î¥´¨¨ ¸±µ·µ¸É¨ ¨§³¥´¥´¨Ö ¶µ²Ö, ¶µ ±· °´¥° ³¥·¥, ¢ ¶·¥¤¥² Ì §´ Î¥´¨°
 ³¶²¨ÉÊ¤ ¨³¶Ê²Ó¸µ¢, ¶µ²ÊÎ¥´´ÒÌ ¢ Ô±¸¶¥·¨³¥´É Ì.

8. �·¨ ¶µ´¨¦¥´¨¨ É¥³¶¥· ÉÊ·Ò µÉ´µ¸¨É¥²Ó´ Ö Ï¨·¨´  ¶¥É²¨ £¨¸É¥·¥§¨¸ 
¶·¨ ¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤¥ Ê³¥´ÓÏ ¥É¸Ö. �¸µ¡¥´´µ µ¶·¥¤¥²¥´´µ ÔÉµ ¶·µÖ¢¨-
²µ¸Ó ¢ ¨§³¥·¥´¨ÖÌ ¸ α − Fe2O3.

9. �·µ¢¥¤¥´´Ò°  ´ ²¨§ ¶·µÍ¥¸¸  ¶¥·¥µ·¨¥´É Í¨¨ ³ £´¨É´ÒÌ ³µ³¥´Éµ¢
¶·¨ ¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤¥, ¸¢Ö§ ´´µ£µ ¸ ¤¢¨¦¥´¨¥³ ¤µ³¥´´ÒÌ ¸É¥´µ±, ¶µ§¢µ-
²¨² µ¶·¥¤¥²¨ÉÓ ¸¢µ°¸É¢  µ¸´µ¢´ÒÌ Ì · ±É¥·¨¸É¨± ¶¥É²¨ £¨¸É¥·¥§¨¸  ¨ ± Î¥-
¸É¢¥´´µ µ¶¨¸ ÉÓ Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ ¤ ´´Ò¥. ‚ ¸µµÉ¢¥É¸É¢¨¨ ¸ ÔÉ¨³  ´ ²¨§µ³,
¶µ¸²¥ ¤µ¸É¨¦¥´¨Ö  ³¶²¨ÉÊ¤´µ£µ §´ Î¥´¨Ö ¶¥É²¨ £¨¸É¥·¥§¨¸  Å ¶µ ¢¥²¨Î¨´¥
¨´É¥´¸¨¢´µ¸É¨ ´¥°É·µ´µ¢, ¤ ²Ó´¥°Ï¥¥ §´ Î¥´¨¥ Ï¨·¨´Ò ¶¥É²¨ (¶µ ¶µ²Õ)
¤µ²¦´µ Ê¢¥²¨Î¨¢ ÉÓ¸Ö ± ± ±µ·¥´Ó 4

√
(Hm − Hzeq). �Éµ ¸²Ê¦¨É µ¡ÑÖ¸´¥´¨¥³

§ ³¥¤²¥´¨Ö ÊÏ¨·¥´¨Ö ¶¥É²¨ ¶·¨ Ê¢¥²¨Î¥´¨¨  ³¶²¨ÉÊ¤Ò ¨³¶Ê²Ó¸µ¢, ¶·µÖ¢¨¢-
Ï¥£µ¸Ö ¢ Ô±¸¶¥·¨³¥´É Ì.

10. ‚ ¨§³¥·¥´¨ÖÌ ¸ ±·¨¸É ²²µ³ Cr2O3 ¶·µÖ¢¨²¸Ö £¨¸É¥·¥§¨¸ ¶·¨  ³¶²¨-
ÉÊ¤¥ ¨³¶Ê²Ó¸µ¢ ¶µ²Ö ³¥´ÓÏ¥°, Î¥³ ±·¨É¨Î¥¸±µ¥ §´ Î¥´¨¥. �Éµ · ¸¸³ É·¨¢ -
¥É¸Ö ± ± ¸¢¨¤¥É¥²Ó¸É¢µ § ¶ §¤Ò¢ ´¨Ö ¶·µÍ¥¸¸  µ¡ÒÎ´µ£µ ¶µ¢µ·µÉ  ´ ³ £´¨-
Î¥´´µ¸É¥° ¶µ¤·¥Ï¥Éµ± ¶·¨ ¨§³¥´¥´¨¨ ¶µ²Ö (´¨¦¥ ÉµÎ±¨ Ë §µ¢µ£µ ¶¥·¥Ìµ¤ ).

6. ��’ˆ”…���Œ�ƒ�…’ˆ‡Œ, ˆ�„“–ˆ��‚���›‰ ‚�…˜�ˆŒ
Œ�ƒ�ˆ’�›Œ ��‹…Œ ‚ ��’�”…��ˆ’… ƒ�‹œŒˆŸ [24]

Š·¨¸É ²²¨Î¥¸± Ö ¸¨³³¥É·¨Ö HoFeO3 µ¶¨¸Ò¢ ¥É¸Ö ·µ³¡¨Î¥¸±µ° ¶·µ¸É-
· ´¸É¢¥´´µ° £·Ê¶¶µ° D16

2h − Pbnm. ‚ ± ¦¤µ° ÖÎ¥°±¥ ¸µ¤¥·¦¨É¸Ö Î¥ÉÒ·¥
³µ²¥±Ê²Ò, · ¸¶µ²µ¦¥´¨¥ ¨µ´µ¢ Fe3+ ¨ Ho3+ ¶µ± § ´µ ´  ·¨¸. 29. ‚ ¸¨²Ê
¸¨³³¥É·¨¨ ±·¨¸É ²² , ¶µ¤µ¡´µ £¥³ É¨ÉÊ, É ± Ö ¸É·Ê±ÉÊ·  ¸¢Ö§ ´  ¸ ¢µ§³µ¦-
´µ¸ÉÓÕ ´¥±µ²²¨´¥ ·´µ£µ  ´É¨Ë¥··µ³ £´¨É´µ£µ Ê¶µ·Ö¤µÎ¥´¨Ö ¨ ¸² ¡µ£µ Ë¥·-
·µ³ £´¥É¨§³ . ‚ É¥³¶¥· ÉÊ·´µ³ ¤¨ ¶ §µ´¥ TNHo < T < TNFe = 647 K, £¤¥
TNHo = 4, 5 − 6, 5 K [69,70] Å ÉµÎ±  �¥¥²Ö ¤²Ö ¨µ´µ¢ Ho3+, ¦¥²¥§´Ò¥
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¶µ¤·¥Ï¥É±¨ Ê¶µ·Ö¤µÎ¥´Ò  ´É¨Ë¥··µ³ £´¨É´µ,   ¶µ¤·¥Ï¥É±¨ £µ²Ó³¨Ö ´ Ìµ-
¤ÖÉ¸Ö ¢ ¶ · ³ £´¨É´µ³ ¸µ¸ÉµÖ´¨¨. �µ ¶µ¤ ¢²¨Ö´¨¥³ µ¡³¥´´µ£µ Ho − Fe-
¢§ ¨³µ¤¥°¸É¢¨Ö ¨µ´Ò Ho3+ ¨¸¶ÒÉÒ¢ ÕÉ ¸² ¡µ¥ Ê¶µ·Ö¤µÎ¥´¨¥, Ì · ±É¥· ±µÉµ-
·µ£µ, ¢ ¸¢µÕ µÎ¥·¥¤Ó, µ¶·¥¤¥²Ö¥É¸Ö ±µ´Ë¨£Ê· Í¨¥° Ê¶µ·Ö¤µÎ¥´¨Ö ¨µ´µ¢ Fe3+.

�¨¸. 29. � ¸¶µ²µ¦¥´¨¥ ³ £´¨É´ÒÌ ¨µ-
´µ¢ ¢ Ô²¥³¥´É ·´µ° ÖÎ¥°±¥. „²¨´´Ò³¨
¸É·¥²± ³¨ ¶·¨ ¨µ´ Ì ¦¥²¥§  ¶µ± § ´Ò
¶¥·¢µ´ Î ²Ó´Ò¥ ´ ¶· ¢²¥´¨Ö ³ £´¨É-
´ÒÌ ³µ³¥´Éµ¢. Šµ·µÉ±¨¥ ¸É·¥²±¨ ¶·¨
¨µ´ Ì Fe+3 (•), ¨ Ho+3 (◦) µ¡µ§´ -
Î ÕÉ ³ £´¨É´Ò¥ Ê¶µ·Ö¤µÎ¥´¨Ö, ¸µµÉ-
¢¥É¸É¢¥´´µ, É¨¶  Cx ¨ cx, ¨´¤ÊÍ¨·µ-
¢ ´´Ò¥ ³ £´¨É´Ò³ ¶µ²¥³

�·¨ · ¸¸³µÉ·¥´¨¨ ¢µ§³µ¦´ÒÌ ³ £-
´¨É´ÒÌ ¸É·Ê±ÉÊ· ¨¸¶µ²Ó§Ê¥³ ¸²¥¤ÊÕ-
Ð¨¥ ¢¥±Éµ·Ò Ë¥··µ- ¨  ´É¨Ë¥··µ³ £´¥-
É¨§³ : F = M1 + M2 + M3 + M4,
G = M1 − M2 + M3 − M4, C = M1 +
M2−M3−M4, A = M1−M2−M3+M4

¤²Ö ¨µ´µ¢ Fe3+ ¨ f = M5 + M6 + M7 +
M8, g = M5−M6+M7−M8, c = M5+
M6−M7−M8, a = M5−M6−M7+M8

¤²Ö ¨µ´µ¢ Ho3+ (Mi Å ´ ³ £´¨Î¥´´µ¸É¨
¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì ¶µ¤·¥Ï¥Éµ±).

�·¨ Ê¸²µ¢¨¨ 63 K < T < TNFe ·¥ -
²¨§Ê¥É¸Ö ¸µ¸ÉµÖ´¨¥ ƒ4(Gx, Ay, Fz , fz) Å
 ´É¨Ë¥··µ³ £´¨É´µ¥ Ê¶µ·Ö¤µÎ¥´¨¥ É¨¶ 
G ¶µ µ¸¨ x ¤²Ö ¨µ´µ¢ Fe3+ c Ê± -
§ ´´Ò³¨ ³ ²Ò³¨ ¶µ ¢¥²¨Î¨´¥ ¤µ¶µ²´¨-
É¥²Ó´Ò³¨ ±µ³¶µ´¥´É ³¨. �·¨ ¤¥°¸É¢¨¨
¢´¥Ï´¥£µ ³ £´¨É´µ£µ ¶µ²Ö, ´ ¶· ¢²¥´-
´µ£µ ¶µ µ¸¨ y, ¢ ÔÉµ° É¥³¶¥· ÉÊ·´µ°
µ¡² ¸É¨ ¢ ¤µ¶µ²´¥´¨¥ ± ƒ4 ¨´¤ÊÍ¨·Ê¥É¸Ö
¶·¨³¥¸Ó ¸µ¸ÉµÖ´¨Ö ƒ3(Cx, Fy, Az, cx, fy),
É.¥.  ´É¨Ë¥··µ³ £´¨É´µ¥ Ê¶µ·Ö¤µÎ¥´¨¥
¦¥²¥§  ¨ £µ²Ó³¨Ö É¨¶  (C, c) ¶µ
µ¸¨ x. ‘É¥¶¥´Ó ÔÉµ£µ Ê¶µ·Ö¤µÎ¥´¨Ö
¶·µ¶µ·Í¨µ´ ²Ó´  ¢¥²¨Î¨´¥ ¶µ²Ö ¨ µ¶·¥-
¤¥²Ö¥É¸Ö ¤²Ö ¨µ´µ¢ ¦¥²¥§ , £² ¢´Ò³
µ¡· §µ³,  ´É¨¸¨³³¥É·¨Î´Ò³ µ¡³¥´´Ò³
Fe-Fe-¢§ ¨³µ¤¥°¸É¢¨¥³ [71],   ¤²Ö ¨µ-

´µ¢ £µ²Ó³¨Ö Å  ´É¨¸¨³³¥É·¨Î´Ò³ ¨  ´¨§µÉ·µ¶´µ-¸¨³³¥É·¨Î´Ò³ µ¡³¥´´Ò³¨
Ho-Fe-¢§ ¨³µ¤¥°¸É¢¨Ö³¨ [72]. ’ ±¨³ µ¡· §µ³, Ô±¸¶¥·¨³¥´É ²Ó´µ¥ ¨¸¸²¥¤µ-
¢ ´¨¥  ´É¨Ë¥··µ³ £´¨É´µ£µ Ê¶µ·Ö¤µÎ¥´¨Ö, ¨´¤ÊÍ¨·µ¢ ´´µ£µ ¶µ²¥³ Hy, ¶µ-
§¢µ²Ö¥É µ¶·¥¤¥²ÖÉÓ ±µ´¸É ´ÉÒ ÔÉ¨Ì ¢§ ¨³µ¤¥°¸É¢¨°, ÎÉµ ¨³¥¥É ¸ÊÐ¥¸É¢¥´´µ¥
§´ Î¥´¨¥ ¶·¨ ¨§ÊÎ¥´¨¨ ·¥¤±µ§¥³¥²Ó´ÒÌ µ·ÉµË¥··¨Éµ¢.

�¤´ ±µ Ô±¸¶¥·¨³¥´É ²Ó´µ¥ ¢Ò¤¥²¥´¨¥ ¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì  ´É¨Ë¥··µ³ £-
´¨É´ÒÌ ¸µ¸É ¢²ÖÕÐ¨Ì Ö¢²Ö¥É¸Ö ´¥¶·µ¸Éµ° § ¤ Î¥°, É.±. ÔÉ¨ ¢§ ¨³µ¤¥°¸É¢¨Ö
´  ´¥¸±µ²Ó±µ ¶µ·Ö¤±µ¢ ¸² ¡¥¥, Î¥³ µ¸´µ¢´µ¥ µ¡³¥´´µ¥ ¢§ ¨³µ¤¥°¸É¢¨¥, µÉ-
¢¥É¸É¢¥´´µ¥ §  Ê¶µ·Ö¤µÎ¥´¨¥ ¨µ´µ¢ ¦¥²¥§ . �É¨³ ³µ¦´µ µ¡ÑÖ¸´¨ÉÓ Éµ, ÎÉµ
É ±¨¥ ¨¸¸²¥¤µ¢ ´¨Ö · ´¥¥ ´¥ ¶·µ¢µ¤¨²¨¸Ó.
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�¨¸. 30. �¥°É·µ´µ£· ³³Ò ¶·¨ Hm = 77 ±�, τ = 16 ³±¸, T = 79 (1), 86 (2), 94 (3),
103 (4), 113 (5), 123 K (6). �µ± § ´µ ¶µ²µ¦¥´¨¥ ¨ Ëµ·³  ¨³¶Ê²Ó¸  ³ £´¨É´µ£µ ¶µ²Ö

�¨¸. 31. ‘µµÉ´µÏ¥´¨¥ ³¥¦¤Ê ¨´¤ÊÍ¨·µ¢ ´´Ò³¨ ¤¨Ë· ±Í¨µ´´Ò³¨ ¶¨± ³¨ ¶·¨ Hm =
87, 55 ±� ¨ ®¸É ´¤ ·É´Ò³¯ ¶¨±µ³, ¶µ²ÊÎ¥´´Ò³ ¶·¨ T = 26 K (+). T = 123 (1),
134 (2), 144 (3), 154 K (4)

„¨Ë· ±Í¨Ö ´¥°É·µ´µ¢ ¶·¥¤µ¸É ¢²Ö¥É ¢ ÔÉµ³ µÉ´µÏ¥´¨¨ Ê´¨± ²Ó´Ò¥ ¢µ§-
³µ¦´µ¸É¨, É.±. ¨´¤ÊÍ¨·µ¢ ´´Ò³ ±µ³¶µ´¥´É ³  ´É¨Ë¥··µ³ £´¥É¨§³  (C, c)
¸µµÉ¢¥É¸É¢ÊÕÉ µÉ¤¥²Ó´Ò¥ ¤¨Ë· ±Í¨µ´´Ò¥ ¶¨±¨, ´¥ ¸¢Ö§ ´´Ò¥ ¸ Ö¤¥·´Ò³ ¢§ -
¨³µ¤¥°¸É¢¨¥³ ¨ ¸ ¤·Ê£¨³¨ ±µ³¶µ´¥´É ³¨ ´ ³ £´¨Î¥´´µ¸É¥° ¶µ¤·¥Ï¥Éµ±.

ˆ§³¥·¥´¨Ö ¶·µ¢µ¤¨²¨¸Ó ¸ ³µ´µ±·¨¸É ²²µ³ HoFeO3, ¨³¥ÕÐ¨³ · §³¥·Ò
3 × 6 × 8 ³³. ˆ¸¶µ²Ó§µ¢ ²¨¸Ó ¤¨Ë· ±Í¨µ´´Ò¥ µÉ· ¦¥´¨Ö, ÎÊ¢¸É¢¨É¥²Ó´Ò¥
Éµ²Ó±µ ± Ê± § ´´Ò³ ±µ³¶µ´¥´É ³ ¢¥±Éµ·µ¢  ´É¨Ë¥··µ³ £´¥É¨§³ , ±µÉµ·Ò¥
¶·¨¸ÊÉ¸É¢ÊÕÉ ¢ ¸³¥¸¨ ¸µ¸ÉµÖ´¨° ƒ4 ¨ ƒ3: (102) ¸ ±µ³¶µ´¥´É ³¨ Cx, cx ¨
(201) ¸ ±µ³¶µ´¥´É ³¨ cx, Ay, Az. „²Ö ¶µ²ÊÎ¥´¨Ö  ¡¸µ²ÕÉ´ÒÌ §´ Î¥´¨°
¨´¤ÊÍ¨·µ¢ ´´ÒÌ ±µ³¶µ´¥´É Cx ¨ cx ÊÎ¨ÉÒ¢ ² ¸Ó ¨´É¥´¸¨¢´µ¸ÉÓ ¨ Ëµ·³ 
¸¶¥±É·  ¶¥·¢¨Î´µ£µ ¶ÊÎ±  ´¥°É·µ´µ¢.

Šµ³¶µ´¥´É  Ay �= 0 ¶·¨ H = 0. ‚ ²¨´¥°´µ³ ¶µ ¢¥²¨Î¨´¥ ¶µ²Ö ¶·¨-
¡²¨¦¥´¨¨ µ´  ´¥ ¤µ²¦´  ¨§³¥´ÖÉÓ¸Ö. Šµ³¶µ´¥´É  Az ¨´¤ÊÍ¨·Ê¥É¸Ö ¶µ²¥³
Hy, ´µ ¸ ¶µ²´Ò³ µ¸´µ¢ ´¨¥³ ¥Õ ³µ¦´µ ¶·¥´¥¡·¥£ ÉÓ, É ± ± ± µ´  § ¢¨¸¨É
µÉ ¢¥²¨Î¨´Ò ¶µ²Ö ±¢ ¤· É¨Î´µ. ’ ±¨³ µ¡· §µ³, ¨§³¥·¥´¨¥ ¤¢ÊÌ ¤¨Ë· ±Í¨-
µ´´ÒÌ µÉ· ¦¥´¨° ¶µ§¢µ²Ö¥É µ¶·¥¤¥²ÖÉÓ ¢¥²¨Î¨´Ò ¨´¤ÊÍ¨·µ¢ ´´µ£µ ¶µ µ¸¨ x
 ´É¨Ë¥··µ³ £´¥É¨§³  · §¤¥²Ó´µ ¢ ¦¥²¥§´µ° ¨ ·¥¤±µ§¥³¥²Ó´µ° ¶µ¤¸¨¸É¥³ Ì.

�  ·¨¸. 30 ¨ 31 ¶·¨¢¥¤¥´Ò ¸¥·¨¨ ´¥°É·µ´µ£· ³³ ¤²Ö µÉ· ¦¥´¨Ö (102),
¶µ²ÊÎ¥´´Ò¥ ¶·¨ 2θ0 = 91, 7◦ ¨ Ê± § ´´ÒÌ §´ Î¥´¨ÖÌ É¥³¶¥· ÉÊ·Ò. �µ± § ´
É ±¦¥ ¸¶¥±É· µÉ· ¦¥´¨Ö (102) ¢ ´¨§±µÉ¥³¶¥· ÉÊ·´µ³ Ë §µ¢µ³ ¸µ¸ÉµÖ´¨¨, ¢
±µÉµ·µ³ ¶·¨¸ÊÉ¸É¢ÊÕÉ ¤µ¸É ÉµÎ´µ ¡µ²ÓÏ¨¥ ¶µ ¢¥²¨Î¨´¥ ±µ³¶µ´¥´ÉÒ Cy ¨ cy.
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�¨¸. 32. ‡ ¢¨¸¨³µ¸ÉÓ  ³¶²¨ÉÊ¤Ò · ¸¸¥Ö´¨Ö F(102) µÉ ¢¥²¨Î¨´Ò ³ £´¨É´µ£µ ¶µ²Ö. �±¸-
¶¥·¨³¥´É ²Ó´Ò¥ ¤ ´´Ò¥ ¶·¨¢¥¤¥´Ò (¸¢¥·ÌÊ ¢´¨§) ¶·¨  ) T = 79, 86, 94, 103, 113,
123 K, Hm = 77, 0 ±�; ¡) T = 123, 134, 144, 154 K, Hm = 87, 7 ±�

�¨¸. 33. �¥°É·µ´µ£· ³³Ò µÉ· ¦¥´¨Ö (201), ¨´¤ÊÍ¨·µ¢ ´´µ£µ ³ £´¨É´Ò³ ¶µ²¥³ ¶·¨
T = 92 K, Hm = 77, 07 ±� (�), ¨ ®¸É ´¤ ·É´µ£µ¯ µÉ· ¦¥´¨Ö (201), ¶µ²ÊÎ¥´´µ£µ ¶·¨
´¨§±µ° É¥³¶¥· ÉÊ·¥: T = 35 K ¨ H = 0 (+). ‡¤¥¸Ó ¦¥ ¶µ± § ´µ ¶µ²µ¦¥´¨¥ ¨ Ëµ·³ 
¨³¶Ê²Ó¸  ³ £´¨É´µ£µ ¶µ²Ö (¸¶²µÏ´ Ö ²¨´¨Ö)

�¨¸. 34. ‡ ¢¨¸¨³µ¸É¨  ³¶²¨ÉÊ¤ · ¸¸¥Ö´¨Ö µÉ ¢¥²¨Î¨´Ò ³ £´¨É´µ£µ ¶µ²Ö ¤²Ö ¨´¤ÊÍ¨-
·µ¢ ´´ÒÌ µÉ· ¦¥´¨° (102) (T = 94 Š) ¨ (201) (T = 92 Š). �·Ö³Ò¥ ²¨´¨¨ ¶·µ¢¥¤¥´Ò
Î¥·¥§ ´ Î ²µ ±µµ·¤¨´ É, É.±. ÔÉ¨ µÉ· ¦¥´¨Ö µÉ¸ÊÉ¸É¢ÊÕÉ ¶·¨ H = 0

�ÉµÉ ¸¶¥±É· Ì · ±É¥·¨§Ê¥É ¶·µ¸Éµ ¢·¥³¥´´ÊÕ § ¢¨¸¨³µ¸ÉÓ ¶·¨²¥É  ´¥°É·µ´µ¢
¸ Ë¨±¸¨·µ¢ ´´µ° ¤²¨´µ° ¢µ²´Ò, ±µÉµ·Ò¥ ÊÎ ¸É¢ÊÕÉ ¢ · ¸¸¥Ö´¨¨, ¨ ¨¸¶µ²Ó-
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§Ê¥É¸Ö ¢ ± Î¥¸É¢¥ ®¸É ´¤ ·É´µ£µ¯ ¶·¨ ´µ·³¨·µ¢±¥ ¨§³¥·¥´¨° ¸ ³ £´¨É´Ò³
¶µ²¥³. �µ²ÊÎ ¥³ Ö É ±¨³ µ¡· §µ³ µÉ· ¦ ÕÐ Ö ¸¶µ¸µ¡´µ¸ÉÓ ±·¨¸É ²²  ´¥
§ ¢¨¸¨É µÉ Ë ±É¨Î¥¸±µ° ¢¥²¨Î¨´Ò  ³¶²¨ÉÊ¤Ò · ¸¸¥Ö´¨Ö ¢ ¸É ´¤ ·É´µ³ ¶¨±¥.

�·¨´¨³ ²µ¸Ó ¢µ ¢´¨³ ´¨¥, ÎÉµ ¶·¨ ³ ²ÒÌ §´ Î¥´¨ÖÌ ¨´¤ÊÍ¨·µ¢ ´´ÒÌ
±µ³¶µ´¥´É ¢Ò¶µ²´Ö¥É¸Ö ±¨´¥³ É¨Î¥¸±µ¥ ¶·¨¡²¨¦¥´¨¥, É.¥. ¨´É¥´¸¨¢´µ¸ÉÓ
· ¸¸¥Ö´¨Ö ¶·µ¶µ·Í¨µ´ ²Ó´  ±¢ ¤· ÉÊ  ³¶²¨ÉÊ¤Ò · ¸¸¥Ö´¨Ö. ‚ ± Î¥¸É¢¥ ¶µ-
¸²¥¤´¥° ¨¸¶µ²Ó§Ê¥³ §¤¥¸Ó  ³¶²¨ÉÊ¤Ê · ¸¸¥Ö´¨Ö, µÉ´¥¸¥´´ÊÕ ± µ¤´µ° ¶ ·¥
¨µ´µ¢ ¦¥²¥§  ¨ £µ²Ó³¨Ö ¨ ¢Ò· ¦¥´´ÊÕ ¢ ¥¤¨´¨Í Ì ¸¶¨´ . ‘µµÉ¢¥É¸É¢¥´´µ
¤²Ö ¤¢ÊÌ · ¸¸³ É·¨¢ ¥³ÒÌ ¶²µ¸±µ¸É¥° ÔÉ¨  ³¶²¨ÉÊ¤Ò ³µ£ÊÉ ¡ÒÉÓ § ¶¨¸ ´Ò
¸²¥¤ÊÕÐ¨³ µ¡· §µ³:

F(102) = fFe(102)SFe,x + fHo(102) cos (2πδx)SHo,x, (33)

F(201) = fHo(201) sin (4πδx)SHo,x, (34)

£¤¥ fFe ¨ fHo Å ³ £´¨É´Ò¥ Ëµ·³Ë ±Éµ·Ò ¤²Ö ¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì µÉ· ¦¥´¨°,
SFe,x ¨ SHo,x Å ¨´¤ÊÍ¨·µ¢ ´´Ò¥ ¶µ µ¸¨ x ±µ³¶µ´¥´ÉÒ ÔËË¥±É¨¢´ÒÌ ¸¶¨´µ¢,
δx = 0, 018 Å ¸³¥Ð¥´¨¥ ¨µ´  £µ²Ó³¨Ö µÉ ·¥¡·  Ô²¥³¥´É ·´µ° ÖÎ¥°±¨ ¶µ
µ¸¨ x.

‚¥²¨Î¨´  ¨´É¥´¸¨¢´µ¸É¨ · ¸¸¥Ö´¨Ö ¶·¨ ¤¥°¸É¢¨¨ ¶µ²Ö

IH =
I0

S0
i(λ) 8d2

hkl sin
2 θ0N

2V cos2 η · 4 · 0, 539 · 10−12
∣∣F(hkl)

∣∣2 , (35)

£¤¥ I0 Å ¨´É¥´¸¨¢´µ¸ÉÓ ¸É ´¤ ·É´µ£µ ¶¨±  ¢µ ¢·¥³¥´´µ³ ± ´ ²¥, ¸µµÉ¢¥É-
¸É¢ÊÕÐ¥³ ¢¥²¨Î¨´¥ ¶µ²Ö H , S0 Å ¶²µÐ ¤Ó ¸É ´¤ ·É´µ£µ ¶¨± , dhkl Å ³¥¦-
¶²µ¸±µ¸É´µ¥ · ¸¸ÉµÖ´¨¥, V Å µ¡Ñ¥³ µ¡· §Í , η Å Ê£µ² ³¥¦¤Ê µ¸ÓÕ x ¨
¶²µ¸±µ¸ÉÓÕ · ¸¸¥Ö´¨Ö. �  ·¨¸. 32 ¶µ± § ´Ò ·¥§Ê²ÓÉ ÉÒ µ¡· ¡µÉ±¨, ¢ ¸µµÉ-
¢¥É¸É¢¨¨ ¸ (35), ¸¶¥±É·µ¢, ¶·¥¤¸É ¢²¥´´ÒÌ ´  ·¨¸. 30 ¨ 31 ¤²Ö (102). ‚¨¤´µ,
ÎÉµ ´  ´ Î ²Ó´ÒÌ ÊÎ ¸É± Ì  ³¶²¨ÉÊ¤  · ¸¸¥Ö´¨Ö ¶·µ¶µ·Í¨µ´ ²Ó´  ¢¥²¨Î¨´¥
¶µ²Ö. �·¨ Ê¢¥²¨Î¥´¨¨ ¶µ²Ö ´ Î¨´ ¥É ¶·µÖ¢²ÖÉÓ¸Ö ¢Éµ·¨Î´ Ö Ô±¸É¨´±Í¨Ö ¢
· ¸¸¥Ö´¨¨ ´¥°É·µ´µ¢.

�¥°É·µ´µ£· ³³  ¤²Ö (201), ¶µ²ÊÎ¥´´ Ö ¶·¨ Hm = 77, 1 ±�, τ = 16 ³±¸,
T = 92 K, 2θ0 = 90◦, ¶·¨¢¥¤¥´  ´  ·¨¸. 33, ¢³¥¸É¥ ¸ ¸µµÉ¢¥É¸É¢ÊÕÐ¨³ ¸É ´-
¤ ·É´Ò³ ¶¨±µ³ ¨ ¨³¶Ê²Ó¸µ³ ³ £´¨É´µ£µ ¶µ²Ö.

�³¶²¨ÉÊ¤Ò · ¸¸¥Ö´¨Ö ¤²Ö µÉ· ¦¥´¨° (102) ¨ (201), ¶µ²ÊÎ¥´´Ò¥ ¶·¨ µÉ-
´µ¸¨É¥²Ó´µ ¡²¨§±¨Ì §´ Î¥´¨ÖÌ É¥³¶¥· ÉÊ·Ò (94 ¨ 92, ¸µµÉ¢¥É¸É¢¥´´µ), ¶·¥¤-
¸É ¢²¥´Ò ´  ·¨¸. 34.

�·¨ µ¡· ¡µÉ±¥ Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ ¤ ´´ÒÌ ¨¸¶µ²Ó§µ¢ ´Ò ¸²¥¤ÊÕÐ¨¥ §´ -
Î¥´¨Ö ³ £´¨É´ÒÌ Ëµ·³Ë ±Éµ·µ¢ [73,74]: fFe(102) = 0, 715, fHo(102) = 0, 866,
fHo(201) = 0, 79. �·¥´¥¡·¥£ Ö · §²¨Î¨¥³  ³¶²¨ÉÊ¤ · ¸¸¥Ö´¨Ö ¶·¨ T = 92 ¨
94 K, ³µ¦´µ ¶µ²ÊÎ¨ÉÓ ¶·¨ ¸·¥¤´¥³ §´ Î¥´¨¨ T = 93 K  ´É¨Ë¥··µ³ £´¨É´Ò¥
¢µ¸¶·¨¨³Î¨¢µ¸É¨ ¤²Ö ¨µ´µ¢ ¦¥²¥§  ¨ £µ²Ó³¨Ö: SFe,x/Hy = −2, 02 ·10−6 �−1,
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SHo,x/Hy = 5, 58 · 10−6 �−1. ’ ±µ³Ê ¸µµÉ´µÏ¥´¨Õ §´ ±µ¢ ¢ §´ Î¥´¨ÖÌ ¢µ¸-
¶·¨¨³Î¨¢µ¸É¥° ¸µµÉ¢¥É¸É¢Ê¥É ¨§³¥´¥´¨¥ ´ ³ £´¨Î¥´´µ¸É¥° ¶µ¤·¥Ï¥Éµ±, ¶µ-
± § ´´µ¥ ¸É·¥²± ³¨ ´  ·¨¸. 29.

�¨¸. 35. ’¥³¶¥· ÉÊ·´ Ö § ¢¨¸¨³µ¸ÉÓ
 ´É¨Ë¥··µ³ £´¨É´µ° ¢µ¸¶·¨¨³Î¨¢µ¸-
É¨ ¨µ´µ¢ Ho+3

„²Ö ¨§¢²¥Î¥´¨Ö ¨§ ¶µ²ÊÎ¥´´ÒÌ
¤ ´´ÒÌ  ´É¨Ë¥··µ³ £´¨É´µ° ¢µ¸¶·¨¨³-
Î¨¢µ¸É¨ £µ²Ó³¨¥¢µ° ¶µ¤¸¨¸É¥³Ò ³µ¦´µ
¶·¥´¥¡·¥ÎÓ É¥³¶¥· ÉÊ·´µ° § ¢¨¸¨³µ-
¸ÉÓÕ ¢µ¸¶·¨¨³Î¨¢µ¸É¨ ¶µ¤·¥Ï¥Éµ± ¦¥-
²¥§  ¢ · ¸¸³ É·¨¢ ¥³µ³ É¥³¶¥· ÉÊ·´µ³
¤¨ ¶ §µ´¥. ‚ É ±µ³ ¶·¨¡²¨¦¥´¨¨ ¶µ²Ê-
Î ¥³ ¨§ ·¨¸. 32 É¥³¶¥· ÉÊ·´ÊÕ § ¢¨¸¨-
³µ¸ÉÓ  ´É¨Ë¥··µ³ £´¨É´µ° ¢µ¸¶·¨¨³-
Î¨¢µ¸É¨ ¨µ´µ¢ £µ²Ó³¨Ö, ¶µ± § ´´ÊÕ ´ 
·¨¸. 35, ±µÉµ· Ö, ± ± ¢¨¤´µ, Ìµ·µÏµ Ê¤µ-
¢²¥É¢µ·Ö¥É § ±µ´Ê ŠÕ·¨Ä‚¥°¸¸  ¸ ¶µ²µ-
¦¨É¥²Ó´Ò³ §´ Î¥´¨¥³ ¶µ¸ÉµÖ´´µ° Θ ∼=
9, 6 K: χaf =

0, 975 · 10−3

(T − 9, 6)
µB/�.

‘µµÉ¢¥É¸É¢¨¥ ¶µ²ÊÎ¥´´ÒÌ ·¥§Ê²ÓÉ -
Éµ¢ § ±µ´Ê ŠÕ·¨Ä‚¥°¸¸  Ö¢²Ö¥É¸Ö ²¨ÏÓ
¸²¥¤¸É¢¨¥³ Éµ£µ, ÎÉµ ¨µ´Ò £µ²Ó³¨Ö ¢
HoFeO3 ´ Ìµ¤ÖÉ¸Ö ¢ ¶ · ³ £´¨É´µ³ ¸µ-
¸ÉµÖ´¨¨. � ¶µ²µ¦¨É¥²Ó´Ò° §´ ± ¢ §´ -

Î¥´¨¨ Θ ¶µ²ÊÎ¥´ ¶µÉµ³Ê, ÎÉµ, ¢ µÉ²¨Î¨¥ µÉ µ¡ÒÎ´µ° ³ £´¨É´µ° ¢µ¸¶·¨¨³-
Î¨¢µ¸É¨, ¨¸¶µ²Ó§Ê¥³ Ö ¢ ¤ ´´µ° · ¡µÉ¥ ® ´É¨Ë¥··µ³ £´¨É´ Ö ¢µ¸¶·¨¨³Î¨-
¢µ¸ÉÓ¯ ¶·¨  ¸¨³¶ÉµÉ¨Î¥¸±µ³ ¶·µ¤²¥´¨¨ ¢ µ¡² ¸ÉÓ ´¨§±¨Ì É¥³¶¥· ÉÊ· ¤µ²¦´ 
· ¸Ìµ¤¨ÉÓ¸Ö ¨³¥´´µ ¢ ¸µ¡¸É¢¥´´µ° ÉµÎ±¥ �¥¥²Ö ·¥¤±µ§¥³¥²Ó´µ° ¶µ¤¸¨¸É¥³Ò,
¸µµÉ¢¥É¸É¢ÊÕÐ¥°  ´É¨Ë¥··µ³ £´¨É´µ³Ê Ê¶µ·Ö¤µÎ¥´¨Õ É¨¶  c.

�É³¥É¨³, ÎÉµ ´¥ ¸²¥¤Ê¥É µ¦¨¤ ÉÓ ÉµÎ´µ£µ ¸µ¢¶ ¤¥´¨Ö ¶µ²ÊÎ¥´´µ£µ §´ -
Î¥´¨Ö Θ ¸ ¨§¢¥¸É´Ò³¨ §´ Î¥´¨Ö³¨ ÉµÎ±¨ �¥¥²Ö ¤²Ö Ho+3 (4,55 K [69], 6,5 K
[70]), É.±. ÔÉ¨ §´ Î¥´¨Ö ¸µµÉ¢¥É¸É¢ÊÕÉ ´¨§±µÉ¥³¶¥· ÉÊ·´µ° ±µ´Ë¨£Ê· Í¨¨
ƒ2(Gz , Cy, Fx, fx, cy), ¢ ±µÉµ·µ° ¢§ ¨³µ¤¥°¸É¢¨Ö, µÉ¢¥É¸É¢¥´´Ò¥ §   ´É¨Ë¥·-
·µ³ £´¨É´µ¥ Ê¶µ·Ö¤µÎ¥´¨¥ £µ²Ó³¨¥¢µ° ¶µ¤¸¨¸É¥³Ò, ´¥¸±µ²Ó±µ ¨´Ò¥, Î¥³ ¢
¸µ¸ÉµÖ´¨¨ ƒ4.

7. „ˆ”��Š–ˆ���›… ˆ‘‘‹…„�‚��ˆŸ ‘ ˆŒ�“‹œ‘�›Œ ��‹…Œ
�� �…‰’�����Œ ˆ‘’�—�ˆŠ… ‚ ŠEK

‚ ¨¸¸²¥¤µ¢ ´¨ÖÌ, ¢Ò¶µ²´¥´´ÒÌ ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ´  Ê¸±µ·¨É¥²Ó´µ³
¨¸ÉµÎ´¨±¥ ´¥°É·µ´µ¢ ¢ KEK (Ÿ¶µ´¨Ö), § ¢¥¤µ³µ ¡Ò²µ ¨§¢¥¸É´µ, ÎÉµ ´¥µ¡Ìµ-
¤¨³µ ¶µ²¥, ¶·¥¢ÒÏ ÕÐ¥¥ 100 ±�. ‚ ¨§ÊÎ¥´¨¨ ¢¸¥Ì É·¥Ì ³ £´¨É´ÒÌ ¸µ¥¤¨-
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´¥´¨°: PrCo2Si2, CsCuCl3 ¨ DyAg  ¢Éµ·Ò ¨¸Ìµ¤¨²¨ ¨§ § · ´¥¥ ¨§¢¥¸É´ÒÌ
·¥§Ê²ÓÉ Éµ¢ ¨§³¥·¥´¨° ´ ³ £´¨Î¥´´µ¸É¨ ¢ ¸¨²Ó´µ³ ¨³¶Ê²Ó¸´µ³ ³ £´¨É´µ³
¶µ²¥. ‡ ¤ Î  ¸µ¸ÉµÖ²  ¢ Éµ³, ÎÉµ¡Ò ¶µ¤É¢¥·¤¨ÉÓ (¨²¨ µ¶·µ¢¥·£´ÊÉÓ) ³µ¤¥²¨
Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢, ¸²Ê¦ Ð¨Ì µ¡ÑÖ¸´¥´¨¥³ ·¥§Ê²ÓÉ Éµ¢ ÔÉ¨Ì ±² ¸¸¨Î¥¸±¨Ì
¨§³¥·¥´¨°. �Ò²¨ ¨§¢¥¸É´Ò ¶µ ±· °´¥° ³¥·¥ ¶·¨¡²¨§¨É¥²Ó´Ò¥ §´ Î¥´¨Ö ³ £-
´¨É´µ£µ ¶µ²Ö, ¶·¨ ±µÉµ·ÒÌ ¸²¥¤µ¢ ²µ µ¦¨¤ ÉÓ ¶·µÖ¢²¥´¨Ö Ì · ±É¥·´ÒÌ ¤²Ö
Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢ µ¸µ¡¥´´µ¸É¥° ¢ ¤¨Ë· ±Í¨¨ ´¥°É·µ´µ¢. �Éµ ¢ §´ Î¨É¥²Ó´µ°
³¥·¥ µ¡²¥£Î ²µ ¶µ²ÊÎ¥´¨¥ ´¥µ¡Ìµ¤¨³µ° ¨´Ëµ·³ Í¨¨, É.±. µÉ¶ ¤ ²  ´¥µ¡Ìµ-
¤¨³µ¸ÉÓ ´¥¶·¥·Ò¢´µ£µ ¸± ´¨·µ¢ ´¨Ö ¶µ ¢¥²¨Î¨´¥ ¶µ²Ö.

‚ ¶·¥¤¸É ¢²¥´´ÒÌ §¤¥¸Ó ·¥§Ê²ÓÉ É Ì ¨§³¥·¥´¨° ¢ KENS ¤²¨É¥²Ó´µ¸ÉÓ
¨³¶Ê²Ó¸  ¶µ²Ö (¶µ µ¸´µ¢ ´¨Õ) ¸µ¸É ¢²Ö²  µ±µ²µ 1000 ³±¸, ¶·¨Î¥³  ¢Éµ·Ò
¢Ò·¥§ ²¨ ¨§ ± ¦¤µ£µ ¤¨Ë· ±Í¨µ´´µ£µ ¶¨±  Éµ²Ó±µ Î ¸ÉÓ, ¢ ¶·¥¤¥² Ì ±µÉµ·µ°
¶µ²¥ ¨§³¥´Ö²µ¸Ó ¢ ¶·¥¤¥² Ì 10 % µÉ  ³¶²¨ÉÊ¤´µ£µ §´ Î¥´¨Ö, ¨ µ¶·¥¤¥²Ö²¨
¶²µÐ ¤Ó ÔÉµ£µ ÊÎ ¸É±  ¸¶¥±É·  ¶·¨ · §²¨Î´ÒÌ §´ Î¥´¨ÖÌ  ³¶²¨ÉÊ¤Ò.

7.1. �´É¨Ë¥··µ³ £´¨É´µ¥ ¸µ¥¤¨´¥´¨¥ PrCo2Si2 ¨³¥¥É É¥É· £µ´ ²Ó´ÊÕ
±·¨¸É ²²¨Î¥¸±ÊÕ ¸É·Ê±ÉÊ·Ê, ÉµÎ±  �¥¥²Ö TN = 30 K. �  ·¨¸. 36 ¶µ± § ´Ò
´ ¶· ¢²¥´¨Ö ³ £´¨É´ÒÌ ³µ³¥´Éµ¢ ¨µ´µ¢ ¶· §¥µ¤¨³  ¢ Ô²¥³¥´É ·´µ° ÖÎ¥°±¥
¶·¨ T < T1 = 9 K ¡¥§ ³ £´¨É´µ£µ ¶µ²Ö Å Î¥·¥¤µ¢ ´¨¥ Ë¥··µ³ £´¨É´ÒÌ
¸²µ¥¢, ¶¥·¶¥´¤¨±Ê²Ö·´ÒÌ µ¸¨ c ±·¨¸É ²² , ¸ ¨§³¥´¥´¨¥³ ´ ¶· ¢²¥´¨° ³µ³¥´-
Éµ¢ ´  ¶·µÉ¨¢µ¶µ²µ¦´Ò¥ ¢ ¡²¨¦ °Ï¨Ì ¸²µÖÌ. ˆ§ ´¥°É·µ´´µ-¤¨Ë· ±Í¨µ´´ÒÌ
¨§³¥·¥´¨° [75,76] ¨§¢¥¸É´µ, ÎÉµ ¶·¨ T = T1 É ±µ¥ ¸É·µ£µ¥ Î¥·¥¤µ¢ ´¨¥ ´ -
¶· ¢²¥´¨° ³µ³¥´Éµ¢ ´ ·ÊÏ ¥É¸Ö, ¶·µ¨¸Ìµ¤¨É Ë §µ¢Ò° ¶¥·¥Ìµ¤ ¶¥·¢µ£µ ·µ¤ 

�¨¸. 36. � ¶· ¢²¥´¨Ö ³ £´¨É´ÒÌ ³µ³¥´Éµ¢ ¨µ´µ¢ ¶· §¥µ¤¨³  ¢ Ô²¥³¥´É ·´µ° ÖÎ¥°±¥
PrCo2Si2 ¶·¨ T < T1 = 9 K

�¨¸. 37. ” §µ¢ Ö ¤¨ £· ³³  PrCo2Si2 ¢ ³ £´¨É´µ³ ¶µ²¥, ¶ · ²²¥²Ó´µ³ µ¸¨ c. Š·µ³¥
Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ ÉµÎ¥±, ²¥¦ Ð¨Ì ´  ²¨´¨ÖÌ Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢ ¨ ¶µ²ÊÎ¥´´ÒÌ ¢
³ £´¨É´ÒÌ ¨§³¥·¥´¨ÖÌ ¸ ¶µ¸ÉµÖ´´Ò³ ¶µ²¥³, ¶µ± § ´  ¶µ¸²¥¤µ¢ É¥²Ó´µ¸ÉÓ ÉµÎ¥±, ¢
±µÉµ·ÒÌ ¡Ò²  µ¶·¥¤¥²¥´  ³ £´¨É´ Ö ¸É·Ê±ÉÊ·  ¢ ¨³¶Ê²Ó¸´µ³ ¶µ²¥ [27]
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�¨¸. 38. ‚·¥³¥´´Ò¥ ´¥°É·µ´µ£· ³³Ò ¤²Ö PrCo2Si2 ¢ ³ £´¨É´µ³ ¶µ²¥ ¸ Ê± § ´´Ò³¨
 ³¶²¨ÉÊ¤ ³¨ ¨³¶Ê²Ó¸µ¢ [27]: a) 0; ¡) 50; ¢) 74; £) 115; ¤) 140 ±�

¢ ´¥¸µ· §³¥·´ÊÕ ³µ¤Ê²¨·µ¢ ´´ÊÕ  ´É¨Ë¥··µ³ £´¨É´ÊÕ ¸É·Ê±ÉÊ·Ê, ¶·¨ ÔÉµ³
¢µ²´µ¢µ° ¢¥±Éµ· ³µ¤Ê²ÖÍ¨¨ k = 0, 926 ¨ ¶ · ²²¥²¥´ µ¸¨ c ±·¨¸É ²² . �·¨
T2 = 17 K ¶·µ¨¸Ìµ¤¨É ¢Éµ·µ° Ë §µ¢Ò° ¶¥·¥Ìµ¤ ¶¥·¢µ£µ ·µ¤  ¸ ¨§³¥´¥´¨¥³
¢µ²´µ¢µ£µ ¢¥±Éµ·  ³µ¤Ê²ÖÍ¨¨ ± §´ Î¥´¨Õ k = 0, 777 ¢ É¥³¶¥· ÉÊ·´µ³ ¤¨ ¶ -
§µ´¥ T2 < T < TN .

ˆ§ ³ £´¨É´ÒÌ ¨§³¥·¥´¨° ¢ ¨³¶Ê²Ó¸´µ³ ¶µ²¥ ¸²¥¤µ¢ ²µ [77], ÎÉµ É ± Ö ¦¥
¶µ¸²¥¤µ¢ É¥²Ó´µ¸ÉÓ Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢ µ¸ÊÐ¥¸É¢²Ö¥É¸Ö ¸ Ê¢¥²¨Î¥´¨¥³ ¶µ²Ö,
´ ¶· ¢²¥´´µ£µ ¶µ µ¸¨ c, ¶·¨ ´¨§±¨Ì É¥³¶¥· ÉÊ· Ì. �·¨ T = 4, 2 K ÉµÎ-
± ³ Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢ ¸µµÉ¢¥É¸É¢ÊÕÉ ±·¨É¨Î¥¸±¨¥ §´ Î¥´¨Ö Hc1 = 12 ±�,
Hc2 = 38 ±�, Hs = 122 ±� (Hs Å ±·¨É¨Î¥¸±µ¥ ¶µ²¥ ¶¥·¥Ìµ¤  ¢ ¶ · ³ £-
´¨É´µ¥ ¸µ¸ÉµÖ´¨¥). �  ·¨¸. 37 ¶µ± § ´  ³ £´¨É´ Ö Ë §µ¢ Ö ¤¨ £· ³³  ÔÉµ£µ
¸µ¥¤¨´¥´¨Ö. �·¨ µÉ´µ¸¨É¥²Ó´µ ³ ²ÒÌ §´ Î¥´¨ÖÌ ¶µ²Ö µ±µ²µ ÉµÎ¥± T1, T2, Ts

µÉ³¥Î¥´Ò Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ §´ Î¥´¨Ö, ¶µ²ÊÎ¥´´Ò¥ ¢ ³ £´¨É´ÒÌ ¨§³¥·¥´¨ÖÌ
[78] ¢ ¶µ¸ÉµÖ´´µ³ ¶µ²¥. �Ê´±É¨·µ³ ¶µ± § ´µ ¶·¥¤¶µ² £ ¥³µ¥ ¶µ²µ¦¥´¨¥ ²¨-
´¨° Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢ ´  µ¸É ²Ó´ÒÌ Î ¸ÉÖÌ ¤¨ £· ³³Ò.

‚ ¸µµÉ¢¥É¸É¢¨¨ ¸ É ±¨³ Ì · ±É¥·µ³ Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢ ¡Ò²¨ ¶·µ¢¥¤¥´Ò
¤¨Ë· ±Í¨µ´´Ò¥ ¨§³¥·¥´¨Ö ³ £´¨É´ÒÌ ¸ É¥²²¨Éµ¢ (1; 0; 0,074) ¨ (1; 0; 0,225)
(§¤¥¸Ó l = (1 − k)) ¸ ¨¸¶µ²Ó§µ¢ ´¨¥³ ¨³¶Ê²Ó¸´µ£µ ¶µ²Ö [26,27]. �  Ë §µ¢µ°
¤¨ £· ³³¥ ·¨¸. 37 ´ ´¥¸¥´Ò ÉµÎ±¨, ¶·¨ ±µÉµ·ÒÌ ¡Ò²¨ ¢Ò¶µ²´¥´Ò ¨§³¥·¥´¨Ö.
�  ·¨¸. 38 ¶µ± § ´µ ´¥¸±µ²Ó±µ ´¥°É·µ´µ£· ³³, ¶µ²ÊÎ¥´´ÒÌ ¸ ¨³¶Ê²Ó¸ ³¨
¶µ²Ö. � ²¨Î¨¥ ¶¨±  (1,0,0,225) ´ Î¨´ Ö µÉ 50 ¨ ¤µ 115 ±� ¸¢¨¤¥É¥²Ó¸É¢Ê¥É µ
³µ¤Ê²¨·µ¢ ´´µ° ¸É·Ê±ÉÊ·¥ ¸ ¢µ²´µ¢Ò³ ¢¥±Éµ·µ³ k = 0, 775. �·¨ Hm = 140
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¨ 160 ±� ÔÉµÉ ¶¨± ¨¸Î¥§ ¥É ¢¸²¥¤¸É¢¨¥ Ë §µ¢µ£µ ¶¥·¥Ìµ¤  ¢ ¶ · ³ £´¨É´µ¥
¸µ¸ÉµÖ´¨¥.

�¸´µ¢´Ò³ ¨Éµ£µ³ · ¡µÉÒ Ö¢¨²µ¸Ó ± Î¥¸É¢¥´´µ¥ ¶µ¤É¢¥·¦¤¥´¨¥ Ë §µ¢µ°
¤¨ £· ³³Ò PrCoSi2, ¶µ²ÊÎ¥´´µ° ´  µ¸´µ¢ ´¨¨ ¶·¥¤Ï¥¸É¢ÊÕÐ¨Ì ¨¸¸²¥¤µ¢ -
´¨°: ¤¨Ë· ±Í¨µ´´ÒÌ ¨§³¥·¥´¨° ³ £´¨É´µ° ¸É·Ê±ÉÊ·Ò ¶·¨ ¨§³¥´¥´¨¨ É¥³¶¥-
· ÉÊ·Ò (¡¥§ ¶µ²Ö), ¨§³¥·¥´¨° ´ ³ £´¨Î¥´´µ¸É¨ ¶·¨ T = 4, 2 K ¢ ¸¨²Ó´µ³ ¨³-
¶Ê²Ó¸´µ³ ³ £´¨É´µ³ ¶µ²¥ ¨ ¨§³¥·¥´¨° ´ ³ £´¨Î¥´´µ¸É¨ ¢ ¶µ¸ÉµÖ´´µ³ ¶µ²¥
¢¡²¨§¨ É¥³¶¥· ÉÊ·´ÒÌ ÉµÎ¥± Ë §µ¢ÒÌ ¶¥·¥Ìµ¤µ¢.

7.2. Š·¨¸É ²² CsCuCl3 Ö¢²Ö¥É¸Ö £¥±¸ £µ´ ²Ó´Ò³ É¨¶  ABX3, TN =
10, 5 K. ‚ ¶·¥¤¥² Ì ²¨´¥°´ÒÌ Í¥¶µÎ¥±, ´ ¶· ¢²¥´´ÒÌ ¶µ µ¸¨ c, ¨µ´Ò Cu+2

¸¢Ö§ ´Ò Ë¥··µ³ £´¨É´Ò³ ¢§ ¨³µ¤¥°¸É¢¨¥³,   ¢§ ¨³µ¤¥°¸É¢¨¥ ³¥¦¤Ê ¸µ¸¥¤-
´¨³¨ Í¥¶µÎ± ³¨ ¨³¥¥É  ´É¨Ë¥··µ³ £´¨É´Ò° Ì · ±É¥·. ‚¸²¥¤¸É¢¨¥ ÔÉµ£µ ¢
¶²µ¸±µ¸É¨ c ³ £´¨É´Ò¥ ³µ³¥´ÉÒ µ¡· §ÊÕÉ É·¥Ê£µ²Ó´ÊÕ ¸É·Ê±ÉÊ·Ê (¸ Ê£²µ³
120◦ ³¥¦¤Ê É·¥³Ö ¸µ¸¥¤´¨³¨ ³ £´¨É´Ò³¨ ³µ³¥´É ³¨), ± ± ¸Ì¥³ É¨Î´µ ¶µ± -
§ ´µ ´  ·¨¸. 39. ˆ§-§   ´É¨¸¨³³¥É·¨Î´µ£µ ¢§ ¨³µ¤¥°¸É¢¨Ö É¨¶  „§Ö²µÏ¨´¸±µ-
£µÄŒµ·¨  ³¥¦¤Ê ¸¶¨´ ³¨, · ¸¶µ²µ¦¥´´Ò³¨ ¢¤µ²Ó µ¸¨ c, µ¡· §Ê¥É¸Ö ´¥¸µ· §-
³¥·´ Ö £¥²¨±µ¨¤ ²Ó´ Ö ¸É·Ê±ÉÊ·  ¸ ¶¥·¨µ¤µ³ £¥²¨±µ¨¤  µ±µ²µ 11,8 c0, £¤¥
c0 = 5, 93 �A Å ¶ · ³¥É· ÖÎ¥°±¨ ¶µ µ¸¨ c.

�·¨ ¤¥°¸É¢¨¨ ³ £´¨É´µ£µ ¶µ²Ö, ´ ¶· ¢²¥´´µ£µ ¶µ µ¸¨ c, ¥¸É¥¸É¢¥´´µ,
³ £´¨É´Ò¥ ³µ³¥´ÉÒ µÉ±²µ´ÖÕÉ¸Ö µÉ ¶²µ¸±µ¸É¨ c ¨ ¶µ²ÊÎ ¥É¸Ö µ¡ÒÎ´ Ö ´¥¸µ-
· §³¥·´ Ö §µ´É¨Î´ Ö ¸É·Ê±ÉÊ·  (¸³. ²¥¢ÊÕ ¢¸É ¢±Ê ´  ·¨¸. 40) [79]. �¤´ ±µ
¢ ¨§³¥·¥´¨ÖÌ [80] ´ ³ £´¨Î¥´´µ¸É¨ ¢ ¸¨²Ó´µ³ ³ £´¨É´µ³ ¶µ²¥, ¶ · ²²¥²Ó-
´µ³ µ¸¨ c, ¶·µÖ¢¨² ¸Ó µ¸µ¡¥´´µ¸ÉÓ Å ´¥¡µ²ÓÏµ° ¸± Îµ± ¶·¨ Hc = 125 ±�,
T = 1, 1 K (·¨¸. 40), ¸¢¨¤¥É¥²Ó¸É¢ÊÕÐ¨° µ Ë §µ¢µ³ ¶¥·¥Ìµ¤¥.

�¨¸. 39. ‘Ì¥³  ³ £´¨É´µ° ¸É·Ê±ÉÊ·Ò CsCuCl3 ¡¥§ ¢´¥Ï´¥£µ ³ £´¨É´µ£µ ¶µ²Ö. �¥·¨µ¤
£¥²¨±µ¨¤  ¶µ µ¸¨ c · ¢¥´ 70 �A

�¨¸. 40. ‡ ¢¨¸¨³µ¸ÉÓ ´ ³ £´¨Î¥´´µ¸É¨ µÉ ¢¥²¨Î¨´Ò ¶µ²Ö, ´ ¶· ¢²¥´´µ£µ ¶µ µ¸¨ c, ¶·¨
T = 1, 1 K [77]. �µ± § ´ Ì · ±É¥· ³ £´¨É´µ° ¸É·Ê±ÉÊ·Ò: ¶·¨ H < Hc Å ´¥¸µ· §³¥·-
´ Ö §µ´É¨Î´ Ö ¸É·Ê±ÉÊ· , ¶·¨ H > Hc Å ±µ³¶² ´ ·´ Ö ¸É·Ê±ÉÊ· , ³µ¤Ê²¨·µ¢ ´´ Ö
¶µ µ¸¨ c
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�¨¸. 41. �¥°É·µ´µ£· ³³Ò ¤¨Ë· ±Í¨µ´´µ£µ µÉ· ¦¥´¨Ö (1/3, 1/3, 0) ¢ ¶µ²¥ H ||c ¶·¨
T = 7 K [34],  ) H = 85 ±� ¨ ¡) H = 132 ±�

�¨¸. 42. �±¸¶¥·¨³¥´É ²Ó´Ò¥ ¨ É¥µ·¥É¨Î¥¸±¨¥ (¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ ³µ¤¥²ÓÕ [79] ³µ¤Ê-
²¨·µ¢ ´´µ° ±µ³¶² ´ ·´µ° ¸É·Ê±ÉÊ·Ò) §´ Î¥´¨Ö ¨´É¥´¸¨¢´µ¸É¨ ¤¨Ë· ±Í¨µ´´ÒÌ µÉ· -
¦¥´¨°. —¥·´Ò¥ ÉµÎ±¨ ¨ ¸¶²µÏ´Ò¥ ²¨´¨¨ ¸µµÉ¢¥É¸É¢ÊÕÉ µÉ· ¦¥´¨Õ (1/3, 1/3, 0,085),
¸¢¥É²Ò¥ ±·Ê¦±¨ ¨ ¶Ê´±É¨·´Ò¥ ²¨´¨¨ Å µÉ· ¦¥´¨Õ (1/3, 1/3, 0) [36]

�¨¸. 43. �µ²¥¢ Ö § ¢¨¸¨³µ¸ÉÓ ¢µ²´µ¢µ£µ ¢¥±Éµ·  ³µ¤Ê²ÖÍ¨¨ ³ £´¨É´µ° ¸É·Ê±ÉÊ·Ò
CsCuCl3 [34,39]. Œ £´¨É´µ¥ ¶µ²¥ ¶¥·¶¥´¤¨±Ê²Ö·´µ µ¸¨ c ±·¨¸É ²²  ¶·¨ T = 4, 2 K

�¡ÑÖ¸´¥´¨¥ ÔÉµ° µ¸µ¡¥´´µ¸É¨ ¤ ¥É É¥µ·¥É¨Î¥¸± Ö ³µ¤¥²Ó [81], ¸µ£² ¸´µ
±µÉµ·µ° ¶·¨ H = Hc ¶·µ¨¸Ìµ¤¨É Ë §µ¢Ò° ¶¥·¥Ìµ¤ ± ±µ³¶² ´ ·´µ° ¸É·Ê±-
ÉÊ·¥ (¸³. ¶· ¢ÊÕ ¢¸É ¢±Ê ´  ·¨¸. 40). ‚ ÔÉµ³ Ë §µ¢µ³ ¸µ¸ÉµÖ´¨¨ ¨§ ± ¦¤µ°
É·µ°±¨ ³ £´¨É´ÒÌ ³µ³¥´Éµ¢ ¤¢  ¸É ´µ¢ÖÉ¸Ö µ¤¨´ ±µ¢µ ´ ¶· ¢²¥´´Ò³¨,   É·¥-
É¨° ¨³¥¥É µÉ·¨Í É¥²Ó´ÊÕ ±µ³¶µ´¥´ÉÊ ¶µ µ¸¨ c ¨ ¶·µ¥±Í¨Õ ´  ¶²µ¸±µ¸ÉÓ c,
±µ³¶¥´¸¨·ÊÕÐÊÕ ¶·µ¥±Í¨¨ ¤¢ÊÌ ¤·Ê£¨Ì ³µ³¥´Éµ¢. �·¨ ÔÉµ³ ¶¥·¨µ¤ ³µ¤Ê²Ö-
Í¨¨ ¢¤µ²Ó µ¸¨ c µ¸É ¥É¸Ö ¶·¥¦´¨³,   · §³¥· ÖÎ¥°±¨ ¢ ¶²µ¸±µ¸É¨ c ÊÉ· ¨¢ ¥É¸Ö.

‚ · ¡µÉ¥ [82] ¡Ò²µ ¶·µ ´ ²¨§¨·µ¢ ´µ ¶µ¢¥¤¥´¨¥ ³ £´¨É´µ° ¸É·Ê±ÉÊ·Ò
CsCuCl3 ¢ ¶µ²¥, ¶¥·¶¥´¤¨±Ê²Ö·´µ³ µ¸¨ c. ‚ ¸µµÉ¢¥É¸É¢¨¨ ¸ [82] ¶·¨ Ê¢¥²¨-
Î¥´¨¨ ¶µ²Ö ¶¥·¨µ¤ ³µ¤Ê²ÖÍ¨¨ ³µ´µÉµ´´µ Ê¢¥²¨Î¨¢ ¥É¸Ö ¨ ¶·¨ H ∼= 100 ±�



�…‰’����›… ˆ‘‘‹…„�‚��ˆŸ Œ�ƒ�ˆ’�›• ‘‚�‰‘’‚ 901

�¨¸. 44. �µ¸²¥¤µ¢ É¥²Ó´µ¸ÉÓ ¸¶¨´µ¢ÒÌ ¸É·Ê±ÉÊ· ¤²Ö ¨µ´µ¢ ¤¨¸¶·µ§¨Ö ¢ DyAg ¶·¨
´¨§±¨Ì É¥³¶¥· ÉÊ· Ì, ·¥ ²¨§Ê¥³ Ö ¶·¨ Ê¢¥²¨Î¥´¨¨ ³ £´¨É´µ£µ ¶µ²Ö. Œ £´¨É´µ¥ ¶µ²¥
´ ¶· ¢²¥´µ ¶µ µ¸¨ [001] (´  ·¨¸Ê´±¥ ¢¥·É¨± ²Ó´µ)

�¨¸. 45. �·µË¨²¨ ¤¨Ë· ±Í¨µ´´µ£µ µÉ-
· ¦¥´¨Ö (1/2,1/2,0) ¶·¨ T = 4, 2 K ¢
¶µ²¥, ´ ¶· ¢²¥´´µ³ ¶µ µ¸¨ [001] [35].
‡´ Î¥´¨Ö H ¸µµÉ¢¥É¸É¢ÊÕÉ: � Å61;
♦ Å 95; ◦ Å 125 ±�

¶·µ¨¸Ìµ¤¨É Ë §µ¢Ò° ¶¥·¥Ìµ¤ ¢Éµ·µ£µ ·µ¤  ¢ ¸µ· §³¥·´ÊÕ ¸É·Ê±ÉÊ·Ê, ¢ ±µ-
Éµ·µ° ´ ³ £´¨Î¥´´µ¸É¨ É·¥Ì ¶µ¤·¥Ï¥Éµ± ¨³¥ÕÉ · §²¨Î´Ò¥ ´ ¶· ¢²¥´¨Ö, ´µ
¢µ²´µ¢µ° ¢¥±Éµ· ³µ¤Ê²ÖÍ¨¨ ¶µ µ¸¨ c ±·¨¸É ²²  µ¡· Ð ¥É¸Ö ¢ ´Ê²Ó.

‘ ¨¸¶µ²Ó§µ¢ ´¨¥³ ¨³¶Ê²Ó¸´µ£µ ¶µ²Ö, ¶ · ²²¥²Ó´µ£µ µ¸¨ c, ¡Ò²¨
¢Ò¶µ²´¥´Ò ¨§³¥·¥´¨Ö [30,31,34,36] ¤¨Ë· ±Í¨µ´´ÒÌ ¶¨±µ¢ (1/3, 1/3, δ) ¨
(1/3, 1/3, 0), £¤¥ δ Å ¶µ²µ¦¥´¨¥ ³ £´¨É´µ£µ ¸ É¥²²¨É  ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸
¶¥·¨µ¤µ³ ³µ¤Ê²ÖÍ¨¨ ³ £´¨É´µ° ¸É·Ê±ÉÊ·Ò ¶µ µ¸¨ c (¶·¨ T = 7 K: δ = 0, 085,
Hc = 100 ±�). ‚ ± Î¥¸É¢¥ ¶·¨³¥·  ´  ·¨¸. 41 ¶·¥¤¸É ¢²¥´Ò ¤¢¥ ´¥°É·µ´µ-
£· ³³Ò, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ §µ´É¨Î´µ° ¸É·Ê±ÉÊ·¥ Å ´¨¦¥ Hc, ¨ ±µ³¶² ´ ·-
´µ° ¶·¨ H > Hc. ‚¥¸Ó ´ ¡µ· Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ ÉµÎ¥±, ¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì
CsCuCl3, ¶µ± § ´ ´  ·¨¸. 42. ‡¤¥¸Ó ¦¥ ²¨´¨Ö³¨ ¶µ± § ´Ò § ¢¨¸¨³µ¸É¨, · ¸-
¸Î¨É ´´Ò¥ ¸µ£² ¸´µ É¥µ·¥É¨Î¥¸±µ° ³µ¤¥²¨. Š ± ¢¨¤´µ, ·¥§Ê²ÓÉ ÉÒ ¨§³¥·¥´¨°
¸ ¶µ²¥³, ¶ · ²²¥²Ó´Ò³ µ¸¨ c, ¶µ¤É¢¥·¦¤ ÕÉ ¶·¥¤²µ¦¥´´ÊÕ ¢ [82] ³µ¤¥²Ó
Ë §µ¢µ£µ ¶¥·¥Ìµ¤ .

‚ ¨³¶Ê²Ó¸´µ³ ¶µ²¥, ¶¥·¶¥´¤¨±Ê²Ö·´µ³ µ¸¨ c, ¡Ò²¨ ¢Ò¶µ²´¥´Ò ¨§³¥·¥-
´¨Ö [34,39] ¶µ²µ¦¥´¨Ö ¸ É¥²²¨É  (1/3, 1/3, δ) ¢ § ¢¨¸¨³µ¸É¨ µÉ  ³¶²¨ÉÊ¤Ò
¨³¶Ê²Ó¸µ¢ ¶µ²Ö. �  ·¨¸. 43 ¶µ± § ´  ¶µ²ÊÎ¥´´ Ö § ¢¨¸¨³µ¸ÉÓ ¢µ²´µ¢µ£µ ¢¥±-
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Éµ·  ³µ¤Ê²ÖÍ¨¨ δ(H). �¥·¨µ¤ ³µ¤Ê²ÖÍ¨¨ Ê¢¥²¨Î¨¢ ¥É¸Ö ¨ µ±µ²µ 170 ±�
¶·µ¨¸Ìµ¤¨É ¶¥·¥Ìµ¤ ± ¸µ· §³¥·´µ° ³ £´¨É´µ° ¸É·Ê±ÉÊ·¥.

�¨¸. 46. �µ²¥¢Ò¥ § ¢¨¸¨³µ¸É¨ ¨´É¥£· ²Ó-
´ÒÌ ¨´É¥´¸¨¢´µ¸É¥° ¤¨Ë· ±Í¨µ´´ÒÌ ¶¨-
±µ¢: a) (1/2, 1/2, 0); ¡) (1, 1/2, 1/2); ¢) (3/2,
0, 1/2) [33,35]. ƒµ·¨§µ´É ²Ó´Ò³¨ ²¨´¨Ö³¨
µÉ³¥Î¥´Ò É¥µ·¥É¨Î¥¸±¨¥ §´ Î¥´¨Ö ¨´É¥´-
¸¨¢´µ¸É¨, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ ¶µ¸²¥¤µ¢ É¥²Ó-
´µ¸É¨ Ë §µ¢ÒÌ ¸µ¸ÉµÖ´¨°, ¶µ± § ´´µ° ´ 
·¨¸.44

‚ ÔÉµ³ ¸²ÊÎ ¥ ¶·µÖ¢¨²¨¸Ó ¸ÊÐ¥-
¸É¢¥´´Ò¥ ´¥¸µµÉ¢¥É¸É¢¨Ö Ô±¸¶¥·¨-
³¥´É ²Ó´ÒÌ ¤ ´´ÒÌ ¶µ µÉ´µÏ¥´¨Õ
± É¥µ·¨¨ [82]. �·¥¦¤¥ ¢¸¥£µ, ÔÉµ
§´ Î¥´¨¥ ±·¨É¨Î¥¸±µ£µ ¶µ²Ö ¶¥·¥-
Ìµ¤  ¢ ¸µ· §³¥·´ÊÕ ¸É·Ê±ÉÊ·Ê, ±µÉµ-
·µ¥, ¶µ ·¥§Ê²ÓÉ É ³ É¥µ·¥É¨Î¥¸±µ£µ
 ´ ²¨§ , ¤µ²¦´µ ¡ÒÉÓ µ±µ²µ 100 ±�.
Š·µ³¥ Éµ£µ, ´ ²¨Î¨¥ ¶² Éµ ¢ ¨´-
É¥·¢ ²¥ µÉ 100 ¤µ 140 ±� ´¥ ¸²¥-
¤Ê¥É ¨§ · ¡µÉÒ [84], ÎÉµ É ±¦¥ ³µ-
¦¥É ¸¢¨¤¥É¥²Ó¸É¢µ¢ ÉÓ µ ¡µ²¥¥ ¸²µ¦-
´µ³ Ì · ±É¥·¥ ¨§³¥´¥´¨Ö ³ £´¨É´µ°
¸É·Ê±ÉÊ·Ò, Î¥³ ÔÉµ ¶·¥¤¸± §Ò¢ ²µ¸Ó
É¥µ·¨¥°.

7.3. Š·¨¸É ²² DyAg ¨³¥¥É ±Ê-
¡¨Î¥¸±ÊÕ ¸É·Ê±ÉÊ·Ê É¨¶  CsCl,
TN = 56, 6 K. �·¨ T < 46, 5 K ³ £-
´¨É´Ò¥ ¨µ´Ò ¤¨¸¶·µ§¨Ö µ¡· §ÊÕÉ
´¥±µ²²¨´¥ ·´ÊÕ  ´É¨Ë¥··µ³ £´¨É-
´ÊÕ ¸É·Ê±ÉÊ·Ê ¸ ³ £´¨É´µ° ÖÎ¥°-
±µ°, Ê¤¢µ¥´´µ° ¶µ ± ¦¤µ° µ¸¨ µÉ´µ-
¸¨É¥²Ó´µ ±·¨¸É ²²¨Î¥¸±µ° ÖÎ¥°±¨.
�·¨ ÔÉµ³ ³ £´¨É´Ò¥ ³µ³¥´ÉÒ ´ -
¶· ¢²¥´Ò ¶µ ±·¨¸É ²²µ£· Ë¨Î¥¸±¨³
µ¸Ö³ É¨¶  [111], ± ± ÔÉµ ¶µ± § ´µ
´  ·¨¸. 44,a [83,84]. ˆ§³¥·¥´¨Ö ´ -
³ £´¨Î¥´´µ¸É¨ [84] ¶·¨ T = 4, 2 K
¢ ³ £´¨É´µ³ ¶µ²¥, ´ ¶· ¢²¥´´µ³ ¶µ
µ¸¨ [001], ¸¢¨¤¥É¥²Ó¸É¢µ¢ ²¨ µ ¤¢ÊÌ
Ë §µ¢ÒÌ ¶¥·¥Ìµ¤ Ì: ¶·¨ Hc1 =
76 ±� ¨ Hc2 = 102 ±� ¸ ¸µµÉ¢¥É¸É¢Ê-
ÕÐ¨³¨ ¸± Î± ³¨ ´ ³ £´¨Î¥´´µ¸É¨
1,9 ¨ 1,2 µB . �Ò²µ ¶·¥¤²µ¦¥´µ ´¥-
¸±µ²Ó±µ ³µ¤¥²¥° [84,85,38] ¸¶¨´µ-

¢ÒÌ ¸É·Ê±ÉÊ· Ë §µ¢ÒÌ ¸µ¸ÉµÖ´¨°, ¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì ÔÉ¨³ ¶¥·¥Ìµ¤ ³. �·¨-
¢¥¤¥³ ´  ·¨¸. 44 Éµ²Ó±µ µ¤´Ê ¶µ¸²¥¤µ¢ É¥²Ó´µ¸ÉÓ ¸µ¸ÉµÖ´¨° [38], ±µÉµ· Ö
¶µ²ÊÎ¨²  ¢ ±µ´Í¥ ±µ´Íµ¢ ¶µ¤É¢¥·¦¤¥´¨¥ ¢ ´¥°É·µ´´ÒÌ ¨§³¥·¥´¨ÖÌ ¸ ¨³-
¶Ê²Ó¸´Ò³ ³ £´¨É´Ò³ ¶µ²¥³ (´  ·¨¸Ê´±¥ ¶µ± § ´ ²¨ÏÓ Ì · ±É¥· Î¥·¥¤µ¢ ´¨Ö
´ ¶· ¢²¥´¨° ³ £´¨É´ÒÌ ³µ³¥´Éµ¢, ¡¥§ ÊÎ¥É  µÉ±²µ´¥´¨° µÉ µ¸¥° É¨¶  [111] ¢
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³ £´¨É´µ³ ¶µ²¥). „¢¥ ¤·Ê£¨¥ ³µ¤¥²¨ µÉ²¨Î ÕÉ¸Ö ²¨ÏÓ Ì · ±É¥·µ³ ¸É·Ê±ÉÊ·Ò
¢ ¤¨ ¶ §µ´¥ Hc1 < H < Hc2.

„²Ö µ¤´µ§´ Î´µ£µ µ¶·¥¤¥²¥´¨Ö ¶µ¸²¥¤µ¢ É¥²Ó´µ¸É¨ Ë §µ¢ÒÌ ¸µ¸ÉµÖ´¨°
¶µÉ·¥¡µ¢ ²µ¸Ó ¶·µ¨§¢¥¸É¨ ´¥°É·µ´´Ò¥ ¨§³¥·¥´¨Ö ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ´ 
É·¥Ì ¤¨Ë· ±Í¨µ´´ÒÌ µÉ· ¦¥´¨ÖÌ: (1/2,1/2,0), (1,1/2,1/2) ¨ (3/2,0,1/2). � 
·¨¸. 45 ¶µ± § ´µ ´¥¸±µ²Ó±µ ´¥°É·µ´µ£· ³³ ¤¨Ë· ±Í¨µ´´µ£µ ¶¨±  (1/2,1/2,0),
¶µ²ÊÎ¥´´ÒÌ ¶·¨ T = 4, 2 K.

�  ·¨¸. 46 µÉ²µ¦¥´Ò ¨´É¥´¸¨¢´µ¸É¨ ¤¨Ë· ±Í¨µ´´ÒÌ ¶¨±µ¢ ¶·¨ ¸µµÉ-
¢¥É¸É¢ÊÕÐ¨Ì §´ Î¥´¨ÖÌ  ³¶²¨ÉÊ¤Ò ¨³¶Ê²Ó¸µ¢. ‡¤¥¸Ó ¦¥ £µ·¨§µ´É ²Ó´Ò³¨
²¨´¨Ö³¨ µÉ²µ¦¥´Ò ¨´É¥´¸¨¢´µ¸É¨, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ ¸Ì¥³¥ ¸É·Ê±ÉÊ·, ¶µ± -
§ ´´µ° ´  ·¨¸. 44. ‘µ¢¶ ¤¥´¨¥ Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ ¤ ´´ÒÌ ¸ ÔÉ¨³¨ §´ Î¥´¨-
Ö³¨ ¨´É¥´¸¨¢´µ¸É¨, ¢ ¶·¥¤¥² Ì ÉµÎ´µ¸É¨ ¨§³¥·¥´¨°, ¶µ¸²Ê¦¨²µ ¤²Ö  ¢Éµ·µ¢
µ¸´µ¢ ´¨¥³ ¤²Ö ¶µ¤É¢¥·¦¤¥´¨Ö ¸Ì¥³Ò ¶·¥µ¡· §µ¢ ´¨° ¸¶¨´µ¢ÒÌ ¸É·Ê±ÉÊ·,
¶µ± § ´´µ° ´  ·¨¸. 44.

8. „ˆ”��Š–ˆ���›‰ �Š‘�…�ˆŒ…�’
‘ ˆŒ�“‹œ‘�›Œ ��‹…Œ �� TRIGA-�…�Š’��… [41]

Š·¨¸É ²² MnF2 ¸ É¥É· £µ´ ²Ó´µ° ¸É·Ê±ÉÊ·µ° Ö¢²Ö¥É¸Ö É¨¶¨Î´Ò³ ±µ²-
²¨´¥ ·´Ò³  ´É¨Ë¥··µ³ £´¥É¨±µ³ ¸ ³ £´¨É´Ò³¨ ³µ³¥´É ³¨, ´ ¶· ¢²¥´´Ò³¨
¶µ µ¸¨ [001]. �·¨ ´¨§±¨Ì É¥³¶¥· ÉÊ· Ì ¢ ³ £´¨É´µ³ ¶µ²¥, ¶ · ²²¥²Ó´µ³
ÔÉµ° µ¸¨, ¶·µ¨¸Ìµ¤¨É Ë §µ¢Ò° ¶¥·¥Ìµ¤ ¢ ¸µ¸ÉµÖ´¨¥, ¢ ±µÉµ·µ³ ³µ³¥´ÉÒ ¸É -
´µ¢ÖÉ¸Ö ¶·¨¡²¨§¨É¥²Ó´µ ¶¥·¶¥´¤¨±Ê²Ö·´Ò³¨ µ¸¨ [001] (¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤).
�·¨ T = 4, 2 K ±·¨É¨Î¥¸±µ¥ §´ Î¥´¨¥ ¶µ²Ö ¤²Ö ÔÉµ£µ ¶¥·¥Ìµ¤  Hcr = 92 ±�
[86].

Œ £´¨É´µ¥ ¶µ²¥ ¢ Ô±¸¶¥·¨³¥´É¥ ´  ·¥ ±Éµ·¥ ¡Ò²µ ´ ¶· ¢²¥´µ ¢¥·É¨-
± ²Ó´µ, ¢¤µ²Ó µ¸¨ [001] ±·¨¸É ²² . �¡· §¥Í ¡Ò² ¶µ³¥Ð¥´ ¢ ³µ´µÌ·µ³ É¨Î¥-
¸±¨° ¶ÊÎµ± ´¥°É·µ´µ¢ (¶µ¸²¥ ±·¨¸É ²²¨Î¥¸±µ£µ ¶¨·µ£· Ë¨É -³µ´µÌ·µ³ Éµ· ).
ˆ§³¥·Ö² ¸Ó ¨´É¥´¸¨¢´µ¸ÉÓ  ´É¨Ë¥··µ³ £´¨É´µ£µ ¤¨Ë· ±Í¨µ´´µ£µ ¶¨±  (100).

�¨¸. 47. ‚·¥³¥´´ Ö § ¢¨¸¨³µ¸ÉÓ ¨´É¥´-
¸¨¢´µ¸É¨ · ¸¸¥Ö´¨Ö ¢ ¶¨±¥ (100) ´  ³µ-
´µ±·¨¸É ²²¥ MnF2, ¶µ²ÊÎ¥´´ Ö §  µ¤¨´
¨³¶Ê²Ó¸ ³ £´¨É´µ£µ ¶µ²Ö ´  TRIGA-·¥-
 ±Éµ·¥, · ¡µÉ ÕÐ¥³ ¢ ·¥¦¨³¥ µ¤¨´µÎ-
´ÒÌ ¢¸¶ÒÏ¥± ³µÐ´µ¸É¨ [41]. ‡¤¥¸Ó ¦¥
¶µ± § ´  Ëµ·³  ¨³¶Ê²Ó¸  ³ £´¨É´µ£µ
¶µ²Ö. ˆ¸Î¥§´µ¢¥´¨¥  ´É¨Ë¥··µ³ £´¨É-
´µ£µ µÉ· ¦¥´¨Ö (100) ¸¢¨¤¥É¥²Ó¸É¢Ê¥É µ
¸¶¨´-Ë²µ¶-¶¥·¥Ìµ¤¥. Hcr = 92 ±� Å
±·¨É¨Î¥¸±µ¥ §´ Î¥´¨¥ ¶µ²Ö É ±µ£µ ¶¥·¥-
Ìµ¤  ¶·¨ T = 4, 2 K, ¨§¢¥¸É´µ¥ ¨§ ³ £-
´¨É´ÒÌ ¨§³¥·¥´¨° [86]
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ŒµÐ´µ¸ÉÓ ·¥ ±Éµ·  ¢ µ¤¨´µÎ´µ° ¢¸¶ÒÏ±¥ ¸µ¸É ¢²Ö²  364 Œ‚É. „²¨É¥²Ó´µ¸ÉÓ
¨³¶Ê²Ó¸  ³ £´¨É´µ£µ ¶µ²Ö ¸µ¸É ¢²Ö²  2500 ³±¸ ¶·¨  ³¶²¨ÉÊ¤¥ µ±µ²µ 230 ±�.
ˆ³¶Ê²Ó¸ ¶µ²Ö ¸¨´Ì·µ´¨§¨·µ¢ ²¸Ö ¸ µ¤´µ±· É´µ° ¢¸¶ÒÏ±µ° ³µÐ´µ¸É¨ ·¥ ±-
Éµ·  É ±, ÎÉµ¡Ò ³ ±¸¨³Ê³ ¶µ²Ö ¶·¨Ìµ¤¨²¸Ö ´  ³ ±¸¨³ ²Ó´ÊÕ ¨´É¥´¸¨¢´µ¸ÉÓ
¶ ¤ ÕÐ¨Ì ´  µ¡· §¥Í ´¥°É·µ´µ¢.

�µ²ÊÎ¥´´ Ö ¢ Ô±¸¶¥·¨³¥´É¥ ¢·¥³¥´´ Ö § ¢¨¸¨³µ¸ÉÓ ¨´É¥´¸¨¢´µ¸É¨ · ¸-
¸¥Ö´¨Ö, ¶µ²ÊÎ¥´´ Ö §  µ¤¨´ ¨³¶Ê²Ó¸, ¶·¨¢¥¤¥´  ´  ·¨¸. 47. ‡¤¥¸Ó ¦¥ ¶µ± § ´ 
Ëµ·³  ¨³¶Ê²Ó¸  ³ £´¨É´µ£µ ¶µ²Ö. “³¥´ÓÏ¥´¨¥ ¨´É¥´¸¨¢´µ¸É¨ ¤µ ´Ê²¥¢µ£µ
§´ Î¥´¨Ö ¸¢¨¤¥É¥²Ó¸É¢Ê¥É µ ¶¥·¥Ìµ¤¥ ±·¨¸É ²²  ¢ ¸¶¨´-Ë²o¶-¸µ¸ÉµÖ´¨¥. �·¨
ÔÉµ³  ´¨§µÉ·µ¶¨Ö ¢ ¶²µ¸±µ¸É¨ (xy) É ±µ¢ , ÎÉµ µ¸Ó  ´É¨Ë¥··µ³ £´¥É¨§³ 
¸É ´µ¢¨É¸Ö ¶ · ²²¥²Ó´µ° µ¸¨ [100], É.¥. ¶¥·¶¥´¤¨±Ê²Ö·´µ° ¢¥±Éµ·Ê · ¸¸¥Ö´¨Ö
´¥°É·µ´µ¢. ˜¨·¨´  ¶·µ¢ ²  ¢ ¸¶¥±É·¥ ¸²Ê¦¨É ± Î¥¸É¢¥´´Ò³ ¶µ¤É¢¥·¦¤¥´¨¥³
±·¨É¨Î¥¸±µ£µ §´ Î¥´¨Ö ¶µ²Ö, ¨§¢¥¸É´µ£µ ¨§ ³ £´¨É´ÒÌ ¨§³¥·¥´¨°.

9. ‡�Š‹	—ˆ’…‹œ�›… ‡�Œ…—��ˆŸ

ˆ§ ¶·¥¤¸É ¢²¥´´µ£µ µ¡§µ·  ¢¨¤´µ, ÎÉµ §  É·¨¤Í ÉÓ ²¥É, ¶·µÏ¥¤Ï¨Ì ¶µ¸²¥
¶¥·¢ÒÌ ´¥°É·µ´´ÒÌ Ô±¸¶¥·¨³¥´Éµ¢ ¸ ¨³¶Ê²Ó¸´Ò³ ³ £´¨É´Ò³ ¶µ²¥³, ´ ¡¨-
· ¥É¸Ö ´¥ ¡µ²¥¥ ¤¥¸ÖÉ¨ Ê¸¶¥Ï´ÒÌ ¨¸¸²¥¤µ¢ ´¨° ³ £´¨É´ÒÌ ¸¢µ°¸É¢ ±·¨¸É ²-
²¨Î¥¸±¨Ì ¢¥Ð¥¸É¢. ‘¢Ö§ ´µ ÔÉµ, ¶·¥¦¤¥ ¢¸¥£µ, ¸ É¥³, ÎÉµ ¶·¨ ¢Ò¶µ²´¥´¨¨
É ±¨Ì · ¡µÉ µ¡ÒÎ´µ ¨¸¶ÒÉÒ¢ ¥É¸Ö ´¥¤µ¸É Éµ± ¨³¶Ê²Ó¸´µ£µ ¶µÉµ±  ´¥°É·µ-
´µ¢,   É ±¦¥ ¸ ´¥µ¡Ìµ¤¨³µ¸ÉÓÕ · §· ¡µÉ±¨ ¤µ¸É ÉµÎ´µ ¸²µ¦´ÒÌ ¨³¶Ê²Ó¸´ÒÌ
³ £´¨É´ÒÌ Ê¸É ´µ¢µ±, ´¥ ¨³¥ÕÐ¨Ì  ´ ²µ£µ¢ ¢ ¶· ±É¨±¥ µ¡ÒÎ´ÒÌ ¨¸¸²¥¤µ¢ -
´¨° ³ £´¨É´ÒÌ ¸¢µ°¸É¢ ¢¥Ð¥¸É¢ . ’µ²Ó±µ ¸ § ¶Ê¸±µ³ ¨³¶Ê²Ó¸´µ£µ ·¥ ±Éµ· 
ˆ��-2 ¨ ¸µ§¤ ´¨¥³ ¢ 1988 £. ¸¶¥±É·µ³¥É·  ‘�ˆŒ-2 ´¥ Éµ²Ó±µ µÉ¶ ²  ¶·µ-
¡²¥³  ´¥Ì¢ É±¨ ´¥°É·µ´µ¢, ´µ ¨ §´ Î¨É¥²Ó´µ · ¸Ï¨·¨²¸Ö ±·Ê£ Ë¨§¨Î¥¸±¨Ì
§ ¤ Î ¶·¨ ¶·µ¢¥¤¥´¨¨ ´¥°É·µ´´ÒÌ ¨¸¸²¥¤µ¢ ´¨° §  ¸Î¥É ³ ²µÊ£²µ¢µ£µ ¨ ´¥-
Ê¶·Ê£µ£µ ±µ£¥·¥´É´µ£µ · ¸¸¥Ö´¨Ö ´  ³µ´µ±·¨¸É ²² Ì. ‘ ¸µ§¤ ´¨¥³ ³µÐ´ÒÌ
¨³¶Ê²Ó¸´ÒÌ ¨¸ÉµÎ´¨±µ¢ ´¥°É·µ´µ¢ ´  µ¸´µ¢¥ ¶·µÉµ´´ÒÌ Ê¸±µ·¨É¥²¥° ¶µÖ¢²Ö-
ÕÉ¸Ö ´µ¢Ò¥ ¢µ§³µ¦´µ¸É¨ ¤¨Ë· ±Í¨µ´´ÒÌ ¨¸¸²¥¤µ¢ ´¨° ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³.
�¥ ²¨§µ¢ ´´Ò³ ¶·¨³¥·µ³ Ê¸¶¥Ï´µ£µ ¨¸¶µ²Ó§µ¢ ´¨Ö É ±µ£µ ¨¸ÉµÎ´¨±  Ö¢²Ö-
ÕÉ¸Ö ¤¨Ë· ±Í¨µ´´Ò¥ · ¡µÉÒ ¢ KEK ¢ Ÿ¶µ´¨¨. �¥¸±µ²Ó±µ ²¥É ´ § ¤ ´ Î É 
· §· ¡µÉ±  ¤¨Ë· ±Éµ³¥É·  ¸ ¨³¶Ê²Ó¸´Ò³ ³ £´¨É´Ò³ ¶µ²¥³ ¤²Ö Ê¸±µ·¨É¥²Ó-
´µ£µ ¨¸ÉµÎ´¨±  ¢ LANSCE (‹µ¸-�² ³µ¸, ‘˜�). Š ¸µ¦ ²¥´¨Õ, ¢ ´ ¸ÉµÖÐ¥¥
¢·¥³Ö ¥¤¨´¸É¢¥´´µ° ËÊ´±Í¨µ´¨·ÊÕÐ¥° Ê¸É ´µ¢±µ° Ö¢²Ö¥É¸Ö ¤¨Ë· ±Éµ³¥É· ¸
¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ¢ KENS. �¥¸³µÉ·Ö ´  Éµ, ÎÉµ ¨³¶Ê²Ó¸´Ò° ¶µÉµ± ´¥°É·µ-
´µ¢ ´  ¸¶¥±É·µ³¥É·¥ ‘�ˆŒ-2 ¡µ²¥¥ Î¥³ ´  ¤¢  ¶µ·Ö¤±  ¶·¥¢ÒÏ ¥É ¶µÉµ±
´¥°É·µ´µ¢ ¢ KEK,   ³µÐ´µ¸ÉÓ ³ £´¨É´µ° Ê¸É ´µ¢±¨ ¢ ´¥¸±µ²Ó±µ · § ¡µ²ÓÏ¥,
Ë¨§¨Î¥¸±¨¥ ¨§³¥·¥´¨Ö ´  ÔÉµ³ ¸¶¥±É·µ³¥É·¥ Ê¦¥ ´¥¸±µ²Ó±µ ²¥É ´¥ ¶·µ¢µ-
¤ÖÉ¸Ö ¨§-§  ´¥¤µ¸É É±  Ë¨´ ´¸µ¢ÒÌ ¸·¥¤¸É¢.
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‚Ò¶µ²´¥´´Ò¥ ´¥°É·µ´´Ò¥ ¨¸¸²¥¤µ¢ ´¨Ö ¸ ¨³¶Ê²Ó¸´Ò³ ¶µ²¥³ ³µ¦´µ ¡Ò-
²µ ¡Ò · §¤¥²¨ÉÓ ´  ¤¢¥ ± É¥£µ·¨¨. Š ¶¥·¢µ° µÉ´µ¸ÖÉ¸Ö · ¡µÉÒ, ¢ ±µÉµ·ÒÌ
¨¸¶µ²Ó§µ¢ ²µ¸Ó ¶µ²¥ ¢ÒÏ¥ 100 ±�. �É¨ ¨¸¸²¥¤µ¢ ´¨Ö ¶µ¸²Ê¦¨²¨ ¶µ¤É¢¥·-
¦¤¥´¨¥³ (¨²¨ µ¶·µ¢¥·¦¥´¨¥³) ·¥§Ê²ÓÉ Éµ¢, ¶µ²ÊÎ¥´´ÒÌ ¤µ ÔÉµ£µ ´  µ¸´µ¢ -
´¨¨ ³ £´¨É´ÒÌ ¨§³¥·¥´¨°. �µÔÉµ³Ê µ´¨ Ö¢²ÖÕÉ¸Ö ¢ ´¥±µÉµ·µ³ ¸³Ò¸²¥ ¢Éµ-
·¨Î´Ò³¨. Š É ±¨³ · ¡µÉ ³ µÉ´µ¸ÖÉ¸Ö, ¶·¥¦¤¥ ¢¸¥£µ, ¨¸¸²¥¤µ¢ ´¨Ö Ö¶µ´¸±µ°
£·Ê¶¶Ò,   É Š¦¥ ·¥§Ê²ÓÉ É ¨§³¥·¥´¨° ´  TRIGA-·¥ ±Éµ·¥. Šµ ¢Éµ·µ° ± É¥£µ-
·¨¨ ¸²¥¤Ê¥É µÉ´¥¸É¨ ¡µ²ÓÏÊÕ Î ¸ÉÓ ·¥§Ê²ÓÉ Éµ¢ ¨¸¸²¥¤µ¢ ´¨° ´  ·¥ ±Éµ· Ì
ˆ��, ˆ��-30 ¨ ˆ��-2. �´¨ ¶µ²ÊÎ¥´Ò, ¢ µ¸´µ¢´µ³, ¸ ³¥´ÓÏ¨³¨ §´ Î¥´¨-
Ö³¨ ¶µ²Ö ¨ Ö¢²ÖÕÉ¸Ö ´¥¸±µ²Ó±µ ´¥µ¦¨¤ ´´Ò³¨ ¶µ Ì · ±É¥·Ê. „¨´ ³¨Î¥-
¸±¨° £¨¸É¥·¥§¨¸, µ¡´ ·Ê¦¥´´Ò° ¶·¨ ³ £´¨É´ÒÌ Ë §µ¢ÒÌ ¶¥·¥Ìµ¤ Ì ¶¥·¢µ£µ
·µ¤ , ¥¤¢  ²¨ ³µ£ ¡ÒÉÓ § Ë¨±¸¨·µ¢ ´ ¶ÊÉ¥³ µ¡ÒÎ´ÒÌ ³ £´¨É´ÒÌ ¨§³¥·¥´¨°
¶·¨ Éµ° ÉµÎ´µ¸É¨, ¸ ±µÉµ·µ° µ´¨ ¤¥² ÕÉ¸Ö. �¥£¨¸É· Í¨Ö · ¸¸¥Ö´¨Ö ´  ³¥²-
±¨Ì § ·µ¤ÒÏ Ì Ë §µ¢µ£µ ¸µ¸ÉµÖ´¨Ö ¢ ³ £´¨ÉµÊ¶µ·Ö¤µÎ¥´´ÒÌ ±·¨¸É ²² Ì ¶·¨
Ë §µ¢ÒÌ ¶¥·¥Ìµ¤ Ì ¢µµ¡Ð¥ ¢µ§³µ¦´  ¶µ±  Éµ²Ó±µ ¸ ¶µ³µÐÓÕ ´¥°É·µ´´µ£µ
³¥Éµ¤ .

�¥§Ê²ÓÉ ÉÒ ¶µ  ´É¨Ë¥··µ³ £´¥É¨§³Ê, ¨´¤ÊÍ¨·µ¢ ´´µ³Ê ¢´¥Ï´¨³ ¶µ²¥³
¢ ·¥¤±µ§¥³¥²Ó´µ³ µ·ÉµË¥··¨É¥, ¢¶µ²´¥ ³µ£²¨ ¡ÒÉÓ ¶µ²ÊÎ¥´Ò ¨ ¢ ¶µ¸ÉµÖ´-
´µ³ ³ £´¨É´µ³ ¶µ²¥ (¥¸²¨ ¡Ò § · ´¥¥ ³µ¦´µ ¡Ò²µ ¶·¥¤¶µ²µ¦¨ÉÓ ¢¥²¨Î¨´Ê
ÔËË¥±É  ¢ · ¸¸¥Ö´¨¨ ´¥°É·µ´µ¢). �µ § Éµ ¢ ÔÉµ° · ¡µÉ¥ ¶·µÖ¢¨²¨¸Ó Ê´¨-
± ²Ó´Ò¥ ¢µ§³µ¦´µ¸É¨ ´¥°É·µ´´µ° ¤¨Ë· ±Í¨¨, ¶µ§¢µ²ÖÕÐ¥° ·¥£¨¸É·¨·µ¢ ÉÓ
³ ²Ò¥ §´ Î¥´¨Ö  ´É¨Ë¥··µ³ £´¨É´µ° ±µ³¶µ´¥´ÉÒ ³ £´¨É´µ£µ Ê¶µ·Ö¤µÎ¥´¨Ö,
±µÉµ·Ò¥ ´¥¤µ¸ÉÊ¶´Ò ¤²Ö ®±² ¸¸¨Î¥¸±¨Ì¯ ³ £´¨É´ÒÌ ³¥Éµ¤µ¢ ¨§³¥·¥´¨°.
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�.�.Ko¸Ö±µ¢

�µ¸¸¨°¸±¨° Ë¥¤¥· ²Ó´Ò° Ö¤¥·´Ò° Í¥´É· ‚�ˆˆ�”, ‘ ·µ¢

„ ´µ Ë¨§¨Î¥¸±µ¥ ¨¸Éµ²±µ¢ ´¨¥ Ê¸²µ¢¨Ö ¶¥·¥´µ·³¨·Ê¥³µ¸É¨. �µ± § ´µ, ÎÉµ ¶¥·¥´µ·³¨·Ê-
¥³Ò¥ ±¢ ´Éµ¢Ò¥ É¥µ·¨¨ ¶µ²Ö µ¶¨¸Ò¢ ÕÉ É ±¨¥ ¸¨¸É¥³Ò, ¤²Ö ±µÉµ·ÒÌ É¥´¤¥´Í¨Ö ± ±µ²² ¶¸Ê,
¸¢Ö§ ´´ Ö ¸ ¢ ±ÊÊ³´Ò³¨ Ë²Ê±ÉÊ Í¨Ö³¨ ¢§ ¨³µ¤¥°¸É¢¨Ö, ¶µ¤ ¢²Ö¥É¸Ö ¢ ±ÊÊ³´Ò³¨ Ë²Ê±ÉÊ Í¨Ö³¨
±¨´¥É¨Î¥¸±µ° Ô´¥·£¨¨. ˆ§ ±² ¸¸¨Ë¨± Í¨¨ Éµ¶µ²µ£¨Î¥¸±¨Ì É¨¶µ¢ Ô¢µ²ÕÍ¨¨ Î ¸É¨Í ¨  ´ ²¨§ 
§ ¤ Î¨ µ ¶ ¤¥´¨¨ ´  Í¥´É· ¶µ²ÊÎ¥´ µ¡Ð¨° ±·¨É¥·¨° ¶·¥¤µÉ¢· É¨³µ¸É¨ ±µ²² ¶¸ , ¸µ£² ¸´µ ±µ-
Éµ·µ³Ê ¸¶¥±É· £ ³¨²ÓÉµ´¨ ´  ¤µ²¦¥´ ¡ÒÉÓ µ£· ´¨Î¥´ ¸´¨§Ê. ƒµ²µ£· Ë¨Î¥¸±¨° ¶·¨´Í¨¶ ¨¸-
¶µ²Ó§Ê¥É¸Ö ¤²Ö µ¡ÑÖ¸´¥´¨Ö ¶·¨·µ¤Ò  ´µ³ ²¨° ¨ ÊÉµÎ´¥´¨Ö ¸¢Ö§¨ ³¥¦¤Ê ¶¥·¥´µ·³¨·Ê¥³µ¸ÉÓÕ ¨
µ¡· É¨³µ¸ÉÓÕ ¢µ ¢·¥³¥´¨.

A plausible physical interpretation of the renormalizability condition is given. It is shown
that renormalizable quantum ˇled theories describe such systems wherein the tendency to collapse
associated with vacuum 
uctuations of the interaction is suppressed by vacuum 
uctuations of kinetic
energy. Relaying on the classiˇcation of topological types of the particle evolution and analysis of
the problem of the fall to the centre, we obtain a general criterion for the preventability of collapse
wich states that the Hamiltonian spectrum must be bounded from below. A holographic principle is
used to explain the origin of anomalies and make precise the relation between renormalizability and
reversibility in time.

1. ‚‚…„…�ˆ…

‚µ²´ÊÕÐ¨³ ¸µ¡ÒÉ¨¥³ ¢ ¸µ¢·¥³¥´´µ° ¨¸Éµ·¨¨ É¥µ·¥É¨Î¥¸±µ° Ë¨§¨±¨
Ö¢¨²µ¸Ó ¶·¨¸Ê¦¤¥´¨¥ �µ¡¥²¥¢¸±µ° ¶·¥³¨¨ ¶µ Ë¨§¨±¥ §  1999 £. ƒ¥· ·¤Ê
'É •µµËÉÊ ¨ Œ ·É¨´Ê¸Ê ‚¥²É³ ´Ê ®... §  ¶·µÖ¸´¥´¨¥ ±¢ ´Éµ¢µ° ¸É·Ê±ÉÊ·Ò
Ô²¥±É·µ¸² ¡ÒÌ ¢§ ¨³µ¤¥°¸É¢¨° ¢ Ë¨§¨±¥ Ô²¥³¥´É ·´ÒÌ Î ¸É¨Í¯. ‘¶¥Í¨ ²¨-
¸É ³ ¨§¢¥¸É´µ, ÎÉµ µË¨Í¨ ²Ó´ Ö Ëµ·³Ê²¨·µ¢±  Šµ·µ²¥¢¸±µ°  ± ¤¥³¨¨ ´ Ê±
˜¢¥Í¨¨ ¶µ¤· §Ê³¥¢ ¥É ¢¶µ²´¥ ±µ´±·¥É´ÊÕ § ¸²Ê£Ê Å ¤µ± § É¥²Ó¸É¢o ¶¥·¥-
´µ·³¨·Ê¥³µ¸É¨ ³µ¤¥²¨ Ÿ´£ ÄŒ¨²²¸ Ä•¨££¸ . —Éµ ¦¥ ± ¸ ¥É¸Ö Ï¨·µ±µ° Ë¨-
§¨Î¥¸±µ°  Ê¤¨Éµ·¨¨, Éµ ¤²Ö ´¥¥ §´ Î¥´¨¥ ÔÉµ£µ ¤µ¸É¨¦¥´¨Ö ¥¤¢  ²¨ Í¥²¨±µ³
¶µ´ÖÉ´µ, ¶µ¸±µ²Ó±Ê Ë¨§¨Î¥¸±¨° ¸³Ò¸² ¶¥·¥´µ·³¨·Ê¥³µ¸É¨ ¤µ ¸¨Ì ¶µ· ³ ²µ
µ¸¢¥Ð ²¸Ö ¢ ²¨É¥· ÉÊ·¥. ‚µ§³µ¦´µ, ´ ¸ÉÊ¶¨² ÉµÉ ³µ³¥´É, ±µ£¤  Ê³¥¸É´µ µ¡-
¸Ê¦¤¥´¨¥ ¶¥·¥´µ·³¨·Ê¥³µ¸É¨ ´  Ê·µ¢´¥, ¡²¨§±µ³ ± ®¨´ÉÊ¨É¨¢´µ³Ê¯.

‘²¥¤Ê¥É Î¥É±µ · §²¨Î ÉÓ ¶µ´ÖÉ¨Ö ¶¥·¥´µ·³¨·µ¢±¨ ¨ ¶¥·¥´µ·³¨·Ê¥³µ¸É¨.
� Ï  Í¥²Ó Å ¶µ¤·µ¡´µe µ¡¸Ê¦¤¥´¨e ¢Éµ·µ£µ ¨§ ´¨Ì. ”¨§¨Î¥¸±¨° ¸³Ò¸² ¶¥·-
¢µ£µ ¤µ¸É ÉµÎ´µ ¶·µ§· Î¥´; µ£· ´¨Î¨³¸Ö ¶µ ÔÉµ³Ê ¶µ¢µ¤Ê ²¨ÏÓ ¸²¥¤ÊÕÐ¨³
±·aÉ±¨³ § ³¥Î ´¨e³.
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O ¶¥·¥´µ·³¨·µ¢±e ³ ¸¸Ò ¢ ¸¨¸É¥³ Ì ¸ ¡¥¸±µ´¥Î´Ò³ Î¨¸²µ³ ¸É¥¶¥´¥°
¸¢µ¡µ¤Ò §´ ²¨ ¤ ¢´µ Å ¥Ð¥ ¢ XIX ¢¥±¥. �·¥¤¸É ¢¨³ ¸¥¡¥ ¸Ë¥·¨Î¥¸±µ¥ É¥²µ
³ ¸¸µ° M0, ±µÉµ·µ¥ ¤¢¨¦¥É¸Ö ¸µ ¸±µ·µ¸ÉÓÕ v ¢ ¨¤¥ ²Ó´µ° ¦¨¤±µ¸É¨. ˆ§
£¨¤·µ¤¨´ ³¨±¨ ¨§¢¥¸É´µ, ÎÉµ ±¨´¥É¨Î¥¸± Ö Ô´¥·£¨Ö ¸¨¸É¥³Ò, ¸µ¸ÉµÖÐ¥° ¨§
ÔÉµ£µ É¥²  ¨ Ê¢²¥± ¥³µ° ¨³ ¦¨¤±µ¸É¨, · ¢´a (1/2)Mv2, £¤¥ M = M0 + δM ,
¶·¨Î¥³ δM Å ¶·¨¸µ¥¤¨´¥´´ Ö ³ ¸¸ , · ¢´ Ö ¶µ²µ¢¨´¥ ³ ¸¸Ò ¦¨¤±µ¸É¨, ¢Ò-
É¥¸´Ö¥³µ° É¥²µ³, a c¨² , ¶·¨²µ¦¥´´ Ö ± É¥²Ê, ¸µ§¤ ¥É Ê¸±µ·¥´¨¥, µ¡· É´µ
¶·µ¶µ·Í¨µ´ ²Ó´µ¥ M . ’ ±¨³ µ¡· §µ³, ¤¨´ ³¨Î¥¸±¨¥ § ±µ´Ò ¢ ¦¨¤±µ¸É¨
µ¸É ÕÉ¸Ö É¥³¨ ¦¥, ÎÉµ ¨ ¢ ¢ ±ÊÊ³¥, ´µ ³ ¸¸  ³µ¦¥É ¨§³¥´¨ÉÓ¸Ö ¢¥¸Ó³  §´ -
Î¨É¥²Ó´µ. � ¶·¨³¥·, ¶µ³¥Ð Ö Ï ·¨± ¶¨´£-¶µ´£  ¢ ¸µ¸Ê¤ ¸ ·ÉÊÉÓÕ, ³Ò ¨³¥¥³
¤¥²µ ¸ µ¡Ñ¥±Éµ³, ¢ 80 · § ¡µ²¥¥ ³ ¸¸¨¢´Ò³, Î¥³ ÉµÉ, ±µÉµ·Ò³ ¶·¨¢Ò±²¨
¨£· ÉÓ ¢ µ¡ÒÎ´ÒÌ Ê¸²µ¢¨ÖÌ. …¸²¨ É¥²µ ´¥²Ó§Ö ¨§¢²¥ÎÓ ¨§ ¦¨¤±µ¸É¨, Éµ ¥£µ
¨´¥·É´Ò¥ ¸¢µ°¸É¢  Ì · ±É¥·¨§ÊÕÉ¸Ö ¶¥·¥´µ·³¨·µ¢ ´´µ° ³ ¸¸µ° M ,   ¨§³¥-
·¥´¨¥ M0 ¸É ´µ¢¨É¸Ö ´¥¢µ§³µ¦´Ò³. ˆ¸Ìµ¤Ö ¨§  ´ ²µ£¨¨ ³¥¦¤Ê £¨¤·µ¤¨´ -
³¨Î¥¸±µ° ¸·¥¤µ° ¨ ÔË¨·µ³, „¦.„¦.’µ³¸µ´ ¢¢¥² ¶µ´ÖÉ¨¥ Ô²¥±É·µ³ £´¨É´µ°
³ ¸¸Ò Ô²¥±É·µ´  δm, ±µÉµ·ÊÕ ´Ê¦´µ ¤µ¡ ¢¨ÉÓ ± ¥£µ ³¥Ì ´¨Î¥¸±µ° ³ ¸¸¥ m0,
ÎÉµ¡Ò ¶µ²ÊÎ¨ÉÓ ´ ¡²Õ¤ ¥³ÊÕ ³ ¸¸Ê m. (O ¤ ²Ó´¥°Ï¥³ · §¢¨É¨¨ ÔÉµ° ¨¤¥¨ ¢
É·Ê¤ Ì ’µ³¸µ´ , ‹µ·¥´Í  ¨ Š· ³¥·¸  ¸³. ¢ [1].)

‚ ·¥²ÖÉ¨¢¨¸É¸±µ° ±¢ ´Éµ¢µ° É¥µ·¨¨ ³Ò ¢¸É·¥Î ¥³¸Ö ¸ ¶·µÍ¥¸¸ ³¨ ·µ¦¤¥-
´¨Ö ¨  ´´¨£¨²ÖÍ¨¨ Î ¸É¨Í. �´¨ ¶µ·µ¦¤ ÕÉ ¸¶¥Í¨Ë¨Î¥¸±µ¥ ¤²Ö ±¢ ´Éµ¢µ°
É¥µ·¨¨ ¶µ²Ö Ö¢²¥´¨¥ ¶µ²Ö·¨§ Í¨¨ ¢ ±ÊÊ³ , µÉ¢¥É¸É¢¥´´µ¥ §  ¶¥·¥´µ·³¨·µ¢±Ê
±µ´¸É ´É ¸¢Ö§¨. „¥°¸É¢¨É¥²Ó´µ, ¶µ¶ÒÉ ¥³¸Ö ²µ± ²¨§µ¢ ÉÓ Ô²¥±É·µ´ ¢ µ¡² -
¸É¨, ¨³¥ÕÐ¥° · §³¥· ³¥´ÓÏ¥ ¶µ²µ¢¨´Ò ¥£µ ±µ³¶Éµ´µ¢¸±µ° ¤²¨´Ò ¢µ²´Ò.
‘µ£² ¸´µ ¶·¨´Í¨¶Ê ´¥µ¶·¥¤¥²¥´´µ¸É¨, ÔÉµ ¶·¨¢µ¤¨É ± Ë²Ê±ÉÊ Í¨Ö³ Ô´¥·-
£¨¨, ¤µ¸É ÉµÎ´Ò³ ¤²Ö ·µ¦¤¥´¨Ö ¢¨·ÉÊ ²Ó´µ° ¶ ·Ò Ô²¥±É·µ´Ä¶µ§¨É·µ´. —¥³
³¥´ÓÏ¥ µ¡² ¸ÉÓ ²µ± ²¨§ Í¨¨, É¥³ ¸¨²Ó´¥¥ Ë²Ê±ÉÊ Í¨¨ Ô´¥·£¨¨,   §´ Î¨É, É¥³
¡µ²ÓÏ¥ ¶ · §¤¥¸Ó ³µ¦¥É ·µ¤¨ÉÓ¸Ö ¨  ´´¨£¨²¨·µ¢ ÉÓ. �²¥±É·µ´ ¶·¨ÉÖ£¨¢ ¥É
± ¸¥¡¥ ¢¨·ÉÊ ²Ó´Ò¥ ¶µ§¨É·µ´Ò ¨ µÉÉ ²±¨¢ ¥É ¢¨·ÉÊ ²Ó´Ò¥ Ô²¥±É·µ´Ò, ¶µ-
ÔÉµ³Ê ¤¨¶µ²¨ ¶·µ¸É· ´¸É¢¥´´µ · §¤¥²¥´´ÒÌ ¶ · Ô±· ´¨·ÊÕÉ ¥£µ § ·Ö¤. ‡ ·Ö¤
Ô²¥±É·µ´  e, ¨§³¥·¥´´Ò° ´  · ¸¸ÉµÖ´¨¨, ¡o²ÓÏ¥³ ¥£µ ±µ³¶Éµ´µ¢¸±µ° ¤²¨´Ò
¢µ²´Ò, ¶¥·¥´µ·³¨·µ¢ ´ §  ¸Î¥É Ô±· ´¨·µ¢±¨ ¶µ ¸· ¢´¥´¨Õ ¸ ®§ É· ¢µÎ´Ò³¯
§ ·Ö¤µ³ e0. Š·µ³¥ Éµ£µ, ³ ¸¸  m Ô²¥±É·µ´ , Ê±ÊÉ ´´µ£µ ¢ ®ÏÊ¡Ê¯ ¢¨·ÉÊ ²Ó-
´ÒÌ ¶ ·, µ± §Ò¢ ¥É¸Ö ¶¥·¥´µ·³¨·µ¢ ´´µ° ¶µ ¸· ¢´¥´¨Õ ¸ ¥£µ ®§ É· ¢µÎ´µ°¯
³ ¸¸µ° m0.

’ ±¨³ µ¡· §µ³, ¢ ±ÊÊ³ ±¢ ´Éµ¢µ° É¥µ·¨¨ ¶µ²Ö (Š’�) ¨£· ¥É ·µ²Ó ¸·¥¤Ò,
±µÉµ· Ö ¶¥·¥´µ·³¨·Ê¥É ³ ¸¸Ò ¨ ±µ´¸É ´ÉÒ ¸¢Ö§¨. �¥¤ , µ¤´ ±µ, ¢ Éµ³, ÎÉµ
¤²Ö Ë¨§¨Î¥¸±¨ ¨´É¥·¥¸´ÒÌ ² £· ´¦¨ ´µ¢ É ±¨¥ ¶¥·¥´µ·³¨·µ¢±¨ µ± §Ò¢ ÕÉ¸Ö
¡¥¸±µ´¥Î´Ò³¨ ¨²¨, ¢Ò· ¦ Ö¸Ó ¡µ²¥¥ É¥Ì´¨Î¥¸±¨, ¢ÒÎ¨¸²¥´¨e ¶µ¶· ¢µ± ± ³ ¸-
¸ ³ ¨ ±µ´¸É ´É ³ ¸¢Ö§¨ ¶µ Ë¥°´³ ´µ¢¸±¨³ ¶· ¢¨² ³ ´ É ²±¨¢ ¥É¸Ö ´  Ê²Ó-
É· Ë¨µ²¥Éµ¢Ò¥ · ¸Ìµ¤¨³µ¸É¨.

‘ ³aÉ¥³ É¨Î¥¸±µ° ÉµÎ±¨ §·¥´¨Ö ´ ²¨Î¨¥ ÔÉ¨Ì · ¸Ìµ¤¨³µ¸É¥° µ¡Ö§ ´µ
Éµ³Ê Ë ±ÉÊ (¢¶¥·¢Ò¥ Ê± § ´´µ³Ê �.�.�µ£µ²Õ¡µ¢Ò³ [3]), ÎÉµ ¶·µ¨§¢¥¤¥´¨¥
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µ¡µ¡Ð¥´´ÒÌ ËÊ´±Í¨° Å ¶²µÌµ µ¶·¥¤¥²¥´´ Ö µ¶¥· Í¨Ö. ’¥µ·¨Ö ¶¥·¥´µ·-
³¨·µ¢µ±, ¶µ§¢µ²ÖÕÐ Ö ¶µ£²µÉ¨ÉÓ Ê²ÓÉ· Ë¨µ²¥Éµ¢Ò¥ · ¸Ìµ¤¨³µ¸É¨ §  ¸Î¥É
¡¥¸±µ´¥Î´µ° ¶¥·¥´µ·³¨·µ¢±¨ ³ ¸¸ ¨ ±µ´¸É ´É ¸¢Ö§¨, ¤ ¥É µ¤´µ§´ Î´Ò° ·¥-
Í¥¶É, ÎÉµ¡Ò µ¶·¥¤¥²¨ÉÓ ¶·µ¨§¢¥¤¥´¨¥ ¶·µ¶ £ Éµ·µ¢ ¢ ÉµÎ± Ì ¸µ¢¶ ¤¥´¨Ö ¨Ì
 ·£Ê³¥´Éµ¢. �µ É ±µ° ·¥Í¥¶É ¶·¨³¥´¨³ ¤ ²¥±µ ´¥ ¢¸¥£¤ . ‘µ£² ¸´µ É¥µ·¨¨
¶¥·¥´µ·³¨·µ¢µ±, ¢¸¥ ²µ± ²Ó´Ò¥ ±¢ ´Éµ¢Ò¥ É¥µ·¨¨ ¶µ²Ö · §¡¨¢ ÕÉ¸Ö ´  ¤¢ 
±² ¸¸  Å ¶¥·¥´µ·³¨·Ê¥³Ò¥ ¨ ´¥¶¥·¥´µ·³¨·Ê¥³Ò¥. ‚µ§Ó³¥³, ± ¶·¨³¥·Ê, ¸¨-
¸É¥³Ê, Ì · ±É¥·¨§Ê¥³ÊÕ ¶µ²Ö³¨ ¸µ ¸¶¨´ ³¨ 0 ¨ 1/2. �Ê¸ÉÓ ² £· ´¦¨ ´ ¢§ -
¨³µ¤¥°¸É¢¨Ö LI ¶·¥¤¸É ¢²Ö¥É¸Ö ¢ ¢¨¤¥ ¶µ²¨´µ³  ¶µ ¶µ²Ö³, ¶·¨Î¥³ ³µ´µ³
n-° ¸É¥¶¥´¨ ¸µ¤¥·¦¨É ¶·µ¨§¢¥¤¥´¨¥ bn ¸± ²Ö·´ÒÌ, fn ¤¨· ±µ¢¸±¨Ì ¶µ²¥°
¨ kn ¶·µ¨§¢µ¤´ÒÌ. �· ¢¨²µ ¶¥·¥´µ·³¨·Ê¥³µ¸É¨ ¶µ ¸Î¥ÉÊ ¸É¥¶¥´¥°, ÉµÎ´¥¥
¸± § ÉÓ, ¶µ ¨´¤¥±¸Ê

ωn = bn +
3
2

fn + kn − 4 (1)

£² ¸¨É: É¥µ·¨Ö ¸Ê¶¥·¶¥·¥´µ·³¨·Ê¥³ , ¥¸²¨ ωn < 0 ¤²Ö ¢¸¥Ì n, ¶¥·¥´µ·³¨·Ê¥-
³ , ¥¸²¨ ωn ≤ 0, ¨ ´¥¶¥·¥´µ·³¨·Ê¥³ , ¥¸²¨ ωn > 0 ÌµÉÖ ¡Ò ¤²Ö µ¤´µ£µ n∗.

�  ¸¥£µ¤´Ö ¶·µÍ¥¤Ê·  ¶¥·¥´µ·³¨·µ¢µ±, ±µÉµ·ÊÕ ¢ ³ É¥³ É¨§¨·µ¢ ´´ÒÌ
É¥±¸É Ì ¨³¥´ÊÕÉ R-µ¶¥· Í¨¥° �µ£µ²Õ¡µ¢ , · §¢¨É  ¸ ¤µ²¦´µ° ¸É·µ£µ¸ÉÓÕ ¨
¢µ ¢¸¥Ì ¤¥É ²ÖÌ (¶ÊÉÓ ¥¥ · §· ¡µÉ±¨ ¨ ¸µ¢·¥³¥´´Ò° ¸É ÉÊ¸ µ¶¨¸ ´Ò ¢ [4]).
� ¶¨¸ ´Ò ±´¨£¨, ¨§² £ ÕÐ¨¥ ÔÉÊ ¶·µÍ¥¤Ê·Ê µ¡¸ÉµÖÉ¥²Ó´µ ¨ ¸ ¡µ²ÓÏ¨³ ¶¥-
¤ £µ£¨Î¥¸±¨³ É ±Éµ³, ´ ¶·¨³¥·, [5Ä8]. �·µ¤µ²¦ ÕÉ ¸µ¢¥·Ï¥´¸É¢µ¢ ÉÓ¸Ö ¥¥
¶·¨±² ¤´Ò¥  ¸¶¥±ÉÒ Å ±µ´±·¥É´µ¥ ¢ÒÎ¨¸²¥´¨¥ ³´µ£µ¶¥É²¥¢ÒÌ ¤¨ £· ³³ ¢
¶¥·¥´µ·³¨·Ê¥³ÒÌ É¥µ·¨ÖÌ [4, 9]. “£²Ê¡²Ö¥É¸Ö ¶µ´¨³ ´¨¥ ³ É¥³ É¨Î¥¸±µ°
¶·¨·µ¤Ò R-µ¶¥· Í¨¨, ±µÉµ· Ö, ± ± ´¥¤ ¢´µ ¢ÒÖ¸´¨²µ¸Ó, ¥¸ÉÓ Î ¸É´Ò° ¸²ÊÎ °
¶·µÍ¥¤Ê·Ò ³Ê²ÓÉ¨¶²¨± É¨¢´µ£µ ¨§¢²¥Î¥´¨Ö ±µ´¥Î´ÒÌ ¢¥²¨Î¨´, µ¸´µ¢ ´´µ°
´  ·¥Ï¥´¨¨ ¶·µ¡²¥³Ò �¨³ ´ Äƒ¨²Ó¡¥·É  [10].

—Éµ ± ¸ ¥É¸Ö ¶µ´ÖÉ¨Ö ¶¥·¥´µ·³¨·Ê¥³µ¸É¨, Éµ µ´µ ¶·µÏ²µ ¤µ²£¨°, ´µ ¶µ± 
´¥ § ¢¥·Ï¥´´Ò° ¶ÊÉÓ · §¢¨É¨Ö (§ ¶¥Î É²¥´´Ò° ¢ ·Ö¤¥ ¶·¥±· ¸´ÒÌ µ¡§µ·µ¢,
´ ¶·¨³¥· [11Ä14, 59], ¨ ±´¨£ [2, 15]). OÉ¸Ò² Ö Î¨É É¥²Ö §  ¶µ¤·µ¡´µ¸ÉÖ³¨
¨ ¡¨¡²¨µ£· Ë¨¥° ± ÔÉ¨³ ¨ Í¨É¨·Ê¥³Ò³ ´¨¦¥ · ¡µÉ ³, ´ ¶µ³´¨³ ²¨ÏÓ ´¥-
±µÉµ·Ò¥ Ë ±ÉÒ, ¶·Ö³µ µÉ´µ¸ÖÐ¨¥¸Ö ± ´ Ï¥° É¥³¥. � Ï ±· É±¨° Ô±¸±Ê·¸ ¢
¨¸Éµ·¨Õ ¶¥·¥´µ·³¨·Ê¥³µ¸É¨, · §Ê³¥¥É¸Ö, ´¨ ¢ ³ ²µ° ¸É¥¶¥´¨ ´¥ ¶·¥É¥´¤Ê¥É
´  ·µ²Ó Ô±¸¶·¥¸¸- ´ ²¨§  µ¸´µ¢´ÒÌ ¸µ¡ÒÉ¨° ¢ Š’� §  ¶µ¸²¥¤´¨¥ ¶µ²¸Éµ²¥-
É¨Ö,   Ê¶µ³¨´ ´¨Ö µÉ¤¥²Ó´ÒÌ ¨³¥´ ¨²¨ · ¡µÉ ´¥ ¸¢Ö§ ´Ò ¸ ¶·¨µ·¨É¥É´Ò³

∗�Éµ ¶· ¢¨²µ ³µ¦´µ ¸Ëµ·³Ê²¨·µ¢ ÉÓ ¨´ Î¥: É¥µ·¨Ö ¶¥·¥´µ·³¨·Ê¥³ , ¥¸²¨ ¶µ²¥¢ Ö · §-
³¥·´µ¸ÉÓ ² £· ´¦¨ ´  ¢§ ¨³µ¤¥°¸É¢¨Ö LI , ¢Ò· ¦¥´´ Ö Î¥·¥§ · §³¥·´µ¸ÉÓ ³ ¸¸Ò µ (´¨¦¥ ¢¸Õ¤Ê,
¥¸²¨ ´¥ µ£µ¢µ·¥´µ ¶·µÉ¨¢´µ¥, ¨¸¶µ²Ó§Ê¥É¸Ö ¸¨¸É¥³  ¥¤¨´¨Í, £¤¥ � = c = 1), · ¢´  µ4+ω c ω ≤ 0,
  §´ Î¨É, ±µ´¸É ´ÉÒ ¸¢Ö§¨ ²¨¡µ ¡¥§· §³¥·´Ò, ²¨¡µ ¨³¥ÕÉ · §³¥·´µ¸ÉÓ ³ ¸¸Ò ¢ ¶µ²µ¦¨É¥²Ó´ÒÌ
¸É¥¶¥´ÖÌ.
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¶·¥¤¶µÎÉ¥´¨¥³ ¨²¨ µÍ¥´±µ° §´ Î¨³µ¸É¨ ± ±¨Ì-²¨¡µ ¤µ¸É¨¦¥´¨°. � ³ ÌµÉ¥-
²µ¸Ó ¡Ò ²¨ÏÓ · §µ¡· ÉÓ¸Ö ¢ ³µÉ¨¢¨·µ¢± Ì ®¸É ·ÒÌ¯ ¨ ®´µ¢ÒÌ¯ · §· ¡µÉµ±,
É ± ¨²¨ ¨´ Î¥ § É· £¨¢ ÕÐ¨Ì ¶µ´ÖÉ¨¥ ¶¥·¥´µ·³¨·Ê¥³µ¸É¨.

B 1949 £. ”. „ °¸µ´ [16] ¶µ± § ², ÎÉµ ¤²Ö Ê¸É· ´¥´¨Ö Ê²ÓÉ· Ë¨µ²¥Éµ¢ÒÌ
· ¸Ìµ¤¨³µ¸É¥° ¢ ±¢ ´Éµ¢µ° Ô²¥±É·µ¤¨´ ³¨±¥ (Š�„) ¤µ¸É ÉµÎ´µ ¶¥·¥´µ·³¨-
·µ¢ ÉÓ ³ ¸¸Ê ¨ § ·Ö¤ Ô²¥±É·µ´ . �´ µ¡´ ·Ê¦¨² É ±¦¥, ÎÉµ ¶µ£²µÉ¨ÉÓ ¢¸¥
¡¥¸±µ´¥Î´µ¸É¨ §  ¸Î¥É ¶¥·¥µ¶·¥¤¥²¥´¨Ö ¶ · ³¥É·µ¢ ¢ ² £· ´¦¨ ´¥ Ê¤ ¥É¸Ö
²¨ÏÓ ¢ µ¸µ¡µ£µ ·µ¤  ±¢ ´Éµ¢µ-¶µ²¥¢ÒÌ É¥µ·¨ÖÌ, ±µÉµ·Ò¥ µ´ ´ §¢ ² ¶¥·¥´µ·-
³¨·Ê¥³Ò³¨. ‘ É¥Ì ¶µ· ¶¥·¥´µ·³¨·Ê¥³µ¸ÉÓ ¸É ²a ±·¨É¥·¨¥³ µÉ¡µ·  É¥µ·¨°.
‚ 70-e ££. ÔÉµÉ ±·¨É¥·¨° ¡Ò² ´¥¸±µ²Ó±µ ÊÉµÎ´¥´: É¥µ·¨Õ ¸²¥¤Ê¥É ¸Î¨É ÉÓ
´¥¶·µÉ¨¢µ·¥Î¨¢µ°, ¥¸²¨ µ´  ´¥ Éµ²Ó±µ ¶¥·¥´µ·³¨·Ê¥³ , ´µ ¨ ¸¢µ¡µ¤´  µÉ
 ´µ³ ²Ó´µ£µ ´ ·ÊÏ¥´¨Ö ²µ± ²Ó´ÒÌ ± ²¨¡·µ¢µÎ´ÒÌ ¸¨³³¥É·¨° (ÌµÉÖ  ´µ³ -
²¨¨ £²µ¡ ²Ó´ÒÌ ± ²¨¡·µ¢µÎ´ÒÌ ¸¨³³¥É·¨° ¤µ¶Ê¸É¨³Ò ¨ ¤ ¦¥ ¦¥² É¥²Ó´Ò).
’ ±¨³ µ¡· §µ³, ± Ê²ÓÉ· Ë¨µ²¥Éµ¢Ò³ · ¸Ìµ¤¨³µ¸ÉÖ³ ¶¥·¥¸É ²¨ µÉ´µ¸¨ÉÓ¸Ö
µ¤´µ§´ Î´µ ´¥£ É¨¢´µ: ®�  · ¸Ìµ¤¨³µ¸É¨ ±¢ ´Éµ¢µ° É¥µ·¨¨ ¶µ²Ö ´¥ ´Ê¦´µ
¸³µÉ·¥ÉÓ ± ± ´  Ö¢´Ò° ¤¥Ë¥±É; ´ ¶·µÉ¨¢, µ´¨ ¸µµ¡Ð ÕÉ ´ ³ ±·¨É¨Î¥¸±¨
¢ ¦´Ò¥ ¸¢¥¤¥´¨Ö µ Ë¨§¨Î¥¸±µ° ¸¨ÉÊ Í¨¨, ¡¥§ ±µÉµ·ÒÌ ¡µ²ÓÏ¨´¸É¢µ ´ Ï¨Ì
É¥µ·¨° ¡Ò²¨ ¡Ò Ë¨§¨Î¥¸±¨ ´¥¶·¨¥³²¥³Ò [ . . . ] �¥²Ó§Ö µÉ¤¥² ÉÓ¸Ö µÉ ¢¶¥-
Î É²¥´¨Ö, ÎÉµ ¶·¨·µ¤  ´ ·ÊÏ ¥É ¸¨³³¥É·¨¨ ¸ ¶µ³µÐÓÕ  ´µ³ ²¨°, ¢µ§´¨± Õ-
Ð¨x ¢ ²µ± ²Ó´µ° ±¢ ´Éµ¢µ° É¥µ·¨¨ ¶µ²Ö, ¡² £µ¤ ·Ö ¡¥¸±µ´¥Î´µ¸ÉÖ³, ±µÉµ·Ò¥
§ É ¨²¨¸Ó ¢ ³ É¥³ É¨Î¥¸±µ³ µ¶¨¸ ´¨¨¯ [17].

�¡· É¨³ ¢´¨³ ´¨¥ ´  ¨´¸É·Ê³¥´É ²Ó´Ò° Ì · ±É¥· ±·¨É¥·¨Ö. ‚ ´¥³ µÉ· -
¦¥´  ÉµÎ±  §·¥´¨Ö ´  ¶·¨¥³²¥³ÊÕ Š’� ± ± ´  ´ ¡µ· ¶¥·ÉÊ·¡ É¨¢´ÒÌ ¶· ¢¨²,
¸µ¢³¥¸É¨³ÒÌ ¸ ¶¥·¥´µ·³¨·µ¢µÎ´µ° ¶·µÍ¥¤Ê·µ°. �¥¶¥·¥´µ·³¨·Ê¥³ Ö É¥µ·¨Ö
¸Î¨É ¥É¸Ö ¶²µÌµ° ´¥ ¶µÉµ³Ê, ÎÉµ ¢ ee µ¸´µ¢¥ ²¥¦aÉ ± ±¨¥-Éµ Ë¨§¨Î¥¸±¨¥ ®¶ -
Éµ²µ£¨¨¯,   ¶·µ¸Éµ ¶µÉµ³Ê, ÎÉµ ³Ò ´¥ §´ ¥³, ± ± ¸ ´¥° µ¡· Ð ÉÓ¸Ö. ‚¸¥
¶·¥¢· É´µ¸É¨ ¸Ê¤Ó¡Ò ±·¨É¥·¨Ö ¸¢Ö§ ´Ò ¨³¥´´µ ¸ ÔÉµ° ¥£µ µ¸µ¡¥´´µ¸ÉÓÕ. � 
· §´ÒÌ ÔÉ ¶ Ì · §²¨Î´  µÍ¥´±  §´ Î¥´¨Ö ¶¥·¥´µ·³¨·Ê¥³µ¸É¨: µÉ ·¥Ï¨É¥²Ó-
´µ£µ ´¥¶·¨ÖÉ¨Ö ¢¸¥Ì ²µ± ²Ó´ÒÌ É¥µ·¨°, ± ± ¶¥·¥´µ·³¨·Ê¥³ÒÌ, É ± ¨ ´¥¶¥-
·¥´µ·³¨·Ê¥³ÒÌ, ¤µ ¶µ²´µ° É¥·¶¨³µ¸É¨ ¶µ µÉ´µÏ¥´¨Õ ± ²Õ¡Ò³ É¥µ·¨Ö³,
¢±²ÕÎ Ö ´¥¶¥·¥´µ·³¨·Ê¥³Ò¥ (¶·¨ ÔÉµ³, µ¤´ ±µ, ±· °´¥ ·¥¤±¨ ¶µ¶ÒÉ±¨ ¢Ò-
Ö¸´¨ÉÓ, Î¥³ ¶¥·¥´µ·³¨·Ê¥³ Ö É¥µ·¨Ö µÉ²¨Î ¥É¸Ö µÉ ´¥¶¥·¥´µ·³¨·Ê¥³µ° ¶µ
¸¢µ¥° Ë¨§¨Î¥¸±µ° ¸ÊÉ¨).

K·¨§¨¸ 50Ä60-x ££. ¢ Š’� · §· §¨²¸Ö ¢ ¸¢Ö§¨ ¸ µÉ±·ÒÉ¨¥³ Ö¢²¥´¨Ö ®´Ê²Ó-
§ ·Ö¤ ¯ ‹.„.‹ ´¤ Ê ¨ ˆ.Ÿ.�µ³¥· ´ÎÊ±µ³ [18] ¨ ´¥§ ¢¨¸¨³µ ….‘.”· ¤±¨´Ò³
[19]. Š ± µ± § ²µ¸Ó, ¶µ²Ö·¨§ Í¨Ö ¢ ±ÊÊ³  ¢ Š�„ ¨ ¤·Ê£¨Ì ³µ¤¥²ÖÌ ¸Éµ²Ó
¸¨²Ó´a, ÎÉµ ´ ¡²Õ¤ ¥³Ò¥ ±µ´¸É ´ÉÒ ¸¢Ö§¨ ¶µ¤¢¥·£aÕÉ¸Ö ¶µ²´µ° Ô±· ´¨·µ¢±¥,
´¥§ ¢¨¸¨³µ µÉ ¢¥²¨Î¨´ § É· ¢µÎ´ÒÌ ±µ´¸É ´É ¸¢Ö§¨. „·Ê£¨³ ´¥¶·¨ÖÉ´Ò³ ¸Õ·-
¶·¨§µ³ Ö¢¨²µ¸Ó µÉ±·ÒÉ¨¥ ®¤ÊÌµ¢µ£µ¯ ¸µ¸ÉµÖ´¨Ö ËµÉµ´  [20]. ‹ ´¤ Ê · ¸-
Í¥´¨² ´Ê²¨Ë¨± Í¨Õ § ·Ö¤  ± ± ¸¢¨¤¥É¥²Ó¸É¢µ ²µ£¨Î¥¸±µ° ¶·µÉ¨¢µ·¥Î¨¢µ¸É¨
Š�„,   ¢³¥¸É¥ ¸ ´¥° ¨ ¢¸¥° ±µ´Í¥¶Í¨¨ ²µ± ²Ó´µ£µ ¢§ ¨³µ¤¥°¸É¢¨Ö [21]. �·¨´-
Í¨¶ ¶¥·¥´µ·³¨·Ê¥³µ¸É¨ ¡Ò² ´ ¤µ²£µ ¶µ£·¥¡¥´ ¶µ¤ ·Ê¨´ ³¨ ² £· ´¦¥¢¸±µ£µ
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Ëµ·³ ²¨§³ . ®�µ¤ ¢²¨Ö´¨¥³ ‹ ´¤ Ê ¨ �µ³¥· ´ÎÊ±  É¥µ·¨Ö ¶µ²Ö µ± § ² ¸Ó
¶µ¤ § ¶·¥Éµ³ ¤²Ö Í¥²µ£µ ¶µ±µ²¥´¨Ö Ë¨§¨±µ¢ ¯ [13].

‚ 70-e ££. ¶·µ¨¸Ìµ¤¨É ®± ²¨¡·µ¢µÎ´ Ö ·¥¢µ²ÕÍ¨Ö¯ ¨ ´ ¸ÉÊ¶ ¥É ®§µ²µ-
Éµ° ¢¥±¯ ¶¥·¥´µ·³¨·Ê¥³ÒÌ É¥µ·¨°. �·µ·Ò¢ ¡Ò² ¸¢Ö§ ´ ¸ ¤µ± § É¥²Ó¸É¢µ³
¶¥·¥´µ·³¨·Ê¥³µ¸É¨ ³µ¤¥²¨ Ÿ´£ ÄŒ¨²²¸ Ä•¨££¸  [22] ¨ µÉ±·ÒÉ¨¥³ Ö¢²¥´¨Ö
 ¸¨³¶ÉµÉ¨Î¥¸±µ° ¸¢µ¡µ¤Ò [23]. �Ò²  ¸µ§¤ ´  ¶¥·¥´µ·³¨·Ê¥³ Ö ± ²¨¡·µ¢µÎ-
´ Ö SU(3)×SU(2)×U(1)-É¥µ·¨Ö ¸¨²Ó´ÒÌ ¨ Ô²¥±É·µ¸² ¡ÒÌ ¢§ ¨³µ¤¥°¸É¢¨°,
±µÉµ·ÊÕ ¸É ²¨ ¨³¥´µ¢ ÉÓ ¸É ´¤ ·É´µ° ³µ¤¥²ÓÕ. ˆ¤¥Ö µ ¸²¨Ö´¨¨ ¡¥£ÊÐ¨Ì
±µ´¸É ´É ¸¢Ö§¨ ¢ · °µ´¥ 1016 ƒÔ‚ ¨´¨Í¨¨·µ¢ ²  ¶µ¶ÒÉ±¨ ¶µ¸É·µ¥´¨Ö É¥µ-
·¨¨ ¢¥²¨±µ£µ µ¡Ñ¥¤¨´¥´¨Ö É·¥Ì ËÊ´¤ ³¥´É ²Ó´ÒÌ ¢§ ¨³µ¤¥°¸É¢¨° ¢ · ³± Ì
± ²¨¡·µ¢µÎ´µ° É¥µ·¨¨ ¸ ¶·µ¸Éµ° £·Ê¶¶µ° ¢´ÊÉ·¥´´¥° ¸¨³³¥É·¨¨, ´ ¶·¨³¥·,
SU(5) ¨²¨ O(10). ‚¸¥ ÔÉ¨ Ë ±ÉÒ ´Ò´¥ Ï¨·µ±µ ¨§¢¥¸É´Ò ¨ µÉ· ¦¥´Ò ¢
ÊÎ¥¡´¨± Ì.

� ²¨Î¨¥  ¸¨³¶ÉµÉ¨Î¥¸±µ° ¸¢µ¡µ¤Ò, ± § ²µ¸Ó, ·¥ ¡¨²¨É¨·µ¢ ²µ Î¥ÉÒ·¥Ì-
³¥·´ÊÕ (4D) ±¢ ´Éµ¢ÊÕ É¥µ·¨Õ ¶µ²Ö. ®‚  ¸¨³¶ÉµÉ¨Î¥¸±¨ ¸¢µ¡µ¤´ÒÌ É¥µ·¨ÖÌ
³µ¦´o ¤µ¢¥·ÖÉÓ É¥µ·¨¨ ¶¥·¥´µ·³¨·µ¢µ± . . . É ± ± ± ´  ³ ²ÒÌ · ¸¸ÉµÖ´¨ÖÌ
·¥¦¨³ ¸É ´µ¢¨É¸Ö ¢¸¥ ²ÊÎÏ¥ ¨ ²ÊÎÏ¥¯ [13]. �¦¨¤ ²µ¸Ó, ÎÉµ S-³ É·¨Í  ¸¢µ-
¡µ¤´  µÉ ®¤ÊÌ ¯ ‹ ´¤ Ê,   §´ Î¨É, ¢¸Ö ¸Ì¥³  ´¥¶·µÉ¨¢µ·¥Î¨¢ . �µ, ± ± ¢¸±µ·¥
¸É ²µ Ö¸´µ, ®¤ÊÌ¯ ¶·µ¸Éµ ¶¥·¥±µÎ¥¢ ² ¨§ Ê²ÓÉ· Ë¨µ²¥Éµ¢µ° µ¡² ¸É¨ ¢ ¨´-
Ë· ±· ¸´ÊÕ. „²Ö ±¢ ´Éµ¢µ° Ì·µ³µ¤¨´ ³¨±¨ ÔÉµ µ§´ Î ²µ ¢¸¥£µ ²¨ÏÓ, ÎÉµ
±µ´Ë °´³¥´É Å ´¥¶¥·ÉÊ·¡ É¨¢´Ò° ÔËË¥±É. ’¥³ ´¥ ³¥´¥¥ ¸ ´ ¤¥¦¤µ° ´  Éµ,
ÎÉµ  ¸¨³¶ÉµÉ¨Î¥¸±¨ ¸¢µ¡µ¤´Ò¥ É¥µ·¨¨ µ± ¦ÊÉ¸Ö ´¥¶·µÉ¨¢µ·¥Î¨¢Ò³¨ Ê¦¥ ¢
· ³± Ì É¥µ·¨¨ ¢µ§³ÊÐ¥´¨°, ¶·¨Ï²µ¸Ó · ¸¸É ÉÓ¸Ö.

�²¨§µ¸ÉÓ Ô´¥·£¥É¨Î¥¸±µ£µ ³ ¸ÏÉ ¡  É¥µ·¨¨ ¢¥²¨±µ£µ µ¡Ñ¥¤¨´¥´¨Ö
∼ 1016 ƒÔ‚ ¨ ³ ¸¸Ò �² ´±  MPl ≡ k−1/2 ≈ 1019 ƒÔ‚ ¶µ¸²Ê¦¨²  ¸É¨³Ê-
²µ³ ± µ¡Ñ¥¤¨´¥´¨Õ ¢¸¥Ì ËÊ´¤ ³¥´É ²Ó´ÒÌ ¸¨², ¢±²ÕÎ Ö £· ¢¨É Í¨Õ. �¤´ ±µ
¶¥·¥´µ·³¨·µ¢oÎ´ Ö ¨¤¥µ²µ£¨Ö ¤µ¢µ²Ó´µ ¸±µ·µ § Ï²  ¢ ÉÊ¶¨± ¨§-§  ´¥¶¥·¥-
´µ·³¨·Ê¥³µ¸É¨ £· ¢¨É Í¨¨.

Š ±µ´ÍÊ 70-Ì ££. ¸É·¥³¨É¥²Ó´o · §¢¨¢ ¥É¸Ö ¸Ê¶¥·£· ¢¨É Í¨Ö [24]. ‡ ³¥Î -
É¥²Ó´ Ö µ¸µ¡¥´´µ¸ÉÓ ¸Ê¶¥·¸¨³³¥É·¨Î´ÒÌ É¥µ·¨° Ÿ´£ ÄŒ¨²²¸  Å ¸µ±· Ð¥-
´¨¥ · ¸Ìµ¤¨³µ¸É¥° ¢ µ¤´µ¶¥É²¥¢µ³ ¶·¨¡²¨¦¥´¨¨ (´¥±µÉµ·Ò¥ É¥µ·¨¨ µ± § -
²¨¸Ó ±µ´¥Î´Ò³¨ ¤ ¦¥ ¢µ ¢¸¥Ì ¶µ·Ö¤± Ì É¥µ·¨¨ ¢µ§³ÊÐ¥´¨°) Å ¶·¨¢µ¤¨É ±
± ·¤¨´ ²Ó´µ³Ê ¨§³¥´¥´¨Õ ¢§£²Ö¤  ´  Éµ, ± ±µ£µ Ê²ÓÉ· Ë¨µ²¥Éµ¢µ£µ ¶µ¢¥¤¥-
´¨Ö ´Ê¦´µ É·¥¡µ¢ ÉÓ µÉ ´¥¶·µÉ¨¢µ·¥Î¨¢µ° É¥µ·¨¨ ¶µ²Ö. “¸²µ¢¨¥ ¶¥·¥´µ·³¨-
·Ê¥³µ¸É¨ § ³¥´ÖÕÉ Ê¸²µ¢¨¥³ ±µ´¥Î´µ¸É¨ [25]. �µ¤Î¥·±´¥³, ÎÉµ ·¥ÎÓ ¨¤¥É ´¥
µ¡ µ¡·¥§ ´¨¨ ´  ¶² ´±µ¢¸±µ° ¤²¨´¥ lPl ≈ 10−33 ¸³,   µ ¸µ±· Ð¥´¨¨ · ¸Ìµ¤¨-
³µ¸É¥°, ±µÉµ·µ¥ µ¡¥¸¶¥Î¨¢ ¥É¸Ö ®¶· ¢¨²Ó´Ò³¯ ´ ¡µ·µ³ ¶µ²¥°. �µ²ÓÏ¨¥ ´ -
¤¥¦¤Ò ¢µ§² £ ÕÉ ´  µ¤¨´´ ¤Í É¨³¥·´ÊÕ N = 1-¸Ê¶¥·£· ¢¨É Í¨Õ, ¨¡µ 11 ¥¸ÉÓ
¨ ³¨´¨³ ²Ó´µ¥ Î¨¸²µ ¨§³¥·¥´¨°, ´¥µ¡Ìµ¤¨³µ¥, ÎÉµ¡Ò SU(3)×SU(2)×U(1)
³µ£²  ¸²Ê¦¨ÉÓ ± ²¨¡·µ¢µÎ´µ° £·Ê¶¶µ°, ¨ ³ ±¸¨³ ²Ó´µ¥ Î¨¸²µ ¨§³¥·¥´¨°,
¸µ¢³¥¸É¨³µ¥ ¸ É·¥¡µ¢ ´¨¥³ ¸Ê¶¥·¸¨³³¥É·¨¨ ¤²Ö ¶µ²¥° ¸µ ¸¶¨´µ³ J ≤ 2.
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� °¤¥´ ¤¨´ ³¨Î¥¸±¨° ³¥Ì ´¨§³ ±µ³¶ ±É¨Ë¨± Í¨¨ 7 ¨§³¥·¥´¨° ¨§ 11 ¢ ¤ÊÌ¥
¨¤¥µ²µ£¨¨ Š ²ÊÍÒÄŠ²¥°´ .

ˆ ¢¸¥ ¦¥ ¶·µ¥±É ¶µÉ¥·¶¥² ´¥Ê¤ ÎÊ: 4D-¸Ê¶¥·£· ¢¨É Í¨Ö µ± § ² ¸Ó ±µ´¥Î-
´µ° ´  ³ ¸¸µ¢µ° µ¡µ²µÎ±¥ Éµ²Ó±µ ¢ ¤¢ÊÌ¶¥É²¥¢µ³ ¶·¨¡²¨¦¥´¨¨
‚ 11D-¸Ê¶¥·£· ¢¨É Í¨¨ ´¥ ¸µ±· Ð ÕÉ¸Ö ¤ ¦¥ µ¤´µ¶¥É²¥¢Ò¥ · ¸Ìµ¤¨³µ¸É¨.
Š·µ³¥ Éµ£µ, ²Õ¡ Ö ´¥Î¥É´µ³¥·´ Ö É¥µ·¨Ö ´¥ ³µ¦¥É ¡ÒÉÓ ±¨· ²Ó´µ°,   É¥Ì´µ-
²µ£¨Ö ±µ³¶ ±É¨Ë¨± Í¨¨ Š ²ÊÍÒÄŠ²¥°´  ´¥ ¶µ§¢µ²Ö¥É ¢Ò¢¥¸É¨ ¨§
11D-¸Ê¶¥·£· ¢¨É Í¨¨ ±¨· ²Ó´ÊÕ 4D-É¥µ·¨Õ, ±µÉµ· Ö µ¶¨¸Ò¢ ¥É ´ ¡²Õ¤ ¥-
³Ò° ³¨· ¸ ¶·¨¸ÊÐ¥° ¥³Ê  ¸¨³³¥É·¨¥° ³¥¦¤Ê ¶· ¢Ò³ ¨ ²¥¢Ò³.

‚§µ· É¥µ·¥É¨±µ¢ ¶¥·¥±²ÕÎ¨²¸Ö ´  ¸Ê¶¥·¸É·Ê´Ò [26Ä29]. K¢ ´Éµ¢ Ö É¥µ-
·¨Ö ¸É·Ê´ ¢ µ¡Ð¥³ ¸²ÊÎ ¥ ¸¢µ¡µ¤´  µÉ Ê²ÓÉ· Ë¨µ²¥Éµ¢ÒÌ · ¸Ìµ¤¨³µ¸É¥°, o¤-
´ ±µ ¸É· ¤ ¥É µÉ  ´µ³ ²¨°. �Ò²µ ´ °¤¥´µ 5 ¸Ê¶¥·¸É·Ê´ ¡¥§  ´µ³ ²¨°: µÉ±·Ò-
É Ö ¸É·Ê´  ¸ N = 1-¸Ê¶¥·¸¨³³¥É·¨¥° ¨ ± ²¨¡·µ¢µÎ´µ° £·Ê¶¶µ° SO(32) Å
¸É·Ê´a É¨¶  I, ¤¢¥ § ³±´ÊÉÒ¥ ¸É·Ê´Ò ¸ N = 2-¸Ê¶¥·¸¨³³¥É·¨¥° (±¨· ²Ó´ Ö ¨
´¥±¨· ²Ó´ Ö) Å ¸É·Ê´Ò É¨¶  IIA ¨ IIB, ¨ ¤¢¥ § ³±´ÊÉÒ¥ ¸É·Ê´Ò ¸ · §´µ° ±µ´-
¸É·Ê±Í¨¥° ¶· ¢µ£µ ¨ ²¥¢µ£µ ¸¥±Éµ·µ¢, µ¡² ¤ ÕÐ¨¥ ± ²¨¡·µ¢µÎ´µ° E8×E8- ¨
SO(32)-¸¨³³¥É·¨¥°, Å £¥É¥·µÉ¨Î¥¸±¨¥ ¸É·Ê´Ò. �¥¶·µÉ¨¢µ·¥Î¨¢µ¥ ±¢ ´Éµ¢ -
´¨¥ ¸Ê¶¥·¸É·Ê´ ¢µ§³µ¦´µ ²¨ÏÓ ¢ 10 ¨§³¥·¥´¨ÖÌ. �¸µ¡Ò° ¨´É¥·¥¸ ¢Ò§Ò¢ ² 
£¥É¥·µÉ¨Î¥¸± Ö E8 × E8-¸É·Ê´ , ¢ ¸¢Ö§¨ ¸ ´ ¤¥¦¤µ° ¢¸É·µ¨ÉÓ ¢ ´ee ¸É ´¤ ·É-
´ÊÕ ³µ¤¥²Ó; ´Ê¦´µ ¡Ò²µ ²¨ÏÓ ±µ³¶ ±É¨Ë¨Í¨·µ¢ ÉÓ ¶·µ¸É· ´¸É¢µ-¢·¥³Ö ¤µ
4 ¨§³¥·¥´¨° ¨ ¸´¨§¨ÉÓ Î¥·¥¸ÎÊ· ¢Ò¸µ±ÊÕ ¸Ê¶¥·¸¨³³¥É·¨Õ. �¥·¸¶¥±É¨¢Ò ·¥-
Ï¥´¨Ö ÔÉ¨Ì § ¤ Î µÉ±·Ò¢ ²¨¸Ó ¢ ³´µ£µµ¡· §¨ÖÌ Š ² ¡¨ÄŸµ ¨ µ·¡¨Ëµ²¤ Ì. ‚
¨Éµ£¥ ¢µ§´¨±²  ´¥¶·µÉ¨¢µ·¥Î¨¢ Ö É¥µ·¨Ö, ±µÉµ· Ö ¢ ¶·¥¤¥²¥ ´¨§±¨Ì Ô´¥·£¨°
¸µ¤¥·¦¨É ±¢ §¨±² ¸¸¨Î¥¸±ÊÕ ¸Ê¶¥·£· ¢¨É Í¨Õ ¨ É¥µ·¨Õ ¢¥²¨±µ£µ µ¡Ñ¥¤¨´¥-
´¨Ö ¸ ±¨· ²Ó´Ò³¨ ¶·¥¤¸É ¢²¥´¨Ö³¨ ¤²Ö ±¢ ·±µ¢ ¨ ²¥¶Éµ´µ¢. O´  ¡Ò²  ´ §¢ ´ 
®É¥µ·¨¥° ¢¸¥£µ ¸ÊÐ¥£µ¯.

�µÎ¥³Ê ¦¥ ¸É·Ê´Ò ¨§¡ ¢²¥´Ò µÉ Ê²ÓÉ· Ë¨µ²¥Éµ¢µ£µ ´¥¤Ê£ ? ‘Ê¶¥·¸¨³-
³¥É·¨Î´µ¥ ¸µ±· Ð¥´¨¥ · ¸Ìµ¤¨³µ¸É¥° §¤¥¸Ó ®¶µÎÉ¨ ´¨ ¶·¨ Î¥³¯ (±µ´¥Î´Ò
¨ ¡µ§µ´´Ò¥ ¸É·Ê´Ò, ´µ ¢ ¨Ì ¸¶¥±É·¥ ¨³¥¥É¸Ö É Ì¨µ´, Ê¤ ²Ö¥³Ò° ¸ ¶µ³µÐÓÕ
¸Ê¶¥·¸¨³³¥É·¨¨). Šµ´¥Î´µ¸ÉÓ É¥µ·¨¨ ¸É·Ê´ Î ¸Éµ ¸¢Ö§Ò¢ ÕÉ ¸ ´¥²µ± ²Ó´µ-
¸ÉÓÕ. CÉ·Ê´  Å ¶·µÉÖ¦¥´´Ò° µ¡Ñ¥±É, ¨ ÔÉ¨³ Ö±µ¡Ò ¤µ²¦´µ µ¡¥¸¶¥Î¨¢ ÉÓ¸Ö
µ¡·¥§ ´¨¥ Ô´¥·£¨° ¢ · °µ´¥ MPl. �µ, ± ± ¨§¢¥¸É´µ, ¢§ ¨³µ¤¥°¸É¢¨¥ ¸É·Ê´
Ê¸É·µ¥´µ ²µ± ²Ó´µ, ´ ¶·¨³¥·, ¤¢¥ µÉ±·ÒÉÒ¥ ¸É·Ê´Ò ¸²¨¢ ÕÉ¸Ö ¢ µ¤´Ê, Éµ²Ó±µ
±µ£¤  ¸µ¶·¨± ¸ ÕÉ¸Ö ¨Ì ±µ´ÍÒ. Œ¥¦¤Ê É¥³ µ¡·¥§ ´¨¥ ¶·¨ ¶µ³µÐ¨ ´¥²µ-
± ²Ó´µ£µ Ëµ·³Ë ±Éµ·  µ§´ Î ¥É · §³ §Ò¢ ´¨¥ ¢§ ¨³µ¤¥°¸É¢¨Ö ¶µ ±µ´¥Î´µ°
µ¡² ¸É¨ [30]. …¸²¨ ¢§ ¨³µ¤¥°¸É¢¨¥ ´¥ · §³ § ´µ, Éµ, ± ± ¶µ± § ´µ ¢ [31],
· ¸Ìµ¤¨³µ¸É¨ ´¨±Ê¤  ´¥ ¨¸Î¥§ ÕÉ∗. �·¨Î¨´  Ìµ·µÏ¥£µ Ê²ÓÉ· Ë¨µ²¥Éµ¢µ£µ
¶µ¢¥¤¥´¨Ö ¸É·Ê´ ¸µ¸Éµ¨É, ¶µ-¢¨¤¨³µ³Ê, ¢ Éµ³, ÎÉµ ·¥ÎÓ ¨¤¥É µ ²µ± ²Ó´µ°
±µ´Ëµ·³´µ° Š’� ´  ¤¢Ê³¥·´µ³ ³´µ£µµ¡· §¨¨, ±µÉµ·µ¥ µ¡· §Ê¥É ³¨·µ¢µ°

∗K µ¡¸Ê¦¤¥´¨Õ ÔÉµ£µ ¶µÊÎ¨É¥²Ó´µ£µ ·¥§Ê²ÓÉ É  ³Ò ¥Ð¥ ¢¥·´¥³¸Ö.
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²¨¸É, § ³¥É ¥³Ò° ¸É·Ê´µ° ¢ Ìµ¤¥ ¥¥ Ô¢µ²ÕÍ¨¨. B ´¥±µÉµ·ÒÌ ¸²ÊÎ ÖÌ É ± Ö
¤¢Ê³¥·´ Ö ±µ´Ëµ·³´ Ö É¥µ·¨Ö Å ÔÉµ Ë ±É¨Î¥¸±¨ ¢¸¥, Î¥³ ³Ò · ¸¶µ² £ ¥³.
� ¶·¨³¥·, ¢ £¥É¥·µÉ¨Î¥¸±µ° ±µ´¸É·Ê±Í¨¨ Xµ Ö¢²Ö¥É¸Ö ¡µ§µ´´Ò³ ¶µ²¥³, ±µ-
Éµ·µ¥ ´¥¢µ§³µ¦´µ ¨´É¥·¶·¥É¨·µ¢ ÉÓ ± ± ±µµ·¤¨´ ÉÊ ¸É·Ê´Ò ¢ µ¡Ñ¥³²ÕÐ¥³
¶·µ¸É· ´¸É¢¥-¢·¥³¥´¨. � Éµ³, ÎÉµ ¶·µÉÖ¦¥´´µ¸ÉÓ µ¡Ñ¥±É  ´¥ £ · ´É¨·Ê¥É Ê²Ó-
É· Ë¨µ²¥Éµ¢µ£µ µ¡·¥§ ´¨Ö, ³µ¦´µ ¶µ´ÖÉÓ ¨ ¨§ ¸· ¢´¥´¨Ö ¸É·Ê´Ò ¸ ³¥³¡· -
´µ°. „¥°¸É¢¨É¥²Ó´µ, ¶µ¶ÒÉ±  ¶µ¸É·µ¥´¨Ö ¸µµÉ¢¥É¸É¢ÊÕÐ¥° ²µ± ²Ó´µ° Š’�
´  É·¥Ì³¥·´µ³ ³¨·µ¢µ³ µ¡Ñ¥³¥ ³¥³¡· ´Ò ¢´µ¢Ó ¢µ§¢· Ð ¥É ´ ¸ ± ¶·µ¡²¥³¥
Ê²ÓÉ· Ë¨µ²¥Éµ¢ÒÌ · ¸Ìµ¤¨³µ¸É¥°.

ˆÉ ±, É¥µ·¨Ö ¸É·Ê´ ¸¢µ¡µ¤´  µÉ Ê²ÓÉ· Ë¨µ²¥Éµ¢Òx · ¸Ìµ¤¨³µ¸É¥°. �µ ´ 
¸³¥´Ê ¨³ ¶·¨Ï²¨ ¨´Ò¥ ±µ´Í¥¶ÉÊ ²Ó´Ò¥ É·Ê¤´µ¸É¨. � ¨¡µ²¥¥ ¸¥·Ó¥§´ Ö ¨§
´¨Ì Å ¶·µ¡²¥³  ¥¤¨´¸É¢¥´´µ¸É¨. �µ ¸ ³µ³Ê ¸¢µ¥³Ê § ³Ò¸²Ê ®É¥µ·¨Ö ¢¸¥£µ
¸ÊÐ¥£µ¯ ¤µ²¦´  ¡ÒÉÓ ¥¤¨´¸É¢¥´´µ°. �´  ¤µ²¦´  ¢Ò¤¥²ÖÉÓ¸Ö ¸·¥¤¨ ¢µ§³µ¦-
´ÒÌ É¥µ·¥É¨Î¥¸±¨Ì ¸Ì¥³ ´¥ ¶·µ¸Éµ ´ ¨²ÊÎÏ¨³ µÉ· ¦¥´¨¥³ Ë¥´µ³¥´µ²µ£¨¨,
´µ ¨ É¥³, ÎÉµ ²¨ÏÓ µ´  µ¤´  ²¨Ï¥´  ³ É¥³ É¨Î¥¸±¨Ì ¶·µÉ¨¢µ·¥Î¨°. ‚³¥¸Éµ
ÔÉµ£µ ³Ò ¨³¥¥³ 5 ´¥¶·µÉ¨¢µ·¥Î¨¢ÒÌ É¥µ·¨°. Kµ³¶ ±É¨Ë¨± Í¨Ö 6 ²¨Ï´¨Ì ¨§-
³¥·¥´¨° ¤¥² ¥É ¸¨ÉÊ Í¨Õ ¥Ð¥ ÌÊ¦¥: ¨§¢¥¸É´µ £¨£ ´É¸±µ¥ ±µ²¨Î¥¸É¢µ ±µ´Ë¨-
£Ê· Í¨° Š ² ¡¨ÄŸµ, ±µÉµ·Ò¥ µ¶¨¸Ò¢ ÕÉ ¢ ±ÊÊ³´Ò¥ ¸µ¸ÉµÖ´¨Ö ¸ µ¤¨´ ±µ¢µ°
Ô´¥·£¨¥°, ¨ ´¥ Ö¸´µ, ± ± ¸Ê§¨ÉÓ ±·Ê£ ¶·¨¥³²¥³ÒÌ É¥µ·¨°.

ˆ´µ° ¶ÊÉÓ ·¥Ï¥´¨Ö ÔÉµ° ¶·µ¡²¥³Ò Å ¶µ± § ÉÓ, ÎÉµ ¢¸¥ ÔÉ¨ É¥µ·¨¨ ¸Ê-
Ð¥¸É¢ÊÕÉ ± ± ¶·µÖ¢²¥´¨Ö µ¤´µ° ¨ Éµ° ¦¥ Ë¨§¨±¨ (´µ ¢ · §´ÒÌ ±µ´É¥±¸É Ì,
´ ¶·¨³¥·, ¢ ·¥¦¨³ Ì ¸¨²Ó´µ° ¨ ¸² ¡µ° ¸¢Ö§¨), É.¥. ²Õ¡Ò¥ ¤¢¥ ¨§ ´¨Ì ¸¢Ö§ ´Ò
¶·¥µ¡· §µ¢ ´¨¥³ ¤Ê ²Ó´µ¸É¨ [32]. �¥¸±µ²Ó±µ ²¥É ´ § ¤ ¸É ²µ Ö¸´µ, ÎÉµ ÔÉµ
¤¥°¸É¢¨É¥²Ó´µ É ±: ¢¸¥ ¸Ê¶¥·¸É·Ê´Ò ¨ ¸µ²¨Éµ´µ¶µ¤µ¡´Ò¥ µ¡Ñ¥±ÉÒ 11D-¸Ê-
¶¥·£· ¢¨É Í¨¨ (¡· ´Ò, Î¥·´Ò¥ ¤Ò·Ò ¨ É.¶.) ÉÊ£µ µ¶ÊÉ ´Ò ¶ ÊÉ¨´µ° ¤Ê ²Ó´µ-
¸É¥° ¢ ¥¤¨´ÊÕ ¸Ì¥³Ê, ±µÉµ· Ö ¶µ²ÊÎ¨²  ´ §¢ ´¨¥ M -É¥µ·¨¨ [33]. (‘É·µ£µ¥
¤µ± § É¥²Ó¸É¢µ ¤Ê ²Ó´µ¸É¥° ¡Ò²µ ¡Ò ¢µ§³µ¦´µ, ¥¸²¨ ¡Ò ³Ò §´ ²¨ ¢¸¥ ´¥¶¥·-
ÉÊ·¡ É¨¢´Ò¥ ·¥Ï¥´¨Ö · ¸¸³ É·¨¢ ¥³ÒÌ É¥µ·¨°. Š ¸µ¦ ²¥´¨Õ, ´ °É¨ ·¥Ï¥´¨Ö
¢ ·¥¦¨³¥ ¸¨²Ó´µ° ¸¢Ö§¨ ¶µ±  ´¥ Ê¤ ¥É¸Ö, ¶µÔÉµ³Ê ³´µ£¨¥ ¤Ê ²Ó´µ¸É¨ µ¸É ÕÉ¸Ö
¶· ¢¤µ¶µ¤µ¡´Ò³¨ ¶·¥¤¶µ²µ¦¥´¨Ö³¨.) �¤´o ¨§ ¸¢µ°¸É¢ M -É¥µ·¨¨ ¸µ¸Éµ¨É ¢
Éµ³, ÎÉµ µ´  µ¶¨¸Ò¢ ¥É 11-³¥·´Ò° ³¨·, ¶·¨Î¥³ ±¨· ²Ó´ Ö E8 × E8-¸É·Ê´a
¢µ§´¨± ¥É ¶·¨ ±µ³¶ ±É¨Ë¨± Í¨¨ µ¤´µ£µ ¨§³¥·¥´¨Ö ´  ¸¥£³¥´É¥. „·Ê£µ¥ ¸¢µ°-
¸É¢µ Å ´ ²¨Î¨¥ ¶·µÉÖ¦¥´´ÒÌ µ¡Ñ¥±Éµ¢ c · §´Ò³ Î¨¸²µ³ ¨§³¥·¥´¨°, ¸¶µ-
¸µ¡´ÒÌ ± ¢§ ¨³´Ò³ ¶·¥¢· Ð¥´¨Ö³. �µ±  ´¥ Ö¸´µ, ± ±¨¥ ¸É¥¶¥´¨ ¸¢µ¡µ¤Ò
ËÊ´¤ ³¥´É ²Ó´Ò ¢ M -É¥µ·¨¨, ¢µ ¢¸Ö±µ³ ¸²ÊÎ ¥, ÔÉµ ´¥ ¸É·Ê´Ò ¨ ´¥ ¡· ´Ò
(¶µ¤·µ¡´¥¥ µ¡ M -É¥µ·¨¨ ¸³. ¢ [34]).

ˆÉ ±, ¶¥·¥¤ ´ ³¨ µÉ±·Ò¢ ¥É¸Ö ¢µ§³µ¦´µ¸ÉÓ ¶µ¸É·µ¥´¨Ö ±µ´¥Î´µ°, ¸¢µ-
¡µ¤´µ° µÉ  ´µ³ ²¨°, ¥¤¨´¸É¢¥´´µ° É¥µ·¨¨∗, µ¶¨¸Ò¢ ÕÐ¥° ¶¥·¢µµ¸´µ¢Ò ³¨· .

∗‚¶·µÎ¥³, ´¥ ¸Éµ¨É § ¡Ò¢ ÉÓ µ ¤·Ê£¨Ì ¶µ¤Ìµ¤ Ì, ´ ¶·¨³¥·, ¶¥É²¥¢µ° ±¢ ´Éµ¢µ° £· ¢¨É -
Í¨¨ [35].
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�Ê¦´  ²¨ ´ ³ ¶¥·¥´µ·³¨·Ê¥³µ¸ÉÓ ± ± ËÊ´¤ ³¥´É ²Ó´Ò° ¶·¨´Í¨¶? Mµ¦¥É,
¶µ·  ¸ ´¥° ¶·µ¸É¨ÉÓ¸Ö? �  ÔÉµ ¨³¥¥É¸Ö, ¶µ ±· °´¥° ³¥·¥, ¤¢  ¢µ§· ¦¥-
´¨Ö. ‚µ-¶¥·¢ÒÌ, M -É¥µ·¨Ö Ö¢²Ö¥É¸Ö ¶·µ¥±Éµ³ ¡µ²¥¥ £· ´¤¨µ§´Ò³, Î¥³ ¢¸¥
¶·¥¤Ò¤ÊÐ¨¥. …¤¢  ²¨ ³µ¦´µ · c¸Î¨ÉÒ¢ ÉÓ ´  Ê¸¶¥Ì ¢ ¥£µ ·¥Ï¥´¨¨, ¥¸²¨ ´¥
¨§¢²¥Î¥´ Ê·µ± ¨§ ´¥Ê¤ Î ¤µ¸É·Ê´´ÒÌ ¶µ¶ÒÉµ± µ¶¨¸ ´¨Ö ¸¨¸É¥³ ¸ ¡¥¸±µ´¥Î-
´Ò³ Î¨¸²µ³ ¸É¥¶¥´¥° ¸¢µ¡µ¤Ò (¡Ò²¨ ²¨ ÔÉ¨ ¶µ¶ÒÉ±¨ ¤¥°¸É¢¨É¥²Ó´µ µ¡·¥Î¥´Ò
´  ´¥Ê¤ ÎÊ?). ‚µ-¢Éµ·ÒÌ, ± ± § ³¥É¨² �. „¦Ô±¨¢ [17]: ®•µÉ¥² ¡Ò Ö §´ ÉÓ, £¤¥
¢ Í¥²¨±µ³ ±µ´¥Î´µ° ¨ ´¥²µ± ²Ó´µ° ¤¨´ ³¨±¥ µÉÒÐ¥É¸Ö ÉµÉ ³¥Ì ´¨§³ ´ ·Ê-
Ï¥´¨Ö ¸¨³³¥É·¨¨, ±µÉµ·Ò° ´ ³ ´Ê¦¥´, ÎÉµ¡Ò µ¡ÑÖ¸´¨ÉÓ ³¨· ¢µ±·Ê£ ´ ¸¯. ‚
¸ ³µ³ ¤¥²¥, ± ± ³µ¦´µ ¡Ò²µ ¡Ò ¥¸É¥¸É¢¥´´Ò³ µ¡· §µ³ µ¡ÑÖ¸´¨ÉÓ ´ ·ÊÏ¥´¨¥
¸¨³³¥É·¨° ¨´ Î¥, Î¥³ ¸Î¨É ÉÓ ¨Ì ®·Ê¡Í ³¨¯ µÉ § ¦¨¢²¥´´ÒÌ Ê²ÓÉ· Ë¨µ²¥Éµ-
¢ÒÌ ®· ´¯? ‚ ¶·µ¡²¥³¥ ´ ·ÊÏ¥´´ÒÌ ¸¨³³¥É·¨° ±µ´¥Î´µ¸ÉÓ ¶¥·¥¸É ¥É ¡ÒÉÓ
¡² £µ³.

ˆ³¥¥É¸Ö ¨ ¡µ²¥¥ ®§¥³´ Ö¯, É¥Ì´¨Î¥¸± Ö ¶·µ¡²¥³ . �¶Ê¸± Ö¸Ó ¨§ ¶² ´-
±µ¢¸±¨Ì ¢Ò¸¥° ¢ µ¡² ¸ÉÓ Ô±¸¶¥·¨³¥´É ²Ó´µ ¤µ¸Ö£ ¥³ÒÌ Ô´¥·£¨°, ³Ò ´¥ ³µ-
¦¥³ ¢µ¸¶µ²Ó§µ¢ ÉÓ¸Ö ±µ´¥Î´µ¸ÉÓÕ ¸É·Ê´´µ° É¥µ·¨¨ ¤²Ö · ¸Î¥É  ¶·µÍ¥¸¸µ¢,
¶·µ¨¸Ìµ¤ÖÐ¨Ì ¸ µ¡ÒÎ´Ò³¨ Î ¸É¨Í ³¨, ´ ¶·¨³¥· ¸ ±¢ ·± ³¨, ¶µ¸±µ²Ó±Ê ´¥
§´ ¥³ ¨¸É¨´´µ£µ ³¥Ì ´¨§³  ·¥¤Ê±Í¨¨ µÉ 10 ± 4 ¨§³¥·¥´¨Ö³. „²Ö ¸· ¢´¥´¨Ö
´ ¶µ³´¨³, ÎÉµ ±² ¸¸¨Î¥¸± Ö ·¥²ÖÉ¨¢¨¸É¸± Ö ³¥Ì ´¨±  ¶µ§¢µ²Ö¥É · ¸¸Î¨É ÉÓ
¤¢¨¦¥´¨¥ Î ¸É¨Í ± ± ¸µ ¸±µ·µ¸ÉÖ³¨, ¡²¨§±¨³¨ ± ¸±µ·µ¸É¨ ¸¢¥É , É ± ¨ c ³ -
²Ò³¨ ¸±µ·µ¸ÉÖ³¨, ¶·¨Î¥³ ¨´µ£¤  (´ ¶·¨³¥·, ¶·¨ ¤¢¨¦¥´¨¨ ¢ ¶µ²¥ ¶²µ¸±µ°
Ô²¥±É·µ³ £´¨É´µ° ¢µ²´Ò) É ±µ° · ¸Î¥É µ± §Ò¢ ¥É¸Ö ¤ ¦¥ ¡µ²¥¥ ¶·µ¸ÉÒ³, Î¥³
¢ ´ÓÕÉµ´µ¢¸±µ° ³¥Ì ´¨±¥.

�¡· É¨³¸Ö ± ¶µ¸²¥¤´¨³ ¸É· ´¨Í ³ ¨¸Éµ·¨¨ ¶¥·¥´µ·³¨·Ê¥³µ¸É¨ ¨ ¶µ¶Ò-
É ¥³¸Ö ´ °É¨ ¢ ´¨Ì µÉ¢¥É ´  ®´ ¨¢´Ò°¯ ¢µ¶·µ¸: ¶µÎ¥³Ê É·¨ ËÊ´¤ ³¥´É ²Ó´ÒÌ
¢§ ¨³µ¤¥°¸É¢¨Ö Å ¸¨²Ó´µ¥, Ô²¥±É·µ³ £´¨É´µ¥ ¨ ¸² ¡µ¥ Å ¶¥·¥´µ·³¨·Ê¥³Ò?
�Ò²µ ¡Ò ´¥²¥¶µ ¤Ê³ ÉÓ, ¡Ê¤Éµ ¶·¨·µ¤  ¨£· ¥É ¸ ´ ³¨ ¢ ®¶µ¤¤ ¢±¨¯, Ê¸É· ¨¢ Ö
¸¢µ¨ § ±µ´Ò É ±, ÎÉµ¡Ò ³Ò ³µ£²¨ ¢ ´¨Ì · §µ¡· ÉÓ¸Ö ¸ ¶µ³µÐÓÕ ¶¥·ÉÊ·¡ É¨¢-
´ÒÌ ¢ÒÎ¨¸²¥´¨°.

‚ 70-¥ ££. · §¢¨¢ ÕÉ¸Ö ¶µ¤Ìµ¤Ò, µ·¨¥´É¨·µ¢ ´´Ò¥ ´  ´¨¢¥²¨·µ¢±Ê · §²¨-
Î¨° ³¥¦¤Ê ¶¥·¥´µ·³¨·Ê¥³Ò³¨ ¨ ´¥¶¥·¥´µ·³¨·Ê¥³Ò³¨ É¥µ·¨Ö³¨. Š. ‚¨²Ó¸µ´
¢µ§·µ¦¤ ¥É ¨´É¥·¥¸ ± ·¥´µ·³ ²¨§ Í¨µ´´µ° £·Ê¶¶¥ ± ± ¸·¥¤¸É¢Ê, ¶µ§¢µ²ÖÕ-
Ð¥³Ê  ´ ²¨§¨·µ¢ ÉÓ ¸¨ÉÊ Í¨Õ ¢ Š’� ¢´¥ · ³µ± É¥µ·¨¨ ¢µ§³ÊÐ¥´¨° (µ¡ ¨¸Éµ-
·¨¨ ¨ ¸µ¢·¥³¥´´µ³ ¸µ¸ÉµÖ´¨¨ ·¥´µ·³£·Ê¶¶µ¢ÒÌ ¨¸¸²¥¤µ¢ ´¨° ¸³., ´ ¶·¨³¥·,
[36]). �µ  ´ ²µ£¨¨ ¸ ±·¨É¨Î¥¸±µ° ÉµÎ±µ° ¢ Ë §µ¢µ³ ¶¥·¥Ìµ¤¥ ¢Éµ·µ£µ ·µ¤ ,
£¤¥ Ë²Ê±ÉÊ Í¨¨ ¢¸¥Ì ³ ¸ÏÉ ¡µ¢ µ± §Ò¢ ÕÉ¸Ö ¸· ¢´¨³Ò³¨, ³µ¦´µ µ¶·¥¤¥²¨ÉÓ
¶µ´ÖÉ¨¥ Ê²ÓÉ· Ë¨µ²¥Éµ¢µ° Ë¨±¸¨·µ¢ ´´µ° ÉµÎ±¨, ¶·¨¡²¨¦ Ö¸Ó ± ±µÉµ·µ°
±¢ ´Éµ¢ ´´Ò¥ ¶µ²Ö ¸É ´µ¢ÖÉ¸Ö  ¸¨³¶ÉµÉ¨Î¥¸±¨ ±µ´Ëµ·³´µ-¨´¢ ·¨ ´É´Ò³¨
(¶µ¤·µ¡´¥¥ µ¡ ÔÉµ³ ¸³. ¢ [37]). �Éµ ¶µ´ÖÉ¨¥ ¸²Ê¦¨É µÉ¶· ¢´Ò³ ¶Ê´±Éµ³
¢ ¶·µ£· ³³¥ ® ¸¨³¶ÉµÉ¨Î¥¸±µ° ¡¥§µ¶ ¸´µ¸É¨¯ C. ‚ °´¡¥·£ , ¸µ£² ¸´µ ±µÉµ-
·µ° ¶ · ³¥É·Ò ¸¢Ö§¨ ¤µ¸É¨£ ÕÉ Ë¨±¸¨·µ¢ ´´µ° ÉµÎ±¨, ±µ£¤  Ô´¥·£¥É¨Î¥¸±¨°
³ ¸ÏÉ ¡ ¨Ì ´µ·³¨·µ¢±¨ ¸É·¥³¨É¸Ö ± ¡¥¸±µ´¥Î´µ¸É¨ [38]. „²Ö £ Ê¸¸µ¢¸±¨Ì
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Ë¨±¸¨·µ¢ ´´ÒÌ ÉµÎ¥±  ¸¨³¶ÉµÉ¨Î¥¸± Ö ¡¥§µ¶ ¸´µ¸ÉÓ Ô±¢¨¢ ²¥´É´  ¶¥·¥´µ·-
³¨·Ê¥³µ¸É¨ ¢ µ¡ÒÎ´µ³ ¸³Ò¸²¥ (¶·¨Î¥³ § ¢¥¤µ³µ µÉ¸ÊÉ¸É¢Ê¥É ¶·µ¡²¥³  ®´Ê²Ó-
§ ·Ö¤ ¯), ¢ µ¡Ð¥³ ¦¥ ¸²ÊÎ ¥ µ´  ¶·¨§¢ ´  µ¡µ¡Ð¨ÉÓ Ê¸²µ¢¨¥ ¶¥·¥´µ·³¨·Ê¥-
³µ¸É¨. Š ¸µ¦ ²¥´¨Õ, ¤µ± § ÉÓ ´ ²¨Î¨¥ ¨²¨ µÉ¸ÊÉ¸É¢¨¥ Ë¨±¸¨·µ¢ ´´ÒÌ ÉµÎ¥±
¤²Ö 4D-± ²¨¡·µ¢µÎ´ÒÌ É¥µ·¨° É ± ¨ ´¥ Ê¤ ²µ¸Ó.

K ¸¥·¥¤¨´¥ 70-Ì ££. ¢ ±µ´¸É·Ê±É¨¢´µ° ±¢ ´Éµ¢µ° É¥µ·¨¨ ¶µ²Ö ¶·µ¨¸Ìµ¤¨É
·Ö¤ µÉ±·ÒÉ¨°, ¶·µ²¨¢ ÕÐ¨Ì ¸¢¥É ´  ¸É·Ê±ÉÊ·Ê ´¥¶¥·¥´µ·³¨·Ê¥³ÒÌ É¥µ·¨°
¨ Ê¸²µ¢¨Ö, ¶·¨ ±µÉµ·ÒÌ É ±¨¥ É¥µ·¨¨ µ¡·¥É ÕÉ ³ É¥³ É¨Î¥¸±¨° ¸³Ò¸². ‚
Î ¸É´µ¸É¨, ´ °¤¥´µ, ÎÉµ ´¥±µÉµ·Ò¥ ´¥¶¥·ÉÊ·¡ É¨¢´Ò¥ ·¥Ï¥´¨Ö É ±¨Ì É¥µ·¨°
³µ£ÊÉ Ì · ±É¥·¨§µ¢ ÉÓ¸Ö ±µ´¥Î´Ò³ Î¨¸²µ³ ¶·µ¨§¢µ²Ó´ÒÌ ¶ · ³¥É·µ¢, ¢ µÉ²¨-
Î¨¥ µÉ ¸¨ÉÊ Í¨¨ ¢ É¥µ·¨¨ ¢µ§³ÊÐ¥´¨° (¤µ¸É¨¦¥´¨Ö³ ¢ ÔÉµ° µ¡² ¸É¨ ¶µ¸¢ÖÐ¥´
µ¡§µ· [39]). ˆ¤¥Ö µ¸² ¡¨ÉÓ É·¥¡µ¢ ´¨¥ ¶¥·¥´µ·³¨·Ê¥³µ¸É¨, p ¸Ï¨·ÖÖ ±² ¸¸
Ë¨§¨Î¥¸±¨ ´¥¶·µÉ¨¢µ·¥Î¨¢ÒÌ É¥µ·¨°, ¸¥£µ¤´Ö ÊÉ· É¨²  ¸¢µÕ µ¸É·µÉÊ, É¥³ ´¥
³¥´¥¥ µ´  ´¥ ¶·¥¤ ´  ¶µ²´µ³Ê § ¡¢¥´¨Õ [40].

„·Ê£ Ö ²¨´¨Ö · §¢¨É¨Ö ·¥´µ·³£·Ê¶¶µ¢ÒÌ ¨¤¥° ¶·¨¢¥²  ± ¤µ± § É¥²Ó¸É¢Ê
É¥µ·¥³Ò µ¡ µÉ¤¥²¥´¨¨, cµ£² ¸´µ ±µÉµ·µ° ¢ ¶¥·¥´µ·³¨·Ê¥³µ° É¥µ·¨¨ ¸ ¶µ²¥³,
¨³¥ÕÐ¨³ ³ ¸¸Ê M ³´µ£µ ¡	µ²ÓÏ¥ ³ ¸¸ ¤·Ê£¨Ì ¶µ²¥°, ³µ¦´µ ´ °É¨ É ±µ¥ ¶¥-
·¥´µ·³¨·µ¢µÎ´µ¥ ¶·¥¤¶¨¸ ´¨¥, ÎÉµ ¢ ± ·É¨´¥ ´¨§±µÔ´¥·£¥É¨Î¥¸±¨Ì Ö¢²¥´¨°
ÉÖ¦¥²Ò¥ ¶µ²Ö µÉ¤¥²ÖÕÉ¸Ö ¨ ¤ ÕÉ µ ¸¥¡¥ §´ ÉÓ ²¨ÏÓ ¢ ¢¨¤¥ ¶µ¶· ¢µ± ± ² £· ´-
¦¨ ´Ê, ¶µ¤ ¢²¥´´ÒÌ ¸É¥¶¥´Ö³¨ E/M , £¤¥ E Å Ì · ±É¥·´ Ö ¢ ¤ ´´µ° µ¡² ¸É¨
Ô´¥·£¨Ö (¶µ¤·µ¡´¥¥ ¸³. ¢ £². 8 ±´¨£¨ [8]). ‚ ¦´µ¥ ¸²¥¤¸É¢¨¥ É¥µ·¥³Ò ¸µ¸Éµ¨É
¢ Éµ³, ÎÉµ ´¨§±µÔ´¥·£¥É¨Î¥¸± Ö Ë¨§¨±  µ¶¨¸Ò¢ ¥É¸Ö ÔËË¥±É¨¢´µ° É¥µ·¨¥°,
¸µ¤¥·¦ Ð¥° Éµ²Ó±µ É¥ Î ¸É¨ÍÒ, ±µÉµ·Ò¥ ¤¥°¸É¢¨É¥²Ó´µ ¢ ¦´Ò ¢ · ¸¸³ É·¨-
¢ ¥³µ³ ¤¨ ¶ §µ´¥ Ô´¥·£¨°. Œ ¸¸  M ¨£· ¥É, É ±¨³ µ¡· §µ³, ·µ²Ó Ê²ÓÉ· Ë¨µ-
²¥Éµ¢µ£µ µ¡·¥§ ´¨Ö ¢ ÔËË¥±É¨¢´µ° É¥µ·¨¨; ¥¸²¨ E → M , Éµ ÔËË¥±É¨¢´ Ö
É¥µ·¨Ö ¶¥·¥¸É ¥É ¡ÒÉÓ ¶·¨³¥´¨³µ° ¨ ¤µ²¦´  ¡ÒÉÓ § ³¥´¥´  ´  ´µ¢ÊÕ ÔË-
Ë¥±É¨¢´ÊÕ É¥µ·¨Õ ¸ ¡	µ²ÓÏ¨³ µ¡·¥§ ´¨¥³. �·¨ E � M ÉÖ¦¥²Ò¥ Î ¸É¨ÍÒ
³µ£ÊÉ ¶·µÖ¢¨ÉÓ ¸¥¡Ö ²¨ÏÓ Î¥·¥§ ¶·µÍ¥¸¸Ò (´ ¶·¨³¥·, ¸² ¡Ò¥ · ¸¶ ¤Ò), ±µÉµ-
·Ò¥ § ¶·¥Ð¥´Ò ¸¨³³¥É·¨Ö³¨ (´ ¶·¨³¥·, ¸µÌ· ´¥´¨¥³ Î¥É´µ¸É¨) ¢ µÉ¸ÊÉ¸É¢¨¥
ÉÖ¦¥²ÒÌ Î ¸É¨Í (´ ¶·¨³¥·, W -¡µ§µ´µ¢), µ¸ÊÐ¥¸É¢²ÖÕÐ¨Ì ¢§ ¨³µ¤¥°¸É¢¨Ö ¸
´ ·ÊÏ¥´´µ° ¸¨³³¥É·¨¥°. �É¨ ³ ²Ò¥ ÔËË¥±ÉÒ ¸µµÉ¢¥É¸É¢ÊÕÉ ´¥¶¥·¥´µ·³¨-
·Ê¥³Ò³ Î²¥´ ³ ² £· ´¦¨ ´ , ¶µ¸±µ²Ó±Ê µ´¨ Ê³´µ¦ ÕÉ¸Ö ´  µ¡· É´Ò¥ ¸É¥-
¶¥´¨ M ,   §´ Î¨É, ¨³¥ÕÉ µ¶¥· Éµ·´ÊÕ · §³¥·´µ¸ÉÓ ¶µ²µ¦¨É¥²Ó´µ° ¸É¥¶¥´¨
³ ¸¸Ò. ®’ ±¨³ µ¡· §µ³, ¶·¨ µ¡ÒÎ´ÒÌ Ô´¥·£¨ÖÌ ³Ò ³µ¦¥³ ´ ¡²Õ¤ ÉÓ ²¨ÏÓ
É¥ ¢§ ¨³µ¤¥°¸É¢¨Ö, ±µÉµ·Ò¥ ¶¥·¥´µ·³¨·Ê¥³Ò ¢ µ¡ÒÎ´µ³ ¸³Ò¸²¥, ¶²Õ¸ ²Õ¡Ò¥
´¥¶¥·¥´µ·³¨·Ê¥³Ò¥ ¢§ ¨³µ¤¥°¸É¢¨Ö, ¶·µ¨§¢µ¤ÖÐ¨¥ ÔËË¥±ÉÒ, ÌµÉÖ ¨ Éµ´±¨¥,
´µ ¢ Î¥³-Éµ ¸Éµ²Ó Ô±§µÉ¨Î´Ò¥, ÎÉµ ¨Ì ´¥²Ó§Ö ´¥ § ³¥É¨ÉÓ¯ [41]. H ¶·¨³¥·,
´¥¶¥·¥´µ·³¨·Ê¥³µ¥ Î¥ÉÒ·¥ÌË¥·³¨µ´´µ¥ ¢§ ¨³µ¤¥°¸É¢¨¥ (G/

√
2)J · J ¶µ¤ ¢-

²¥´µ ¶·¨ E � MW ³ ²µ¸ÉÓÕ Ë¥·³¨¥¢¸±µ° ±µ´¸É ´ÉÒ G (¶·µ¶µ·Í¨µ´ ²Ó´µ°
M−2

W ) ¨ ¢¸¥ ¦¥ ´ ¡²Õ¤ ¥³µ, ¡² £µ¤ ·Ö ±¨· ²Ó´µ¸É¨ ¸² ¡ÒÌ ¶·µÍ¥¸¸µ¢.
—¥³ ¦¥ µ¡ÑÖ¸´Ö¥É¸Ö ¶¥·¥´µ·³¨·Ê¥³µ¸ÉÓ ¸É ´¤ ·É´µ° ³µ¤¥²¨ ¢ ±µ´É¥±¸É¥

ÔËË¥±É¨¢´ÒÌ É¥µ·¨°? �É¢¥É ¤µ¢µ²Ó´µ µÎ¥¢¨¤¥´: ¸É ´¤ ·É´ Ö ³µ¤¥²Ó ¥¸ÉÓ ÔË-
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Ë¥±É¨¢´ Ö ´¨§±µÔ´¥·£¥É¨Î¥¸± Ö É¥µ·¨Ö, ±µÉµ· Ö ¢Ò¢µ¤¨É¸Ö ¨§ É¥µ·¨¨ ¡µ²¥¥
¢Ò¸µ±µ£µ Ê·µ¢´Ö, ´ ¶·¨³¥· É¥µ·¨¨ ¢¥²¨±µ£µ µ¡Ñ¥¤¨´¥´¨Ö, ¥¸²¨ ¶·µ¨´É¥£·¨-
·µ¢ ÉÓ ¢ ±µ´É¨´Ê ²Ó´µ³ ¨´É¥£· ²¥ ¢¸¥ ÉÖ¦¥²Ò¥ ¶µ²Ö, ´ ¶·¨³¥· X-¡µ§µ´Ò.
� É ± ± ± ¶µ¤· §Ê³¥¢ ¥É¸Ö ³¨·, ¤µ¸ÉÊ¶´Ò° ´ ¡²Õ¤¥´¨Õ, Éµ ² £· ´¦¨ ´ ´¥
¤µ²¦¥´ ¡ÒÉÓ ¶µ¤ ¢²¥´ ¸É¥¶¥´Ö³¨ 1/MX , µÉ±Ê¤  ¶µ · §³¥·´Ò³ ¸µµ¡· ¦¥´¨Ö³
¸²¥¤Ê¥É e£µ ¶¥·¥´µ·³¨·Ê¥³µ¸ÉÓ.

E¸²¨ ¸²¥¤µ¢ ÉÓ ÔÉµ° ²µ£¨±¥, Éµ ² £· ´¦¨ ´ £· ¢¨É Í¨¨ (ÔËË¥±É¨¢´µ°
É¥µ·¨¨, ¢Ò¢µ¤¨³µ° ¨§ É¥µ·¨¨ ¸Ê¶¥·¸É·Ê´ ¢ ¶·¥¤¥²¥ ´¨§±¨Ì Ô´¥·£¨°) ¤µ²¦¥´
¡ÒÉÓ ¶µ¤ ¢²¥´ ¸É¥¶¥´Ö³¨ 1/MPl =

√
k, ¨¡µ £· ¢¨É Í¨Ö ´¥¶¥·¥´µ·³¨·Ê¥³ .

�µ, ± ± ¨§¢¥¸É´µ, ÔÉµ ´¥ É ±: £¨²Ó¡¥·Éµ¢¸±¨° ² £· ´¦¨ ´
√−gR/16πk ´¥

¶µ¤¥²¥´,   Ê³´µ¦¥´ ´  M2
Pl. XµÉÖ £· ¢¨É Í¨Ö ¢µ§´¨± ¥É ± ± ´¨§±µÔ´¥·£¥É¨-

Î¥¸±¨° ¶·¥¤¥² É¥µ·¨¨ ¸É·Ê´, ¢ µÉ²¨Î¨¥ µÉ µ¸É ²Ó´ÒÌ É·¥Ì ¢§ ¨³µ¤¥°¸É¢¨°,
·¥ÎÓ ´¥ ¨¤eÉ µ¡ ÔËË¥±É¨¢´µ° É¥µ·¨¨.

ˆÉ ±, ¢ · ³± Ì ¨¤¥µ²µ£¨¨ ÔËË¥±É¨¢´ÒÌ É¥µ·¨° ³Ò ´ Ìµ¤¨³ ²¨ÏÓ Î ¸ÉÓ
(´¥ µÎ¥´Ó Ê¡¥¤¨É¥²Ó´µ£µ) µÉ¢¥É  ´  ¶µ¸É ¢²¥´´Ò° ¢ÒÏ¥ ¢µ¶·µ¸. Š·µ³¥ Éµ£µ,
É ± ¨ µ¸É ²a¸Ó ´¥¢¥¤µ³µ° ¤¨´ ³¨Î¥¸± Ö ¶·¨Î¨´ , ¢ ¸¨²Ê ±µÉµ·µ° ´¥¶¥·¥-
´µ·³¨·Ê¥³Ò¥ ¢§ ¨³µ¤¥°¸É¢¨Ö µÉ¢¥·£ ÕÉ¸Ö ¨²¨ ÌµÉÖ ¡Ò ¶µ¤ ¢²ÖÕÉ¸Ö ³ ²Ò³¨
±µÔËË¨Í¨¥´É ³¨. �¥¶µ´ÖÉ´µ ¤ ¦¥, ¢ ± ±µ³ ¸³Ò¸²¥ ¶¥·¥´µ·³¨·Ê¥³µ¸ÉÓ Ö¢²Ö-
¥É¸Ö  ´É¨¶µ¤µ³ ´¥¶¥·¥´µ·³¨·Ê¥³µ¸É¨.

�¨¦¥ ³Ò µ¡¸Ê¤¨³ ¨³¥´´µ ÔÉ¨ ¸Éµ·µ´Ò ¶·µ¡²¥³Ò ¶¥·¥´µ·³¨·Ê¥³µ¸É¨.
‚´¨³ ´¨¥ ¡Ê¤¥É ¸µ¸·¥¤µÉµÎ¥´µ ´  ±¢ ´Éµ¢µ° Ë¨§¨±¥ ³ ²ÒÌ ¶µ ³ ±·µ¸±µ-
¶¨Î¥¸±¨³ ³¥·± ³ · ¸¸ÉµÖ´¨°, ´µ §´ Î¨É¥²Ó´µ ¡	µ²ÓÏ¨Ì ¶² ´±µ¢¸±µ° ¤²¨´Ò
lPl. �·¥¤¶µ² £ ¥É¸Ö, ÎÉµ £· ¢¨É Í¨Ö ± ± ±¢ ´Éµ¢µ¥ Ö¢²¥´¨¥ ¢ ÔÉµ° µ¡² -
¸É¨ ´¥ ¨£· ¥É µ¸µ¡µ° ·µ²¨, a ¥¥ ÔËË¥±ÉÒ ¸¢µ¤ÖÉ¸Ö ± Î¨¸Éµ ±² ¸¸¨Î¥¸±µ³Ê
¨¸±·¨¢²¥´¨Õ ¶·µ¸É· ´¸É¢ -¢·¥³¥´¨. ‚ · §¤. 4 ³Ò ¢ÒÖ¸´¨³, ÎÉµ Ê¸²µ¢¨¥ ¶¥·¥-
´µ·³¨·Ê¥³µ¸É¨ Ô±¢¨¢ ²¥´É´µ Ê¸²µ¢¨Õ ¶·¥¤µÉ¢· É¨³µ¸É¨ ±µ²² ¶¸a. K ÔÉµ³Ê
¢Ò¢µ¤Ê ³Ò ¡Ê¤¥³ ¤¢¨£ ÉÓ¸Ö Ï £ §  Ï £µ³. B · §¤. 2 ·¥ÎÓ ¶µ°¤¥É µ Éµ¶µ-
²µ£¨Î¥¸±¨Ì É¨¶ Ì Ô¢µ²ÕÍ¨¨ ±² ¸¸¨Î¥¸±¨Ì ÉµÎ¥Î´ÒÌ Î ¸É¨Í, ÎÉµ ¶µ§¢µ²Ö¥É
¢§£²Ö´ÊÉÓ ´  ±µ²² ¶¸ ¸ Éµ¶µ²µ£¨Î¥¸±µ° ÉµÎ±¨ §·¥´¨Ö. (— ¸Éµ ¸Î¨É ÕÉ, ÎÉµ
±² ¸¸¨Î¥¸± Ö É¥µ·¨Ö ¢µµ¡Ð¥ ´¥ ¨³¥¥É µÉ´µÏ¥´¨Ö ± ¢µ¶·µ¸Ê µ ¶¥·¥´µ·³¨·Ê¥-
³µ¸É¨, ¨¡µ ¢ ´¥° µÉ¸ÊÉ¸É¢ÊÕÉ ¶·µÍ¥¸¸Ò ·µ¦¤¥´¨Ö ¨  ´´¨£¨²ÖÍ¨¨ Î ¸É¨Í,  
§´ Î¨É, ±µ´¸É ´ÉÒ ¸¢Ö§¨ ´¥ ¶µ¤²¥¦ É ¶¥·¥´µ·³¨·µ¢±¥. ‘²µ¦¨²µ¸Ó Ê¡¥¦¤¥´¨¥,
ÎÉµ ±² ¸¸¨Î¥¸± Ö ¸µ¡¸É¢¥´´ Ö Ô´¥·£¨Ö δm · ¸Ìµ¤¨É¸Ö ¨´ Î¥, Î¥³ ±¢ ´Éµ¢ Ö
¸µ¡¸É¢¥´´ Ö Ô´¥·£¨Ö Σ. �Éµ, ± § ²µ¸Ó ¡Ò, ¨¸±²ÕÎ ¥É ¢¸Ö±ÊÕ ¸¢Ö§Ó ³¥¦¤Ê
Ê²ÓÉ· Ë¨µ²¥Éµ¢Ò³¨ ´¥¤Ê£ ³¨ ¢ ±² ¸¸¨Î¥¸±µ° ¨ ±¢ ´Éµ¢µ° É¥µ·¨ÖÌ. �¤´ ±µ
¶·¨ ¢¸¥³ · §²¨Î¨¨ ¡µ²¥§´¥° ±·¨É¥·¨° ¦¨§´¥¸¶µ¸µ¡´µ¸É¨ µ¡¥¨Ì É¥µ·¨° µ¤¨-
´ ±µ¢ Å ¶·¥¤µÉ¢· É¨³µ¸ÉÓ ±µ²² ¶¸a. �µ²¥¥ Éµ£µ, ¢ · §¤. 6 ¡Ê¤¥É ¶µ± § ´µ,
ÎÉµ ¸É¥¶¥´¨ · ¸Ìµ¤¨³µ¸É¥° ¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì ¢¥²¨Î¨´ ¢ ¤Ê ²Ó´ÒÌ ±² ¸¸¨-
Î¥¸±µ° ¨ ±¢ ´Éµ¢µ° ± ·É¨´ Ì ´  ¸ ³µ³ ¤¥²¥ ¸µ¢¶ ¤ ÕÉ. ’ ±¨³ µ¡· §µ³,
 ´ ²¨§ Ê²ÓÉ· Ë¨µ²¥Éµ¢ÒÌ ¸¢µ°¸É¢ ±² ¸¸¨Î¥¸±µ° ± ·É¨´Ò ¤ ¥É ³´µ£µ¥ ¤²Ö ¶µ-
´¨³ ´¨Ö Éµ£µ, ÎÉµ ¶·µ¨¸Ìµ¤¨É ¢ ³¥´¥¥ ´ £²Ö¤´µ° ±¢ ´Éµ¢µ° ± ·É¨´¥.) �·µ-
¸É¥°Ï Ö · §´µ¢¨¤´µ¸ÉÓ ±µ²² ¶¸  Å ¶ ¤¥´¨¥ Î ¸É¨ÍÒ ´  Í¥´É·, µ¡¸Ê¦¤ ¥³ Ö
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¢ · §¤. 3, ¶µ§¢µ²Ö¥É ¸Ëµ·³Ê²¨·µ¢ ÉÓ ±·¨É¥·¨° ¶·¥¤µÉ¢· É¨³µ¸É¨ ±µ²² ¶¸  ¢
µ¡Ð¥³ ¢¨¤¥: ±µ²² ¶¸ ¶·¥¤µÉ¢· Ð ¥É¸Ö, ¥¸²¨ ¸¶¥±É· £ ³¨²ÓÉµ´¨ ´  µ£· ´¨Î¥´
¸´¨§Ê. ‚ · §¤. 5 ·¥ÎÓ ¶µ°¤¥É µ ¸Ìµ¤¸É¢¥ ¨ · §²¨Î¨¨ ¶µ´ÖÉ¨° ¶¥·¥´µ·³¨·Ê¥-
³µ¸É¨, ±¨´¥É¨Î¥¸±µ£µ ¶·¥µ¡² ¤ ´¨Ö ¨ ¶·¥¤µÉ¢· É¨³µ¸É¨ ±µ²² ¶¸ . ‚ · §¤. 6
³Ò ¨¸¶µ²Ó§Ê¥³ £µ²µ£· Ë¨Î¥¸±¨° ¶·¨´Í¨¶ ¤²Ö µ¡ÑÖ¸´¥´¨Ö ¶·¨·µ¤Ò  ´µ³ ²¨°
¨ ÊÉµÎ´¥´¨Ö ¸¢Ö§¨ ³¥¦¤Ê ¶¥·¥´µ·³¨·Ê¥³µ¸ÉÓÕ ¨ µ¡· É¨³µ¸ÉÓÕ ¢µ ¢·¥³¥´¨.
‚ · §¤. 7 ¡Ê¤ÊÉ ¶µ¤¢¥¤¥´Ò ¨Éµ£¨ ¢¸¥£µ µ¡¸Ê¦¤¥´¨Ö.

2. ’���‹�ƒˆ—…‘Šˆ… ’ˆ�› �‚�‹	–ˆˆ

ˆ³¥ÕÉ¸Ö ¤¢¥ ÉµÎ±¨ §·¥´¨Ö ´  Éµ, ± ±µ° µ¡Ñ¥±É ±² ¸¸¨Î¥¸±µ° É¥µ·¨¨ ¶µ²Ö
¸²¥¤Ê¥É ¸Î¨É ÉÓ ËÊ´¤ ³¥´É ²Ó´Ò³. ‘µ£² ¸´µ µ¤´µ° ¨§ ´¨Ì, ¶µ²Ö ËÊ´¤ ³¥´-
É ²Ó´Ò,   Î ¸É¨ÍÒ ¢µ§´¨± ÕÉ ± ± ²µ± ²Ó´Ò¥ ¢µ§¡Ê¦¤¥´¨Ö ¶µ²¥°. „·Ê£ Ö ¨¸-
Ìµ¤¨É ¨§ ËÊ´¤ ³¥´É ²Ó´µ¸É¨ Î ¸É¨Í, ¶µ²Ö³ ¦¥ µÉ¢µ¤¨É¸Ö ·µ²Ó ±µ¤¨·µ¢ ´´ÒÌ
¶· ¢¨² ¶µ¢¥¤¥´¨Ö Î ¸É¨Í. ‚ ±² ¸¸¨Î¥¸±µ° Ô²¥±É·µ¤¨´ ³¨±¥ µ¡¥ ÉµÎ±¨ §·¥-
´¨Ö Ô±¢¨¢ ²¥´É´Ò (¸³. [42]). Š¢ ´Éµ¢ ´¨¥ ¶·¨¢µ¤¨É ± µ¡Ñ¥¤¨´¥´¨Õ ¢§£²Ö¤µ¢,
¶µ¸±µ²Ó±Ê ³Ò ¨³¥¥³ ¤¥²µ ¸ ¸¨´É¥§¨·µ¢ ´´Ò³ µ¡Ñ¥±Éµ³ Å ±¢ ´Éµ¢Ò³ ¶µ²¥³.

� Ï¥ µ¡¸Ê¦¤¥´¨¥ Ê¤µ¡´µ ´ Î ÉÓ ¢ · ³± Ì ±² ¸¸¨Î¥¸±µ° É¥µ·¨¨, µ¡· Ð -
Ö¸Ó ± ¶µ´ÖÉ¨Ö³ ¨´ÉÊ¨É¨¢´o Ö¸´Ò³ ¨ µ¤´µ¢·¥³¥´´µ µÎ¥´Ó £²Ê¡µ±¨³ Å ¶µ-
´ÖÉ¨Ö³ Éµ¶µ²µ£¨¨. �·¨³¥³ ÉµÎ±Ê §·¥´¨Ö, ¨¸Ìµ¤ÖÐÊÕ ¨§ ËÊ´¤ ³¥´É ²Ó´µ¸É¨
Î ¸É¨Í, ¨ · ¸¸³µÉ·¨³ ± ·É¨´Ê ¨Ì Ô¢µ²ÕÍ¨¨. …¤¨´¸É¢¥´´Ò³ Éµ¶µ²µ£¨Î¥¸±¨³
¶ÊÉ¥¢µ¤¨É¥²¥³ ¢ É ±µ° ± ·É¨´¥ Ö¢²Ö¥É¸Ö ±·¨É¥·¨° ±µ³¶ ±É´µ¸É¨. �´ ¤¥²¨É
¤¢¨¦¥´¨Ö ´  Ë¨´¨É´Ò¥ ¨ ¨´Ë¨´¨É´Ò¥, ¨´ Î¥ £µ¢µ·Ö, ¢¸¥ ¸¨¸É¥³Ò ¶µ¤· §¤¥²Ö-
ÕÉ¸Ö ´  ¸¢Ö§ ´´Ò¥ ¨ ´¥¸¢Ö§ ´´Ò¥. ’ ±¨³ µ¡· §µ³, · ¸¶ ¤Ò ¨ ·¥±µ³¡¨´ Í¨¨
Ö¢²ÖÕÉ¸Ö Éµ¶µ²µ£¨Î¥¸±¨ §´ Î¨³Ò³¨ ¸µ¡ÒÉ¨Ö³¨,   Ê¶·Ê£¨¥ p ¸¸¥Ö´¨Ö É ±µ-
¢Ò³¨ ´¥ Ö¢²ÖÕÉ¸Ö.

�  ·¨¸. 1 ¸Ì¥³ É¨Î¥¸±¨ ¨§µ¡· ¦¥´Ò Ô²¥³¥´É ·´Ò¥ Éµ¶µ²µ£¨Î¥¸±¨¥ É¨¶Ò
Ô¢µ²ÕÍ¨¨. „²Ö ¶·µ¸ÉµÉÒ ¶µ± § ´Ò ³¨·µ¢Ò¥ ²¨´¨¨ Éµ²Ó±µ ¤¢ÊÌ Î ¸É¨Í, ÌµÉÖ
¶µ¤· §Ê³¥¢ ¥É¸Ö ¸¨¸É¥³  ¸ ²Õ¡Ò³ Î¨¸²µ³ Î ¸É¨Í. ˆ¸Éµ·¨Ö ´¥¸¢Ö§ ´´µ° ¸¨-
¸É¥³Ò, ¸µ¢¥·Ï ÕÐ¥° ¨´Ë¨´¨É´µ¥ ¤¢¨¦¥´¨¥, ¶·¥¤¸É ¢²¥´  ¤¨ £· ³³µ° 1.

ˆ¸Éµ·¨Õ ¸É ¡¨²Ó´µ° ¸¢Ö§ ´´µ° ¸¨¸É¥³Ò ¸¨³¢µ²¨§¨·Ê¥É ¤¨ £· ³³  2; ¥¥
¤¢¨¦¥´¨¥ ¶·µ¨¸Ìµ¤¨É ¢ ±µ³¶ ±É´µ° µ¡² ¸É¨ ¶·µ¸É· ´¸É¢ . �·¨ ´¥±µÉµ·ÒÌ

�¨¸. 1. �²¥³¥´É ·´Ò¥ Éµ¶µ²µ£¨Î¥¸±¨¥ É¨¶Ò Ô¢µ²ÕÍ¨¨
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¢¨¤ Ì ¢§ ¨³µ¤¥°¸É¢¨Ö ¸¢Ö§ ´´Ò¥ ¸¨¸É¥³Ò ¸ÊÐ¥¸É¢ÊÕÉ ¢ É¥Î¥´¨¥ ¶µ²Ê¡¥¸±µ-
´¥Î´µ£µ ¶¥·¨µ¤ , ´µ ¢¸¥ ¦¥ · ¸¶ ¤ ÕÉ¸Ö ¢ ´¥±µÉµ·Ò° ³µ³¥´É, ± ± ¶µ± § ´µ
´  ¤¨ £· ³³¥ 3. ‡¤¥¸Ó ³Ò ´ ¡²Õ¤ ¥³ Éµ¶µ²µ£¨Î¥¸±ÊÕ ¸³¥´Ê ·¥¦¨³  ¤¢¨¦¥-
´¨Ö Å µÉ Ë¨´¨É´µ£µ ± ¨´Ë¨´¨É´µ³Ê. ŒÒ¸²¨³  ¨ ¶·µÉ¨¢µ¶µ²µ¦´ Ö ¨¸Éµ·¨Ö,
¶µ± § ´´ Ö ´  ¤¨ £· ³³e 4,   ¨³¥´´µ: ¢ µ¶·¥¤¥²¥´´Ò° ³µ³¥´É µ¡· §Ê¥É¸Ö
¸¢Ö§ ´´ Ö ¸¨¸É¥³ , ¸ ±µÉµ·µ° ¢ ¤ ²Ó´¥°Ï¥³ ´¨Î¥£µ ´¥ ¶·µ¨¸Ìµ¤¨É. ‡¤¥¸Ó
·¥¦¨³Ò ¸³¥´ÖÕÉ¸Ö ¢ µ¡· É´µ³ ¶µ·Ö¤±¥ Å µÉ ¨´Ë¨´¨É´µ£µ ± Ë¨´¨É´µ³Ê.
� ±µ´¥Í, ³µ¦´µ ¶·¥¤¸É ¢¨ÉÓ ¸¥¡¥ µ¡· §µ¢ ´¨¥ ¸¢Ö§ ´´µ° ¸¨¸É¥³Ò, ±µÉµ· Ö
· ¸¶ ¤ ¥É¸Ö Î¥·¥§ ±µ´¥Î´Ò° ¶·µ³¥¦ÊÉµ± ¢·¥³¥´¨. C¨ÉÊ Í¨Ö ¨§µ¡· ¦¥´  ´ 
¤¨ £· ³³¥ 5. ‡¤¥¸Ó ³Ò ¨³¥¥³ ¤¥²µ ¸ ¤¢µ°´Ò³ Éµ¶µ²µ£¨Î¥¸±¨³ ¨§³¥´¥´¨¥³ Å
µÉ ´¥±µ³¶ ±É´µ£µ ± ±µ³¶ ±É´µ³Ê ¨ ´ µ¡µ·µÉ∗. ‘µ¢µ±Ê¶´µ¸ÉÓ ¢ ·¨ ´Éµ¢ 1Ä5
¶µÎÉ¨ ¨¸Î¥·¶Ò¢ ¥É ¢¸¥ ¢µ§³µ¦´Ò¥ Éµ¶µ²µ£¨Î¥¸±¨¥ É¨¶Ò Ô¢µ²ÕÍ¨¨. ˆ§ ´¨Ì
¸É·µÖÉ¸Ö ¶µÎÉ¨ ²Õ¡Ò¥ ±² ¸¸¨Î¥¸±¨¥ ± ·É¨´Ò.

‚ ± Î¥¸É¢¥ ¶·¨³¥·  ¢µµ¡· §¨³ ³¨·, £¤¥ ¢¸¥ Î ¸É¨ÍÒ ´ Ìµ¤ÖÉ¸Ö ¢ ¸µ¸É ¢¥
±² ¸É¥·µ¢, ±µÉµ·Ò¥ ´¨±µ£¤  ´¥ · ¸¶ ¤ ÕÉ¸Ö ´  µÉ¤¥²Ó´Ò¥ Î ¸É¨ÍÒ, ´µ ³µ-
£ÊÉ µ¡³¥´¨¢ ÉÓ¸Ö ¸¢µ¨³¨ ¸µ¸É ¢´Ò³¨ Î ¸ÉÖ³¨ ¶·¨ ¸Éµ²±´µ¢¥´¨ÖÌ. ˆ³¥´´µ
É ±µ¢a ¸¨ÉÊ Í¨Ö ¢ Ìµ²µ¤´µ³ ¸Ê¡ÑÖ¤¥·´µ³ ³¨·¥, £¤¥ ±¢ ·±¨ ´¥ ¸ÊÐ¥¸É¢ÊÕÉ
¢ ¨§µ²¨·µ¢ ´´µ³ ¢¨¤¥,   § ±²ÕÎ¥´Ò ¢´ÊÉ·¨  ¤·µ´µ¢. Š ± ¨§¢¥¸É´µ, ¡	µ²ÓÏ Ö
Î ¸ÉÓ  ¤·µ´´µ° Ë¥´µ³¥´µ²µ£¨¨ µ¶¨¸Ò¢ ¥É¸Ö ¶² ´ ·´Ò³¨ ¤¨ £· ³³ ³¨ [43].
�  ÔÉ¨Ì ¤¨ £· ³³ Ì ¢ ²¥´É´Ò¥ ±¢ ·±¨ ¸µÌ· ´ÖÕÉ ¸¢µÕ ¨´¤¨¢¨¤Ê ²Ó´µ¸ÉÓ ¢
É¥Î¥´¨¥ ¢¸¥£µ ¶¥·¨µ¤  ¶·¥¡Ò¢ ´¨Ö ¢  ¤·µ´¥. �µ¤µ¡´µ¥ ¸µÌ· ´¥´¨¥ ¨´¤¨¢¨-
¤Ê ²Ó´µ¸É¨ Ì · ±É¥·´µ ¤²Ö ±² ¸¸¨Î¥¸±¨Ì Î ¸É¨Í. �µÔÉµ³Ê  ¤·µ´´ Ö Ë § 
Ìµ·µÏµ µ¶¨¸Ò¢ ¥É¸Ö ±¢ §¨±² ¸¸¨Î¥¸±¨. �² ´ ·´Ò¥ ¤¨ £· ³³Ò ¢ µ¸´µ¢´µ³
¸µ¸É ¢²¥´Ò ¨§ ¤¨ £· ³³ 1Ä5. ‚ ¤µ¶µ²´e´¨¥ É·¥¡Ê¥É¸Ö ²¨ÏÓ ¤¨ £· ³³  É¨¶ 
®Î °±¨¯, ¢ ±µÉµ·µ° ¤¢¥ ¶µ²Ê¡¥¸±µ´¥Î´Ò¥ ¢·¥³¥´¨¶µ¤µ¡´Ò¥ ³¨·µ¢Ò¥ ²¨´¨¨
¢ÒÌµ¤ÖÉ ¨§ µ¤´µ° ÉµÎ±¨ ¨²¨ § ± ´Î¨¢ ÕÉ¸Ö ¢ ´¥°. ’ ± Ö ¤¨ £· ³³  ¸¨³¢µ-
²¨§¨·Ê¥É ·µ¦¤¥´¨¥ ¨²¨  ´´¨£¨²ÖÍ¨Õ ±¢ ·±- ´É¨±¢ ·±µ¢µ° ¶ ·Ò. ‚ ±² ¸¸¨-
Î¥¸±µ° É¥µ·¨¨ É ± Ö ±µ´Ë¨£Ê· Í¨Ö ³¨·µ¢ÒÌ ²¨´¨° § ¶·¥Ð¥´  ¨§-§  ´¥¶·¨-
³¥´¨³µ¸É¨ ± ´¥° ¶·¨´Í¨¶  ´ ¨³¥´ÓÏ¥£µ ¤¥°¸É¢¨Ö. �µ¦¤¥´¨e ¨  ´´¨£¨²ÖÍ¨Ö
¢ ²¥´É´ÒÌ ±¢ ·±µ¢ ¢´ÊÉ·¨  ¤·µ´µ¢ ¤¥°¸É¢¨É¥²Ó´µ ¶µ¤ ¢²¥´Ò ¢ ¸¨²Ê ¶· ¢¨² 
�±Ê¡µÄ–¢¥°£ Äˆ¨¤§Ê±¨ (¸³., ´ ¶·¨³¥·, [44]), ´µ ´¥¡µ²ÓÏ Ö ¤µ²Ö É ±¨Ì ¶·µ-
Í¥¸¸µ¢ ¢¸¥ ¦¥ ¤µ¶Ê¸É¨³  ¢  ¤·µ´´ÒÌ ¸Éµ²±´µ¢¥´¨ÖÌ.

ˆ§ ¢ ·¨ ´Éµ¢ 1Ä5 ³µ¦´µ ¢Ò¤¥²¨ÉÓ ¶µ¤¢ ·¨ ´ÉÒ, ±µÉµ·Ò¥ ¸µµÉ¢¥É¸É¢ÊÕÉ
µ¸µ¡Ò³ ¸µ¸ÉµÖ´¨Ö³, ±µ£¤  µ¡² ¸ÉÓ Ë¨´¨É´µ£µ ¤¢¨¦¥´¨Ö ¸¦¨³ ¥É¸Ö ¤µ ÉµÎ±¨
(´ ¶µ³´¨³, ÎÉµ ³´µ¦¥¸É¢µ, ¸µ¸ÉµÖÐ¥¥ ¨§ ¥¤¨´¸É¢¥´´µ° ÉµÎ±¨, Ö¢²Ö¥É¸Ö ±µ³-
¶ ±É´Ò³). �É¨ µ¸µ¡Ò¥ ¢ ·¨ ´ÉÒ ¨§µ¡· ¦ ÕÉ¸Ö ¤¨ £· ³³ ³¨, ¶µ¤µ¡´Ò³¨ ¤¨ -
£· ³³ ³ 1Ä5 ¸ § ³¥´µ° ¤¢ÊÌ ¢¥·É¨± ²Ó´ÒÌ ²¨´¨° ´  µ¤´Ê (·¨¸. 2), ¨ ´Ê³¥·Ê-
ÕÉ¸Ö Í¨Ë· ³¨ ¸µ Ï²Ö¶± ³¨.

∗„¨ £· ³³  5 ¶¥·¥Ìµ¤¨É ¢ ¤¨ £· ³³Ê 1, ¥¸²¨ ¢·¥³Ö ¦¨§´¨ ¸¨¸É¥³Ò ¸É·¥³¨É¸Ö ± ´Ê²Õ.
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�¨¸. 2. �¸µ¡Ò¥ ¢ ·¨ ´ÉÒ Ô¢µ²ÕÍ¨¨

�¸µ¡Ò° ¢ ·¨ ´É å4 ³µ¦¥É ¡ÒÉÓ (  ³µ¦¥É
¨ ´¥ ¡ÒÉÓ) ¨¸Éµ²±µ¢ ´ ± ± ±µ²² ¶¸. …¸²¨
ÔÉµ É ±, Éµ µ¸µ¡Ò¥ ¢ ·¨ ´ÉÒ · ¤¨± ²Ó´µ µÉ-
²¨Î ÕÉ¸Ö µÉ µ¡ÒÎ´ÒÌ. „¥°¸É¢¨É¥²Ó´µ, ¥¸²¨
¤µ¶Ê¸É¨³µ µ¡· §µ¢ ´¨¥ ¸¢Ö§ ´´µ° ¸¨¸É¥³Ò
(¢ ·¨ ´É 4), Éµ ¸ ÊÎ¥Éµ³ µ¡· É¨³µ¸É¨ ± ·-
É¨´Ò ¢µ ¢·¥³¥´¨ ³µ¦´µ ¸¤¥² ÉÓ § ±²ÕÎ¥-
´¨¥ ¨ µ ¢µ§³µ¦´µ¸É¨ · ¸¶ ¤  É ±µ° ¸¨-
¸É¥³Ò (¢ ·¨ ´ÉÒ 3 ¨ 5). ‘ ¤·Ê£µ° ¸Éµ·µ´Ò,
± ± ¡Ê¤¥É ¶µ± § ´µ ¢ ¸²¥¤ÊÕÐ¥³ · §¤¥²¥,
· §´µ¢¨¤´µ¸ÉÓ ±µ²² ¶¸ , ¨³¥´Ê¥³ Ö ¶ ¤¥-
´¨¥³ ´  Í¥´É·, µ± §Ò¢ ¥É¸Ö ´¥¨§¡¥¦´µ°, ¥¸²¨ ¶µÉ¥´Í¨ ² ¶·¨ÉÖ¦¥´¨Ö ¡µ²¥¥
¸¨´£Ê²Ö·¥´, Î¥³ Í¥´É·µ¡¥¦´Ò° Î²¥´. B ÔÉµ³ ¸²ÊÎ ¥ Î ¸É¨ÍÒ ¸²¨¢ ÕÉ¸Ö ¢
µ¤´Ê, µ¸É ¢ Ö¸Ó ¢ ¸²¨Éµ³ ¸µ¸ÉµÖ´¨¨ ´ ¢¸¥£¤ . ’ ±¨³ µ¡· §µ³, ¸ ³µ ´ ²¨Î¨¥
¢ ·¨ ´Éa å4 ¤¥² ¥É ´¥¢µ§³µ¦´Ò³ µ¡· É´Ò° ± ´¥³Ê ¢ ·¨ ´É å3 (Î¨¸Éµ Éµ¶µ²µ-
£¨Î¥¸±¨ ÔÉ¨ ¢ ·¨ ´ÉÒ µÉ²¨Î ÕÉ¸Ö Î¨¸²µ³ ®¢É¥± ÕÐ¨Ì¯ ¨ ®¢ÒÉ¥± ÕÐ¨Ì¯ ¨§
¢¥·Ï¨´Ò ²¨´¨°),   É ±¦¥ ¢ ·¨ ´ÉÒ å1 ¨ å5. �Éµ µ§´ Î ¥É Éµ¶µ²µ£¨Î¥¸±µ¥ ´ -
·ÊÏ¥´¨¥ µ¡· É¨³µ¸É¨ ¢µ ¢·¥³¥´¨. Š ·É¨´Ê ³µ¦´µ ±¢ ²¨Ë¨Í¨·µ¢ ÉÓ ± ± å1-,
å3- ¨ å5-ÊÐ¥·¡´ÊÕ.

…¸²¨ ¦¥ ¶µÉ¥´Í¨ ² ¶·¨ÉÖ¦¥´¨Ö ³¥´¥¥ ¸¨´£Ê²Ö·¥´, Î¥³ Í¥´É·µ¡¥¦´Ò°
Î²¥´, Éµ ¶ ¤¥´¨¥ ´  Í¥´É· ¶·¥¤µÉ¢· Ð ¥É¸Ö ¨ ¢ ·¨ ´É å4 ¨¸Î¥§ ¥É. ‚³¥¸É¥ ¸
´¨³ ¨¸Î¥§ ÕÉ ¢ ·¨ ´ÉÒ å1, å2, å3 ¨ å5, ¨¡µ É¥¶¥·Ó ¨¸±²ÕÎ¥´  ¶·¥¤¶µ¸Ò²±  ¤²Ö
¶µÖ¢²¥´¨Ö  £·¥£ É  ¸²¨¢Ï¨Ì¸Ö Î ¸É¨Í. ŒÒ ¶·¨Ìµ¤¨³ ± µ¡¥¤´¥´´µ° ± ·É¨´¥,
¢ ±µÉµ·µ° µÉ¸ÊÉ¸É¢ÊÕÉ ¢¸¥ µ¸µ¡Ò¥ ¢ ·¨ ´ÉÒ å1Äå5, ´µ § Éµ ¢µ¸¸É ´ ¢²¨¢ ¥É¸Ö
µ¡· É¨³µ¸ÉÓ ¢µ ¢·¥³¥´¨. ŒÒ Ê¢¨¤¨³ ¤ ²¥¥, ÎÉµ ¤¥²¥´¨¥ ±¢ ´Éµ¢ÒÌ É¥µ·¨°
¶µ²Ö ´  ¶¥·¥´µ·³¨·Ê¥³Ò¥ ¨ ´¥¶¥·¥´µ·³¨·Ê¥³Ò¥ ¢ÒÉ¥± ¥É ¨§ ±·¨É¥·¨Ö ¶µ¤ -
¢²Ö¥³µ¸É¨ ±µ²² ¶¸ , ¨´ Î¥ £µ¢µ·Ö, Ë¨§¨Î¥¸± Ö ´¥¶·µÉ¨¢µ·¥Î¨¢µ¸ÉÓ ¶¥·¥´µ·-
³¨·Ê¥³µ° É¥µ·¨¨ µ¡¥¸¶¥Î¨¢ ¥É¸Ö §  ¸Î¥É µ¡¥¤´¥´¨Ö Éµ¶µ²µ£¨Î¥¸±µ° ± ·É¨´Ò,
¨§ ±µÉµ·µ° ¨¸±²ÕÎ¥´Ò ¢¸¥ µ¸µ¡Ò¥ ¢ ·¨ ´ÉÒ Ô¢µ²ÕÍ¨¨.

�·¨¢¥¤¥´´ Ö §¤¥¸Ó ±² ¸¸¨Ë¨± Í¨Ö Éµ¶µ²µ£¨Î¥¸±¨Ì É¨¶µ¢ Ô¢µ²ÕÍ¨¨ ³µ-
¦¥É ¡ÒÉÓ µ¤´µ§´ Î´µ ¢Ò· ¦¥´  ´  ¸¶¥±É· ²Ó´µ³ Ö§Ò±¥∗. „¥°¸É¢¨É¥²Ó´µ, ¢ -
·¨ ´ÉÒ 1 ¨ 2 µÉ¢¥Î ÕÉ, ¸µµÉ¢¥É¸É¢¥´´µ, ´¥¶·¥·Ò¢´µ° ¨ ¤¨¸±·¥É´µ° Î ¸ÉÖ³
Ô´¥·£¥É¨Î¥¸±µ£µ ¸¶¥±É· . B ·¨ ´É 3 ¶µ¤· §Ê³¥¢ ¥É ¶·¥¢· Ð¥´¨¥ ¤¨¸±·¥É´µ£µ
¸¶¥±É·  ¸µ¸ÉµÖ´¨° | in〉 ¢ ´¥¶·¥·Ò¢´Ò° ¸¶¥±É· | out〉, a ¢ ·¨ ´É 4 ¸¨³¢µ²¨§¨-
·Ê¥É ¶·µÉ¨¢µ¶µ²µ¦´µ¥ ¶·¥¢· Ð¥´¨¥. ‚ ·¨ ´É 5  ¸¸µÍ¨¨·Ê¥É¸Ö ¸ ·¥§µ´ ´¸´µ°
²¨´¨¥°. �´ ¶¥·¥Ìµ¤¨É ¢ ¢ ·¨ ´É 1 ¶·¨ ¸É·¥³²¥´¨¨ ± ´Ê²Õ ¢·¥³¥´¨ ¦¨§´¨ ¸¢Ö-
§ ´´µ£µ ¸µ¸ÉµÖ´¨Ö, ÎÉµ ¸µµÉ¢¥É¸É¢Ê¥É É ±µ³Ê ÊÏ¨·¥´¨Õ ²¨´¨¨, ¶·¨ ±µÉµ·µ³
µ´  ¶¥·¥¸É ¥É ¢µ¸¶·¨´¨³ ÉÓ¸Ö ± ± ²¨´¨Ö ¤¨¸±·¥É´µ£µ ¸¶¥±É· .

∗‡ ³¥É¨³, ÎÉµ ÔÉµÉ Ö§Ò± ¤µ¸É ÉµÎ´µ £¨¡µ±, ÎÉµ¡Ò ¶·¨ ¦¥² ´¨¨ ¢µµ¡Ð¥ ¨§¡ ¢¨ÉÓ¸Ö µÉ
Ê¶µ³¨´ ´¨Ö µ Î ¸É¨Í Ì, ±µÉµ·Ò¥ ¨£· ²¨ Í¥´É· ²Ó´ÊÕ ·µ²Ó ¢ ´ Î ²¥ ´ Ï¥£µ µ¡¸Ê¦¤¥´¨Ö.
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Œ¥´¥¥ É·¨¢¨ ²Ó´ Ö ¨²²Õ¸É· Í¨Ö ÔÉµ£µ ¸µµÉ¢¥É¸É¢¨Ö ¸µ¸Éµ¨É ¢ Éµ³, ÎÉµ
Ê¶µ³Ö´ÊÉµ¥ ¢ÒÏ¥ µ¶¨¸ ´¨¥  ¤·µ´´µ£µ ³¨·  ¶² ´ ·´Ò³¨ ¤¨ £· ³³ ³¨, ¶µ-
¢¨¤¨³µ³Ê, ³µ¦´µ µ¤´µ§´ Î´µ ¢Ò· §¨ÉÓ [45] ¢ É¥·³¨´ Ì ¸¶¥±É·µ¢, ¨§µ¡· ¦ -
¥³ÒÌ £· Ë¨±µ³ § ¢¨¸¨³µ¸É¨ ±¢ ¤· É  ³ ¸¸Ò m2 µÉ ¸¶¨´  J ¢ ¢¨¤¥ ¶·Ö³ÒÌ
É· ¥±Éµ·¨° �¥¤¦¥ ¸ ¶µ¸ÉµÖ´´Ò³ ´ ±²µ´µ³, ¶·¨ ÔÉµ³  ¤·µ´Ò, ¶·¨´ ¤²¥¦ Ð¨¥
²Õ¡µ° É· ¥±Éµ·¨¨, µÉ¤¥²¥´Ò ¨´É¥·¢ ² ³¨ ∆J = 2. �¨± ±µ£µ Ê¡¥¤¨É¥²Ó´µ£µ
µ¡ÑÖ¸´¥´¨Ö, ¶µÎ¥³Ê ± ·É¨´  Ô¢µ²ÕÍ¨¨ Î ¸É¨Í, ¨§µ¡· ¦ ¥³ Ö ¶² ´ ·´Ò³¨
¤¨ £· ³³ ³¨, ¸µµÉ¢¥É¸É¢Ê¥É Ô±¢¨¤¨¸É ´É´µ³Ê ¸¶¥±É·Ê �¥¤¦¥, ¤µ ¸¨Ì ¶µ·, Ê¢Ò,
´¥ ¶·¥¤²µ¦¥´µ.

�¸µ¡Ò¥ ¢ ·¨ ´ÉÒ ¸µµÉ¢¥É¸É¢ÊÕÉ ´¥¶·¥·Ò¢´µ³Ê ¸¶¥±É·Ê ¸o Ð¥²ÓÕ ³¥¦¤Ê
¢ ±ÊÊ³´Ò³ ¨ µ¤´µÎ ¸É¨Î´Ò³ Ê·µ¢´Ö³¨ Ô´¥·£¨¨, ¶·¨Î¥³ ¤²Ö  £·¥£ É  ¸²¨¢-
Ï¨Ì¸Ö Î ¸É¨Í ÔÉ  Ð¥²Ó ¡µ²ÓÏ¥, Î¥³ É , ÎÉµ ¡Ò²  ¤µ ¸²¨Ö´¨Ö. …¸²¨ ¢ ·¨ ´É
å4 ¨´É¥·¶·¥É¨·Ê¥É¸Ö ± ± ±µ²² ¶¸, Éµ ± ·É¨´ , ¨§ ±µÉµ·µ° ¨¸±²ÕÎ¥´Ò ¢¸¥ ¢ -
·¨ ´ÉÒ å1Äå5, ¸µµÉ¢¥É¸É¢Ê¥É µ£· ´¨Î¥´´µ³Ê ¸´¨§Ê ¸¶¥±É·Ê Ô´¥·£¨¨,   å1-, å3- ¨
å5-ÊÐ¥·¡´ Ö ± ·É¨´  Ì · ±É¥·´  ¤²Ö ¸¨¸É¥³, Ê ±µÉµ·ÒÌ ¸¶¥±É· ´¥ µ£· ´¨Î¥´
¸´¨§Ê.

3. ��„…�ˆ… �� –…�’�

‚ ± Î¥¸É¢¥ ¶·¥²Õ¤¨¨ ± µ¡¸Ê¦¤¥´¨Õ ±µ²² ¶¸  ¢ ¸¨¸É¥³ Ì ¸ ¡¥¸±µ´¥Î-
´Ò³ Î¨¸²µ³ ¸É¥¶¥´¥° ¸¢µ¡µ¤Ò ´ ¶µ³´¨³ ´¥±µÉµ·Ò¥  ¸¶¥±ÉÒ ·¥²ÖÉ¨¢¨¸É¸±µ°
±¥¶²¥·µ¢¸±µ° § ¤ Î¨. �É  ¤¢ÊÌÎ ¸É¨Î´ Ö § ¤ Î , ¸¢µ¤¨³ Ö ± § ¤ Î¥ µ ¤¢¨¦¥-
´¨¨ µ¤´µ° Î ¸É¨ÍÒ ¢ ¶µ²¥ ¶µÉ¥´Í¨ ²  U(r), Ì · ±É¥·¨§Ê¥É¸Ö £ ³¨²ÓÉµ´¨ ´µ³
(c³., ´ ¶·¨³¥·, [46], § 39):

H =

√
m2 +

p2
φ

r2
+ p2

r + U(r), (2)

£¤¥ pφ ¨ pr Å ¨³¶Ê²Ó¸Ò, ± ´µ´¨Î¥¸±¨ ¸µ¶·Ö¦¥´´Ò¥ ¶µ²Ö·´Ò³ ±µµ·¤¨´ É ³
φ ¨ r. �É³¥É¨³, ÎÉµ pφ Ö¢²Ö¥É¸Ö ¸µÌ· ´ÖÕÐ¥°¸Ö ¢¥²¨Î¨´µ° Å µ·¡¨É ²Ó´Ò³
³µ³¥´Éµ³ J . ®‚Ò±²ÕÎ¨¢¯ · ¤¨ ²Ó´ÊÕ ¤¨´ ³¨±Ê, É.¥. ¶µ²µ¦¨¢ pr = 0 ¢
(2), ¶µ²ÊÎ ¥³ ÔËË¥±É¨¢´Ò° ¶µÉ¥´Í¨ ² U(r), ¸ ¶µ³µÐÓÕ ±µÉµ·µ£µ Ê¤µ¡´µ
 ´ ²¨§¨·µ¢ ÉÓ ¶µ¢¥¤¥´¨¥ Î ¸É¨ÍÒ ¢ µ±·¥¸É´µ¸É¨ ´ Î ²  ±µµ·¤¨´ É:

U(r) =

√
m2 +

J2

r2
+ U(r). (3)

ˆ³¥ÕÉ¸Ö É·¨ ¢ ·¨ ´É . ‚µ-¶¥·¢ÒÌ, ¶µÉ¥´Í¨ ² ¶·¨ÉÖ¦¥´¨Ö U(r) ¡µ²¥¥
¸¨´£Ê²Ö·¥´ ¢ ´ Î ²¥ ±µµ·¤¨´ É, Î¥³ Í¥´É·µ¡¥¦´Ò° Î²¥´ J/r. �ËË¥±É¨¢´Ò°
¶µÉ¥´Í¨ ² U(r) ¨³¥¥É ¢¨¤, ¶µ± § ´´Ò° ´  ·¨¸. 3,a. — ¸É¨Í , ¢ ¶·¨´Í¨¶¥, ³µ-
¦¥É ´ Ìµ¤¨ÉÓ¸Ö ´  ±·Ê£µ¢µ° µ·¡¨É¥ ¸ · ¤¨Ê¸µ³, ¸µµÉ¢¥É¸É¢ÊÕÐ¨³ ²µ± ²Ó´µ³Ê
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�¨¸. 3. �ËË¥±É¨¢´Ò° ¶µÉ¥´Í¨ ² ¨ ¸¶¥±É·

³ ±¸¨³Ê³Ê U 0 ¶µÉ¥´Í¨ ²  U(r). �µ ÔÉµ ¤¢¨¦¥´¨¥ ´¥Ê¸Éµ°Î¨¢µ ¨ ¶ ¤¥´¨¥ ´ 
Í¥´É· ¢¥¸Ó³  ¢¥·µÖÉ´µ. …¸²¨ ¦e E > U 0, Éµ ¶ ¤¥´¨¥ ´  Í¥´É· ´¥¨§¡¥¦´µ.

‚µ-¢Éµ·ÒÌ, ¶µÉ¥´Í¨ ² U(r) ³¥´¥¥ ¸¨´£Ê²Ö·¥´, Î¥³ J/r. ‚ Î ¸É´µ¸É¨, ¤²Ö
U(r) = −α/r ÔÉµ µ§´ Î ¥É, ÎÉµ α < J . ‚¨¤ U(r) ¶µ± § ´ ´  ·¨¸. 3,¡. — ¸É¨Í 
¸µ¢¥·Ï ¥É Ê¸Éµ°Î¨¢µ¥ Ë¨´¨É´µ¥ ¤¢¨¦¥´¨¥. � ¤¥´¨¥ ´  Í¥´É· ´¥¢µ§³µ¦´µ,
§  ¨¸±²ÕÎ¥´¨¥³ ¸²ÊÎ Ö J = 0, ±µÉµ·Ò° ¸µµÉ¢¥É¸É¢Ê¥É ²µ¡µ¢Ò³ ¸Éµ²±´µ¢¥-
´¨Ö³. �µ ¥¸²¨ Î ¸É¨ÍÒ ´ Ìµ¤ÖÉ¸Ö ´¥ ´  ¶·Ö³µ° ²¨´¨¨,   ´  ¶·µ¸É· ´¸É¢¥´-
´µ°  ·¥´e ¡µ²ÓÏ¥° · §³¥·´µ¸É¨, Éµ É ±¨¥ ¸Éµ²±´µ¢¥´¨Ö ¨³¥ÕÉ ´Ê²¥¢ÊÕ ³¥·Ê
¢¥·µÖÉ´µ¸É¨.

‚-É·¥ÉÓ¨Ì, ¸¨´£Ê²Ö·´µ¸É¨ U(r) ¨ J/r µ¤¨´ ±µ¢Ò, É.¥. U(r) = −α/r,
α = J . ƒ· Ë¨± U(r) ¨§µ¡· ¦¥´ ´  ·¨¸. 3,¢. — ¸É¨Í  ¤¢¨¦¥É¸Ö ¶µ Ê¸Éµ°Î¨¢µ°
µ·¡¨É¥, ±µÉµ· Ö ¶·µÌµ¤¨É Î¥·¥§ Í¥´É·, µ¤´ ±µ ÔÉµ ´¥ µ¸É ´ ¢²¨¢ ¥É ¤¢¨¦¥´¨Ö.

Š¢ ´Éµ¢µ-³¥Ì ´¨Î¥¸±¨°  ´ ²¨§ [47] ¢ µ¸´µ¢´µ³ ¶µ¤É¢¥·¦¤ ¥É ÔÉ¨ ¢Ò-
¢µ¤Ò. ˆ§ ·¥Ï¥´¨° ·¥²ÖÉ¨¢¨¸É¸±¨Ì ¢µ²´µ¢ÒÌ Ê· ¢´¥´¨° ¤²Ö Î ¸É¨Í ¸µ ¸¶¨-
´ ³¨ 0 ¨ 1/2 ¸²¥¤Ê¥É, ÎÉµ ¢ ¸²ÊÎ ¥ ¤µ¸É ÉµÎ´µ ¸¨´£Ê²Ö·´ÒÌ ¶µÉ¥´Í¨ ²µ¢ U(r)
¸¢Ö§ ´´Ò¥ ¸µ¸ÉµÖ´¨Ö µ¡· §ÊÕÉ ¤¨¸±·¥É´Ò° ¸¶¥±É·∗, ¶·µ¸É¨· ÕÐ¨°¸Ö µÉ ³¨-
´Ê¸ ¡¥¸±µ´¥Î´µ¸É¨ ¤µ ´Ê²Ö, ¶·¨Î¥³ ¢ E = m ´ ¡²Õ¤ ¥É¸Ö ÉµÎ±  ¸£ÊÐ¥´¨Ö
(·¨¸. 3,a). C¨¸É¥³a ¸É·¥³¨É¸Ö ¶¥·¥°É¨ ¢µ ¢¸¥ ¡µ²¥¥ ¢Ò£µ¤´Ò¥ ¸µ¸ÉµÖ´¨Ö, ±µ-
Éµ·Ò³ ¸µµÉ¢¥É¸É¢ÊÕÉ ¢¸¥ ¡µ²¥e ´¨§±¨¥ Ê·µ¢´¨ Ô´¥·£¨¨. �·¨ ÔÉµ³ ¤¨¸¶¥·¸¨Ö
¢µ²´µ¢µ° ËÊ´±Í¨¨ ¸É·¥³¨É¸Ö ± ´Ê²Õ, ¶µ ³¥·¥ Éµ£µ ± ± En → −∞. �·µÍ¥¸¸
´ ¶µ³¨´ ¥É ¶ ¤¥´¨¥ ´  Í¥´É· ¢ ¥£µ É· ¤¨Í¨µ´´µ³ ¶µ´¨³ ´¨¨.

…¸²¨ ¶µÉ¥´Í¨ ² U(r) ³¥´¥¥ ¸¨´£Ê²Ö·¥´, Î¥³ ±¢ ´Éµ¢µ-³¥Ì ´¨Î¥¸±¨° Í¥´-
É·µ¡¥¦´Ò° Î²¥´, Éµ ¸¨ÉÊ Í¨Ö µ¡ÒÎ´ Ö. ‘¶¥±É· µ£· ´¨Î¥´ ¸´¨§Ê (·¨¸. 3,¡).

∗�·¨³¥Î É¥²Ó´µ, ÎÉµ ¢ § ¤ Î¥ µ ¶ ¤¥´¨¨ ´  Í¥´É· ´¥ ¢µ§´¨± ¥É ´¥¶·¥·Ò¢´µ£µ ¸¶¥±É· , ±µ-
Éµ·Ò° ¸¢¨¤¥É¥²Ó¸É¢µ¢ ² ¡Ò µ Éµ³, ÎÉµ  £·¥£ É ¸²¨¢Ï¨Ì¸Ö Î ¸É¨Í Ö¢²Ö¥É¸Ö ¸¢µ¡µ¤´Ò³ µ¡Ñ¥±Éµ³,
´¥ ¨³¥ÕÐ¨³ ¢´ÊÉ·¥´´¥° ¸É·Ê±ÉÊ·Ò. ‚ ±¢ ´Éµ¢µ° ³¥Ì ´¨±¥ µ¡Ñ¥±ÉÒ ´¥ ¸µÌ· ´ÖÕÉ ¸¢µ¥° ¨´-
¤¨¢¨¤Ê ²Ó´µ¸É¨, ¶µÔÉµ³Ê ¢µ§³µ¦´  ¸Ê¶¥·¶µ§¨Í¨Ö ¸µ¸ÉµÖ´¨° ¤¢ÊÌ · §¤¥²Ó´ÒÌ Î ¸É¨Í ¨  £·¥£ É 
¸²¨¢Ï¨Ì¸Ö Î ¸É¨Í; ËÊ´¤ ³¥´É ²Ó´Ò³ ¶µ´ÖÉ¨¥³ §¤¥¸Ó Ö¢²Ö¥É¸Ö ´¥ ¸ ³ µ¡Ñ¥±É,   ¥£µ ¸É¥¶¥´¨ ¸¢µ-
¡µ¤Ò, ¢ Î ¸É´µ¸É¨, ¸¶¥±É· Ô´¥·£¨¨,   É ±¦¥ µ±·Ê¦ ÕÐ Ö µ¡¸É ´µ¢± , Ì · ±É¥·¨§Ê¥³ Ö, ´ ¶·¨³¥·,
¶µÉ¥´Í¨ ²µ³ U(r).
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…¤¨´¸É¢¥´´ Ö µÉ²¨Î¨É¥²Ó´ Ö µ¸µ¡¥´´µ¸ÉÓ ±¢ ´Éµ¢µ-³¥Ì ´¨Î¥¸±µ° ¸¨ÉÊ Í¨¨
¸µ¸Éµ¨É ¢ Éµ³, ÎÉµ ¸ÊÐ¥¸É¢Ê¥É ¸É ¡¨²Ó´µ¥ µ¸´µ¢´µ¥ ¸µ¸ÉµÖ´¨¥ ¸ J = 0. �Éµ,
µ¤´ ±µ, ´¥ ¢²¥Î¥É §  ¸µ¡µ° ¶ ¤¥´¨Ö ´  Í¥´É·, ¨¡µ ¢µ²´µ¢ Ö ËÊ´±Í¨Ö ¢¥¤¥É
¸¥¡Ö £² ¤±µ ¢ µ±·¥¸É´µ¸É¨ ´ Î ²  ±µµ·¤¨´ É Å ¶·¨ÉÖ¦¥´¨¥ Ê· ¢´µ¢¥Ï¥´µ
´Ê²¥¢Ò³¨ ±µ²¥¡ ´¨Ö³¨.

…¸²¨ ¸¨´£Ê²Ö·´µ¸É¨ U(r) ¨ Í¥´É·µ¡¥¦´µ£µ Î²¥´  µ¤¨´ ±µ¢Ò, Éµ µ¶¨¸ ´¨¥
¸ ¶µ³µÐÓÕ µ¤´µÎ ¸É¨Î´ÒÌ ¢µ²´µ¢ÒÌ Ê· ¢´¥´¨° ¸É ´µ¢¨É¸Ö ¸²¨Ï±µ³ £·Ê¡Ò³.
�  ³ ²ÒÌ · ¸¸ÉµÖ´¨ÖÌ ¢¸ÉÊ¶ ÕÉ ¢ ¤¥°¸É¢¨¥ ¶·µÍ¥¸¸Ò ·µ¦¤¥´¨Ö ¨  ´´¨£¨²Ö-
Í¨¨ Î ¸É¨Í, ¨ É¥¶¥·Ó ¸²¥¤Ê¥É ¶·¨¢²¥ÎÓ ³¥Éµ¤Ò ±¢ ´Éµ¢µ° É¥µ·¨¨ ¶µ²Ö. …¸²¨
±µ´¸É ´É  ¸¢Ö§¨ α ¸É·¥³¨É¸Ö ± ¸¢µ¥³Ê ±·¨É¨Î¥¸±µ³Ê §´ Î¥´¨Õ αc, Éµ ³µ-
¦¥É ¢µ§´¨±´ÊÉÓ Î·¥§¢ÒÎ °´µ ´¥É·¨¢¨ ²Ó´ Ö ± ·É¨´ , ±µÉµ· Ö ¨ ¶µ ¸¥° ¤¥´Ó
¶·µ¤µ²¦ ¥É § ¢µ· ¦¨¢ ÉÓ ¢´¨³ ´¨¥ É¥µ·¥É¨±µ¢ (¸³., ´ ¶·¨³¥·, · ¡µÉÊ [48] ¨
¸µ¤¥·¦ Ð¨¥¸Ö ¢ ´¥° ¸¸Ò²±¨).

—Éµ ± ¸ ¥É¸Ö ± Î¥¸É¢¥´´ÒÌ ¢Ò¢µ¤µ¢ ¨§ ¶·¥¤¸É ¢²¥´´µ£µ §¤¥¸Ó  ´ ²¨§ ,
Éµ µ´¨ ¢¶µ²´¥ ´ ¤¥¦´Ò ¤²Ö Ëµ·³Ê²¨·µ¢±¨ ¶·µ¸Éµ£µ ±·¨É¥·¨Ö, µÉ¤¥²ÖÕÐ¥£µ
¸¨¸É¥³Ò, ¢ ±µÉµ·ÒÌ ¶ ¤¥´¨¥ ´  Í¥´É· ¶µ¤ ¢²¥´µ, µÉ É¥Ì, ¢ ±µÉµ·ÒÌ µ´µ
´¥¨§¡¥¦´µ. Š·¨É¥·¨° £² ¸¨É: ¶ ¤¥´¨¥ ´  Í¥´É· ¶·¥¤µÉ¢· É¨³µ Éµ£¤  ¨ Éµ²Ó±µ
Éµ£¤ , ±µ£¤  ¸¶¥±É· £ ³¨²ÓÉµ´¨ ´  µ£· ´¨Î¥´ ¸´¨§Ê.

4. ��„�‚‹Ÿ…Œ�‘’œ Š�‹‹��‘�

�·¨³¥´¨É¥²Ó´µ ± ¸¨¸É¥³ ³ ¸ ¡¥¸±µ´¥Î´Ò³ Î¨¸²µ³ ¸É¥¶¥´¥° ¸¢µ¡µ¤Ò ±·¨-
É¥·¨° ¤µ²¦¥´ ¡ÒÉÓ µ¡µ¡Ð¥´ ¸²¥¤ÊÕÐ¨³ µ¡· §µ³: É¥´¤¥´Í¨Ö ± ±µ²² ¶¸Ê ¶µ-
¤ ¢²Ö¥É¸Ö, ¥¸²¨ ¸¶¥±É· £ ³¨²ÓÉµ´¨ ´  µ£· ´¨Î¥´ ¸´¨§Ê. „¥°¸É¢¨É¥²Ó´µ,
µÉ·¨Í É¥²Ó´Ò° Î²¥´ ¢ £ ³¨²ÓÉµ´¨ ´¥  ¸¸µÍ¨¨·Ê¥É¸Ö ¸ ¶µÉ¥´Í¨ ²µ³ ¶·¨ÉÖ¦¥-
´¨Ö,   ¸¨²Ò ¶·¨ÉÖ¦¥´¨Ö ¶·¨¢µ¤ÖÉ ± ±µ²² ¶¸Ê, ¥¸²¨ ¸¶¥±É· ¶·µ¸É¨· ¥É¸Ö ¤µ
³¨´Ê¸ ¡¥¸±µ´¥Î´µ¸É¨.

�¤´ ±µ Ê ¡µ²ÓÏ¨´¸É¢  ¨§ÊÎ ¥³ÒÌ ¶µ²¥¢ÒÌ ³µ¤¥²¥° ³Ò ´¥ ¢ ¸µ¸ÉµÖ´¨¨
§ · ´¥¥ ¶·¥¤¢¨¤¥ÉÓ ¸¶¥±É·. �¥²¨´¥°´µ¸ÉÓ ¤¨´ ³¨±¨ ³µ¦¥É ¶·¨¢¥¸É¨ ± ¶¥·¥-
¸É·µ°± ³ ¢ ±ÊÊ³ , ¶µÔÉµ³Ê ´ ¨¢´µ¥ ¶·¥¤¸É ¢²¥´¨¥ µ ¸¶¥±É·¥, ¶µ¤¸± § ´´µ¥
Ëµ·³ ²Ó´µ° ¸É·Ê±ÉÊ·µ° £ ³¨²ÓÉµ´¨ ´ , µ± §Ò¢ ¥É¸Ö ¤ ²¥±¨³ µÉ ¨¸É¨´´µ£µ.

�µÔÉµ³Ê ³Ò ¢Ò´Ê¦¤¥´Ò ¨§³¥´¨ÉÓ ¶µ¸É ´µ¢±Ê ¢µ¶·µ¸ . ŒÒ ³µ¦¥³ Ê¢¥-
·¥´´µ · ¡µÉ ÉÓ ¸ ±¢ ¤· É¨Î´Ò³ ¶µ ¶µ²Ö³ £ ³¨²ÓÉµ´¨ ´µ³. ‚ Ë¨§¨Î¥¸±¨ ¨´-
É¥·¥¸´ÒÌ ¸²ÊÎ ÖÌ µ´ ¨³¥¥É ¸¶¥±É·, µ£· ´¨Î¥´´Ò° ¸´¨§Ê. � §¡¨¢ Ö £ ³¨²ÓÉµ-
´¨ ´ ¨§ÊÎ ¥³µ° ³µ¤¥²¨ H =

∫
H(x) dx ´  ¤¢¥ Î ¸É¨: H = H0 + HI , £¤¥ H0

¸µ¤¥·¦¨É Î²¥´Ò ´¥ ¢ÒÏ¥ ±¢ ¤· É¨Î´ÒÌ ¶µ ¶µ²Ö³,   HI Å ¢¸¥ µ¸É ²Ó´Ò¥,
³µ¦´µ ¨¸Éµ²±µ¢ ÉÓ H0 ± ± £ ³¨²ÓÉµ´¨ ´, Ê¶· ¢²ÖÕÐ¨° ¶µ¢¥¤¥´¨¥³ ¸¢µ¡µ¤-
´ÒÌ ¶µ²¥°,   HI ± ± ¢¥²¨Î¨´Ê, µÉ¢¥É¸É¢¥´´ÊÕ §  ¢§ ¨³µ¤¥°¸É¢¨¥. „ ²¥¥, ³Ò
§´ ¥³, ÎÉµ ¢ ±ÊÊ³ ¨ µ¤´µÎ ¸É¨Î´µ¥ ¸µ¸ÉµÖ´¨¥ ¸¢µ¡µ¤´µ£µ ¶µ²Ö ¸É ¡¨²Ó´Ò,
É.¥. ¢ ±ÊÊ³´Ò¥ Ë²Ê±ÉÊ Í¨¨ Ô´¥·£¨¨ ´¥ ´ ·ÊÏ ÕÉ ¸É·Ê±ÉÊ·Ò ¸¶¥±É· . …¸²¨
¶µÉ·¥¡µ¢ ÉÓ, ÎÉµ¡Ò ¸·¥¤´¥±¢ ¤· É¨Î´Ò¥ ¢ ±ÊÊ³´Ò¥ Ë²Ê±ÉÊ Í¨¨ HI ´¥ ¶·¥-
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¢ÒÏ ²¨ ¸·¥¤´¥±¢ ¤· É¨Î´Ò¥ ¢ ±ÊÊ³´Ò¥ Ë²Ê±ÉÊ Í¨¨ H0, Éµ ¸¶¥±É·, µÎ¥¢¨¤´µ,
µ¸É ´¥É¸Ö µ£· ´¨Î¥´´Ò³ ¸´¨§Ê. �Éµ µ§´ Î ¥É, ÎÉµ Ê ¸¨¸É¥³, ¤²Ö ±µÉµ·ÒÌ

∆H0 > ∆HI , (4)

É¥´¤¥´Í¨Ö ± ±µ²² ¶¸Ê ¶µ¤ ¢²¥´ .
�´ ²µ£¨Ö ¸ ±¥¶²¥·µ¢¸±µ° § ¤ Î¥° ¤µ¢µ²Ó´µ µÎ¥¢¨¤´ : ¶·¨Î¨´  ¶·¥¤µÉ¢· -

Ð¥´¨Ö ¶ ¤¥´¨Ö ´  Í¥´É· ¸µ¸Éµ¨É ¢ Éµ³, ÎÉµ ¶·µÖ¢²¥´¨Ö ±¨´¥É¨Î¥¸±µ° Ô´¥·£¨¨
(Í¥´É·µ¡¥¦´Ò° Î²¥´ ¨²¨ ´Ê²¥¢Ò¥ ±µ²¥¡ ´¨Ö) ¶·¥µ¡² ¤ ÕÉ ´ ¤ ¸¨² ³¨ ¶·¨-
ÉÖ¦¥´¨Ö.

“¡¥¤¨³¸Ö É¥¶¥·Ó, ÎÉµ (4) Ô±¢¨¢ ²¥´É´µ Ê¸²µ¢¨Õ ¶¥·¥´µ·³¨·Ê¥³µ¸É¨ ¶µ
¸Î¥ÉÊ ¸É¥¶¥´¥°. �µ¸±µ²Ó±Ê ¶µ²¥¢Ò¥ µ¶¥· Éµ·Ò ¢ H ¶·¥¤¶µ² £ ÕÉ¸Ö ´µ·-
³ ²Ó´µ Ê¶µ·Ö¤µÎ¥´´Ò³¨, ¢ ±ÊÊ³´Ò¥ ¸·¥¤´¨¥ 〈0|H0|0〉 ¨ 〈0|HI |0〉 ¨¸Î¥§ ÕÉ,
¨ (4) ¶·¨´¨³ ¥É ¢¨¤

〈0|H 2
0 |0〉 > 〈0|H 2

I |0〉. (5)

(�É³¥É¨³, ÎÉµ ÔÉµ ´¥· ¢¥´¸É¢µ ³µ¦¥É · ¸¸³ É·¨¢ ÉÓ¸Ö ± ± ´¥µ¡Ìµ¤¨³µ¥ Ê¸²µ-
¢¨¥ ¤²Ö ¶¥·ÉÊ·¡ É¨¢´ÒÌ ¢ÒÎ¨¸²¥´¨°: ÎÉµ¡Ò Î²¥´Ò ·Ö¤  É¥µ·¨¨ ¢µ§³ÊÐ¥´¨°
Ê¡Ò¢ ²¨ µÉ ¶µ·Ö¤±  ± ¶µ·Ö¤±Ê, ®´¥¢µ§³ÊÐ¥´´Ò°¯ £ ³¨²ÓÉµ´¨ ´ H0 ¤µ²¦e´ ¢
± ±µ³-Éµ ¸³Ò¸²¥ ¶·¥¢ÒÏ ÉÓ ®¢µ§³ÊÐ¥´¨¥¯ HI .)

‚ µ¡¥¨Ì Î ¸ÉÖÌ ´¥· ¢¥´¸É¢  (5) ¸ÉµÖÉ ¨´É¥£· ²Ò, ±µÉµ·Ò¥ ¢ µ¡Ð¥³ ¸²ÊÎ ¥
³ É¥³ É¨Î¥¸±¨ ¡¥¸¸³Ò¸²¥´´Ò ¨§-§  Ê²ÓÉ· Ë¨µ²¥Éµ¢ÒÌ · ¸Ìµ¤¨³µ¸É¥°. —Éµ¡Ò
¨¸¶· ¢¨ÉÓ ¶µ²µ¦¥´¨¥, ¢¢¥¤¥³ Ê²ÓÉ· Ë¨µ²¥Éµ¢ÊÕ ·¥£Ê²Ö·¨§ Í¨Õ, · §¤¢¨£ Ö  ·-
£Ê³¥´ÉÒ ¸µ³´µ¦¨É¥²¥°. Š·µ³¥ Éµ£µ, ¢¢¨¤Ê ¶µ²µ¦¨É¥²Ó´µ° µ¶·¥¤¥²¥´´µ¸É¨
¶µ¤Ò´É¥£· ²Ó´ÒÌ ¢Ò· ¦¥´¨°, ³Ò ³µ¦¥³ ¸· ¢´¨¢ ÉÓ ´¥ ·¥§Ê²ÓÉ ÉÒ ¨´É¥£·¨-
·µ¢ ´¨Ö,   ¸É¥¶¥´¨ ¸¨´£Ê²Ö·´µ¸É¨ ³ É·¨Î´ÒÌ Ô²¥³¥´Éµ¢ 〈0|H0(x)H0(y)|0〉 ¨
〈0|HI(x)HI(y)|0〉 ¶·¨ xµ → yµ.

P ¸Ìµ¤¨³µ¸É¨, ¢µ§´¨± ÕÐ¨¥ ¢ ÔÉµ³ ¶·¥¤¥²¥, ¸¢¨¤¥É¥²Ó¸É¢ÊÕÉ µ ¸¨´£Ê-
²Ö·´µ³ ¶µ¢¥¤¥´¨¨ ±¢ ´Éµ¢ ¶µ²¥° ´  ¸¢¥Éµ¢µ³ ±µ´Ê¸¥. �µ ÔÉµ ´¥ ¸µ¢¸¥³ Éµ,
ÎÉµ ´ ¸ ¨´É¥·¥¸Ê¥É. ‚ ¶·µ¡²¥³¥ ±µ²² ¶¸  ¢ ¦´Ò ³ ²Ò¥ ¥¢±²¨¤µ¢Ò,   ´¥
¶¸¥¢¤µ¥¢±²¨¤µ¢Ò ¨´É¥·¢ ²Ò. “²ÓÉ· Ë¨µ²¥Éµ¢Ò¥ · ¸Ìµ¤¨³µ¸É¨ ¡Ò²¨ ¡Ò ¸¢Ö-
§ ´´Ò³¨ ¸ ³ ²Ò³¨ ¥¢±²¨¤µ¢Ò³¨ · ¸¸ÉµÖ´¨Ö³¨, ¥¸²¨ ¡Ò x0 ¡Ò²µ § ³¥´¥´µ ´ 
ix0. „²Ö µ¡µ¸´µ¢ ´¨Ö É ±µ° § ³¥´Ò ¨¸¶µ²Ó§Ê¥É¸Ö  ´ ²¨É¨Î¥¸±µ¥ ¶·µ¤µ²¦¥´¨¥
x0 → ix0, ±µÉµ·µ¥ µ¸ÊÐ¥¸É¢¨³µ, ¥¸²¨ ³ É·¨Î´Ò¥ Ô²¥³¥´ÉÒ ·¥£Ê²Ö·¨§µ¢ ´Ò
É ±, ÎÉµ ¶µ¢µ·µÉ ¢·¥³¥´´µ° µ¸¨ (¶µ¢µ·µÉ ‚¨± ) ´¥ § ¤¥¢ ¥É µ¸µ¡ÒÌ ÉµÎ¥±.
ˆ§¢¥¸É´µ, ÎÉµ ÔÉµ É ±, ¥¸²¨ ·¥£Ê²Ö·¨§ Í¨Ö ´¥ Éµ²Ó±µ · §¤¢¨£ ¥É  ·£Ê³¥´ÉÒ,
´µ ¨ Ì·µ´µ²µ£¨Î¥¸±¨ Ê¶µ·Ö¤µÎ¨¢ ¥É ¸µ³´µ¦¨É¥²¨.

�¤´ ±µ Ì·µ´µ²µ£¨Î¥¸±µ¥ Ê¶µ·Ö¤µÎ¥´¨¥ ´¥ Ö¢²Ö¥É¸Ö µ¤´µ§´ Î´µ° µ¶¥· -
Í¨¥°. ‘ÊÐ¥¸É¢ÊÕÉ ¤¢  µ¶·¥¤¥²¥´¨Ö T -¶·µ¨§¢¥¤¥´¨Ö Å ¤ °¸µ´µ¢¸±µ¥ ¨ ¢¨±µ¢-
¸±µ¥. …¸²¨ ¢Ò¡· ÉÓ ¢¨±µ¢¸±µ¥ Tw-¶·µ¨§¢¥¤¥´¨¥ (±µÉµ·µ¥ ¡µ²¥¥ Ê¤µ¡´µ, ¨¡µ
¶¥·¥¸É ´µ¢µÎ´µ ¸ µ¶¥· Í¨¥° ¤¨ËË¥·¥´Í¨·µ¢ ´¨Ö), Éµ £ ³¨²ÓÉµ´¨ ´ ¸²¥¤Ê¥É
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§ ³¥´¨ÉÓ ´  ² £· ´¦¨ ´ [5,49]. ’¥¶¥·Ó ¢³¥¸Éµ (5) ¶µ²ÊÎ ¥³

〈0|Tw{L0(x)L0(y)}|0〉 > 〈0|Tw{LI(x)LI (y)}|0〉, (6)

£¤¥ L0 ¨ LI Å ¶²µÉ´µ¸É¨ ² £· ´¦¨ ´ , ¸¢Ö§ ´´Ò¥, ¸µµÉ¢¥É¸É¢¥´´µ, ¸ H0 ¨
HI . �µ¸±µ²Ó±Ê ³Ò · ¸¸³ É·¨¢ ¥³ ¸¨ÉÊ Í¨Õ, ±µ£¤  Ë²Ê±ÉÊ Í¨¨ ¸¢µ¡µ¤´ÒÌ
¶µ²¥° ¤µ³¨´¨·ÊÕÉ ´ ¤ Ë²Ê±ÉÊ Í¨Ö³¨ ¢§ ¨³µ¤¥°¸É¢¨Ö, ³µ¦´µ ¸Î¨É ÉÓ, ÎÉµ
L0 ¨ LI § ¢¨¸ÖÉ µÉ ¸¢µ¡µ¤´ÒÌ ¶µ²¥°, É.¥. ³µ¦´µ ¨¸¶µ²Ó§µ¢ ÉÓ ± ·É¨´Ê ¢§ ¨-
³µ¤¥°¸É¢¨Ö.

�Ê¸ÉÓ ¸¨¸É¥³  ´ Ìµ¤¨É¸Ö ¢ ¶²µ¸±µ³ D-³¥·´µ³ ¶·o¸É· ´¸É¢¥-¢·¥³¥´¨ ¨
Ì · ±É¥·¨§Ê¥É¸Ö ¸µ¢µ±Ê¶´µ¸ÉÓÕ N ¢¥Ð¥¸É¢¥´´µ§´ Î´ÒÌ ¶µ²¥°, µ¡µ§´ Î ¥³ÒÌ
µ¡Ð¨³ ¸¨³¢µ²µ³ χj(x), j = 1, . . . , N . (ŒÒ ¶µ±  µ¶Ê¸± ¥³ Éµ´±µ¸É¨, ¶·¨-
¸ÊÐ¨¥ ¸¨¸É¥³ ³ ¸µ ¸¢Ö§Ö³¨ [50]. B µ±µ´Î É¥²Ó´µ³ ·¥§Ê²ÓÉ É¥ µ´¨ ¤ ÕÉ µ
¸¥¡¥ §´ ÉÓ ²¨ÏÓ ±µ¸¢¥´´µ Å Î¥·¥§ ´ ²¨Î¨¥ ¨²¨ µÉ¸ÊÉ¸É¢¨¥ ± ²¨¡·µ¢µÎ´µ°
¨´¢ ·¨ ´É´µ¸É¨.) �µ²µ¦¨³

L0 =
N∑

j=1

:χj(x) �Lj(∂)χj(x):, (7)

£¤¥ �Lj(∂) Å ¤¨ËË¥·¥´Í¨ ²Ó´Ò° µ¶¥· Éµ· ¶¥·¢µ£µ ¶µ·Ö¤±  ¤²Ö Ë¥·³¨µ´µ¢ ¨
¢Éµ·µ£µ Å ¤²Ö ¡µ§µ´µ¢, a ¸¨³¢µ²µ³ : : µ¡µ§´ Î¥´µ ´µ·³ ²Ó´µ¥ ¶·µ¨§¢¥¤¥´¨¥.
� ¸¸³µÉ·¨³ ¶·µ¸É¥°Ï¨° ´¥É·¨¢¨ ²Ó´Ò° ² £· ´¦¨ ´ ¢§ ¨³µ¤¥°¸É¢¨Ö ¢ ¢¨¤¥
³µ´µ³  n-° ¸É¥¶¥´¨

LI = g :
n∏

i=1

P ki(∂)χi(x):, (8)

£¤¥ P ki(∂) Å ¤¨ËË¥·¥´Í¨ ²Ó´Ò° µ¶¥· Éµ· ki-£µ ¶µ·Ö¤± .
�µ¤¸É ´µ¢±  (7) ¨ (8) ¢ (6) ¶·¨¢µ¤¨É ± ¢Ò· ¦¥´¨Ö³, ¶µ¸É·µ¥´´Ò³ ¨§

Ë¥°´³ ´µ¢¸±¨Ì ¶·µ¶ £ Éµ·µ¢ ∆Fj(x),  ´ ²¨É¨Î¥¸±¨ ¶·µ¤µ²¦¥´´ÒÌ ¢ ¥¢±²¨-
¤µ¢µ ¶·µ¸É· ´¸É¢µ D ¨§³¥·¥´¨°. �·µ¶ £ Éµ· ∆Fj(x) Ê¤µ¢²¥É¢µ·Ö¥É
Ê· ¢´¥´¨Õ

�Lj(∂)∆Fj(x) = −δD(x),

¨ ³µ¦¥É ¡ÒÉÓ ¶·¥¤¸É ¢²¥´ ¢ ¢¨¤¥

∆Fj(x) = Qrj (∂)∆F (x).

‡¤¥¸Ó Qrj (∂) Å ¤¨ËË¥·¥´Í¨ ²Ó´Ò° µ¶¥· Éµ· rj -£µ ¶µ·Ö¤± , Ì · ±É¥·´Ò° ¤²Ö
¶µ²Ö ¤ ´´µ£µ ¸¶¨´ , ∆F (x) Å Ö¤·µ µ¶¥· Éµ·  (∆ + m2

j)
−1, a ∆ µ¡µ§´ Î ¥É

D-³¥·´Ò° ² ¶² ¸¨ ´. � ¸ ¨´É¥·¥¸Ê¥É µ¡² ¸ÉÓ ³ ²ÒÌ · ¸¸ÉµÖ´¨° x2 = ε2, £¤¥
∆F (x) ¢¥¤¥É ¸¥¡Ö ± ± x2−D , ¶µÔÉµ³Ê

∆Fj(x) ∼ Qrj(∂)x2−D = O(ε 2−D−rj ).
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„²Ö µÍ¥´±¨ Ëµ·³ ²Ó´µ° ¢¥²¨Î¨´Ò δD(0) ¢ ¨´É¥£· ²e ”Ê·Ó¥

δD(x) =
1

(2π)D

∫
eikxdDk

¢¢¥¤¥³ Ê²ÓÉ· Ë¨µ²¥Éµ¢µ¥ µ¡·¥§ ´¨¥ Λ ∼ 1/ε, Éµ£¤ 

δD(0) = O(ε−D).

‘ ÊÎ¥Éµ³ ÔÉ¨Ì µÍ¥´µ± ¢ ¶·¥¤¥²¥ (x − y)2 = ε 2 → 0 ¶µ²ÊÎ ¥³

〈0|Tw{L0(x)L0(y)}|0〉 =
N∑

j=1

[�Lj(∂)∆Fj(x − y)]2 = O(ε−2D), (9)

〈0|Tw{LI(x)LI(y)}|0〉 = g2
n∏

i=1

P ki(∂x)P ki(∂y)∆Fi(x − y) =

= O

(
n∏

i=1

ε 2−D−ri−2ki

)
. (10)

C· ¢´¨¢ Ö ¸É¥¶¥´¨ ε ¢ (9) ¨ (10), ´ Ìµ¤¨³, ÎÉµ ´¥· ¢¥´¸É¢µ (6) ¢Ò¶µ²´Ö¥É¸Ö,
¥¸²¨

Ωn = D +
n∑

i=1

(1 − 1
2

D − 1
2

ri − ki) ≥ 0. (11)

�Î¥¢¨¤´µ, ´¥· ¢¥´¸É¢µ (11) ¥¸ÉÓ ´¥ ÎÉµ ¨´µ¥, ± ± Ê¸²µ¢¨¥ ¶¥·¥´µ·³¨·Ê¥³µ¸É¨
¶µ ¸Î¥ÉÊ ¸É¥¶¥´¥°. � ¶·¨³¥·, ¶·¨ D = 4, ÊÎ¨ÉÒ¢ Ö, ÎÉµ ¤²Ö ¸± ²Ö·´ÒÌ ¶µ²¥°
ri = 0,   ¤²Ö ¤¨· ±µ¢¸±¨Ì ¶µ²¥° ri = 1, ¨³¥¥³ Ωn = −ωn, £¤¥ ωn µ¶·¥¤¥²¥´
¸µ£² ¸´µ (1). ‡ ³¥É¨³ É ±¦¥, ÎÉµ ¶·µ¶ £ Éµ· ³ ¸¸¨¢´ÒÌ ¢¥±Éµ·´ÒÌ ¶µ²¥°
(ηµν −∂µ∂ν/m2)∆F ¢¥¤¥É ¸¥¡Ö ´  ³ ²ÒÌ · ¸¸ÉµÖ´¨ÖÌ ± ± x−D, ¢ µÉ²¨Î¨¥ µÉ
¶·µ¶ £ Éµ·  ¡¥§³ ¸¸µ¢µ£µ ± ²¨¡·µ¢µÎ´µ£µ ¶µ²Ö (ηµν −∂µ∂ν/∂2)∆F , ±µÉµ·Ò°
¢¥¤¥É ¸¥¡Ö ± ± x2−D, µÉ±Ê¤  ¸²¥¤Ê¥É, ÎÉµ ±·¨É¥·¨° ¶µ¤ ¢²Ö¥³µ¸É¨ ±µ²² ¶¸ 
(11) ·¥ £¨·Ê¥É ´  ´ ²¨Î¨¥ ¨²¨ µÉ¸ÊÉ¸É¢¨¥ ± ²¨¡·µ¢µÎ´µ° ¨´¢ ·¨ ´É´µ¸É¨
Î¥·¥§ Ê± § ´¨¥ ¢¥²¨Î¨´Ò ri ¤²Ö ¢¥±Éµ·´ÒÌ ¶µ²¥°.

Šµ£¤  ¢ (11) ¸Éµ¨É §´ ± · ¢¥´¸É¢ , ±µ´¸É ´É  ¸¢Ö§¨ g µ± §Ò¢ ¥É¸Ö ¡¥§-
· §³¥·´µ°. �·¨ ÔÉµ³ Ê¸²µ¢¨¥ (6) ¢Ò¶µ²´Ö¥É¸Ö, ¥¸²¨ g ¤µ¸É ÉµÎ´µ ³ ²µ ¶µ
 ¡¸µ²ÕÉ´µ° ¢¥²¨Î¨´¥.

�·¥¤¸É ¢²¥´´Ò° §¤¥¸Ó  ´ ²¨§ ¸²¥¤Ê¥É ¸Î¨É ÉÓ ²¨ÏÓ ´ ¢µ¤ÖÐ¨³ ¸µµ¡· -
¦¥´¨¥³ µ ¶·¥¤µÉ¢· É¨³µ¸É¨ ±µ²² ¶¸ . ‚ µ¸´µ¢¥ ¡µ²¥¥ ¸É·µ£µ£µ · ¸¸³µÉ·¥-
´¨Ö ³µ£²¨ ¡Ò ²¥¦ ÉÓ, ´ ¶·¨³¥·, ¸¢µ°¸É¢  ÉµÎ´ÒÌ ·¥Ï¥´¨° Ê· ¢´¥´¨Ö �¥É¥Ä
‘µ²¶¨É¥· , µ¶¨¸Ò¢ ÕÐ¥£µ ±¢ ´Éµ¢µ-¶µ²¥¢Ò¥ ¸¢Ö§ ´´Ò¥ ¸µ¸ÉµÖ´¨Ö. Š ¸µ¦ ²¥-
´¨Õ, µ¤´ ±µ, ¶µ¶ÒÉ±¨ ¶·µ¤¢¨´ÊÉÓ¸Ö ¢ ÔÉµ³ ´ ¶· ¢²¥´¨¨ (¸³., ´ ¶·¨³¥·, [51])
´¥²Ó§Ö ¶·¨§´ ÉÓ ¸±µ²Ó±µ-´¨¡Ê¤Ó Ê¸¶¥Ï´Ò³¨ ¨§-§  µÉ¸ÊÉ¸É¢¨Ö  ¤¥±¢ É´ÒÌ ³ -
É¥³ É¨Î¥¸±¨Ì ¸·¥¤¸É¢ ¤²Ö ·¥Ï¥´¨Ö ÔÉµ° Î·¥§¢ÒÎ °´µ É·Ê¤´µ° § ¤ Î¨.
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‘µ£² ¸´µ „ °¸µ´Ê, É¥µ·¨Ö ¶¥·¥´µ·³¨·Ê¥³ , ¥¸²¨ ¢¸¥ · ¸Ìµ¤¨³µ¸É¨ ¶µ£²µ-
Ð ÕÉ¸Ö §  ¸Î¥É ¶¥·¥µ¶·¥¤¥²¥´¨Ö ¶ · ³¥É·µ¢ ² £· ´¦¨ ´ . „²Ö ¢Ò¶µ²´¥´¨Ö
ÔÉµ£µ Ê¸²µ¢¨Ö ´Ê¦´µ, ÎÉµ¡Ò ¢ ±ÊÊ³´Ò¥ Ë²Ê±ÉÊ Í¨¨ ±¨´¥É¨Î¥¸±µ° Ô´¥·£¨¨
¶·¥¢ÒÏ ²¨ ¢ ±ÊÊ³´Ò¥ Ë²Ê±ÉÊ Í¨¨ ¢§ ¨³µ¤¥°¸É¢¨Ö. �µÔÉµ³Ê ¶¥·¥´µ·³¨·Ê-
¥³µ¸ÉÓ ³µ¦´µ § ³¥´¨ÉÓ ´  Ô±¢¨¢ ²¥´É´µ¥, ´µ Ë¨§¨Î¥¸±¨ ¡µ²¥¥ ¶·µ§· Î´µ¥
Ê¸²µ¢¨¥ ±¨´¥É¨Î¥¸±µ£µ ¶·¥µ¡² ¤ ´¨Ö∗ .

‘ÊÐ¥¸É¢Ê¥É Ê¡¥¦¤¥´¨¥ (¸³., ´ ¶·¨³¥·, [53]), ÎÉµ ¢ ¶¥·¥´µ·³¨·Ê¥³µ° É¥µ-
·¨¨ Ë¨§¨±  ´  ¡µ²ÓÏ¨Ì · ¸¸ÉµÖ´¨ÖÌ ´¥ÎÊ¢¸É¢¨É¥²Ó´  ± ¢²¨Ö´¨Õ ³ ²ÒÌ · ¸-
¸ÉµÖ´¨°, ¶·¨Î¥³ ÔÉµ ¢²¨Ö´¨¥ ³µ¦¥É ¡ÒÉÓ ÔËË¥±É¨¢´µ ÊÎÉ¥´o ±µ´¥Î´Ò³ Î¨-
¸²µ³ ¶ · ³¥É·µ¢, Éµ£¤  ± ± ¢ ´¥¶¥·¥´µ·³¨·Ê¥³µ° É¥µ·¨¨ µ´µ ÊÎ¨ÉÒ¢ ¥É¸Ö
c ¶µ³µÐÓÕ ¡¥¸±µ´¥Î´µ£µ Î¨¸²  ¶ · ³¥É·µ¢. � Ï  ´ ²¨§ ¶µ¤É¢¥·¦¤ ¥É ÔÉÊ
ÉµÎ±Ê §·¥´¨Ö. „¥°¸É¢¨É¥²Ó´µ, ¢¥·´¥³¸Ö ± ±¥¶²¥·µ¢¸±µ° § ¤ Î¥. ‚ ¸¨ÉÊ Í¨¨,
±µ£¤  ¶ ¤¥´¨¥ ´  Í¥´É· ¶µ¤ ¢²¥´µ (·¨¸. 3,¡), ¢ µ±·¥¸É´µ¸É¨ ´ Î ²  ±µµ·¤¨-
´ É ÔËË¥±É¨¢´Ò° ¶µÉ¥´Í¨ ² U(r)  ¸¨³¶ÉµÉ¨Î¥¸±¨ ¶·¨¡²¨¦ ¥É¸Ö ± J/r. �Éµ
µ§´ Î ¥É, ÎÉµ §µ´¤¨·µ¢ ´¨¥ ³ ²ÒÌ · ¸¸ÉµÖ´¨° ±µ´É·µ²¨·Ê¥É¸Ö ¥¤¨´¸É¢¥´´Ò³
¶ · ³¥É·µ³ J . � ¶·µÉ¨¢, ¢ ¸¨ÉÊ Í¨¨, ±µ£¤  ¶ ¤¥´¨¥ ´  Í¥´É· ´¥¨§¡¥¦´µ
(·¨¸. 3,a), U(r) ¸É·¥³¨É¸Ö ± U(r) ¶·¨ r → 0, É.¥. §µ´¤¨·µ¢ ´¨e ³ ²ÒÌ · ¸-
¸ÉµÖ´¨° · ¢´µ¸¨²Ó´µ µ¶·¥¤¥²¥´¨Õ ¡¥¸±µ´¥Î´µ£µ Î¨¸²  ±µÔËË¨Í¨¥´Éµ¢ ·Ö¤ 
‹µ· ´ , ¶·¥¤¸É ¢²ÖÕÐ¨Ì ËÊ´±Í¨Õ U(r).

’ ±¨³ µ¡· §µ³, ¶¥·¥´µ·³¨·Ê¥³µ¸ÉÓ £ · ´É¨·Ê¥É ¸ ³µ¤µ¸É ÉµÎ´µ¸ÉÓ § -
±µ´µ¢, Ê¶· ¢²ÖÕÐ¨Ì ±·Ê¶´µ³ ¸ÏÉ ¡´Ò³¨ Ö¢²¥´¨Ö³¨. �· ¢¤ , µÉ¸Õ¤  ¢µ¢¸¥
´¥ ¸²¥¤Ê¥É, ÎÉµ ¢¸¥ ¶·µ¨¸Ìµ¤ÖÐ¥¥ ¢ ¤¨ ¶ §µ´¥ ³ ²ÒÌ ¤²¨´ ¢µ²´ É·¨¢¨ ²Ó´µ
¨²¨, ¶µ ±· °´¥° ³¥·¥, ¤µ¶Ê¸± ¥É Ê´¨Ë¨± Í¨Õ ¸ ¤²¨´´µ¢µ²´µ¢µ° ± ·É¨´µ°. ‚
·¥§Ê²ÓÉ É¥ ¶µ¤ ¢²¥´¨Ö ±µ²² ¶¸  ´¨§±µÔ´¥·£¥É¨Î¥¸± Ö µ¡² ¸ÉÓ, ±µÉµ·ÊÕ ³Ò
¨¸¸²¥¤Ê¥³, µ± §Ò¢ ¥É¸Ö, ¶µ ¸ÊÐ¥¸É¢Ê, ¨§µ²¨·µ¢ ´´µ° µÉ µ¡² ¸É¨ ¢Ò¸µ±¨Ì
Ô´¥·£¨°.

‚¸¶µ³´¨³, µ¤´ ±µ, ÎÉµ ¨¸É¨´´oe Ê¸²µ¢¨¥ ¶·¥¤µÉ¢· É¨³µ¸É¨ ±µ²² ¶¸  ¸µ-
¸Éµ¨É ´¥ ¢ ±¨´¥É¨Î¥¸±o³ ¶·¥µ¡² ¤ ´¨¨,   ¢ µ£· ´¨Î¥´´µ¸É¨ ¸¶¥±É·  £ ³¨²Ó-
Éµ´¨ ´  ¸´¨§Ê. —¥³ Î·¥¢ É  § ³¥´  µ¤´µ£µ Ê¸²µ¢¨Ö ¤·Ê£¨³?

Š¨´¥É¨Î¥¸±oe ¶·¥µ¡² ¤ ´¨e ´¥µ¡Ìµ¤¨³o ¤²Ö ¶·¥¤µÉ¢· Ð¥´¨Ö ±µ²² ¶¸ ∗∗,
´µ ´¥ ¤µ¸É ÉµÎ´o. ‚ ¸ ³µ³ ¤¥²¥, Õ± ¢¸±¨° Î²¥´ LI = igψ̄γ5ψφ, ¢§ÖÉÒ° ¸ ³
¶µ ¸¥¡¥, ¶·¨ D = 4 ¤ ¥É ¶·¨³¥· ´¥¶¥·¥´µ·³¨·Ê¥³µ£µ ² £· ´¦¨ ´ , ´¥¸³µÉ·Ö
´  Éµ, ÎÉµ Ê¸²µ¢¨¥ (11) ¸µ¡²Õ¤¥´µ. �¥·¥´µ·³¨·Ê¥³µ¸É¨ ´¥¢µ§³µ¦´µ ¤µ¸É¨ÎÓ,
¶µ±  ´¥ ¤µ¡ ¢²¥´ Î²¥´ ¸± ²Ö·´µ£µ ¸ ³µ¤¥°¸É¢¨Ö LI = −λφ4. „·Ê£µ° ¨§¢¥¸É-

∗‚ ´¥¸±µ²Ó±µ Ê¶·µÐ¥´´µ³ ¨ ´¥Ö¢´µ³ ¢¨¤¥ ÔÉµ Ê¸²µ¢¨¥ ¡Ò²µ ¢¶¥·¢Ò¥ ¶·¥¤²µ¦¥´µ
„.ˆ.�²µÌ¨´Í¥¢Ò³ [52].

∗∗‹Õ¡µ¶ÒÉ´µ, ÎÉµ ¢ ¶·µ¡²¥³¥ £· ¢¨É Í¨µ´´µ° ¸¨´£Ê²Ö·´µ¸É¨ ·µ²Ó Ô´¥·£µ¤µ³¨´ ´É´µ¸É¨
¶·Ö³µ ¶·µÉ¨¢µ¶µ²µ¦´ : ´ ·ÊÏ¥´¨¥ Ô´¥·£µ¤µ³¨´ ´É´µ¸É¨ ¶·¥¤µÉ¢· Ð ¥É µ¡· §µ¢ ´¨¥ ¸¨´£Ê²Ö·-
´µ¸É¨ [54].
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´Ò° ¶·¨³¥· Å ± ²¨¡·µ¢µÎ´ Ö É¥µ·¨Ö É¨¶  Ÿ´£ ÄŒ¨²²¸ Ä•¨££¸ , ±µÉµ· Ö ¢
µ¡Ð¥³ ¸²ÊÎ ¥ ´¥¶¥·¥´µ·³¨·Ê¥³  ¨§-§  ´ ²¨Î¨Ö  ±¸¨ ²Ó´µ°  ´µ³ ²¨¨. �´µ³ -
²¨Ö ¢²¥Î¥É §  ¸µ¡µ° ´ ·ÊÏ¥´¨¥ ± ²¨¡·µ¢µÎ´µ° ¨´¢ ·¨ ´É´µ¸É¨, ¡¥§ ±µÉµ·µ°
¶µ²Ö Ÿ´£ ÄŒ¨²²¸  ¨³¥ÕÉ ¶²µÌµ¥ Ê²ÓÉ· Ë¨µ²¥Éµ¢µ¥ ¶µ¢¥¤¥´¨¥, Ì · ±É¥·´µ¥
¤²Ö ³ ¸¸¨¢´ÒÌ ¢¥±Éµ·´ÒÌ ¶µ²¥°. �É¨ ¶·¨³¥·Ò £µ¢µ·ÖÉ µ ´ ²¨Î¨¨ ¸¨¸É¥³, ¤²Ö
±µÉµ·ÒÌ ´¥ ¢¸¥ Ê²ÓÉ· Ë¨µ²¥Éµ¢Ò¥ · ¸Ìµ¤¨³µ¸É¨ ¶µ£²µÐ ÕÉ¸Ö ¶ · ³¥É· ³¨
² £· ´¦¨ ´ ,   §´ Î¨É, ±µ²² ¶¸ ´¥ ¶µ¤ ¢²¥´, ÌµÉÖ Ê¸²µ¢¨¥ (4) ¢Ò¶µ²´¥´µ.

� ¸¸Ê¦¤ Ö ´ ¨¢´µ, ³µ¦´µ Ê¸µ³´¨ÉÓ¸Ö ¤ ¦¥ ¢ ´¥µ¡Ìµ¤¨³o¸É¨ É·¥¡µ¢ ´¨Ö
±¨´¥É¨Î¥¸±o£µ ¶·¥µ¡² ¤ ´¨Ö. „¥°¸É¢¨É¥²Ó´µ, ¥¸²¨ ± H0 ¤µ¡ ¢¨ÉÓ ®¢µ§³ÊÐ¥-
´¨¥¯ É¨¶  ¸± ²Ö·´µ£µ ¸ ³µ¤¥°¸É¢¨Ö HI = λφ2n ¸ λ > 0, ±µÉµ·µ¥, ´  ¶¥·-
¢Ò° ¢§£²Ö¤, ± ¦¥É¸Ö ¶µ²µ¦¨É¥²Ó´µ µ¶·¥¤¥²¥´´Ò³, Éµ ¸¶¥±É· ¤µ²¦¥´ µ¸É ÉÓ¸Ö
µ£· ´¨Î¥´´Ò³ ¸´¨§Ê ¶·¨ ¶·µ¨§¢µ²Ó´µ³ n > 1. �µ §¤¥¸Ó Ê¶ÊÐ¥´µ ¨§ ¢¨¤Ê,
ÎÉµ ¶¥·¥´µ·³¨·µ¢ ´´ Ö ±µ´¸É ´É  ¸¢Ö§¨ λ ³µ¦¥É ± ·¤¨´ ²Ó´µ ¨§³¥´¨ÉÓ¸Ö,
¡² £µ¤ ·Ö ¶µ²Ö·¨§ Í¨¨ ¢ ±ÊÊ³ , ¢ Î ¸É´µ¸É¨, ¶µ³¥´ÖÉÓ §´ ± ¶µ ¸· ¢´¥´¨Õ ¸
£µ²µ° ±µ´¸É ´Éµ° ¸¢Ö§¨. ‘Éµ²Ó ¸¨²Ó´µ° ¶µ²Ö·¨§ Í¨¨ ¢ ±ÊÊ³  ´¥É ¢ ¤¢Ê³¥·-
´ÒÌ ¸Ê¶¥·¶¥·¥´µ·³¨·Ê¥³ÒÌ É¥µ·¨ÖÌ [55], ¶µÔÉµ³Ê ¶·¨ D = 2 Î¨¸²µ n ³µ¦¥É
¡ÒÉÓ ²Õ¡Ò³. —Éµ ¦¥ ± ¸ ¥É¸Ö ¸²ÊÎ Ö D = 4, Éµ §¤¥¸Ó µ£· ´¨Î¥´¨¥ n ≤ 2,
´ ² £ ¥³µ¥ Ê¸²µ¢¨¥³ (11), µ¸É ¥É¸Ö ¸ÊÐ¥¸É¢¥´´Ò³. „·Ê£µ¥ ¸µ³´¥´¨¥ ³µ¦¥É
¢µ§´¨±´ÊÉÓ ¢ ¸¢Ö§¨ ¸ É ± ´ §Ò¢ ¥³µ° É¥µ·¥³µ° Ô±¢¨¢ ²¥´É´µ¸É¨, ¸µ£² ¸´µ ±µ-
Éµ·µ° ¤¢¥ ±¢ ´Éµ¢Ò¥ É¥µ·¨¨ ¶µ²Ö, ¸¢Ö§ ´´Ò¥ ´¥²¨´¥°´Ò³ ¶·¥µ¡· §µ¢ ´¨¥³
¶µ²Ö

χ = Φ + Φ2F (Φ), (12)

¨³¥ÕÉ µ¤´Ê ¨ ÉÊ ¦¥ S-³ É·¨ÍÊ. �Éµ §´ Î¨É, ÎÉµ ±µ²² ¶¸ ¶µ¤ ¢²¥´ ´¥ Éµ²Ó±µ
¤²Ö ¶µ²¨´µ³¨ ²Ó´ÒÌ ² £· ´¦¨ ´µ¢, Ê¤µ¢²¥É¢µ·ÖÕÐ¨Ì ±·¨É¥·¨Õ (11), ´µ ¨
¤²Ö ²Õ¡ÒÌ, ¶µ²ÊÎ ¥³ÒÌ ¨§ ´¨Ì ¶ÊÉ¥³ ´¥²¨´¥°´ÒÌ ¶·¥µ¡· §µ¢ ´¨° (12). �¤-
´ ±µ, ¨¸¶µ²Ó§ÊÖ É¥Ì´¨±Ê ´¨²Ó¶µÉ¥´É´ÒÌ µ¶¥· Éµ·µ¢, ¶·¨³¥´Ö¥³ÊÕ ¢ ± ²¨-
¡·µ¢µÎ´ÒÌ É¥µ·¨ÖÌ, ³µ¦´µ ¶µ± § ÉÓ [56], ÎÉµ ¢¥¸Ó ÔËË¥±É, ¢Ò§Ò¢ ¥³Ò° ¢
² £· ´¦¨ ´¥ L ´¥²¨´¥°´µ° Î ¸ÉÓÕ ¶·¥µ¡· §µ¢ ´¨Ö (12), ¶µ¤µ¡¥´ Î²¥´Ê, ±µ-
Éµ·Ò° ®Ë¨±¸¨·Ê¥É ± ²¨¡·µ¢±Ê¯. ’ ±¨³ µ¡· §µ³, Ê¸²µ¢¨¥ (4) ¤¥°¸É¢¨É¥²Ó´µ
´¥µ¡Ìµ¤¨³µ ¤²Ö ¶µ¤ ¢²Ö¥³µ¸É¨ ±µ²² ¶¸ .

‘ ¤·Ê£µ° ¸Éµ·µ´Ò, c± ²Ö·´µ¥ c ³µ¤¥°¸É¢¨¥ φ 3, ± § ²µ¸Ó ¡Ò, ¤µ¸É ¢²Ö¥É
±µ´É·¶·¨³¥· Î¥ÉÒ·¥Ì³¥·´µ° ¶¥·¥´µ·³¨·Ê¥³µ° É¥µ·¨¨ c £ ³¨²ÓÉµ´¨ ´µ³, ´¥
µ£· ´¨Î¥´´Ò³ ¸´¨§Ê. �Éµ ¢¶¥Î É²¥´¨¥ µ¡³ ´Î¨¢µ. „¥°¸É¢¨É¥²Ó´µ, Î²¥´ φ 3

¸É·¥³¨É¸Ö ± −∞ ¶·¨ φ → −∞, ¶·¥¢ÒÏ Ö ·µ¸É Î²¥´  (m2/2)φ 2, ¸µ¤¥·-
¦ Ð¥£µ¸Ö ¢ ±¨´¥É¨Î¥¸±µ° Ô´¥·£¨¨ Î²¥´ . �·¨ ÔÉµ³, µ¤´ ±µ, Ê¶Ê¸± ¥É¸Ö ¨§
¢¨¤Ê, ÎÉµ ¢¥¤ÊÐ¨³ Î²¥´o³ ¢ ±¨´¥É¨Î¥¸±µ° Ô´¥·£¨¨ Ö¢²Ö¥É¸Ö ´¥ (m2/2)φ 2,  
(1/2) (∂φ)2, ¸¨´£Ê²Ö·´µ¸ÉÓ ±µÉµ·µ£µ O(ε−4) ¸· ¢´¨³  ¸ ¸¨´£Ê²Ö·´µ¸ÉÓÕ φ 4

¨ § ¢¥¤µ³µ ¶·¥¢µ¸Ìµ¤¨É ¸¨´£Ê²Ö·´µ¸ÉÓ O(ε−3) Î²¥´  φ 3.
Š·¨É¥·¨° ±¨´¥É¨Î¥¸±o£µ ¶·¥µ¡² ¤ ´¨Ö µÉ´µ¸¨É¸Ö ± ¸¨¸É¥³ ³, ¶·¥¤· ¸-

¶µ²µ¦¥´´Ò³ ± ±µ²² ¶¸Ê. � É ±µ³ ¶·¥¤· ¸¶µ²µ¦¥´¨¨ ¶·¥¤Ê¶·¥¦¤ ÕÉ Ê²ÓÉ· -
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Ë¨µ²¥Éµ¢Ò¥ · ¸Ìµ¤¨³µ¸É¨. ‚ µ¤´¨Ì ¸¨¸É¥³ Ì É¥´¤¥´Í¨Ö ± ±µ²² ¶¸Ê ¶µ¤ ¢²Ö-
¥É¸Ö,   ¢ ¤·Ê£¨Ì ¡¥¸¶·¥¶ÖÉ¸É¢¥´´µ µ¸ÊÐ¥¸É¢²Ö¥É¸Ö. ŒÒ ³µ¦¥³ ¸Ê¤¨ÉÓ µ Éµ³,
± ±µ° ¨§ ÔÉ¨Ì ¢ ·¨ ´Éµ¢ ¸¢µ°¸É¢¥´ ¤ ´´µ° ¸¨¸É¥³¥ ´¥ Éµ²Ó±µ ¶µ  ´ ²¨É¨Î¥-
¸±¨³, ´µ ¨ ¶µ Éµ¶µ²µ£¨Î¥¸±¨³ µ¸µ¡¥´´µ¸ÉÖ³ ¥¥ ¶µ¢¥¤¥´¨Ö. ’µ¶µ²µ£¨Î¥¸±ÊÕ
± ·É¨´Ê, ¢ ±µÉµ·µ° ¶·µ¨¸Ìµ¤¨É ¶ ¤¥´¨¥ ´  Í¥´É·, ³Ò ±¢ ²¨Ë¨Í¨·µ¢ ²¨ ± ±
å1-, å3- ¨ å5-ÊÐ¥·¡´ÊÕ. �Éµ ´ ¡²Õ¤¥´¨¥ ¢ µ¡ÒÎ´µ° ²µ± ²Ó´µ° Š’� ²¥£±µ · ¸-
¶·µ¸É· ´Ö¥É¸Ö ´  ¸²ÊÎ ° ¡µ²¥¥ µ¡Ð¨Ì É¥µ·¨° (É ±¨Ì, ´ ¶·¨³¥·, ± ± M -É¥µ-
·¨Ö) ¸²¥¤ÊÕÐ¨³ µ¡· §µ³. �Ê¸ÉÓ ´  ±² ¸¸¨Î¥¸±µ³ Ê·µ¢´¥ ¢µ§³µ¦´Ò ¶·¥¢· Ð¥-
´¨Ö ¶·µ¸É· ´¸É¢¥´´µ ¶·µÉÖ¦¥´´ÒÌ µ¡Ñ¥±Éµ¢ ¢ µ¡Ñ¥±ÉÒ ³¥´ÓÏ¥° · §³¥·´µ¸É¨,
´ ¶·¨³¥·, ¸¦ É¨¥ ¸É·Ê´Ò ¢ ÉµÎ±Ê, ¸¢¥·ÉÒ¢ ´¨¥ ³¥³¡· ´Ò ¢ ¸É·Ê´Ê, ¸¶²Õ-
Ð¨¢ ´¨¥ ¸µ²¨Éµ´  ¢ ¶²µ¸±ÊÕ ¢µ²´Ê ¨ É.¶. ’ ±¨¥ ¶·¥¢· Ð¥´¨Ö  ´ ²µ£¨Î´Ò
µ¸µ¡µ³Ê ¢ ·¨ ´ÉÊ Ô¢µ²ÕÍ¨¨ å4, ¢ ±µÉµ·µ³ ¤¢¥ Î ¸É¨ÍÒ ¨¸Ìµ¤´µ ¨´É¥·¶·¥É¨·Ê-
ÕÉ¸Ö ± ± ±µ´ÍÒ ¸¦¨³ ÕÐ¥°¸Ö ¸É·Ê´Ò. …¸²¨ ÔÉ¨ ¶·¥¢· Ð¥´¨Ö µ¡· É¨³Ò, Éµ
¢ ± ·É¨´¥ ¶·¨¸ÊÉ¸É¢ÊÕÉ ¢¸¥ µ¸µ¡Ò¥ ¢ ·¨ ´ÉÒ Ô¢µ²ÕÍ¨¨, ¢ ¶·µÉ¨¢´µ³ ¸²ÊÎ ¥
± ·É¨´  ÊÐ¥·¡´ : ¸ ³µ ´ ²¨Î¨¥ ¢ ´¥° ´¥±µÉµ·µ£µ µ¸µ¡µ£µ ¢ ·¨ ´É  Ô¢µ²Õ-
Í¨¨ ´¥¸µ¢³¥¸É¨³o ¸ ´ ²¨Î¨¥³ ®¶·µÉ¨¢µ¶µ²µ¦´µ£µ¯ ¢ ·¨ ´É . �ÉÊ ÊÐ¥·¡-
´µ¸ÉÓ ± ·É¨´Ò ³Ò ¶·¨´¨³ ¥³ §  Éµ¶µ²µ£¨Î¥¸±µ¥ µ¶·¥¤¥²¥´¨¥ µ¸ÊÐ¥¸É¢¨³µ-
¸É¨ ±µ²² ¶¸ . ‘ Ë¨§¨Î¥¸±µ° ÉµÎ±¨ §·¥´¨Ö ÊÐ¥·¡´µ¸ÉÓ ± ·É¨´Ò · ¢´µ¸¨²Ó´ 
´ ·ÊÏ¥´¨Õ µ¡· É¨³µ¸É¨ ¢µ ¢·¥³¥´¨. �  Ö§Ò±¥ ±¢ ´Éµ¢µ° ³¥Ì ´¨±¨ Éµ¶µ²µ£¨-
Î¥¸± Ö ÊÐ¥·¡´µ¸ÉÓ µ§´ Î ¥É, ÎÉµ £¨²Ó¡¥·Éµ¢¸±¨¥ ¶·µ¸É· ´¸É¢  ¸µ¸ÉµÖ´¨° Hin

¨ Hout · §²¨Î´Ò, É.¥. Ê´¨É ·´µ¸ÉÓ ´ ·ÊÏ ¥É¸Ö. Š ± ¨§¢¥¸É´µ [57], ¸± ²Ö·´ Ö
É¥µ·¨Ö ¸ ² £· ´¦¨ ´µ³ ¢§ ¨³µ¤¥°¸É¢¨Ö φ4 ¶·¨ D > 4 É·¨¢¨ ²Ó´ . �Éµ ¸²Ê¦¨É
´ ³¥±µ³ ´  Éµ, ÎÉµ ´¥¶¥·¥´µ·³¨·Ê¥³ Ö É¥µ·¨Ö ³µ¦¥É ¡ÒÉÓ Ê´¨É ·´µ° ²¨ÏÓ
¢ Éµ³ ¸²ÊÎ ¥, ¥¸²¨ ±µ²² ¶¸ µÉ´µ¸¨É¸Ö ± ®¤µ¨¸Éµ·¨Î¥¸±¨³¯ ¢·¥³¥´ ³, a · -
¢¥´¸É¢µ Hin = Hout µ¡¥¸¶¥Î¨¢ ¥É¸Ö ¤²Ö Éµ° Î ¸É¨ ¸¨¸É¥³Ò, ±µÉµ· Ö µ¸É ¥É¸Ö
¶µ¸²¥ ±µ²² ¶¸  ¨ Ê¦¥ ´¥ ¨¸¶ÒÉÒ¢ ¥É ¢§ ¨³µ¤¥°¸É¢¨Ö.

�µ¤ ¢²Ö¥³µ¸ÉÓ ±µ²² ¶¸  ¥¸ÉÓ ¸·¥¤¸É¢µ ¢µ¸¸É ´µ¢²¥´¨Ö µ¡· É¨³µ¸É¨. O¤-
´ ±µ §  ÔÉµ ¶·¨Ìµ¤¨É¸Ö ¶² É¨ÉÓ µ¡¥¤´¥´¨¥³ Éµ¶µ²µ£¨Î¥¸±µ° ± ·É¨´Ò, ¨§ ±µ-
Éµ·µ° ¨¸Î¥§ ÕÉ ¢¸¥ µ¸µ¡Ò¥ ¢ ·¨ ´ÉÒ Ô¢µ²ÕÍ¨¨. �¥ ¨³¥¥³ ²¨ ³Ò ¤¥²µ ¸µ
¸Éµ²Ó ¸¨²Ó´µ¤¥°¸É¢ÊÕÐ¨³ ¸·¥¤¸É¢µ³, ÎÉµ ³´µ¦¥¸É¢µ ¶¥·¥´µ·³¨·Ê¥³Òx É¥µ-
·¨° ¸ ´¥É·¨¢¨ ²Ó´µ° S-³ É·¨Í¥° µ± §Ò¢ ¥É¸Ö ¶Ê¸ÉÒ³? �·¨³¥·Ò ´¥É·¨¢¨ ²Ó-
´ÒÌ ¸Ê¶¥·¶¥·¥´µ·³¨·Ê¥³ÒÌ É¥µ·¨°, Ê¤µ¢²¥É¢µ·ÖÕÐ¨Ì ¢¸¥³  ±¸¨µ³ ³ ‚ °É-
³ ´ , ¡Ò²¨ ´ °¤¥´Ò [55] ¤²Ö D = 2 ¨ D = 3, ´µ ´¥ ¨¸±²ÕÎ¥´µ, ´ ¶·¨³¥·, ÎÉµ
¸± ²Ö·´µ¥ ¸ ³µ¤¥°¸É¢¨¥ φ4 (¢ ¦´ Ö ¸µ¸É ¢²ÖÕÐ Ö ¸É ´¤ ·É´µ° ³µ¤¥²¨) ¶·¨
D = 4 ¤ ¥É ¥¤¨´¨Î´ÊÕ S-³ É·¨ÍÊ. �É¸Õ¤  ¢µ§´¨± ¥É ¢µ¶·µ¸: ´¥ Ö¢²Ö¥É¸Ö
²¨ É·¨¢¨ ²¨§ Í¨Ö Éµ¶µ²µ£¨Î¥¸±µ° ± ·É¨´Ò ¸¢µ°¸É¢µ³, ¢´ÊÉ·¥´´¥ ¶·¨¸ÊÐ¨³
²Õ¡µ° ¶¥·¥´µ·³¨·Ê¥³µ° É¥µ·¨¨?

6. ƒ�‹�ƒ��”ˆ—…‘Šˆ‰ ��ˆ�–ˆ� ˆ ���Œ�‹ˆˆ

—¨É É¥²Ó, ¢¥·µÖÉ´µ, Ê¸¶¥² µ¡· É¨ÉÓ ¢´¨³ ´¨¥ ´  Éµ, ÎÉµ ¢ ´ Ï¥³ µ¡¸Ê¦-
¤¥´¨¨ ¶µ¸ÉµÖ´´µ ¢µ§´¨± ¥É ¶µ´ÖÉ¨e · §³¥·´µ¸É¨ ¶·µ¸É· ´¸É¢ -¢·¥³¥´¨ D.
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� ¶·¨³¥·, D ¢Ìµ¤¨É ¢ ±·¨É¥·¨° ¶·¥¤µÉ¢· É¨³µ¸É¨ ±µ²² ¶¸  (11). ‡´ Î¥´¨Ö
D = 2 ¨ D = 3 ¶µÖ¢²Ö²¨¸Ó ¢ ¸¢Ö§¨ ¸ Ê¶µ³¨´ ´¨¥³ Ê¤¨¢¨É¥²Ó´ÒÌ ³¨·µ¢, £¤¥
¶µ²Ö·¨§ Í¨Ö ¢ ±ÊÊ³  ¸² ¡ ,   É¥µ·¨¨ ¸Ê¶¥·¶¥·¥´µ·³¨·Ê¥³Ò. C ³µ µ¶·¥¤¥²¥-
´¨¥ ±µ²² ¶¸ , ¶·¥¤²µ¦¥´´µ¥ ¢ ¶·¥¤Ò¤ÊÐ¥³ · §¤¥²¥, µ¸´µ¢ ´µ ´  ¶·¥¢· Ð¥-
´¨¨ ¶·µÉÖ¦¥´´ÒÌ µ¡Ñ¥±Éµ¢ ¢ µ¡Ñ¥±ÉÒ ³¥´ÓÏ¥° · §³¥·´µ¸É¨. (�É³¥É¨³ É ±¦¥,
ÎÉµ ¢ ¸Ê¶¥·¸¨³³¥É·¨Î´ÒÌ É¥µ·¨ÖÌ, £¤¥ · ¸Ìµ¤¨³µ¸É¨ ¸µ±· Ð ÕÉ¸Ö Î ¸É¨Î´µ
¨²¨ ¶µ²´µ¸ÉÓÕ, Ê²ÓÉ· Ë¨µ²¥Éµ¢µ¥ ¡² £µ¶µ²ÊÎ¨¥ ¤µ¸É¨£ ¥É¸Ö §  ¸Î¥É ÔËË¥±-
É¨¢´µ£µ ¶µ´¨¦¥´¨Ö · §³¥·´µ¸É¨. „¥°¸É¢¨É¥²Ó´µ, ± ± ¶µ± § ²¨ ƒ.� ·¨§¨ ¨
�.‘Ê·²  [58], ¸Ê¶¥·¸¨³³¥É·¨Î´Ò¥ É¥µ·¨¨ ´  £· ¤Ê¨·µ¢ ´´µ³ ³´µ£µµ¡· §¨¨ ¸
µ¡ÒÎ´Ò³¨ ±µµ·¤¨´ É ³¨ x1, . . . , xD ¨ £· ¸¸³ ´µ¢¸±¨³¨ ±µµ·¤¨´ É ³¨ θ ¨ θ̄
Ô±¢¨¢ ²¥´É´Ò ´¥¸Ê¶¥·¸¨³³¥É·¨Î´Ò³ É¥µ·¨Ö³ ´  ³´µ£µµ¡· §¨¨ ¸ ±µµ·¤¨´ -
É ³¨ x1, . . . , xD−2, ¤·Ê£¨³¨ ¸²µ¢ ³¨, ¤²Ö Ö¢´µ° ·¥ ²¨§ Í¨¨ ¸Ê¶¥·¸¨³³¥É·¨¨
É·¥¡ÊÕÉ¸Ö ±µµ·¤¨´ ÉÒ θ µÉ·¨Í É¥²Ó´µ° · §³¥·´µ¸É¨. ‘Ê¶¥·¸¨³³¥É·¨Ö Å
ÔÉµ ²¨ËÉ, ¶¥·¥´µ¸ÖÐ¨° ¢ ´¨¦´¨¥ ÔÉ ¦¨ · §³¥·´µ¸É¨.)

„·Ê£¨³ ¢ ¦´Ò³ ¤²Ö ´ Ï¥° É¥³Ò ¶µ´ÖÉ¨¥³ Ö¢²Ö¥É¸Ö ¶µ´ÖÉ¨¥ µ¡· É¨³µ-
¸É¨. „µ ¸¨Ì ¶µ· ÔÉ¨ ¶µ´ÖÉ¨Ö ´¥ ¡Ò²¨ ¸¢Ö§ ´´Ò³¨. ŒÒ ³µ£²¨ ¡Ò §´ Î¨É¥²Ó´µ
¶·µ¤¢¨´ÊÉÓ¸Ö ¢ ¶µ´¨³ ´¨¨ ¶·¥¤³¥É , ¥¸²¨ ¡Ò ¢ ´ Ï¥³ · ¸¶µ·Ö¦¥´¨¨ ¡Ò²µ
¸·¥¤¸É¢µ, ¶µ§¢µ²ÖÕÐ¥¥ ¸¢Ö§ ÉÓ Ë¨§¨Î¥¸±¨¥ ± ·É¨´Ò ¶·¨ · §²¨Î´ÒÌ D. T -
±µ¥ ¸·¥¤¸É¢µ ¤¥°¸É¢¨É¥²Ó´µ ¨³¥¥É¸Ö Å ÔÉµ É ± ´ §Ò¢ ¥³Ò° £µ²µ£· Ë¨Î¥¸±¨°
¶·¨´Í¨¶. O´ ¶µ§¢µ²Ö¥É ¢§£²Ö´ÊÉÓ ´  ´¥µ¡· É¨³µ¸ÉÓ ± ± ´   ´µ³ ²¨Õ, ´ ·ÊÏ -
ÕÐÊÕ ¤Ê ²¨§³ ±¢ ´Éµ¢µ£µ ¨ ±² ¸¸¨Î¥¸±µ£µ µ¶¨¸ ´¨° ¢ ³¨· Ì ¸µ¶·¥¤¥²Ó´µ°
· §³¥·´µ¸É¨.

‘µ£² ¸´µ £µ²µ£· Ë¨Î¥¸±µ³Ê ¶·¨´Í¨¶Ê, ¶·µ¢µ§£² Ï¥´´µ³Ê ¢ ¶¨µ´¥·¸±¨Ì
· ¡µÉ Ì 'É •µµËÉa [59] ¨ ‘ ¸±¨´¤a [60], ¢¸Ö ¨´Ëµ·³ Í¨Ö µ ¸É¥¶¥´ÖÌ ¸¢µ¡µ¤Ò
¢´ÊÉ·¨ µ¡Ñ¥³  ³µ¦¥É ¡ÒÉÓ ¸¶·µ¥Í¨·µ¢ ´  ´  ¶µ¢¥·Ì´µ¸ÉÓ (´ §Ò¢ ¥³ÊÕ É ±¦¥
Ô±· ´µ³), ±µÉµ· Ö µ£· ´¨Î¨¢ ¥É ÔÉµÉ µ¡Ñ¥³. ˆ§-§  µÉ¸ÊÉ¸É¢¨Ö µ¡Ð¥¶·¨´ÖÉµ°
Ëµ·³Ê²¨·µ¢±¨ ³Ò ¡Ê¤¥³ ¶µ²Ó§µ¢ ÉÓ¸Ö · ¡µÎ¨³¨ ¢¥·¸¨Ö³¨ ÔÉµ£µ ¶·¨´Í¨¶ ,
µ¡¸Ê¦¤ ¥³Ò³¨ ¢ É¥±ÊÐ¥° ²¨É¥· ÉÊ·¥. ˆÌ ¸ÊÉÓ ¸µ¸Éµ¨É ¢ Éµ³, ÎÉµ ±² ¸¸¨Î¥¸-
± Ö É¥µ·¨Ö, µ¶¨¸Ò¢ ÕÐ Ö Ö¢²¥´¨Ö ¸ ÊÎ¥Éµ³ £· ¢¨É Í¨¨ ¢´ÊÉ·¨ µ¡Ñ¥³ , ³µ¦¥É
¡ÒÉÓ ¢Ò· ¦¥´  ¢ ¢¨¤¥ ±¢ ´Éµ¢µ° É¥µ·¨¨, ±µÉµ· Ö · ¸¸³ É·¨¢ ¥É É¥ ¦¥ Ö¢²¥-
´¨Ö ¡¥§ £· ¢¨É Í¨¨ ´  £· ´¨Í¥ µ¡Ñ¥³ . ‚ É ±µ³ ¢¨¤¥ £µ²µ£· Ë¨Î¥¸±¨° ¶·¨´-
Í¨¶ ¶µ¤É¢¥·¦¤¥´ Œ ²¤ Í¥´µ° [61], ±µÉµ·Ò° µ¡´ ·Ê¦¨² ¸µµÉ¢¥É¸É¢¨¥ ³¥¦¤Ê
±¢ §¨±² ¸¸¨Î¥¸±µ° ¸Ê¶¥·£· ¢¨É Í¨¥° ¢  ´É¨¤¥¸¨ÉÉ¥·µ¢¸±µ³ ¶·µ¸É· ´¸É¢¥ ¨
±¢ ´Éµ¢µ° ±µ´Ëµ·³´µ° É¥µ·¨¥° Ÿ´£ ÄŒ¨²²¸  ´  £· ´¨Í¥ ¶·µ¸É· ´¸É¢ .

…¸ÉÓ µ¸´µ¢ ´¨Ö ¤Ê³ ÉÓ, ÎÉµ £µ²µ£· Ë¨Î¥¸±¨° ¶·¨´Í¨¶ µ¸É ¥É¸Ö ¢ ¸¨²¥ ¨
¶·¨ ¢Ò±²ÕÎ¥´¨¨ £· ¢¨É Í¨¨. ’µ£¤  ¥£µ ³µ¦´µ ¶·µ¸Éµ ·¥ ²¨§µ¢ ÉÓ ¶·¨ ¶µ-
³µÐ¨ § ³¥Î É¥²Ó´µ£µ ¤Ê ²¨§³  ¤¥ �²ÓË ·µ, ”Ê¡¨´¨ ¨ ”Ê·² ´  (�””) [62],
±µÉµ·Ò¥ ¶µ± § ²¨, ÎÉµ ¶·µ¨§¢µ¤ÖÐ¨° ËÊ´±Í¨µ´ ² ¤²Ö ËÊ´±Í¨° ƒ·¨´  ¥¢±²¨-
¤µ¢µ° ±¢ ´Éµ¢µ° É¥µ·¨¨ ¶µ²Ö ¢ D ¨§³¥·¥´¨ÖÌ ¸µ¢¶ ¤ ¥É ¸ £¨¡¡¸µ¢¸±¨³ ¸·¥¤-
´¨³ ±² ¸¸¨Î¥¸±µ° ¸É É¨¸É¨Î¥¸±µ° ³¥Ì ´¨±¨ ¢ ¶·µ¸É· ´¸É¢¥-¢·¥³¥´¨ D + 1
¨§³¥·¥´¨°. „·Ê£¨³¨ ¸²µ¢ ³¨, ¨³¥¥É¸Ö ¸µµÉ¢¥É¸É¢¨¥ (�””-¤Ê ²¨§³) ³¥¦¤Ê
±² ¸¸¨Î¥¸±µ° ± ·É¨´µ° ¢ ¶·µ¸É· ´¸É¢¥-¢·¥³¥´¨ MD+1 ¨ ±¢ ´Éµ¢µ° ± ·É¨-
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´µ° ¢ D-³¥·´µ³ ¸¥Î¥´¨¨ MD+1 ¢ ²Õ¡µ° Ë¨±¸¨·µ¢ ´´Ò° ³µ³¥´É ¢·¥³¥´¨.
’ ±¨¥ ¸¥Î¥´¨Ö ¨£· ÕÉ ·µ²Ó D-³¥·´ÒÌ Ô±· ´µ¢, ´¥¸ÊÐ¨Ì £µ²µ£· ³³Ò Éµ£µ,
ÎÉµ ¶·µ¨¸Ìµ¤¨É ¢ Éµ²Ð¥ MD+1.

� ¶µ³´¨³ ¨¤¥Õ ¤¥ �²ÓË ·µ, ”Ê¡¨´¨ ¨ ”Ê·² ´  µ ¢µ§³µ¦´µ¸É¨ ¶·¥-
¢· Ð¥´¨Ö D-³¥·´µ° ±¢ ´Éµ¢µ° ± ·É¨´Ò ¢ D + 1-³¥·´ÊÕ ±² ¸¸¨Î¥¸±ÊÕ ´ 
¶·¨³¥·¥ ¸¨¸É¥³Ò, µ¶¨¸Ò¢ ¥³µ° ¸± ²Ö·´Ò³ ¶µ²¥³ φ(x). �Ê¸ÉÓ ¸¨¸É¥³  ¶µ-
³¥Ð¥´  ¢ D-³¥·´µ³ ¥¢±²¨¤µ¢µ³ ¶·µ¸É· ´¸É¢¥-¢·¥³¥´¨ ¨ Ì · ±É¥·¨§Ê¥É¸Ö ² -
£· ´¦¨ ´µ³ L. ‚¢¥¤¥³ Ë¨±É¨¢´µ¥ ¢·¥³Ö t. �µ²e ¸É ´µ¢¨É¸Ö ËÊ´±Í¨¥° ¥¢-
±²¨¤µ¢Òx ±µµ·¤¨´ É x1, . . . , xD ¨ Ë¨±É¨¢´µ£µ ¢·¥³¥´¨ t, φ = φ(x, t). …¸²¨
(1/2)(∂φ/∂t)2 ¨¸Éµ²±µ¢ ÉÓ ± ± ±¨´¥É¨Î¥¸±¨° Î²¥´, a L ± ± Î²¥´ ¶µÉ¥´Í¨-
 ²Ó´µ° Ô´¥·£¨¨, Éµ ¢µ§´¨± ¥É ´µ¢Ò° ² £· ´¦¨ ´ L̃ = (1/2)(∂φ/∂t)2 − L,
¶µ·µ¦¤ ÕÐ¨° Ô¢µ²ÕÍ¨Õ ¢ Ë¨±É¨¢´µ³ ¢·¥³¥´¨ t. …³Ê ¸µµÉ¢¥É¸É¢Ê¥É £ -
³¨²ÓÉµ´¨ ´ H̃ = (1/2)π2 + L, £¤¥ π = ∂L̃/∂φ̇ = ∂φ/∂t µ¡µ§´ Î ¥É ¸µ¶·Ö-
¦¥´´Ò° ¨³¶Ê²Ó¸, ¤²Ö ±µÉµ·µ£µ ¶µ¸ÉÊ²¨·Ê¥É¸Ö ±² ¸¸¨Î¥¸± Ö ¸±µ¡±a �Ê ¸¸µ´ 
{φ(x, t), π(y, t)} = δD(x− y). ’¥¶¥·Ó ²¥£±µ Ê¢¨¤¥ÉÓ, ÎÉµ £¨¡¡¸µ¢¸±µ¥ ¸·¥¤´¥¥
¶µ  ´¸ ³¡²Õ c É¥³¶¥· ÉÊ·o° kT = �

Z[J ] =
∫

DπDφ exp

(
− 1

kT

∫
dDx (H̃ + Jφ)

)
(13)

¶·¥¢· Ð ¥É¸Ö ¢ ¶·µ¨§¢µ¤ÖÐ¨° ËÊ´±Í¨µ´ ² ¤²Ö ±¢ ´Éµ¢ÒÌ ËÊ´±Í¨° ƒ·¨´ 

Z[J ] =
∫

Dφ exp

(
−1

�

∫
dDx (L + Jφ)

)
(14)

¶µ¸²¥ ¢§ÖÉ¨Ö £ Ê¸¸µ¢¸±µ£µ ¨´É¥£· ²  ¶µ π. ‡ ³¥É¨³, ÎÉµ £µ²µ£· Ë¨Î¥¸±µ¥
µÉµ¡· ¦¥´¨¥ ± ·É¨´Ò ¢ Éµ²Ð¥ MD+1 ´  Ô±· ´Ò, É.¥. ¸¥Î¥´¨Ö MD+1 ¢ ¶·µ-
¨§¢µ²Ó´Ò¥ ³µ³¥´ÉÒ ¢·¥³¥´¨, µ¡¥¸¶¥Î¨¢ ¥É¸Ö É¥µ·¥³µ° ‹¨Ê¢¨²²Ö. „¥°¸É¢¨-
É¥²Ó´µ, ÌµÉÖ φ(x, t) ¨ π(x, t) Ô¢µ²ÕÍ¨µ´¨·ÊÕÉ ¢µ ¢·¥³¥´¨ t, Ô²¥³¥´É Ë §µ¢µ£µ
µ¡Ñ¥³  DπDφ,   ¢³¥¸É¥ ¸ ´¨³ ¨ Z ´¥ § ¢¨¸ÖÉ µÉ t. (� ¤·Ê£¨Ì, ´ ¶·¨³¥· ± -
²¨¡·µ¢µÎ´ÒÌ, ¸¨¸É¥³ Ì ¸³. ¢ [62].)

’ ±¨³ µ¡· §µ³, ¡¥¸¸³Ò¸²¥´´µ ¸¶· Ï¨¢ ÉÓ: ± ±µ¢ ¤ ´´Ò° ³¨· Å ±² ¸-
¸¨Î¥¸±¨° ¨²¨ ±¢ ´Éµ¢Ò°? �´ ¨ ±² ¸¸¨Î¥¸±¨°, ¨ ±¢ ´Éµ¢Ò°, ´µ ÔÉ¨ ¤¢  ²¨± 
µÉ´µ¸ÖÉ¸Ö ± ¶·µ¸É· ´¸É¢ ³ ¸µ¶·¥¤¥²Ó´µ° · §³¥·´µ¸É¨∗. —Éµ¡Ò µÌ · ±É¥·¨§µ-
¢ ÉÓ ³¨·, ¸²¥¤Ê¥É ¶·µ¸Éµ Ê± § ÉÓ §´ Î¥´¨¥ D. � ¶·¨³¥·, ¶·¨¶¨¸Ò¢ Ö Ô²¥±-
É·µ³ £´¨É´µ³Ê ³¨·Ê §´ Î¥´¨¥ D = 4, ³Ò ¨³¥¥³ ¢ ¢¨¤Ê, ÎÉµ µ´ µ¶¨¸Ò¢ ¥É¸Ö

∗ˆ´É¥·¥¸´µ ¸· ¢´¨ÉÓ ÔÉµÉ ¢Ò¢µ¤ ¸ ¶µ§¨Í¨¥° 'É •µµËÉ , ¸Ëµ·³Ê²¨·µ¢ ´´µ° ´¥¤ ¢´µ [63]
¢ ¸¢Ö§¨ ¸ £µ²µ£· Ë¨Î¥¸±¨³ ¶·¨´Í¨¶µ³: ®‚ ´ Ï¥° É¥µ·¨¨ ±¢ ´Éµ¢Ò¥ ¸µ¸ÉµÖ´¨Ö ´¥ Ö¢²ÖÕÉ¸Ö
¶¥·¢¨Î´Ò³¨ ¸É¥¶¥´Ö³¨ ¸¢µ¡µ¤Ò. �¥·¢¨Î´Ò³¨ ¸É¥¶¥´Ö³¨ ¸¢µ¡µ¤Ò Ö¢²ÖÕÉ¸Ö ¤¥É¥·³¨´¨¸É¨Î¥¸±¨¥
¸µ¸ÉµÖ´¨Ö¯.
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²¨¡µ Î¥ÉÒ·¥Ì³¥·´µ° ±¢ ´Éµ¢µ° Ô²¥±É·µ¤¨´ ³¨±µ°, ²¨¡µ ¶ÖÉ¨³¥·´µ° ±² ¸¸¨-
Î¥¸±µ° Ô²¥±É·µ¤¨´ ³¨±µ°.

H  ¶·µÍ¥¤Ê·Ê ±¢ ´Éµ¢ ´¨Ö ³µ¦´µ ¸³µÉ·¥ÉÓ ± ± ´  ¸³¥Ð¥´¨¥ ³¥¸É  ¤¥°-
¸É¢¨Ö ¢ ¤·Ê£µ° ³¨·: ¢³¥¸Éµ ¨¸Ìµ¤´µ° ±² ¸¸¨Î¥¸±µ° ¸¨¸É¥³Ò ¢ D ¨§³¥·¥´¨ÖÌ
¢µ§´¨± ¥É ´µ¢ Ö ±² ¸¸¨Î¥¸± Ö ¸¨¸É¥³  ¢ D+1 ¨§³¥·¥´¨ÖÌ. Š ± ¨§¢¥¸É´µ, ¸¨³-
³¥É·¨¨ ¤¥°¸É¢¨Ö ¨´µ£¤  ¡Ò¢ ÕÉ ÎÊ¢¸É¢¨É¥²Ó´Ò ± · §³¥·´µ¸É¨ ¶·µ¸É· ´¸É¢ -
¢·¥³¥´¨; ´¥±µÉµ·Ò¥ ¨§ ´¨Ì ³µ£ÊÉ ·¥ ²¨§µ¢ ÉÓ¸Ö ²¨ÏÓ ¶·¨ ¢Ò¤¥²¥´´µ³ §´ Î¥-
´¨¨ D�, ¤·Ê£¨¥ Éµ²Ó±µ ¶·¨ Î¥É´ÒÌ D = 2n. ‘ ¤·Ê£µ° ¸Éµ·µ´Ò, ¥¸²¨ § ¤ ´ 
±¢ ´Éµ¢ ´´ Ö D�-³¥·´ Ö É¥µ·¨Ö, Éµ ³Ò Ë ±É¨Î¥¸±¨ ¨³¥¥³ ¤¥²µ ¸ £µ²µ£· Ë¨-
Î¥¸±¨³ µ¡· §µ³ ±² ¸¸¨Î¥¸±µ° D�+1-³¥·´µ° É¥µ·¨¨, £¤¥ ÔÉa ¸¨³³¥É·¨Ö Ö¢´µ
µÉ¸ÊÉ¸É¢Ê¥É. ‚ ÔÉµ³ ¶·¨Î¨´  ¶µ·Î¨ ¸¨³³¥É·¨¨ µÉ ±¢ ´Éµ¢ ´¨Ö, ¨§¢¥¸É´µ°
¶µ¤ ´ §¢ ´¨¥³ ®±¢ ´Éµ¢ Ö  ´µ³ ²¨Ö¯. ’ ± Ö ¶µ·Î  ¸¢Ö§ ´  ¸ É¥³, ÎÉµ Ê ¤¢ÊÌ
¸· ¢´¨¢ ¥³ÒÌ ±² ¸¸¨Î¥¸±¨Ì µ¶¨¸ ´¨° · §²¨Î ÕÉ¸Ö · §³¥·´µ¸É¨.

‚ µ¡Ð¥³ ¸²ÊÎ ¥ �””-¤Ê ²¨§³ ´¥ µ§´ Î ¥É, ÎÉµ D + 1-³¥·´ Ö ±² ¸¸¨Î¥-
¸± Ö É¥µ·¨Ö Ô±¢¨¢ ²¥´É´  ¥¥ D-³¥·´µ³Ê ±¢ ´Éµ¢µ³Ê ¶ ·É´¥·Ê. ‚µ-¶¥·¢ÒÌ,
· ¢¥´¸É¢µ Z = Z, ¸É·µ£µ £µ¢µ·Ö, ´e ¨³¥¥É ¸³Ò¸²  ¨§-§  Ê²ÓÉ· Ë¨µ²¥Éµ¢ÒÌ
· ¸Ìµ¤¨³µ¸É¥°. ‚¢¨¤Ê · §²¨Î¨Ö ±² ¸¸¨Î¥¸±¨Ì ¨ ±¢ ´Éµ¢ÒÌ · ¸Ìµ¤¨³µ¸É¥°,
¶¥·¥´µ·³¨·µ¢ ´´Òe ¢Ò· ¦¥´¨Ö ¤²Ö Z ¨ Z ³µ£ÊÉ ¡ÒÉÓ ´¥ · ¢´Ò³¨. �É¸Õ¤ 
¸²¥¤Ê¥É ´¥¢µ§³µ¦´µ¸ÉÓ ¶µ²ÊÎ¨ÉÓ ±µÔËË¨Í¨¥´ÉÒ ±¢ ´Éµ¢ÒÌ  ´µ³ ²¨° ¶·Ö³Ò³
¸· ¢´¥´¨¥³ ±² ¸¸¨Î¥¸±¨Ì ¤¥°¸É¢¨° ¢ ¸µ¶·¥¤¥²Ó´ÒÌ · §³¥·´µ¸ÉÖÌ. MÒ Ê¢¨-
¤¨³, ÎÉµ ÔÉ¨³ ¦¥ µ¡ÑÖ¸´Ö¥É¸Ö  ´µ³ ²¨Ö µ¡· É¨³µ¸É¨, ¸¢Ö§ ´´ Ö ¸ ´ ·ÊÏ¥-
´¨¥³ ¨´¢ ·¨ ´É´µ¸É¨ ±² ¸¸¨Î¥¸±µ° É¥µ·¨¨ µÉ´µ¸¨É¥²Ó´µ µ¡· Ð¥´¨Ö ¢·¥³¥´¨
t → −t, ´µ ¶·¨ ¸µ¡²Õ¤¥´¨¨ ÔÉµ° ¸¨³³¥É·¨¨ ¢ ±¢ ´Éµ¢µ° É¥µ·¨¨.

‚µ-¢Éµ·ÒÌ, ¥¸²¨ ¡Ò £µ²µ£· Ë¨Î¥¸±µ¥ µÉµ¡· ¦¥´¨¥ ±² ¸¸¨Î¥¸±µ° ± ·É¨´Ò
´  ±¢ ´Éµ¢ÊÕ ¡Ò²µ ¢§ ¨³´µ µ¤´µ§´ Î´Ò³, Éµ ÔÉµ µ§´ Î ²µ ¡Ò, ÎÉµ µ¡· § ¸µ-
¤¥·¦¨É ´ ·ÊÏ¥´¨¥ ±² ¸¸¨Î¥¸±µ£µ ¤¥É¥·³¨´¨§³  (±µÉµ·Ò° ¢Ò· ¦ ¥É¸Ö ¢ ¥¤¨´-
¸É¢¥´´µ¸É¨ ·¥Ï¥´¨Ö § ¤ Î¨ ŠµÏ¨ ¤²Ö ±² ¸¸¨Î¥¸±¨Ì Ê· ¢´¥´¨° ¤¨´ ³¨±¨),
¸¢Ö§ ´´µ¥ ¸ ¶µÉ¥·¥° Î ¸É¨ ¨´Ëµ·³ Í¨¨ µ¡ Ô¢µ²ÕÍ¨¨ ±² ¸¸¨Î¥¸±µ° ¸¨¸É¥³Ò∗.

�¨¦¥ ³Ò ±· É±µ µ¡¸Ê¤¨³ ¢¸¥ ÔÉ¨ ¢µ¶·µ¸Ò.

6.1. Šµ´Ëµ·³´ Ö  ´µ³ ²¨Ö. �””-¤Ê ²¨§³ ¶µ³µ£ ¥É ¶µ´ÖÉÓ ¶·¨·µ¤Ê  ´µ-
³ ²¨°, ¨¡µ ³Ò ³µ¦¥³ É¥¶¥·Ó ´¥ ¢ÒÌµ¤¨ÉÓ §  ¶·¥¤¥²Ò ±² ¸¸¨Î¥¸±µ£µ µ¶¨¸ -
´¨Ö. � ¸¸³µÉ·¨³, ´ ¶·¨³¥·, ±µ´Ëµ·³´ÊÕ  ´µ³ ²¨Õ ¢ É¥µ·¨¨ Ÿ´£ ÄŒ¨²²¸ .
Šµ´Ëµ·³´Ò¥ ¨´Ë¨´¨Ée§¨³ ²Ó´Ò¥ ¶·¥µ¡· §µ¢ ´¨Ö ³¥É·¨±¨

gµν → e2ε gµν (15)

∗ˆ³¥´´µ ¶·µ¡²¥³  ¶µÉ¥·¨ ¨´Ëµ·³ Í¨¨ ¶µ¡Ê¤¨²  'É •µµËÉ  Ê¸µ³´¨ÉÓ¸Ö ¢ ËÊ´¤ ³¥´É ²Ó-
´µ¸É¨ ±¢ ´Éµ¢µ£µ µ¶¨¸ ´¨Ö ¨ ¶·¥¤¶µ²µ¦¨ÉÓ [63]: ®�µ¸±µ²Ó±Ê ´  ²µ± ²Ó´µ³ Ê·µ¢´¥ ¨´Ëµ·³ Í¨Ö
¢ ÔÉ¨Ì (±² ¸¸¨Î¥¸±¨Ì) ¸µ¸ÉµÖ´¨ÖÌ ´¥ ¸µÌ· ´Ö¥É¸Ö, ¸µ¸ÉµÖ´¨Ö ±µ³¡¨´¨·ÊÕÉ¸Ö ¢ ±² ¸¸Ò Ô±¢¨¢ -
²¥´É´µ¸É¨. �µ ¶µ¸É·µ¥´¨Õ ¨´Ëµ·³ Í¨Ö, ¸ ¶µ³µÐÓÕ ±µÉµ·µ° · §²¨Î ÕÉ¸Ö · §´Ò¥ ±² ¸¸Ò Ô±¢¨¢ -
²¥´É´µ¸É¨,  ¡¸µ²ÕÉ´µ ¸µÌ· ´Ö¥É¸Ö. Š¢ ´Éµ¢Ò¥ ¸µ¸ÉµÖ´¨Ö Ö¢²ÖÕÉ¸Ö ±² ¸¸ ³¨ Ô±¢¨¢ ²¥´É´µ¸É¨¯.
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¶µ·µ¦¤ ÕÉ ¸µµÉ¢¥É¸É¢ÊÕÐ¨° ´¥É¥·µ¢¸±¨° Éµ± Å É¥´§µ· Ô´¥·£¨¨-¨³¶Ê²Ó¸ 

Θµν =
2√−g

δ

δgµν

√
−gL, (16)

¶·¨Î¥³ É¥µ·¨Ö ±µ´Ëµ·³´µ-¨´¢ ·¨ ´É´ , ¥¸²¨ δS = 2ε gµνΘµν = 0, É.¥.

Θµ
µ = 0. (17)

‘ ¶µ³µÐÓÕ (16) ´ Ìµ¤¨³, ÎÉµ ¢ D +1-³¥·´µ° É¥µ·¨¨ Ÿ´£ ÄŒ¨²²¸  ¸ ² £· ´-
¦¨ ´µ³

L = − 1
4ΩD−1α

tr FαβFαβ

Θµν § ¶¨¸Ò¢ ¥É¸Ö ¢ ¢¨¤¥

Θµν =
1

ΩD−1α
tr
(

FµαF ν
α +

1
4

ηµνFαβFαβ

)
. (18)

‡¤¥¸Ó ΩD−1 ¥¸ÉÓ ¶²µÐ ¤Ó D − 1-³¥·´µ° ¸Ë¥·Ò ¥¤¨´¨Î´µ£µ · ¤¨Ê¸ . ˆ§ (18)
¢¨¤´µ, ÎÉµ Ê¸²µ¢¨¥ (17) ¢Ò¶µ²´Ö¥É¸Ö ²¨ÏÓ ¶·¨ D + 1 = 4. “· ¢´¥´¨Ö Ÿ´£ Ä
Œ¨²²¸  ¨´¢ ·¨ ´É´Ò µÉ´µ¸¨É¥²Ó´µ ¶·¥µ¡· §µ¢ ´¨° (15) Éµ²Ó±µ ¢ Î¥ÉÒ·¥Ì-
³¥·´µ³ ¶·µ¸É· ´¸É¢¥-¢·¥³¥´¨. �Éµ ¸µ£² ¸Ê¥É¸Ö ¸ ³ ¸ÏÉ ¡´µ° ¨´¢ ·¨ ´É´µ-
¸ÉÓÕ É¥µ·¨¨, ¢µ¶²µÐ¥´´µ° ¢ Éµ³ Ë ±É¥, ÎÉµ ¶·¨ D + 1 = 4 ±µ´¸É ´É  ¸¢Ö§¨
α ¡¥§· §³¥·´ .

‘ ÊÎ¥Éµ³ £µ²µ£· Ë¨Î¥¸±µ£µ ¶·¨´Í¨¶  ±¢ ´Éµ¢ ´¨¥ 4D-±² ¸¸¨Î¥¸±µ° É¥µ-
·¨¨ Ÿ´£ ÄŒ¨²²¸  ¶·¨¢µ¤¨É ± 5D-±² ¸¸¨Î¥¸±µ° É¥µ·¨¨ Ÿ´£ ÄŒ¨²²¸ , ¢ ±µ-
Éµ·µ° ±µ´Ëµ·³´ Ö ¨´¢ ·¨ ´É´µ¸ÉÓ µÉ¸ÊÉ¸É¢Ê¥É, Θµ

µ �= 0. ’ ± ¢µ§´¨± ¥É
±µ´Ëµ·³´ Ö  ´µ³ ²¨Ö.

’¥Ì´¨Î¥¸±¨ ±µ´Ëµ·³´ Ö ¨´¢ ·¨ ´É´µ¸ÉÓ ±¢ ´Éµ¢µ° É¥µ·¨¨ ¶µ²Ö ´ ·ÊÏa-
¥É¸Ö µÉ ¢¢¥¤¥´¨Ö ³ ¸ÏÉ ¡  ³ ¸¸ µ ¢ ÉµÎ±¥ ´µ·³¨·µ¢±¨ § ·Ö¤ . �Éµ Ö¢²¥´¨¥
´µ¸¨É ´ §¢ ´¨¥ · §³¥·´µ° É· ´¸³ÊÉ Í¨¨ [64]. B 3D-±¢ ´Éµ¢µ° É¥µ·¨¨ Ÿ´£ Ä
Œ¨²²¸  · §³¥·´ Ö É· ´¸³ÊÉ Í¨Ö µÉ¸ÊÉ¸É¢Ê¥É, Î¥³ µ¡¥¸¶¥Î¨¢ ¥É¸Ö ±µ´Ëµ·³´ Ö
¨´¢ ·¨ ´É´µ¸ÉÓ ¤Ê ²Ó´µ° 4D-±² ¸¸¨Î¥¸±µ° É¥µ·¨¨. �µÎ¥³Ê ÔÉµ ¶·µ¨¸Ìµ¤¨É?
�¨¦¥ ³Ò Ê¢¨¤¨³, ÎÉµ ¢ 3D-±¢ ´Éµ¢µ° É¥µ·¨¨ ¶µ²Ö·¨§ Í¨Ö ¢ ±ÊÊ³  ¸² ¡ Ö,
§¤¥¸Ó ´¥ É·¥¡Ê¥É¸Ö ¡¥¸±µ´¥Î´µ° ¶¥·¥´µ·³¨·µ¢±¨ α, ¨ ´¥µ¡Ìµ¤¨³µ¸ÉÓ ¢¢¥¤¥´¨Ö
´µ·³¨·µ¢µÎ´µ£µ ¶ · ³¥É·  µ µÉ¶ ¤ ¥É.

—Éµ ± ¸ ¥É¸Ö 4D-±¢ ´Éµ¢µ° É¥µ·¨¨, Éµ §¤¥¸Ó ÔËË¥±ÉÒ ¶µ²Ö·¨§ Í¨¨ ¢ -
±ÊÊ³  ¸ÊÐ¥¸É¢¥´´Ò, ¶µÔÉµ³Ê α ¶·¥¢· Ð ¥É¸Ö ¢ ®¡¥£ÊÐÊÕ¯ ±µ´¸É ´ÉÊ ¸¢Ö§¨
α(q2/µ2), § ¢¨¸ÖÐÊÕ µÉ ±¢ ¤· É  ¶¥·¥¤ ´´µ£µ ¨³¶Ê²Ó¸  q2. ‘²¥¤ É¥´§µ· 
Ô´¥·£¨¨-¨³¶Ê²Ó¸ 

Θµ
µ =

2gµν

α2

∂α

∂gµν

1
16π

tr F 2 =
1
8π

β(α)
α2

trF 2 (19)
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¢Ò· ¦ ¥É¸Ö Î¥·¥§ ËÊ´±Í¨Õ ƒ¥²²-Œ ´´ Ä‹µÊ β ≡ ∂α/∂ log q2. ‡¤¥¸Ó ±µÔË-
Ë¨Í¨¥´É ¶·¨ tr F 2 § ¢¨¸¨É µÉ q2, ¢ µÉ²¨Î¨¥ µÉ ±µÔËË¨Í¨¥´É  ¢ ´ ¨¢´µ³
¢Ò· ¦¥´¨¨

Θµ
µ =

1
8π2α

trF 2, (20)

±µÉµ·µ¥ ¸²¥¤Ê¥É ¨§ ±² ¸¸¨Î¥¸±µ£µ 5D-Ö´£-³¨²²¸µ¢¸±µ£µ ¤¥°¸É¢¨Ö. ’ ±¨³
µ¡· §µ³, £µ²µ£· Ë¨Î¥¸±¨° ¶·¨´Í¨¶ ± Î¥¸É¢¥´´µ µ¡ÑÖ¸´Ö¥É § ¢¨¸¨³µ¸ÉÓ
Θµ

µ ∝ trF 2, µ¤´ ±µ ÉµÎ´Ò° ±µÔËË¨Í¨¥´É ¢Ò· ¦¥´¨Ö (19) ´¥ ¢µ¸¶·µ¨§¢µ-
¤¨É¸Ö.

6.2. �¥µ¡· É¨³µ¸ÉÓ. � ·ÊÏ¥´¨¥ �””-Ô±¢¨¢ ²¥´É´µ¸É¨ ¶µ¸²¥ ¡¥¸±µ´¥Î-
´µ° ¶¥·¥´µ·³¨·µ¢±¨ ³µ¦¥É É ±¦¥ É· ±Éµ¢ ÉÓ¸Ö ± ± · §´µ¢¨¤´µ¸ÉÓ  ´µ³ ²¨¨.
‚ ± Î¥¸É¢¥ ¶·¨³¥·  · ¸¸³µÉ·¨³ ´ ·ÊÏ¥´¨¥ µ¡· É¨³µ¸É¨ ¢ ±² ¸¸¨Î¥¸±µ° ± ·-
É¨´¥, ±µÉµ·oe, µ¤´ ±µ, ´¥ ¸µ¶·µ¢µ¦¤ ¥É¸Ö ´ ·ÊÏ¥´¨¥³ µ¡· É¨³µ¸É¨ ¢ ¤Ê ²Ó-
´µ° ±¢ ´Éµ¢µ° ± ·É¨´¥. Kµ´±·¥É´µ µ¡· É¨³¸Ö ± D-³¥·´µ° ±¢ ´Éµ¢µ° ¸± ²Ö·-
´µ° Ô²¥±É·µ¤¨´ ³¨±¥, Ì · ±É¥·¨§Ê¥³µ° ² £· ´¦¨ ´µ³

L = (∂µ + ig0A
µ)φ (∂µ − ig0Aµ)φ̄ − m2

0φ φ̄ − λ0

4
(φ φ̄)2 − 1

4ΩD−2
FµνFµν .

(21)

‚ ¤Ê ²Ó´µ³ D + 1-³¥·´µ³ ±² ¸¸¨Î¥¸±µ³ ³¨·¥ ¸± ²Ö·´µ¥ ¶µ²¥ φ ³µ-
¦¥É · cc³ É·¨¢ ÉÓ¸Ö ± ± ² £· ´¦¥¢¸± Ö ±µµ·¤¨´ É  ´¥¶·¥·Ò¢´µ° § ·Ö¦¥´-
´µ° ¸·¥¤Ò, ±µÉµ· Ö Ô¢µ²ÕÍ¨µ´¨·Ê¥É ¢µ ¢·¥³¥´¨ t = xD+1. �¤´ ±µ É ± Ö
³µ¤¥²Ó ´¥Ê¤µ¡´  ¤²Ö  ´ ²¨§  Ê²ÓÉ· Ë¨µ²¥Éµ¢ÒÌ ¸¢µ°¸É¢, ¨ ³Ò µ¡¸Ê¤¨³ ¥¥
¤¨¸±·¥É´Ò°  ´ ²µ£ Å ¸¨¸É¥³Ê ¸ µÎ¥´Ó ¡µ²ÓÏ¨³ Î¨¸²µ³ (¸É·µ£µ £µ¢µ·Ö, ∞D)
ÉµÎ¥Î´ÒÌ § ·Ö¦¥´´ÒÌ Î ¸É¨Í. �·¥¤¶µ²µ¦¨³, ÎÉµ ¤¥°¸É¢¨¥ ¤²Ö ±² ¸¸¨Î¥¸±µ°
Î ¸É¨ÍÒ, ¢§ ¨³µ¤¥°¸É¢ÊÕÐ¥° ¸ Ô²¥±É·µ³ £´¨É´Ò³ ¶µ²¥³, § ¶¨¸Ò¢ ¥É¸Ö µ¡ÒÎ-
´Ò³ µ¡· §µ³:

S = −
∫

dτ (m0

√
v · v + g v · A), (22)

£¤¥ vµ ≡ żµ ≡ dzµ/dτ ¥¸ÉÓ D + 1-¸±µ·µ¸ÉÓ Î ¸É¨ÍÒ, a τ Å ¸µ¡¸É¢¥´´µ¥
¢·¥³Ö.

‘¢µ°¸É¢  ¤Ê ²Ó´ÒÌ �””-¶ ·, ¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì ´¥¸±µ²Ó±¨³ §´ Î¥´¨Ö³
D, ¸Ê³³¨·µ¢ ´Ò ¢ É ¡². 1. C Ê¢¥²¨Î¥´¨¥³ D cÉ¥¶¥´Ó · ¸Ìµ¤¨³µ¸É¥° · ¸É¥É,
¶µÔÉµ³Ê ¤Ê ²¨§³ ¤µ²¦e´ ¶µ·É¨ÉÓ¸Ö ¢¸¥ ¸¨²Ó´¥¥, ¢¶²µÉÓ ¤µ ¥£µ ¶µ²´µ£µ · §-
·ÊÏ¥´¨Ö ¶·¨ D ≥ 4. �·µ±µ³³¥´É¨·Ê¥³ ¸´ Î ²  ¸É·µ±Ê ®“²ÓÉ· Ë¨µ²¥Éµ¢o¥
¶µ¢¥¤¥´¨¥¯, £¤¥ ·¥ÎÓ ¨¤¥É µ § ¢¨¸¨³µ¸É¨ Ë¨§¨Î¥¸±¨Ì ¢¥²¨Î¨´ µÉ ¨³¶Ê²Ó¸a
Ê²ÓÉ· Ë¨µ²¥Éµ¢o£µ µ¡·¥§ ´¨Ö Λ. ‘·¥¤¨ D + 1-³¥·´ÒÌ ±² ¸¸¨Î¥¸±¨Ì ¢¥²¨-
Î¨´ µÉ Λ ³µ¦¥É § ¢¨¸¥ÉÓ Éµ²Ó±µ ¢¥±Éµ· Ô´¥·£¨¨-¨³¶Ê²Ó¸  Ô²¥±É·µ³ £´¨É´µ£µ
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’ ¡²¨Í  1. „Ê ²Ó´µ¸É¨ ¢ ¸± ²Ö·´µ° Ô²¥±É·µ¤¨´ ³¨±¥

P §³¥·´µ¸ÉÓ ¶·µ¸É· ´¸É¢ -¢·¥³¥´¨ ¢ ±¢ ´Éµ¢µ° ± ·É¨´¥

D = 1 D = 2 D = 3 D = 4

„Ê ²Ó´Ò¥ �””-¶ ·Ò

1Dquant Ä 2Dclass 2Dquant Ä 3Dclass 3Dquant Ä 4Dclass 4Dquant Ä 5Dclass

“²ÓÉ· Ë¨µ²¥Éµ¢o¥ ¶µ¢¥¤¥´¨¥

Λ0 Λ0 log Λ log Λ Λ Λ Λ2, log Λ Λ2 , log Λ

�¥·¥´µ·³¨·Ê¥³µ¸ÉÓ

’¥µ·¨Ö ’¥µ·¨Ö ‘Ê¶¥·- �¥·¥- ‘Ê¶¥·- �¥·¥- �¥·¥- �¥¶¥·¥-
±µ´¥Î´  ±µ´¥Î´  ¶¥·¥´µ·³. ´µ·³¨·. ¶¥·¥´µ·³. ´µ·³¨·. ´µ·³¨·. ´µ·³¨·.

�¡· É¨³µ¸ÉÓ ± ·É¨´Ò ¢µ ¢·¥³¥´¨

‘µ¡²Õ¤. ‘µ¡²Õ¤. ‘µ¡²Õ¤. ‘µ¡²Õ¤. ‘µ¡²Õ¤. ‘² ¡µ ‘µ¡²Õ¤. ’µ¶µ²µ£.
´ ·ÊÏ. ´ ·ÊÏ.

¶µ²Ö∗, ¶µ·µ¦¤ ¥³µ£µ ÉµÎ¥Î´µ° Î ¸É¨Í¥°,

Pµ =
∫

dσν Θµν , (23)

£¤¥ ¨´É¥£·¨·µ¢ ´¨¥ ¢¥¤¥É¸Ö ¶µ D-³¥·´µ° ¶·µ¸É· ´¸É¢¥´´µ¶µ¤µ¡´µ° £¨¶¥·¶µ-
¢¥·Ì´µ¸É¨. ‚ ¸É É¨Î¥¸±µ³ ¸²ÊÎ ¥, ±µ£¤  Ô²¥±É·µ³ £´¨É´µ¥ ¶µ²¥ ³µ¦´µ oÌ -
· ±É¥·¨§µ¢ ÉÓ ¶µÉ¥´Í¨ ²µ³ ϕ, Ê¤µ¢²¥É¢µ·ÖÕÐ¨³ Ê· ¢´¥´¨Õ �Ê ¸¸µ´ 

∆ϕ(x) = −ΩD−1 ρ(x), (24)

£¤¥

ρ(x) = g δD(x), (25)

¨³¥¥³

ϕ(x) = g

{
|x|2−D, D �= 2,

log |x|, D = 2.
(26)

ˆ§ (25) ¨ (26) ¸ ÊÎ¥Éµ³ ¢Ò· ¦¥´¨Ö ¤²Ö ¸µ¡¸É¢¥´´µ° Ô´¥·£¨¨ ¢ ¸É É¨Î¥¸±µ³
¸²ÊÎ ¥

δm =
1
2

∫
dDx ρ(x)ϕ(x) =

1
2

g2ϕ(0) (27)

¶µ²ÊÎ ÕÉ¸Ö £² ¢´Ò¥ § ¢¨¸¨³µ¸É¨ µÉ Λ, Ê± § ´´Ò¥ ¢ É ¡². 1.

∗Œµ³¥´É ¨³¶Ê²Ó¸  ¨³¥¥É  ´ ²µ£¨Î´µ¥ Ê²ÓÉ· Ë¨µ²¥Éµ¢µ¥ ¶µ¢¥¤¥´¨¥.
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�·¨ ³ ²µ³ µÉ±²µ´¥´¨¨ µÉ ¸É É¨Î´µ¸É¨ ¢Ò· ¦¥´¨¥ (23) ³µ¦´µ § ¶¨¸ ÉÓ
¢ ¢¨¤¥

Pµ = c1 vµ + c2 v̇µ + c3 v̈µ + . . . , (28)

£¤¥ ¢¥²¨Î¨´Ò vµ, v̇µ ¨ É.¶. µÉ´µ¸ÖÉ¸Ö ± ÉµÎ¥Î´µ³Ê ¨¸ÉµÎ´¨±Ê ¶µ²Ö ¢ ¤ ´´Ò°
³µ³¥´É. �Î¥¢¨¤´µ, ÎÉµ c1 = δm. ˆ§ ¸µµ¡· ¦¥´¨° · §³¥·´µ¸É¨ ´ Ìµ¤¨³
É ±¦¥, ÎÉµ ci/ci+1 ∼ Λ.

� Î´¥³ ¸ 5Dclass. �µ¸±µ²Ó±Ê ¨´É¥£·¨·µ¢ ´¨¥ ¢ (23) ¢¥¤¥É¸Ö ¶µ Î¥ÉÒ·¥Ì-
³¥·´µ° £¨¶¥·¶µ¢¥·Ì´µ¸É¨, µÉ²¨Î´Ò³¨ µÉ ´Ê²Ö µ± §Ò¢ ÕÉ¸Ö Éµ²Ó±µ Î¥É´Ò¥
¸É¥¶¥´¨ Λ:

c1 ∼ Λ2, c2 = 0, c3 ∼ log Λ. (29)

K¢ ¤· É¨Î´ Ö · ¸Ìµ¤¨³µ¸ÉÓ ¶µ£²µÐ ¥É¸Ö ¶¥·¥´µ·³¨·µ¢±µ° ³ ¸¸Ò, ´µ ¤²Ö ¶µ-
£²µÐ¥´¨Ö ²µ£ ·¨Ë³¨Î¥¸±µ° · ¸Ìµ¤¨³µ¸É¨ ¢ ¤¥°¸É¢¨¨ (22) ´¥É ¶µ¤Ìµ¤ÖÐ¨Ì
¶ · ³¥É·µ¢, ¶µÔÉµ³Ê É¥µ·¨Ö µ± §Ò¢ ¥É¸Ö ´¥¶¥·¥´µ·³¨·Ê¥³µ°. �¥·¥´µ·³¨·Ê¥-
³µ¸ÉÓ Ê¤ ¥É¸Ö ¢µ¸¸É ´µ¢¨ÉÓ, ¥¸²¨ ± ¤¥°¸É¢¨Õ (22) ¤µ¡ ¢¨ÉÓ Î²¥´ ¸ ¢Ò¸Ï¨³¨
¶·µ¨§¢µ¤´Ò³¨ [65]:

−κ0

∫
dτ

1√
v · v

(
d

dτ

vµ

√
v · v

)2

. (30)

—Éµ ± ¸ ¥É¸Ö D-³¥·´ÒÌ ±¢ ´Éµ¢ÒÌ ¢¥²¨Î¨´, Éµ ± µ¡¸Ê¦¤ ¥³µ³Ê ¶·¥¤³¥ÉÊ
¨³¥ÕÉ µÉ´µÏ¥´¨¥ ¶µ²Ö·¨§ Í¨µ´´Ò° µ¶¥· Éµ· Πµν , ¸µ¡¸É¢¥´´ Ö Ô´¥·£¨Ö Σ ¨
¸ ³µ¤¥°¸É¢¨¥ Υ, µ¤´µ¶¥É²¥¢Ò¥ ¤¨ £· ³³Ò ±µÉµ·ÒÌ ¨§µ¡· ¦¥´Ò ´  ·¨¸. 4.

�¨¸. 4. �¤´µ¶¥É²¥¢Ò¥ ¤¨ £· ³³Ò ¸± ²Ö·´µ° Š�„

(� ¸¸¥Ö´¨¥ ¸¢¥É  ´  ¸¢¥É¥, ¨³¥ÕÐ¥¥ ¡µ²¥¥ ³Ö£±µ¥ Ê²ÓÉ· Ë¨µ²¥Éµ¢µ¥ ¶µ¢¥-
¤¥´¨¥, §¤¥¸Ó ´¥ ¸ÊÐ¥¸É¢¥´´µ.) �·¨ ¨¸¶µ²Ó§µ¢ ´¨¨ ± ²¨¡·µ¢µÎ´µ-¨´¢ ·¨ ´É-
´µ° ·¥£Ê²Ö·¨§ Í¨¨ Πµν ¶·¥¤¸É ¢²Ö¥É¸Ö ¢ ¢¨¤¥ Πµν(q) = (q2ηµν − qµqν)Π(q2).
‘²¥¤ÊÖ Ô²¥³¥´É ·´Ò³ ¶· ¢¨² ³ ¤¨ £· ³³´µ° É¥Ì´¨±¨, ´ Ìµ¤¨³

Σ ∼
∫

dDk

k2
, Π ∼

∫
dDk

(k2)2
, Υ ∼

∫
dDk

(k2)2
,



938 KO‘ŸŠ�‚ �.�.

µÉ±Ê¤ 

Σ ∼
{

ΛD−2, D �= 2,

log Λ, D = 2,
Π ∼

{
ΛD−4, D �= 4,

log Λ, D = 4,
Υ ∼

{
ΛD−4, D �= 4,

log Λ, D = 4.

(31)

‘· ¢´¥´¨¥ (26)Ä(27) ¨ (29) ¸ (31) ¶µ± §Ò¢ ¥É, ÎÉµ ¢ 5Dclass-É¥µ·¨¨ · ¸-
Ìµ¤¨³µ¸É¨ É ±¨¥ ¦¥, ± ± ¨ ¢ 4Dquant-É¥µ·¨¨. ’¥³ ´¥ ³¥´¥¥, ¶µ¸²¥¤´ÖÖ ¶¥-
·¥´µ·³¨·Ê¥³a [66], ¶µ¸±µ²Ó±Ê ¢¸¥ ¶·¨³¨É¨¢´µ · ¸Ìµ¤ÖÐ¨¥¸Ö ¤¨ £· ³³Ò ¸µ-
µÉ¢¥É¸É¢ÊÕÉ ¢¥²¨Î¨´ ³ Π, Σ ¨ Υ, ±µÉµ·Ò¥ ¶¥·¥´µ·³¨·ÊÕÉ g0, m0 ¨ λ0 ¢
² £· ´¦¨ ´¥ (21).

’ ± ± ± ¢ 4Dquant-É¥µ·¨¨ ¸É·Ê±ÉÊ·a £µ²µ£µ ² £· ´¦¨ ´  L ¨ ±µ´É·Î²¥´µ¢
µ¤´  ¨ É  ¦¥, a L ¨´¢ ·¨ ´É¥´ µÉ´µ¸¨É¥²Ó´µ µ¡· Ð¥´¨Ö ¢·¥³¥´¨ t → −t,
Éµ ¶¥·¥´µ·³¨·µ¢ ´´ Ö ±¢ ´Éµ¢ Ö ¤¨´ ³¨±  µ¡· É¨³ . Œ¥¦¤Ê É¥³ ¤Ê ²Ó´ Ö
5Dclass-É¥µ·¨Ö ´¥µ¡· É¨³  ¨§-§  ´¥¶µ¤ ¢²¥´´µ° É¥´¤¥´Í¨¨ ± ±µ²² ¶¸Ê (¥¸²¨
Éµ²Ó±µ ¤¥°¸É¢¨¥ ´¥ ³µ¤¨Ë¨Í¨·µ¢ ´µ ad hoc ¤µ¡ ¢²¥´¨¥³ Î²¥´  ¸ ¢Ò¸Ï¨³¨
¶·µ¨§¢µ¤´Ò³¨). „¥°¸É¢¨É¥²Ó´µ, ¢ ±¥¶²¥·µ¢¸±µ° § ¤ Î¥ ´¥¨§¡¥¦´µ ¶ ¤¥´¨¥
´  Í¥´É·, É ± ± ± ¶µÉ¥´Í¨ ²Ó´ Ö Ô´¥·£¨Ö U(r) = −g2/r2 ¡µ²¥¥ ¸¨´£Ê²Ö·´a,
Î¥³ Í¥´É·µ¡¥¦´Ò° Î²¥´ J/r. � ¤¥´¨¥ ´  Í¥´É· ¥¸ÉÓ ´¥µ¡· É¨³µ¥ Ö¢²¥´¨¥,
¶·¨Î¥³ ´¥µ¡· É¨³µ¸ÉÓ ¨³¥¥É Ö¢´µ Éµ¶µ²µ£¨Î¥¸±¨° Ì · ±É¥·: ¸ ³µ ´ ²¨Î¨¥
Éµ¶µ²µ£¨Î¥¸±µ£µ ¢ ·¨ ´É  Ô¢µ²ÕÍ¨¨ å4 ¨¸±²ÕÎ ¥É ¢µ§³µ¦´µ¸ÉÓ µ¡· É´µ£µ ¥³Ê
¢ ·¨ ´É  å3. � §·ÊÏ¥´¨¥ �””-¤Ê ²¨§³a 4Dquant−5Dclass ¸¢Ö§ ´µ ¸ É¥³, ÎÉµ ¢
±² ¸¸¨Î¥¸±µ³ ³¨·¥ Î ¸É¨ÍÒ ´¥ ·µ¦¤ ÕÉ¸Ö ¨ ´¥  ´´¨£¨²¨·ÊÕÉ, ¶µÔÉµ³Ê §¤¥¸Ó
´¥¢µ§³µ¦´  ¶µ²Ö·¨§ Í¨Ö ¢ ±ÊÊ³ , µÉ¢¥É¸É¢¥´´ Ö §  ¶¥·¥´µ·³¨·µ¢±Ê ±µ´¸É ´É
¸¢Ö§¨.

�¥·¥°¤¥³ ± ¸²ÊÎ Õ D = 3. ’¥¶¥·Ó Π ¨ Υ ±µ´¥Î´Ò, ¶µÔÉµ³Ê ±µ´¸É ´ÉÒ
¸¢Ö§¨ ´¥ ¶µ¤¢¥·£ ÕÉ¸Ö ¶¥·¥´µ·³¨·µ¢±¥. � ¸Ìµ¤¨³µ¸É¨ Σ ¨ δm ¶µ£²µÐ ÕÉ¸Ö
¶¥·¥´µ·³¨·µ¢±µ° ³ ¸¸Ò. ‚ ² £· ´¦¨ ´¥ ¤µ¸É ÉµÎ´µ ¶ · ³¥É·µ¢ ¤²Ö Ê¸É· ´¥-
´¨Ö ¢¸¥Ì · ¸Ìµ¤¨³µ¸É¥° ¨, ´  ¶¥·¢Ò° ¢§£²Ö¤, �””-Ô±¢¨¢ ²¥´É´µ¸ÉÓ ¸µ¡²Õ-
¤¥´ . Hµ ÔÉµ ´¥ É ±. �¥·¥´µ·³¨·µ¢±  ³ ¸¸Ò µ¸É ¢²Ö¥É ±µ´¥Î´Ò° ¸²¥¤, ±µÉµ·Ò°
¡µ²¥¥ £²Ê¡µ± ¢ ±² ¸¸¨Î¥¸±µ° ± ·É¨´¥, Î¥³ ¢ ±¢ ´Éµ¢µ°. �¥·¥´µ·³¨·µ¢ ´´ Ö
±¢ ´Éµ¢ Ö ¤¨´ ³¨±  µ¡· É¨³  ¢µ ¢·¥³¥´¨. � ¶·µÉ¨¢, ¢ ¶¥·¥´µ·³¨·µ¢ ´´µ°
±² ¸¸¨Î¥¸±µ° ¤¨´ ³¨±¥ µ¡· É¨³µ¸ÉÓ ´ ·ÊÏ¥´ . „¥°¸É¢¨É¥²Ó´µ, ±µÔËË¨Í¨-
¥´ÉÒ ci ¢ (28) ¤ ÕÉ¸Ö cµµÉ´µÏ¥´¨Ö³¨ [67]:

c1 ∼ Λ, c2 = −2
3

g2, c3 ∼ Λ−1,

oÉ±Ê¤  ¶µ²ÊÎ eÉ¸Ö ¢Ò· ¦¥´¨¥ ¤²Ö 4-¨³¶Ê²Ó¸  ®µ¤¥Éµ°¯ Î ¸É¨ÍÒ

pµ = m vµ − 2
3

g2 v̇µ (32)
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(m Å ¶¥·¥´µ·³¨·µ¢ ´´ Ö ³ ¸¸ ) ¨ Ê· ¢´¥´¨¥ ¤¢¨¦¥´¨Ö ®µ¤¥Éµ°¯ Î ¸É¨ÍÒ

m v̇µ − 2
3

g2 (v̈µ + v̇2vµ) = fµ. (33)

�Éµ Ê· ¢´¥´¨¥ ‹µ·¥´Í Ä„¨· ± , ±µÉµ·µ¥, µÎ¥¢¨¤´µ, ´¥¨´¢ ·¨ ´É´µ µÉ´µ¸¨-
É¥²Ó´µ ¶·¥µ¡· §µ¢ ´¨Ö τ → −τ . �É  ´¥µ¡· É¨³µ¸ÉÓ ¸¢Ö§ ´  ¸ ¤¨¸¸¨¶ Í¨¥°
Ô´¥·£¨¨ ¶·¨ ¨§²ÊÎ¥´¨¨ Ô²¥±É·µ³ £´¨É´ÒÌ ¢µ²´ § ·Ö¦¥´´µ° Î ¸É¨Í¥°.

�Ò²µ § É· Î¥´µ ³´µ£µ Ê¸¨²¨°, ÎÉµ¡Ò ¢Ò¢¥¸É¨ Ê· ¢´¥´¨¥ ‹µ·¥´Í Ä„¨· ± 
¨§ ´¥±µÉµ·µ£µ ² £· ´¦¨ ´ , ´µ ¶µ¶ÒÉ±¨ ´¥ Ê¢¥´Î ²¨¸Ó Ê¸¶¥Ìµ³. ‚¥·µÖÉ´µ,
£¨¡¡¸µ¢¸±µ¥ ¸·¥¤´¥¥ Z (¢ ±µ´¸É·Ê±Í¨¨ ±µÉµ·µ£µ ¨¸¶µ²Ó§Ê¥É¸Ö £ ³¨²ÓÉµ´¨ ´,
ÎÉµ, ¢ ¸¢µÕ µÎ¥·¥¤Ó, ¶µ¤· §Ê³¥¢ ¥É ´ ²¨Î¨¥ ¸µµÉ¢¥É¸É¢ÊÕÐ¥£µ ² £· ´¦¨ ´ ),
¢µµ¡Ð¥ ´¥ ¨³¥¥É µÉ´µÏ¥´¨Ö ± ¶¥·¥´µ·³¨·µ¢ ´´µ° ±² ¸¸¨Î¥¸±µ° ¤¨´ ³¨±¥,
  ¤¨¸¸¨¶ É¨¢´Ò° ¨ ´¥µ¡· É¨³Ò° Ì · ±É¥· ±² ¸¸¨Î¥¸±µ° Ô¢µ²ÕÍ¨¨ ¢ Î¥ÉÒ-
·¥Ì³¥·´µ³ ³¨·¥ ÉÐ¥É´µ µ¡ÑÖ¸´ÖÉÓ Ô·£µ¤¨Î¥¸±µ° £¨¶µÉ¥§µ° Å µ´ ¸²¥¤Ê¥É ¨§
µ¸µ¡¥´´µ¸É¥° ¸ ³µ¤¥°¸É¢¨Ö ¢ ±² ¸¸¨Î¥¸±µ° Ô²¥±É·µ¤¨´ ³¨±¥.

ˆÉ ±, µ¸µ¡¥´´µ¸ÉÓ 4Dclass-É¥µ·¨¨ ¸µ¸Éµ¨É ¢ Éµ³, ÎÉµ ¶¥·¥´µ·³¨·µ¢± 
¨§¡ ¢²Ö¥É ¥¥ µÉ ¸¨³³¥É·¨¨ µÉ´µ¸¨É¥²Ó´µ µ¡· Ð¥´¨Ö ¢·¥³¥´¨, ±µÉµ· Ö ¶·µ-
É¨¢µ·¥Î¨É ¤ ´´Ò³ ³ ±·µ¸±µ¶¨Î¥¸±µ£µ µ¶ÒÉ . ‚ ¦´µ, ÎÉµ ¨§¡ÒÉµÎ´ Ö ¸¨³-
³¥É·¨Ö ´¥ ¡Ò²  ´ ·ÊÏ¥´  §  ¸Î¥É ´¥¨´¢ ·¨ ´É´ÒÌ Î²¥´µ¢ ² £· ´¦¨ ´ , ¨¡µ
¨Ì ´ ²¨Î¨¥ ¸± § ²µ¸Ó ¡Ò ´  ¨´¢ ·¨ ´É´µ¸É¨ ±¢ ´Éµ¢µ° É¥µ·¨¨. ‘² ¡µ¥ ´ -
·ÊÏ¥´¨¥ �””-¤Ê ²¨§³a 3Dquant −4Dclass  ¤¥±¢ É´µ Ë¨§¨Î¥¸±µ° ·¥ ²Ó´µ¸É¨.
…£µ ³µ¦´µ ¸· ¢´¨ÉÓ ¶µ §´ Î¥´¨Õ ¸ ±¨· ²Ó´µ°  ´µ³ ²¨¥°, ¶µ§¢µ²ÖÕÐ¥° ¶·¥-
µ¤µ²¥ÉÓ § ¶·¥É ´  · ¸¶ ¤ π0 → 2γ, µ¡Ê¸²µ¢²¥´´Ò° ¨§¡ÒÉµÎ´µ° ¸¨³³¥É·¨¥°
¸É ´¤ ·É´µ° ³µ¤¥²¨.

‚ ¸²ÊÎ ¥ D = 2 Ê²ÓÉ· Ë¨µ²¥Éµ¢ Ö ¸¨ÉÊ Í¨Ö ± Î¥¸É¢¥´´µ É ± Ö ¦¥, ± ± ¢
¸²ÊÎ ¥ D = 3: · ¸Ìµ¤¨³µ¸É¨ Σ ¨ δm ¶µ£²µÐ ÕÉ¸Ö ¶¥·¥´µ·³¨·µ¢±µ° ³ ¸¸Ò.
�¤´ ±µ ¶¥·¥´µ·³¨·µ¢ ´´ Ö 3Dclass-¤¨´ ³¨±  µ¡· É¨³  ¢µ ¢·¥³¥´¨. „¥°¸É¢¨-
É¥²Ó´µ, c1 ∼ log Λ, ¶µÔÉµ³Ê c2 ∼ Λ−1. �Éµ µ§´ Î ¥É, ÎÉµ ¶¥·¥´µ·³¨·µ¢± 
³ ¸¸Ò ´¥ µ¸É ¢²Ö¥É ±µ´¥Î´µ£µ ¸²¥¤  ¢ 3-¨³¶Ê²Ó¸¥ ®µ¤¥Éµ°¯ Î ¸É¨ÍÒ ¨ ee ¶µ-
¢¥¤¥´¨¥³ Ê¶· ¢²Ö¥É ´¥¤¨¸¸¨¶ É¨¢´Ò° ¢Éµ·µ° § ±µ´ �ÓÕÉµ´ . ’ ±¨³ µ¡· §µ³,
¶¥·¥´µ·³¨·µ¢±  ´¥ ´ ·ÊÏ ¥É �””-¤Ê ²¨§³  2Dquant − 3Dclass.

‚ ¸²ÊÎ ¥ D = 1 Ê²ÓÉ· Ë¨µ²¥Éµ¢ÒÌ · ¸Ìµ¤¨³µ¸É¥° ´¥É ¢µµ¡Ð¥, ¢ ¸¢Ö§¨ ¸
Î¥³ �””-Ô±¢¨¢ ²¥´É´µ¸ÉÓ ´¥ ´ ·ÊÏ ¥É¸Ö. �ÉµÉ ¸²ÊÎ ° ¸Éµ¨É µ¡¸Ê¤¨ÉÓ ÎÊÉÓ
¡µ²¥¥ ¶µ¤·µ¡´µ.

6.3. ˆ´¤¥É¥·³¨´¨§³ ¢ ±² ¸¸¨Î¥¸±µ³ ³¨·¥. “²ÓÉ· Ë¨µ²¥Éµ¢Ò¥ · ¸Ìµ¤¨-
³µ¸É¨ Å ´¥ ¥¤¨´¸É¢¥´´ Ö ¶·¨Î¨´ , ¶µÎ¥³Ê �””-¤Ê ²¨§³ ´¥ Ö¢²Ö¥É¸Ö ÉµÎ´µ°
Ô±¢¨¢ ²¥´É´µ¸ÉÓÕ. „·Ê£ Ö ¶·¨Î¨´  ¸µ¸Éµ¨É ¢ Éµ³, ÎÉµ ±² ¸¸¨Î¥¸±µ¥ µ¶¨¸ ´¨¥
²¨Ï¥´µ ±¢ ´Éµ¢µ° ±µ£¥·¥´É´µ¸É¨, ¨´ Î¥ £µ¢µ·Ö, ±² ¸¸¨Î¥¸±¨° ¤¥É¥·³¨´¨§³
´¥¢µ§³µ¦´µ ¸µ£² ¸µ¢ ÉÓ ¸ ¶·¨´Í¨¶µ³ ¸Ê¶¥·¶µ§¨Í¨¨ ±¢ ´Éµ¢ÒÌ  ³¶²¨ÉÊ¤. �µ-
´ÖÉ¨¥ ¸É É¨¸É¨Î¥¸±µ° ¢¥·µÖÉ´µ¸É¨ ¢¢µ¤¨É¸Ö ¢ ±² ¸¸¨Î¥¸±ÊÕ ¸É É¨¸É¨Î¥¸±ÊÕ
³¥Ì ´¨±Ê ¨¸±Ê¸¸É¢¥´´µ, µ´µ ¢Ò· ¦ ¥É ³¥·Ê ´¥§´ ´¨Ö ¤¥É ²¥° ¤¥É¥·³¨´¨·µ-
¢ ´´µ° ± ·É¨´Ò Ô¢µ²ÕÍ¨¨, Éµ£¤  ± ±  ³¶²¨ÉÊ¤  ¢¥·µÖÉ´µ¸É¨ Ö¢²Ö¥É¸Ö ¸Ê-
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Ð¥¸É¢¥´´Ò³ Ô²¥³¥´Éµ³ ±¢ ´Éµ¢µ° É¥µ·¨¨. �·¨ µÉµ¡· ¦¥´¨¨ ±² ¸¸¨Î¥¸±µ£µ
µ¶¨¸ ´¨Ö ´  ±¢ ´Éµ¢µ¥ ¶·µ¨¸Ìµ¤¨É ¶µÉ¥·Ö ¨´Ëµ·³ Í¨¨, ³¥Ì ´¨§³ ±µÉµ·µ° ´¥
¶µ´ÖÉ¥´. ŒÒ ´ ³¥É¨³ §¤¥¸Ó ¢µ§³µ¦´Ò° ¶ÊÉÓ ·¥Ï¥´¨Ö ÔÉµ° ¶·µ¡²¥³Ò ¢ ¸²ÊÎ ¥
D = 1,   ¨³¥´´µ ¶µ± ¦¥³, ÎÉµ ¢ ¤¢Ê³¥·´µ³ ±² ¸¸¨Î¥¸±µ³ ³¨·¥ ¶µ¢¥¤¥´¨¥
Î ¸É¨Í ³µ¦¥É ¡ÒÉÓ ´¥¤¥É¥·³¨´¨·µ¢ ´´Ò³.

‡ ¶¨Ï¥³ ¤¨´ ³¨Î¥¸±¨¥ Ê· ¢´¥´¨Ö µ¡¸Ê¦¤ ¥³µ° 2Dclass-É¥µ·¨¨:

∂λFλµ(x) = 2e

2∑
a=1

∫ ∞

−∞
dτa vµ

a (τa) δ(2)
(
x − z(τa)

)
, (34)

mav̇µ
a = eava

νFµν(za). (35)

�´¨ ÉµÎ´µ ¨´É¥£·¨·Ê¥³Ò. ˆ§ ¢¨¤  ·¥Ï¥´¨° ¸²¥¤ÊÕÉ ¤¢a ¶µ· §¨É¥²Ó´Òx ¸¢µ°-
¸É¢  2Dclass-³¨· . ‚µ-¶¥·¢ÒÌ, ¢ ÔÉµ³ ³¨·¥ ´¥É ¨§²ÊÎ¥´¨Ö Ô²¥±É·µ³ £´¨É´ÒÌ
¢µ²´,   §´ Î¨É, ´¥É ¤¨¸¸¨¶ Í¨¨ Ô´¥·£¨¨ [65]. ‚¸¥ ¤¢¨¦¥´¨Ö Î ¸É¨Í µ¡· -
É¨³Ò. ‚µ-¢Éµ·ÒÌ, ´¥¸±µ²Ó±µ Î ¸É¨Í ³µ£ÊÉ ¸²¨ÉÓ¸Ö ¢ ¥¤¨´Ò°  £·¥£ É, a § É¥³,
¶µ ¶·µÏ¥¸É¢¨¨ ´¥±µÉµ·µ£µ ¢·¥³¥´¨,  £·¥£ É ¸ ³µ¶·µ¨§¢µ²Ó´µ · ¸Ð¥¶¨É¸Ö ´ 
¨¸Ìµ¤´Ò¥ µ¡Ñ¥±ÉÒ.

„²Ö ¶·µ¸ÉµÉÒ µ£· ´¨Î¨³¸Ö ¸²ÊÎ ¥³ ¤¢ÊÌ Î ¸É¨Í ¸ µ¤¨´ ±µ¢Ò³¨ ³ ¸¸ ³¨
m ¨ § ·Ö¤ ³¨ e (µ¡µ§´ Î¨³ e2/m = a) ¨ ¡Ê¤¥³ ¢¥¸É¨ · ¸¸³µÉ·¥´¨¥ ¢ ¸¨-
¸É¥³¥ Í¥´É·  ³ ¸¸. �Ê¸ÉÓ Î ¸É¨ÍÒ ¤¢¨¦ÊÉ¸Ö ´ ¢¸É·¥ÎÊ ¤·Ê£ ¤·Ê£Ê, ¶·¨Î¥³
¶µ²´ Ö Ô´¥·£¨Ö É ±µ¢ , ÎÉµ ¢ ³µ³¥´É ¢¸É·¥Î¨ ¸±µ·µ¸É¨ Î ¸É¨Í ¢ ÉµÎ´µ¸É¨
µ¡· Ð ÕÉ¸Ö ¢ ´Ê²Ó. ’µ£¤  ¸ÊÐ¥¸É¢Ê¥É ÉµÎ´µ¥ ·¥Ï¥´¨¥ Ê· ¢´¥´¨° (34) ¨ (35),
µ¶¨¸Ò¢ ÕÐ¥¥ ³¨·µ¢Ò¥ ²¨´¨¨ zµ

1 (τ) ¨ zµ
2 (τ), ±µÉµ·Ò¥ ¸²¨¢ ÕÉ¸Ö ¢ ³µ³¥´É τ∗

¨ · §Ñ¥¤¨´ÖÕÉ¸Ö ¢ ³µ³¥´É τ∗∗ = τ∗ + T :

zµ
1 (τ) =




a−1{sha(τ − τ∗), 1 − ch a(τ − τ∗)}, τ < τ∗,

{τ − τ∗, 0}, τ∗ ≤ τ < τ∗∗,

a−1{aT + sha(τ − τ∗∗), ch a(τ − τ∗∗) − 1}, τ ≥ τ∗∗,

(36)

zµ
2 (τ) =




a−1{sha(τ − τ∗), ch a(τ − τ∗) − 1}, τ < τ∗,

zµ
1 (τ), τ∗ ≤ τ < τ∗∗,

a−1{aT + sha(τ − τ∗∗), 1 − cha(τ − τ∗∗)}, τ ≥ τ∗∗
(37)

¨ § ¶ §¤Ò¢ ÕÐ¥¥ ¶µ²¥ Fµν , ¢Ò· ¦ ÕÐ¥¥¸Ö Î¥·¥§ zµ
1 (τ) ¨ zµ

2 (τ) ¢ ¢¨¤¥

Fµν(x) = e

2∑
a=1

1
ρa

(Rµ
avν

a − Rν
avµ

a ). (38)
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‡¤¥¸Ó Rµ
a ≡ xµ − zµ

aret ¥¸ÉÓ ¨§µÉ·µ¶´Ò° ¢¥±Éµ·, ¶·µ¢¥¤¥´´Ò° ¨§ ÉµÎ±¨ ¨¸¶Ê¸-
± ´¨Ö zµ

aret ´  a-° ³¨·µ¢µ° ²¨´¨¨ ¢ ÉµÎ±Ê ´ ¡²Õ¤¥´¨Ö xµ, a ρa ≡ Ra · va Å
¨´¢ ·¨ ´É´µ¥ · ¸¸ÉµÖ´¨¥ ³¥¦¤Ê xµ ¨ zµ

aret.
� · ³¥É·Ò τ∗ ¨ τ∗∗ ¶·µ¨§¢µ²Ó´Ò. …¸²¨ τ∗ ¨ τ∗∗ µÉ²¨Î´Ò ¤·Ê£ µÉ ¤·Ê£ 

¨ ±µ´¥Î´Ò, Éµ ±·¨¢Ò¥ (36) ¨ (37) ¸µµÉ¢¥É¸É¢ÊÕÉ µ¡· §µ¢ ´¨Õ  £·¥£ É  ¸ ±µ-
´¥Î´Ò³ ¢·¥³¥´¥³ ¦¨§´¨ (¢ ·¨ ´É å5). �·¨ τ∗∗ → ∞ o´¨ µ¶¨¸Ò¢ ÕÉ µ¡· §µ-
¢ ´¨e ¸É ¡¨²Ó´µ£µ, ´¨±µ£¤  ´¥ · ¸¶ ¤ ÕÐ¥£µ¸Ö  £·¥£ É  (¢ ·¨ ´É å4). �£·¥£ É,
µ¡· §µ¢ ´´Ò° ¢ ¡¥¸±µ´¥Î´µ ¤ ²¥±µ³ ¶·µÏ²µ³ ¨ · ¸¶ ¤ ÕÐ¨°¸Ö ¢ ±µ´¥Î´Ò°
³µ³¥´É ¢·¥³¥´¨ (¢ ·¨ ´É å3), ¶µ²ÊÎ ¥É¸Ö ¶·¨ τ∗ → −∞. …¸²¨ τ∗ → −∞ ¨
τ∗∗ → ∞, Éµ ±·¨¢Ò¥ ¢Ò·µ¦¤ ÕÉ¸Ö ¢ ¥¤¨´ÊÕ ¶·Ö³ÊÕ, ±µÉµ· Ö ¸µµÉ¢¥É¸É¢Ê¥É
 ¡¸µ²ÕÉ´µ ¸É ¡¨²Ó´µ³Ê  £·¥£ ÉÊ (¢ ·¨ ´É å2). �·¨ τ∗ = τ∗∗ µ´¨ µ¶¨¸Ò¢ ÕÉ
 £·¥£ É, ¸ÊÐ¥¸É¢ÊÕÐ¨° ²¨ÏÓ µ¤´µ ³£´µ¢¥´¨¥ (¢ ·¨ ´É å1). ’ ±¨³ µ¡· §µ³,
·¥Ï¥´¨¥ Ê· ¢´¥´¨° (34) ¨ (35) ¶·¨ Ê± § ´´ÒÌ ¤ ´´ÒÌ ŠµÏ¨ ´¥ ¥¤¨´¸É¢¥´´µ.
ŒÒ ¨³¥¥³ Í¥²Ò° ±µ´É¨´ÊÊ³ ·¥Ï¥´¨°, ¨¡µ ¶¥·¨µ¤ ¶·¥¡Ò¢ ´¨Ö ¢ ¸²¨Éµ³ ¸µ-
¸ÉµÖ´¨¨ T ³µ¦¥É ¢Ò· ¦ ÉÓ¸Ö ²Õ¡Ò³ ´¥µÉ·¨Í É¥²Ó´Ò³ Î¨¸²µ³. � ¸¶ ¤ ³µ¦¥É
¶·µ¨§µ°É¨ ¸µ¢¥·Ï¥´´µ ¸²ÊÎ °´µ ¢ ²Õ¡µ° ³µ³¥´É. ‡ ³¥É¨³, µ¤´ ±µ, ÎÉµ ¢ -
·¨ ´ÉÒ Ô¢µ²ÕÍ¨¨ ¸ É ±¨³¨ ¤ ´´Ò³¨ ŠµÏ¨ µ¡· §ÊÕÉ ³´µ¦¥¸É¢µ ³¥·Ò ´Ê²Ó.

ˆÉ ±, D + 1-³¥·´ Ö ±² ¸¸¨Î¥¸± Ö ± ·É¨´  ³µ¦¥É ¡ÒÉÓ Ô±¢¨¢ ²¥´É´ 
D-³¥·´µ° ±¢ ´Éµ¢µ° ± ·É¨´¥ Éµ£¤  ¨ Éµ²Ó±µ Éµ£¤ , ±µ£¤  D = 1. „¥°-
¸É¢¨É¥²Ó´µ, 1Dquant-É¥µ·¨Ö ¸¢µ¡µ¤´  µÉ Ê²ÓÉ· Ë¨µ²¥Éµ¢ÒÌ · ¸Ìµ¤¨³µ¸É¥°.
ˆ³¥´´µ ¢ ¤¢Ê³¥·´µ³ ±² ¸¸¨Î¥¸±µ³ ³¨·¥ ´¥É ¨§²ÊÎ¥´¨Ö, ¶µÔÉµ³Ê §¤¥¸Ó µÉ¸ÊÉ-
¸É¢ÊeÉ ¶·µ¡²¥³  ¤¨¸¸¨¶ Í¨¨ Ô´¥·£¨¨ ¨ ´¥É  ´µ³ ²¨¨ µ¡· É¨³µ¸É¨. ’µ²Ó±µ ¢
ÔÉµ³ ³¨·¥ § ¶ §¤Ò¢ ÕÐ¥¥ Ô²¥±É·µ³ £´¨É´µ¥ ¶µ²¥ (38) ´¥ µ¡· Ð ¥É¸Ö ¢ ¡¥¸-
±µ´¥Î´µ¸ÉÓ ´  ³¨·µ¢ÒÌ ²¨´¨ÖÌ ¨¸ÉµÎ´¨±µ¢, ¨ µ¸µ¡Ò° ¢ ·¨ ´É å4 ´¥ µ§´ Î ¥É
¶ ¤¥´¨Ö ´  Í¥´É·. ‹¨ÏÓ ÔÉµ³Ê ³¨·Ê ¶·¨¸ÊÐ¨ µ¸µ¡Ò¥ ¢ ·¨ ´ÉÒ Ô¢µ²ÕÍ¨¨,
µ¡¥¸¶¥Î¨¢ ÕÐ¨¥ ¨£·Ê ¸²ÊÎ Ö Ê¦¥ ´  ±² ¸¸¨Î¥¸±µ³ Ê·µ¢´¥ (¢ ¡µ²¥¥ ¢Ò¸µ-
±¨Ì · §³¥·´µ¸ÉÖÌ µ¸µ¡Ò¥ ¢ ·¨ ´ÉÒ Ô¢µ²ÕÍ¨¨ ²¨¡µ µ¡· §ÊÕÉ Éµ¶µ²µ£¨Î¥¸±¨
ÊÐ¥·¡´ÊÕ ± ·É¨´Ê, ²¨¡µ ¢µµ¡Ð¥ ¨¸Î¥§ ÕÉ). ’ ± ± ± Ë §µ¢Ò° µ¡Ñ¥³ É ±¨Ì
¢ ·¨ ´Éµ¢ · ¢¥´ ´Ê²Õ, Éµ µ´¨ ´¥ ¸± §Ò¢ ÕÉ¸Ö ´  ¢Ò¶µ²´¥´¨¨ É¥µ·¥³Ò ‹¨-
Ê¢¨²²Ö,   §´ Î¨É, ¶¥·¥³¥´´ Ö t ¢Ò¶ ¤ ¥É ¨§ 1Dquant-µ¶¨¸ ´¨Ö, ¢ ±µÉµ·µ³
µ¸É ¥É¸Ö ²¨ÏÓ § ¢¨¸¨³µ¸ÉÓ µÉ ¶¥·¥³¥´´µ° ix0, ¨£· ÕÐ¥° ·µ²Ó ®¥¢±²¨¤µ-
¢ ¯ ¢·¥³¥´¨. …¸²¨ ÊÎ¥¸ÉÓ, ÎÉµ ±² ¸É¥·Ò ±² ¸¸¨Î¥¸±¨Ì § ·Ö¦¥´´ÒÌ Î ¸É¨Í ¢
2Dclass-³¨·¥ ¨³¨É¨·ÊÕÉ µ¤´µ³¥·´Ò¥ µ¡Ñ¥±ÉÒ, Éµ ¸É ´µ¢¨É¸Ö Ö¸´µ, ÎÉµ ¶µ¢¥-
¤¥´¨¥ ±² ¸¸¨Î¥¸±¨Ì ¸É·Ê´ µ± §Ò¢ ¥É¸Ö § ±µ¤¨·µ¢ ´´Ò³ ¢ ¶µ¢¥¤¥´¨¨ ±¢ ´Éµ-
¢ÒÌ ÉµÎ¥Î´ÒÌ Î ¸É¨Í.

7. ‡�Š‹	—…�ˆ…

MÒ ¶µ¶ÒÉ ²¨¸Ó · §¢¨ÉÓ ¨¤¥Õ µ Éµ³, ÎÉµ ¶¥·¥´µ·³¨·Ê¥³µ¸ÉÓ ¸ Ë¨§¨Î¥-
¸±µ° ÉµÎ±¨ §·¥´¨Ö · ¢´µ§´ Î´  ±¨´¥É¨Î¥¸±µ³Ê ¶·¥µ¡² ¤ ´¨Õ. �µ¸²¥¤´¥¥
´¥µ¡Ìµ¤¨³µ, ÎÉµ¡Ò ¶µ¤ ¢¨ÉÓ É¥´¤¥´Í¨Õ ± ±µ²² ¶¸Ê. ‚ Î¥³ µ¶ ¸´µ¸ÉÓ ±µ²-



942 KO‘ŸŠ�‚ �.�.

² ¶¸ ? Š ·É¨´ , ¢ ±µÉµ·µ° ¢µ§³µ¦¥´ ±µ²² ¶¸, ´¥µ¡· É¨³  ¢µ ¢·¥³¥´¨, ¶·¨-
Î¥³ ´¥µ¡· É¨³µ¸ÉÓ ¨³¥¥É Éµ¶µ²µ£¨Î¥¸±¨° Ì · ±É¥· Å ± ·É¨´  Éµ¶µ²µ£¨Î¥¸±¨
ÊÐ¥·¡´a; ¢ ¶¥·¥¢µ¤¥ ´  Ö§Ò± ±¢ ´Éµ¢µ° ³¥Ì ´¨±¨ ¶·µ¸É· ´¸É¢   ¸¨³¶ÉµÉ¨Î¥-
¸±¨Ì ¸µ¸ÉµÖ´¨° Hin ¨ Hout µ± §Ò¢ ÕÉ¸Ö · §´Ò³¨, ¨ Ê´¨É ·´µ¸ÉÓ (¶µ ±· °´¥°
³¥·¥, ¢ · ³± Ì É¥µ·¨¨ ¢µ§³ÊÐ¥´¨°) ´ ·ÊÏ ¥É¸Ö.

MÒ µ¡¸Ê¤¨²¨ ± Î¥¸É¢¥´´Ò¥ µ¸µ¡¥´´µ¸É¨ ±µ²² ¶¸  ¨ ¢µ§³µ¦´µ¸ÉÓ ¥£µ
¶·¥¤µÉ¢· Ð¥´¨Ö ´  ¶·¨³¥·¥ ¶ ¤¥´¨Ö Î ¸É¨ÍÒ ´  Í¥´É·. „²Ö ¶·¥¤µÉ¢· Ð¥´¨Ö
¶ ¤¥´¨Ö ´  Í¥´É· ´¥µ¡Ìµ¤¨³µ ¨ ¤µ¸É ÉµÎ´µ, ÎÉµ¡Ò ¸¶¥±É· £ ³¨²ÓÉµ´¨ ´  ¡Ò²
µ£· ´¨Î¥´ ¸´¨§Ê.

‹Õ¡µ¶ÒÉ´µ, ÎÉµ £ ³¨²ÓÉµ´¨ ´ ¢ ¸Ê¶¥·¸¨³³¥É·¨Î´µ° É¥µ·¨¨ Ëµ·³ ²Ó´µ
¢¸¥£¤  ¶µ²µ¦¨É¥²¥´, ¶µ¸±µ²Ó±Ê Ô´¥·£¨Ö ´¨¦´¥£µ Ê·µ¢´Ö · ¢´  ´Ê²Õ. CÊ¶¥·-
¸¨³³¥É·¨Î´ Ö ¸¨¸É¥³  § ¢¥¤µ³µ ¨§¡ ¢²¥´  µÉ ±µ²² ¶¸ , ¥¸²¨ ee µ¸´µ¢´µ¥ ¸µ-
¸ÉµÖ´¨¥ ¸É ¡¨²Ó´µ. ‘ ¤·Ê£µ° ¸Éµ·µ´Ò, ¸Ê¶¥·¸¨³³¥É·¨Ö ¶µ§¢µ²Ö¥É ¸µ±· É¨ÉÓ
· ¸Ìµ¤¨³µ¸É¨ ¨ ¤ ¦¥ ¨´µ£¤  ¤¥² ¥É É¥µ·¨Õ ±µ´¥Î´µ°. Œµ¦´µ ¶µ¶ÒÉ ÉÓ¸Ö ¸¢Ö-
§ ÉÓ ÔÉ¨ Ë ±ÉÒ, ¶·¥¤¶µ²µ¦¨¢, ÎÉµ ¸Ê¶¥·¸¨³³¥É·¨Ö ¶¥·¥´µ¸¨É ³¥¸Éµ ¤¥°¸É¢¨Ö
¢ ³¨· ³¥´ÓÏ¥° · §³¥·´µ¸É¨, £¤¥ É¥´¤¥´Í¨Ö ± ±µ²² ¶¸Ê µ¸² ¡²Ö¥É¸Ö ¨²¨ ¸µ-
¢¸¥³ ¨¸Î¥§ ¥É. �Éµ ¶·¥¤¶µ²µ¦¥´¨¥ ±µ¸¢¥´´µ ¶µ¤É¢¥·¦¤ ÕÉ É ± ´ §Ò¢ ¥³Ò¥
É¥µ·¥³Ò µ ´¥¶¥·¥´µ·³¨·Ê¥³µ¸É¨ ¢ ¸Ê¶¥·¸¨³³¥É·¨Î´ÒÌ É¥µ·¨ÖÌ. „¥°¸É¢¨-
É¥²Ó´µ, µ¡· Ð¥´¨¥ ¢ ´Ê²Ó ±¢ ´Éµ¢ÒÌ ¶µ¶· ¢µ± ± ±µ´¸É ´É ³ ¸¢Ö§¨ µ§´ Î ¥É
±¢ §¨±² ¸¸¨Î´µ¸ÉÓ ± ·É¨´Ò (¸² ¡µ¸ÉÓ ÔËË¥±Éµ¢ ¶µ²Ö·¨§ Í¨¨ ¢ ±ÊÊ³ ), ÎÉµ
¢µ§³µ¦´µ ²¨ÏÓ ¶·¨ ¤µ¸É ÉµÎ´µ ´¨§±µ° · §³¥·´µ¸É¨.

‡ ³¥´  Ê¸²µ¢¨Ö ¶¥·¥´µ·³¨·Ê¥³µ¸É¨ Ê¸²µ¢¨¥³ ¶µ¤ ¢²Ö¥³µ¸É¨ ±µ²² ¶¸  Å
Ï £ µ¶· ¢¤ ´´Ò° ¸ ¶µ§´ ¢ É¥²Ó´µ° ÉµÎ±¨ §·¥´¨Ö. �´, ¢¥·µÖÉ´µ, ¶·¨¡²¨§¨É
´ ¸ ± · §£ ¤±¥ Éµ£µ Ê¤¨¢¨É¥²Ó´µ£µ Ë ±É , ÎÉµ É·¨ ËÊ´¤ ³¥´É ²Ó´ÒÌ ¢§ ¨³µ-
¤¥°¸É¢¨Ö µ± § ²¨¸Ó ¶¥·¥´µ·³¨·Ê¥³Ò³¨,   µ¤´µ Å ´¥¶¥·¥´µ·³¨·Ê¥³Ò³.

�¤´ ±µ ± ± Ö ¶· ±É¨Î¥¸± Ö ¶µ²Ó§  µÉ ÔÉµ° § ³¥´Ò? ˆ´ÉÊ¨É¨¢´µ¥ ¶µ´¨-
³ ´¨¥ ¶µ²¥¢µ° ¤¨´ ³¨±¨ ¶µ§¢µ²Ö¥É ¨§¡¥¦ ÉÓ ³´µ£¨Ì § ¡²Ê¦¤¥´¨°, ´¥ ¶·¨¡¥-
£ Ö ± ¸²µ¦´Ò³ ¢ÒÎ¨¸²¥´¨Ö³. � ¶·¨³¥·, ¸²µ¦¨²µ¸Ó ¸Éµ°±µ¥ Ê¡¥¦¤¥´¨¥, ¡Ê¤Éµ
¸µ¡¸É¢¥´´ Ö Ô´¥·£¨Ö δm ¢ ±² ¸¸¨Î¥¸±µ° Ô²¥±É·µ¤¨´ ³¨±¥ · ¸Ìµ¤¨É¸Ö ¸¨²Ó-
´¥¥, Î¥³ ¸µ¡¸É¢¥´´ Ö Ô´¥·£¨Ö Σ ¢ Š�„. �´µ µ¸´µ¢ ´µ ´  Éµ³, ÎÉµ ¢ ¸²ÊÎ ¥
D = 4 · ¸Ìµ¤¨³µ¸ÉÓ δm ²¨´¥°´ Ö, a · ¸Ìµ¤¨³µ¸ÉÓ Σ ²µ£ ·¨Ë³¨Î¥¸± Ö. �Éµ
¤ ²µ µ¸´µ¢ ´¨¥ ¤²Ö ¸¶¥±Ê²ÖÍ¨°, ¨¸Ìµ¤ÖÐ¨Ì ¨§ Éµ£µ, ÎÉµ ±¢ ´Éµ¢ ´¨¥ Ê²ÊÎ-
Ï ¥É Ê²ÓÉ· Ë¨µ²¥Éµ¢µ¥ ¶µ¢¥¤¥´¨¥ É¥µ·¨¨. �µ ÔÉµ Ê¡¥¦¤¥´¨¥ µÏ¨¡µÎ´µ. ‚µ-
¶¥·¢ÒÌ, ¸¢µ°¸É¢  ¡¥¸¸¶¨´µ¢µ° Î ¸É¨ÍÒ ¢ ±² ¸¸¨Î¥¸±µ° É¥µ·¨¨ ´Ê¦´µ ¸· ¢-
´¨¢ ÉÓ ¸µ ¸¢µ°¸É¢ ³¨ ¸± ²Ö·´µ£µ (  ´¥ ¸¶¨´µ·´µ£µ) ¶µ²Ö ¢ ±¢ ´Éµ¢µ° É¥µ-
·¨¨, ¶·¨ ÔÉµ³ · ¸Ìµ¤¨³µ¸ÉÓ Σ µ± §Ò¢ ¥É¸Ö ±¢ ¤· É¨Î´µ°, µÉ±Ê¤  µÎ¥¢¨¤´µ,
ÎÉµ ±¢ ´Éµ¢ ´¨¥ Éµ²Ó±µ ÊÌÊ¤Ï ¥É Ê²ÓÉ· Ë¨µ²¥Éµ¢ÊÕ ¸¨ÉÊ Í¨Õ. ‚µ-¢Éµ·ÒÌ,
D + 1-³¥·´ Ö ±² ¸¸¨Î¥¸± Ö É¥µ·¨Ö ¶µ²Ö £µ²µ£· Ë¨Î¥¸±¨ ¸¢Ö§ ´  ¸ D-³¥·´µ°
±¢ ´Éµ¢µ° É¥µ·¨¥° ¶µ²Ö ¨, ± ± ¸²¥¤Ê¥É ¨§ ¶. 6.2, ¢ É ±¨Ì ¤Ê ²Ó´o ¸¢Ö§ ´´ÒÌ
É¥µ·¨ÖÌ ¢¥²¨Î¨´Ò δm ¨ Σ · ¸Ìµ¤ÖÉ¸Ö µ¤¨´ ±µ¢µ.

„µ²£µ¥ ¢·¥³Ö ¶µ² £ ²¨, ÎÉµ, ¢¢µ¤Ö ¤¨¸±·¥É´ÊÕ ·¥Ï¥É±Ê ¢³¥¸Éµ ±µ´É¨´Ê-
 ²Ó´µ£µ ¶·µ¸É· ´¸É¢ -¢·¥³¥´¨, ³Ò  ¢Éµ³ É¨Î¥¸±¨ ¨§¡ ¢²Ö¥³¸Ö µÉ Ê²ÓÉ· Ë¨µ-
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²¥Éµ¢ÒÌ · ¸Ìµ¤¨³µ¸É¥°. ‚ 1988 £. ÔÉ  ¨²²Õ§¨Ö ¡Ò²  · §¢¥Ö´  ¸²¥¤ÊÕÐ¨³
±µ´É·¶·¨³¥·µ³ [31]. �Ê¸ÉÓ ¢ L0 ¶·µ¨§¢µ¤´Ò¥ ¸± ²Ö·´µ£µ ¨ ¤¨· ±µ¢¸±µ£µ ¶µ-
²¥° § ³¥´¥´Ò ´  ±µ´¥Î´Ò¥ · §´µ¸É¨,   LI § ¤ ´ ¢ ¢¨¤¥ LI = −λφ3 + igψ̄ψφ,
£¤¥  ·£Ê³¥´ÉÒ ¢¸¥Ì ¶µ²¥° ¸µ¢¶ ¤ ÕÉ. �¤´µ¶¥É²¥¢Ò¥ ¤¨ £· ³³Ò É ±µ° ·¥Ï¥-
ÉµÎ´µ° ³µ¤¥²¨ µ± §Ò¢ ÕÉ¸Ö · ¸Ìµ¤ÖÐ¨³¨¸Ö,   ¸ ³  ³µ¤¥²Ó Å ´¥¶¥·¥´µ·³¨-
·Ê¥³µ°!

�µ ¸Éµ¨É ¢¸¶µ³´¨ÉÓ ¶·¨´Í¨¶ ±¨´¥É¨Î¥¸±µ£µ ¶·¥µ¡² ¤ ´¨Ö, ± ± ÔÉµÉ ¢Ò-
¢µ¤ ´¥ ¶µ± ¦¥É¸Ö ¸Éµ²Ó ¸¥´¸ Í¨µ´´Ò³. „¥°¸É¢¨É¥²Ó´µ, É¥µ·¨Ö ´  ·¥Ï¥É±¥
¥¸ÉÓ Î ¸É´Ò° ¸²ÊÎ ° É¥µ·¨° ¸ ´¥²µ± ²Ó´Ò³¨ Ëµ·³Ë ±Éµ· ³¨. ‡ ¤ ¢ ±µ´¥Î-
´Ò¥ · §´µ¸É¨ χ(x + l n̂) − χ(x), ³Ò · §³ §Ò¢ ¥³ ¸¢µ¡µ¤´Ò° ² £· ´¦¨ ´ L0

´¥²µ± ²Ó´Ò³¨ µ¶¥· Éµ· ³¨ ¢¨¤  exp (l n̂ · ∂) − 1, ¶·¨Î¥³ · §³ §Ò¢ ´¨e ¶·µ-
¨¸Ìµ¤¨É ¢ ±µ´¥Î´µ° µ¡² ¸É¨ · §³¥·µ³ l. ‚¥²¨Î¨´  O(ε−2D) ¢ ¢Ò· ¦¥´¨¨
(9) § ³¥´Ö¥É¸Ö ´  O(l−2D). A É ± ± ± ¶µ²Ö ¢ LI ²µ± ²¨§µ¢ ´Ò ¢ µ¤´¨Ì ¨
É¥Ì ¦¥ ÉµÎ± Ì, Éµ ¸¨´£Ê²Ö·´µ¸ÉÓ ¢Ò· ¦¥´¨Ö (10) µ¸É ¥É¸Ö ´¥¨§³¥´´µ°. „·Ê-
£¨³¨ ¸²µ¢ ³¨, ³Ò ¨³¥¥³ ¤¥²µ ¸ É ±µ° ³µ¤¥²ÓÕ, ¢ ±µÉµ·µ° ¸¨´£Ê²Ö·´µ¸É¨ ¢
±¨´¥É¨Î¥¸±¨Ì Î²¥´ Ì · §³ § ´Ò,   ¢ Î²¥´ Ì ¢§ ¨³µ¤¥°¸É¢¨Ö µ¸É ¢²¥´Ò ´¥-
¨§³¥´´Ò³¨. “¸²µ¢¨¥ ¶µ¤ ¢²Ö¥³µ¸É¨ ±µ²² ¶¸  (6) µ± § ²µ¸Ó ´ ·ÊÏ¥´´Ò³ Å
±µ²² ¶¸ ´¥³¨´Ê¥³.

ŒÒ ¢ÒÖ¸´¨²¨, ÎÉµ ËÊ´¤ ³¥´É ²Ó´µ¥ µÉ²¨Î¨¥ ¶¥·¥´µ·³¨·Ê¥³ÒÌ É¥µ·¨°
µÉ ´¥¶¥·¥´µ·³¨·Ê¥³ÒÌ ¸µ¸Éµ¨É ¢ Éµ³, ÎÉµ µ´¨ ¸µµÉ¢¥É¸É¢ÊÕÉ ¸µ¢¥·Ï¥´´µ
· §´Ò³ Éµ¶µ²µ£¨Î¥¸±¨³ ± ·É¨´ ³ Ô¢µ²ÕÍ¨¨. H¥¶¥·¥´µ·³¨·Ê¥³µ¸ÉÓ ¢Ò· ¦ -
¥É¸Ö ¢ Éµ³, ÎÉµ ´ ²¨Î¨¥ ´¥±µÉµ·µ£µ µ¸µ¡µ£µ ¢ ·¨ ´É  Ô¢µ²ÕÍ¨¨ ¨¸±²ÕÎ ¥É
¢µ§³µ¦´µ¸ÉÓ ¸ÊÐ¥¸É¢µ¢ ´¨Ö µ¡· É´µ£µ ± ´¥³Ê ¢ ·¨ ´É . �¥·¥´µ·³¨·Ê¥³ Ö
É¥µ·¨Ö ¸¢µ¡µ¤´  µÉ É ±µ°  ¸¨³³¥É·¨¨. B ´¥° µ¡· É¨³µ¸ÉÓ ¢µ¸¸É ´ ¢²¨¢ ¥É¸Ö
§  ¸Î¥É µ¡¥¤´¥´¨Ö Éµ¶µ²µ£¨Î¥¸±µ° ± ·É¨´Ò, ¨§ ±µÉµ·µ° ¨¸Î¥§ ÕÉ ¢¸¥ µ¸µ-
¡Ò¥ ¢ ·¨ ´ÉÒ Ô¢µ²ÕÍ¨¨. �¸É ¥É¸Ö, µ¤´ ±µ, µÉ±·ÒÉÒ³ ¢µ¶·µ¸: ´¥ ¢¥¤¥É ²¨
ÔÉµ µ¡¥¤´¥´¨¥ ± Éµ³Ê, ÎÉµ ¢¸¥ Î¥ÉÒ·¥Ì³¥·´Ò¥ ¶¥·¥´µ·³¨·Ê¥³Ò¥ É¥µ·¨¨ (¢
´¥±µÉµ·µ³ ®ÉµÎ´µ³¯ ´¥¶¥·ÉÊ·¡ É¨¢´µ³ ¸³Ò¸²¥) É·¨¢¨ ²Ó´Ò?

‚µ¶·µ¸Ò, § É·µ´ÊÉÒ¥ ¢ ÔÉµ° ¸É ÉÓ¥ ¨²¨ ¡²¨§±µ ¸¢Ö§ ´´Ò¥ ¸ ´¨³¨, ¢ · §-
´µ¥ ¢·¥³Ö µ¡¸Ê¦¤ ²¨¸Ó ¸µ ³´µ£¨³¨ ²Õ¤Ó³¨. �¸µ¡¥´´µ ¶µ²¥§´Ò³¨ ¡Ò²¨ ¤ ¢-
´¨¥ ¡¥¸¥¤Ò ¸ Ÿ.�.‡¥²Ó¤µ¢¨Î¥³, �.�.Œµ·µ§µ¢Ò³ ¨ ¸· ¢´¨É¥²Ó´µ ´¥¤ ¢´¨¥ Å
¸ �.•  £µ³, „.‚.˜¨·±µ¢Ò³ ¨ ƒ.‚.…Ë¨³µ¢Ò³. ‚¸¥³ ¨³ Ö £²Ê¡µ±µ ¶·¨§´ É¥-
²¥´. � ¸ÉµÖÐ Ö · ¡µÉ  ¢Ò¶µ²´¥´  ¶·¨ Î ¸É¨Î´µ° ¶µ¤¤¥·¦±¥ Œ¥¦¤Ê´ ·µ¤´µ£µ
´ ÊÎ´µ-É¥Ì´¨Î¥¸±µ£µ Í¥´É·  ¢ · ³± Ì ¶·µ¥±É  840.
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�¡Ñ¥¤¨´¥´´Ò° ¨´¸É¨ÉÊÉ Ö¤¥·´ÒÌ ¨¸¸²¥¤µ¢ ´¨°, „Ê¡´ 

�¡¸Ê¦¤a¥É¸Ö ¶·µ¡²¥³  Ê¸É ´µ¢²¥´¨Ö ³¨±·µ¸±µ¶¨Î¥¸±µ° ¶·¨·µ¤Ò ¨´¤ÊÍ¨·µ¢ ´´µ£µ ±µ£¥-
·¥´É´µ£µ ¨§²ÊÎ¥´¨Ö  Éµ³µ¢ ¸·¥¤Ò, ¢µ§´¨± ÕÐ¥£µ ¶µ¤ ¤¥°¸É¢¨¥³ ¶·µÌµ¤ÖÐ¥° § ·Ö¦¥´´µ° Î -
¸É¨ÍÒ. �Éµ ±µ£¥·¥´É´µ¥ ¨§²ÊÎ¥´¨¥ ¢ µ¶É¨Î¥¸±¨ ¶·µ§· Î´µ° ¸·¥¤¥ ¸É ´µ¢¨É¸Ö ´ ¡²Õ¤ ¥³Ò³ ¶·¨
Ê¸²µ¢¨¨, ±µ£¤  Ë §µ¢ Ö ¸±µ·µ¸ÉÓ ¥£µ · ¸¶·µ¸É· ´¥´¨Ö µ± §Ò¢ ¥É¸Ö ³¥´ÓÏ¥ ¸±µ·µ¸É¨ ¤¢¨¦¥´¨Ö § -
·Ö¦¥´´µ° Î ¸É¨ÍÒ. �´µ ¶·¨¢µ¤¨É ± Ìµ·µÏµ ¨§¢¥¸É´µ³Ê ³ ±·µ¸±µ¶¨Î¥¸±µ³Ê ¶·µÍ¥¸¸Ê ¢µ§´¨±´µ-
¢¥´¨Ö ´ ¶· ¢²¥´´µ£µ ¨§²ÊÎ¥´¨Ö ‚ ¢¨²µ¢ Ä—¥·¥´±µ¢ . ˆ§² £ ¥É¸Ö ¨¸Éµ·¨Ö ¢ÒÖ¸´¥´¨Ö Ë¨§¨Î¥¸±µ°
¶·¨·µ¤Ò ÔÉµ£µ ¶¥·¢¨Î´µ£µ ¨§²ÊÎ¥´¨Ö  Éµ³µ¢, ²¥¦ Ð¥£µ ¢ µ¸´µ¢¥ ÔËË¥±É  ‚ ¢¨²µ¢ Ä—¥·¥´±µ¢ .

The presented review is dedicated to the discussion of the problem on deˇning the microscopic
nature of induced coherent radiation of the medium atoms which appears under the passing charged
particle. This coherent radiation in optically transparent medium becomes observable under the
condition when the phase velocity of its spreading turns out to be less than the velocity of the
charged particle movement. It leads to a well-known macroscopic process when the directed VavilovÄ
Cherenkov radiation occurs. The history of clarifying the physical origin of this primary atomic
radiation lying in the basis of the VavilovÄCherenkov effect is discussed.

‚‚…„…�ˆ…

‘ ¸ ³µ£µ ´ Î ²  µÉ±·ÒÉ¨Ö �.�.—¥·¥´±µ¢Ò³ ¢ 1934 £. ´¥µ¡ÒÎ´µ£µ, ¥¤¢ 
§ ³¥É´µ£µ ¸¨´¥-Ë¨µ²¥Éµ¢µ£µ ¸¢¥Î¥´¨Ö ¢ ¦¨¤±¨Ì ¸·¥¤ Ì, ¢Ò§¢ ´´µ£µ £ ³³ -
²ÊÎ ³¨ µÉ ¶·¥¶ · É  · ¤¨Ö, ¡Ò²  Ê¸É ´µ¢²¥´  ±· É±µ¢·¥³¥´´µ¸ÉÓ ¥£µ ¢µ§-
´¨±´µ¢¥´¨Ö, ¨³¥¢Ï Ö ¶·Ö³µ¥ µÉ´µÏ¥´¨¥ ± ¸¢µ°¸É¢ ³ ¶¥·¢¨Î´µ£µ ¨§²ÊÎ¥´¨Ö.
�µ ¶·¥¤²µ¦¥´¨Õ ‘.ˆ.‚ ¢¨²µ¢  ¢ ¦¨¤±¨° · ¤¨ Éµ· ¤µ¡ ¢²Ö²¨¸Ó · §²¨Î´Ò¥
£ ¸¨É¥²¨ ²Õ³¨´¥¸Í¥´Í¨¨. ˆ§-§  µÉ¸ÊÉ¸É¢¨Ö ÔËË¥±É  ÉÊÏ¥´¨Ö ´ ¡²Õ¤ ¥³µ£µ
¨§²ÊÎ¥´¨Ö ¡Ò² ¸¤¥² ´ ¢Ò¢µ¤, ÎÉµ ¤²¨É¥²Ó´µ¸ÉÓ ÔÉµ£µ ¸¢¥Î¥´¨Ö ´¥ ¶·¥¢ÒÏ ¥É
¤¥¸ÖÉ¨ ¶¨±µ¸¥±Ê´¤, ¨, ¸²¥¤µ¢ É¥²Ó´µ, µ¡´ ·Ê¦¥´´µ¥ ¨§²ÊÎ¥´¨¥ ¨³¥¥É ¨´ÊÕ
Ë¨§¨Î¥¸±ÊÕ ¶·¨·µ¤Ê [1, 2]. ‘.ˆ.‚ ¢¨²µ¢ ¢Ò¸± § ² ³´¥´¨¥, ÎÉµ ÔÉµ ¸² ¡µ¥
¸¢¥Î¥´¨¥ ¦¨¤±µ¸É¨ ¢Ò§¢ ´µ ±µ³¶Éµ´µ¢¸±¨³¨ Ô²¥±É·µ´ ³¨, µ¡· §µ¢ ´´Ò³¨
γ-²ÊÎ ³¨. �´ É ±¦¥ ¶µ¤Î¥·±´Ê² Ê´¨¢¥·¸ ²Ó´µ¸ÉÓ µ¡´ ·Ê¦¥´´µ£µ Ö¢²¥´¨Ö, § -
±²ÕÎ ÕÐ¥£µ¸Ö ¢ · ¢¥´¸É¢¥ ¨´É¥´¸¨¢´µ¸É¨ ¸¢¥Î¥´¨Ö ¤²Ö · §²¨Î´ÒÌ ¶µ Ì¨-
³¨Î¥¸±µ³Ê ¸µ¸É ¢Ê ¢¥Ð¥¸É¢. ‘²¥¤µ¢ É¥²Ó´µ, ¨ ²¥¦ Ð¥¥ ¢ µ¸´µ¢¥ ¶¥·¢¨Î´µ¥
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¨§²ÊÎ¥´¨¥ ¤µ²¦´µ ¨³¥ÉÓ Ê´¨¢¥·¸ ²Ó´ÊÕ ¶·¨·µ¤Ê. � ¨¡µ²¥¥ ¢¥·µÖÉ´µ° ¶·¨-
Î¨´µ° γ-¸¢¥Î¥´¨Ö ‚ ¢¨²µ¢ ¸Î¨É ² ¨§²ÊÎ¥´¨¥ ¶·¨ Éµ·³µ¦¥´¨¨ ±µ³¶Éµ´µ¢-
¸±¨Ì Ô²¥±É·µ´µ¢. ®�²¥±É·µ´Ò, µ¸¢µ¡µ¤¨¢Ï¨¥¸Ö ¢´ÊÉ·¨ ¶²µÉ´µ° ¦¨¤±µ¸É¨, Å
¶¨¸ ² µ´, Å ³µ£ÊÉ § ³¥É´µ Éµ·³µ§¨ÉÓ¸Ö Ê¦¥ ´  ´¨ÎÉµ¦´ÒÌ · ¸¸ÉµÖ´¨ÖÌ,
ÎÉµ ¤µ²¦´µ ¸µ¶·µ¢µ¦¤ ÉÓ¸Ö ¨§²ÊÎ¥´¨¥³ ´¥¶·¥·Ò¢´µ£µ ¸¶¥±É· ¯ [2, c.458].
�· ¢¤ , É¥µ·¨Ö ´¥ ¶µ¤É¢¥·¦¤ ²  ¸ÊÐ¥¸É¢µ¢ ´¨Ö ¶µ¤µ¡´µ£µ ¨§²ÊÎ¥´¨Ö ¢ µ¡² -
¸É¨ Î ¸ÉµÉ ¢¨¤¨³µ£µ ¸¢¥É , ´¥¶µ¸·¥¤¸É¢¥´´µ ¨¸¶Ê¸± ¥³µ£µ ±µ³¶Éµ´µ¢¸±¨³¨
Ô²¥±É·µ´ ³¨. �¤´ ±µ ¨ ¢ ¸²¥¤ÊÕÐ¥³ ¸¢µ¥³ ¢Ò¸ÉÊ¶²¥´¨¨ ¢ �± ¤¥³¨¨ ´ Ê± ¢
1935 £. ‚ ¢¨²µ¢ ¶·µ¤µ²¦ ² ´ ¸É ¨¢ ÉÓ ´  Éµ·³µ§´µ³ ³¥Ì ´¨§³¥ µ¡´ ·Ê¦¥´-
´µ£µ ¸¢¥Î¥´¨Ö. �  ¸ ³µ³ ¤¥²¥, ¡µ²¥¥ µ¶· ¢¤ ´´Ò³ ¡Ò²µ ¡Ò ¶·¥¤¶µ²µ¦¥´¨¥,
ÎÉµ ËµÉµ´Ò ¢¨¤¨³µ£µ ¸¶¥±É·  ¨¸¶Ê¸± ÕÉ¸Ö ¢Éµ·¨Î´Ò³¨ Ô²¥±É·µ´ ³¨, ¢µ§´¨±-
Ï¨³¨ µÉ ¨µ´¨§ Í¨¨  Éµ³µ¢ ¸·¥¤Ò ¶¥·¢¨Î´Ò³¨ ±µ³¶Éµ´µ¢¸±¨³¨ Ô²¥±É·µ´ ³¨.
’µ·³µ§Ö¸Ó ¢ ¸·¥¤¥, É ±¨¥ Ô²¥±É·µ´Ò ¨µ´¨§ Í¨¨ ³µ£²¨ ¡Ò Î ¸ÉÓ ¸¢µ¥° Ô´¥·£¨¨
¢Ò¤¥²ÖÉÓ ¢ ¢¨¤¥ ¸¢¥É . �µ É ±µ¥ ¡µ²¥¥ ¥¸É¥¸É¢¥´´µ¥ ¶·¥¤¶µ²µ¦¥´¨¥ ¢µµ¡Ð¥
´¥ µ¡¸Ê¦¤ ²µ¸Ó.

„µ±² ¤ ‘.ˆ.‚ ¢¨²µ¢  ¢ �± ¤¥³¨¨ ´ Ê±, ¸É¥´µ£· ³³  ±µÉµ·µ£µ ¡Ò²  µ¶Ê-
¡²¨±µ¢ ´  ¢ ¦Ê·´ ²¥ [3], ¨´É¥·¥¸¥´ ¥Ð¥ ¨ É¥³, ÎÉµ ¢ ´¥³ Ê¶µ³¨´ ²µ¸Ó µ
Ë· ´ÍÊ§¸±µ³ ÊÎ¥´µ³ Œ ²²¥, ±µÉµ·Ò° ¢ 1926Ä1929 ££. ´ ¡²Õ¤ ² ¶µ¤µ¡´µ¥ ¦¥
¸¢¥Î¥´¨¥ ¢ ¶·µ§· Î´ÒÌ ¦¨¤±µ¸ÉÖÌ. ®Œ ²²¥, Å µÉ³¥É¨² ¢ ¸¢µ¥³ ¤µ±² ¤¥ ‚ -
¢¨²µ¢, Å · ¸¶µ² £ ² µÎ¥´Ó ¸¨²Ó´Ò³ ¶·¥¶ · Éµ³ · ¤¨Ö ¨ µÎ¥´Ó ¸¢¥Éµ¸¨²Ó´Ò³
¸¶¥±É·µ£· Ëµ³, ¶µ§¢µ²¨¢Ï¨³ ¥³Ê ¸¤¥² ÉÓ ¸¶¥±É· ²Ó´Ò¥ ¸´¨³±¨. ‚ ·¥§Ê²ÓÉ É¥
µ¶ÒÉµ¢ Œ ²²¥ µ± § ²µ¸Ó, ÎÉµ ¸¶¥±É· ¸¢¥Î¥´¨Ö ¶·µ¸É¨· ¥É¸Ö ¤ ²¥±µ ¢ Ê²ÓÉ· -
Ë¨µ²¥Éµ¢ÊÕ µ¡² ¸ÉÓ. ‚µ ¢¸Ö±µ³ ¸²ÊÎ ¥ ¤²Ö ¢µ¤Ò Œ ²²¥ ¶·µ¸²¥¤¨² ¥£µ ¶µ
±· °´¥° ³¥·¥ ¤µ 2500 �A¯ [3, ¸.131]. Š ÔÉµ³Ê ¸²¥¤Ê¥É ¤µ¡ ¢¨ÉÓ, ÎÉµ Œ ²²¥ ¢
Ê± § ´´Ò¥ ¢ÒÏ¥ £µ¤Ò µ¶Ê¡²¨±µ¢ ² É·¨ · ¡µÉÒ [4] ¨ ÎÉµ ¶·¨ ¨§³¥·¥´¨¨ ¸¶¥±-
É·  ¨³ ¡Ò² Ê¸É ´µ¢²¥´ ·µ¸É ¨´É¥´¸¨¢´µ¸É¨ ¸ Ê¢¥²¨Î¥´¨¥³ Î ¸ÉµÉÒ ¸¢¥Î¥´¨Ö.
‡ ³¥É¨³, ÎÉµ ÔÉ  ¢ ¦´¥°Ï Ö Ì · ±É¥·¨¸É¨±  µ¡´ ·Ê¦¥´´µ£µ ¸¢¥Î¥´¨Ö ¨³¥¥É
¶·Ö³µ¥ µÉ´µÏ¥´¨¥ ± µ¡¸Ê¦¤ ¥³µ³Ê §¤¥¸Ó ¶¥·¢¨Î´µ³Ê∗ ³¨±·µ³¥Ì ´¨§³Ê ¸¢¥-
Î¥´¨Ö ¦¨¤±µ¸É¥° ¶µ¤ ¤¥°¸É¢¨¥³ £ ³³ -²ÊÎ¥°. �ÉµÉ ¢Ò¢µ¤ ´¥ ¡Ò², µ¤´ ±µ,
¸¤¥² ´ ´¨ ¢ ¶¥·¢Ò¥ £µ¤Ò ¨¸¸²¥¤µ¢ ´¨Ö, ´¨ ¢ ¶µ¸²¥¤ÊÕÐ¨¥ £µ¤Ò, ±µ£¤  ¸Î¨-
É ²µ¸Ó, ÎÉµ µ¡´ ·Ê¦¥´´µ¥ ¸¢¥Î¥´¨¥ ¶µ²ÊÎ¨²µ ¨¸Î¥·¶Ò¢ ÕÐ¥¥ É¥µ·¥É¨Î¥¸±µ¥
µ¡ÑÖ¸´¥´¨¥. ˆ Ê¸É ´µ¢²¥´¨¥ ÔÉµ£µ µ¡¸ÉµÖÉ¥²Ó¸É¢  ¶µ¸²Ê¦¨²µ µ¤´µ° ¨§ ¶·¨-
Î¨´ ´ ¶¨¸ ´¨Ö ¤ ´´µ£µ µ¡§µ· . �µ±  ¦¥ ²¨ÏÓ µÉ³¥É¨³, ÎÉµ ´ Ï ¢Ò¢µ¤ µ¡
µÉ´µÏ¥´¨¨ ¸¶¥±É·  ¸¢¥Î¥´¨Ö ´¥¶µ¸·¥¤¸É¢¥´´µ ± ¸ ³µ³Ê ¶¥·¢¨Î´µ³Ê ³¥Ì -
´¨§³Ê ¨§²ÊÎ¥´¨Ö ¨³¥¥É ¢¶µ²´¥ µÎ¥¢¨¤´µ¥ Ô±¸¶¥·¨³¥´É ²Ó´µ¥ µ¡µ¸´µ¢ ´¨¥ ¢
¥£µ ´¥§ ¢¨¸¨³µ¸É¨ ´¨ µÉ ¢¥²¨Î¨´Ò ¸±µ·µ¸É¨ ¤¢¨¦¥´¨Ö ¶¥·¢¨Î´µ° Î ¸É¨ÍÒ,
´¨ µÉ ¢¥Ð¥¸É¢  ¶·µ§· Î´ÒÌ ¸·¥¤, ¢ ±µÉµ·ÒÌ ¢µ§´¨± ¥É ÔÉµ ¸¢¥Î¥´¨¥.

∗ŒÒ ´ §Ò¢ ¥³ ÔÉµ ¨§²ÊÎ¥´¨¥ ²¨ÏÓ Ê¸²µ¢´µ ¶¥·¢¨Î´Ò³, ÊÎ¨ÉÒ¢ Ö ¥£µ µÉ´µÏ¥´¨¥ ± µ¡· §ÊÕ-
Ð¥³Ê¸Ö ¨§ ´¥£µ Î¥·¥´±µ¢¸±µ³Ê ¨§²ÊÎ¥´¨Õ. �µ µÉ´µÏ¥´¨Õ ¦¥ ± ¶¥·¢¨Î´µ° Î ¸É¨Í¥ ÔÉµ ¨§²ÊÎ¥´¨¥
¨³¥¥É, ±µ´¥Î´µ, ¢Éµ·¨Î´ÊÕ ¶·¨·µ¤Ê.
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‚ ¢¨²µ¢ ¸Î¨É ², ÎÉµ ÔÉ¨ ´ ¡²Õ¤¥´¨Ö Ë· ´ÍÊ§¸±µ£µ ÊÎ¥´µ£µ ¸ÊÐ¥¸É¢¥´´µ
¤µ¶µ²´ÖÕÉ µ¡¸Ê¦¤ ¥³µ¥ ¢ ¥£µ ¤µ±² ¤¥ ¸¢¥Î¥´¨¥, µ¡´ ·Ê¦¥´´µ¥ —¥·¥´±µ¢Ò³,
±µÉo·µ¥ ¢Ò§¢ ´µ £ ³³ -²ÊÎ ³¨ ¨ ´¥ ¶µ¤¤ ¥É¸Ö ÉÊÏ¥´¨Õ. ‚ ¸¢Ö§¨ ¸ ÔÉ¨³
ÊÉ¢¥·¦¤¥´¨¥³ µÉ³¥É¨³, ÎÉµ Œ ²²¥ ¤¥°¸É¢¨É¥²Ó´µ ´  ¶ÖÉÓ ²¥É · ´ÓÏ¥ ¶µ²Ê-
Î¨² ¡µ²¥¥ ÉµÎ´Ò¥ ¸¢¥¤¥´¨Ö µ ¸¢¥Î¥´¨¨ ¶·µ§· Î´ÒÌ ¦¨¤±µ¸É¥° ¶µ¤ ¤¥°¸É¢¨¥³
£ ³³ -²ÊÎ¥°. �µ ·Ö¤µ³ ¸ ´¨³ ´¥ ¡Ò²µ É ±µ£µ ¸¶¥Í¨ ²¨¸É  ¶µ ÉÊÏ¥´¨Õ ²Õ-
³¨´¥¸Í¥´É´µ£µ ¨§²ÊÎ¥´¨Ö, ± ± ‘.ˆ.‚ ¢¨²µ¢∗, ±µÉµ·Ò° ¶µ¸µ¢¥Éµ¢ ² ¡Ò ¥³Ê
±¢ ²¨Ë¨Í¨·µ¢ ´´µ ¶·µ¢¥¸É¨ ·¥Ï ÕÐ¨° Ô±¸¶¥·¨³¥´É ¶µ £ Ï¥´¨Õ ²Õ³¨´e¸-
Í¥´Í¨¨ ¨ É¥³ ¸ ³Ò³ ¤µ± § ÉÓ ´¥µ¡ÒÎ´µ¸ÉÓ ¶·¨·µ¤Ò ¨§ÊÎ ¥³µ£µ Ö¢²¥´¨Ö.
•µÉÖ Œ ²²¥ ¨ ¢Ò¸± §Ò¢ ² ¶·¥¤¶µ²µ¦¥´¨¥ µ § £ ¤µÎ´µ° ¶·¨·µ¤¥ µ¡´ ·Ê¦¥´-
´µ£µ ¨³ ¸¢¥Î¥´¨Ö, µ´ ¢¸¥ ¦¥ ´¥ ¨³¥² Ô±¸¶¥·¨³¥´É ²Ó´µ£µ ¤µ± § É¥²Ó¸É¢  ¤²Ö
µÉ±²µ´¥´¨Ö ²Õ³¨´¥¸Í¥´É´µ° ¶·¨·µ¤Ò ´ ¡²Õ¤ ¥³µ£µ ¨§²ÊÎ¥´¨Ö. � ¢¥¤Ó ¢µ
”· ´Í¨¨ ¨§¤ ¢´  ¡Ò²¨ ¸¶¥Í¨ ²¨¸ÉÒ ¶µ ²Õ³¨´¥¸Í¥´É´µ³Ê ¨§²ÊÎ¥´¨Õ∗∗.

∗‘.ˆ.‚ ¢¨²µ¢ ¡Ò² Éµ£¤  ±·Ê¶´¥°Ï¨³ ¸¶¥Í¨ ²¨¸Éµ³ ¢ ³¨·¥ ¶µ ¤ ´´µ³Ê ¢ ¦´¥°Ï¥³Ê · §-
¤¥²Ê ±¨´¥É¨±¨ ²Õ³¨´¥¸Í¥´Í¨¨ Å É¥µ·¨¨ ¤¨ËËÊ§´µ£µ ÉÊÏ¥´¨Ö ²Õ³¨´¥¸Í¥´Í¨¨ · ¸É¢µ·µ¢. ‚
1929 £. ¨³ ¡Ò²  ¸µ§¤ ´  É¥µ·¨Ö ÔÉµ£µ Ö¢²¥´¨Ö, ¶µ§¢µ²¨¢Ï Ö ¶· ¢¨²Ó´µ µ¶·¥¤¥²ÖÉÓ ¢¥²¨Î¨´Ê
¤²¨É¥²Ó´µ¸É¨ ¢µ§¡Ê¦¤¥´´µ£µ ¸µ¸ÉµÖ´¨Ö ³µ²¥±Ê². ‡  ¡µ²¥¥ ¶µ¤·µ¡´Ò³¨ ¸¢¥¤¥´¨Ö³¨ µ¡ ÔÉµ° ¤¥Ö-
É¥²Ó´µ¸É¨ ‚ ¢¨²µ¢  ·¥±µ³¥´¤ÊÕ µ¡· É¨ÉÓ¸Ö ± ¸É ÉÓ¥ ‘¢¥Ï´¨±µ¢  [5], µ¶Ê¡²¨±µ¢ ´´µ° ¢ Î¥¸ÉÓ
¸¥³¨¤¥¸ÖÉ¨²¥É¨Ö ¸µ ¤´Ö ·µ¦¤¥´¨Ö ‘.ˆ.‚ ¢¨²µ¢  ¨ ¢ ¶ ³ÖÉÓ ¤¥¸ÖÉ¨²¥É¨Ö ¸µ ¤´Ö ¥£µ ±µ´Î¨´Ò.
“Î ¸É¨¥ ‘.ˆ.‚ ¢¨²µ¢  ¢ Ô±¸¶¥·¨³¥´É ²Ó´µ³ µ¡µ¸´µ¢ ´¨¨ ´µ¢µ£µ ¨§²ÊÎ¥´¨Ö ¡Ò²µ µ¶·¥¤¥²ÖÕ-
Ð¨³. �µÔÉµ³Ê ¶·¥¤²µ¦¥´¨¥ ˆ.Œ. ”· ´±  ´ §Ò¢ ÉÓ µÉ±·ÒÉµ¥ ¨§²ÊÎ¥´¨¥ ®ÔËË¥±Éµ³ ‚ ¢¨²µ¢ Ä
—¥·¥´±µ¢ ¯ ¢¶µ²´¥ µ¶· ¢¤ ´´µ. Š ¸µ¦ ²¥´¨Õ, ÔÉµ ¶·¥¤²µ¦¥´¨¥ ¡Ò²µ ¸¤¥² ´µ Éµ²Ó±µ ¢ 1956 £.,
±µ£¤  ¢ ´ ÊÎ´µ° ²¨É¥· ÉÊ·¥ § ¶ ¤´ÒÌ ¸É· ´ Ê¦¥ ÊÉ¢¥·¤¨²µ¸Ó ´ §¢ ´¨¥ ®¨§²ÊÎ¥´¨¥ —¥·¥´±µ¢ ¯
¨²¨ ®Î¥·¥´±µ¢¸±µ¥ ¨§²ÊÎ¥´¨¥¯.

∗∗•µ·µÏµ ¨§¢¥¸É´µ, ÎÉµ ¢ ¸¥·¥¤¨´¥ •I• ¢¥±  �²¥±¸ ´¤· �¥±±¥·¥²Ó ¢Ò¶µ²´¨² Ï¨·µ±¨°
Í¨±² ¨¸¸²¥¤µ¢ ´¨° ¶µ Ëµ¸Ëµ·¥¸Í¥´Í¨¨,   ¸µ§¤ ´´ Ö ¨³ ¢ � ·¨¦¥ ¸¶¥Í¨ ²Ó´ Ö ² ¡µ· Éµ·¨Ö ´ 
± Ë¥¤·¥ Ë¨§¨±¨ ¶·¨ ŒÊ§¥¥ ¥¸É¥¸É¢¥´´µ° ¨¸Éµ·¨¨ ¨§¢¥¸É´  ¡Ò²  ¸¢µ¥° ¡µ£ Éµ° ±µ²²¥±Í¨¥° · §-
²¨Î´ÒÌ ²Õ³¨´µËµ·µ¢. ˆ³¥´´µ ¢ ÔÉµ° ² ¡µ· Éµ·¨¨ ¥£µ ¸Ò´ �´·¨ �¥±±¥·¥²Ó ¢ 1896 £. § ´Ö²¸Ö
¶·µ¢¥·±µ° £¨¶µÉ¥§Ò �.�Ê ´± ·¥ µ ¢µ§³µ¦´µ³ ¨¸¶Ê¸± ´¨¨ ²Õ³¨´µËµ· ³¨ Éµ²Ó±µ ÎÉµ µÉ±·ÒÉÒÌ
‚.�¥´É£¥´µ³ ¶·µ´¨± ÕÐ¨Ì ²ÊÎ¥°. �Éµ ¨¸¸²¥¤µ¢ ´¨¥ ¶·¨¢¥²µ, ± ± ¨§¢¥¸É´µ, ± ´¥µ¦¨¤ ´´µ³Ê,
¢Ò¤ ÕÐ¥³Ê¸Ö µÉ±·ÒÉ¨Õ · ¤¨µ ±É¨¢´µ¸É¨. ˆ ¢µÉ ¢ 30-¥ £µ¤Ò ¤¢ ¤Í Éµ£µ ¸Éµ²¥É¨Ö ¨¸¸²¥¤µ¢ ´¨Ö,
¸¢Ö§ ´´Ò¥ ¸ ²Õ³¨´¥¸Í¥´Í¨¥°, ¸´µ¢  ¶·¨¢¥²¨ ± ´¥µ¦¨¤ ´´µ³Ê µÉ±·ÒÉ¨Õ ¸µ¢¥·Ï¥´´µ § £ ¤µÎ´µ£µ
Ö¢²¥´¨Ö. ‘.ˆ.‚ ¢¨²µ¢ ¶µ·ÊÎ¨² ¸¢µ¥³Ê  ¸¶¨· ´ÉÊ �.�.—¥·¥´±µ¢Ê ¨¸¸²¥¤µ¢ ÉÓ ¸¢¥Î¥´¨¥ ²Õ³¨´µ-
Ëµ·µ¢ ¶·¨ µ¡²ÊÎ¥´¨¨ £ ³³ -²ÊÎ ³¨ · ¤¨Ö, ÎÉµ¡Ò § É¥³ ¸· ¢´¨ÉÓ ¥£µ ¸ ¨§¢¥¸É´Ò³ ¸¢¥Î¥´¨¥³
Éµ£µ ¦¥ ²Õ³¨´µËµ·  ¶·¨ ¢µ§¤¥°¸É¢¨¨ ´  ´¥£µ Ê²ÓÉ· Ë¨µ²¥Éµ¢µ£µ ¸¢¥É . �¸¶¨· ´É ¦¥ ´ Î ²
¶µ·ÊÎ¥´´µ¥ ¨¸¸²¥¤µ¢ ´¨¥, ¥¸É¥¸É¢¥´´µ, ¸ Éµ£µ, ÎÉµ ¶¥·¥¤ · ¸É¢µ·¥´¨¥³ ²Õ³¨´¥¸Í¨·ÊÕÐ¥° ¸µ²¨
¤²Ö ¶·µ¢¥·±¨ Î¨¸ÉµÉÒ ¸ ³µ£µ · ¸É¢µ·¨É¥²Ö µ¡²ÊÎ¨² ¥£µ £ ³³ -²ÊÎ ³¨ ¨ ¶µ¸²¥ ¶·µ¤µ²¦¨É¥²Ó-
´µ£µ ¨ ÉÐ É¥²Ó´µ£µ ´ ¡²Õ¤¥´¨Ö µ¡´ ·Ê¦¨² µÎ¥´Ó ¸² ¡µ¥ ¸¨´¥¥ ¸¢¥Î¥´¨¥ ¸ ³µ£µ · ¸É¢µ·¨É¥²Ö.
Šµ´¥Î´µ, ¢´ Î ²¥ ¥£µ ¶·¨´Ö²¨ §  ¸¢¨¤¥É¥²Ó¸É¢µ § £·Ö§´¥´¨Ö · ¸É¢µ·¨É¥²Ö ± ±µ°-Éµ ´¥¨§¢¥¸É´µ°
¸² ¡µ²Õ³¨´¥¸Í¨·ÊÕÐ¥° ¸µ²ÓÕ. �¤´ ±µ ¸µ³´¥´¨Ö ¢ ÔÉµ³ µ¡ÑÖ¸´¥´¨¨ ¶µÖ¢¨²¨¸Ó, ±µ£¤  É ±µ¥
¦¥ ¸² ¡µ¥ ¸¨´¥¥ ¸¢¥Î¥´¨¥ ¡Ò²µ µ¡´ ·Ê¦¥´µ ¨ ¢µ ¢¸¥Ì ¤·Ê£¨Ì ¦¨¤±µ¸ÉÖÌ,   ¡Ò²µ ¨¸¶ÒÉ ´µ 15
· §²¨Î´ÒÌ · ¸É¢µ·¨É¥²¥°. �µÎÉ¨ ¢µ ¢¸¥Ì ¦¨¤±µ¸ÉÖÌ ´ ¡²Õ¤ ² ¸Ó ¶·¨³¥·´µ µ¤¨´ ±µ¢ Ö ¨´É¥´-
¸¨¢´µ¸ÉÓ § £ ¤µÎ´µ£µ ¨§²ÊÎ¥´¨Ö ¨ ²¨ÏÓ ¢ ¸¥·´µ° ±¨¸²µÉ¥ ¨ ¢ Î¥ÉÒ·¥ÌÌ²µ·¨¸Éµ³ Ê£²¥·µ¤¥ ¥£µ
¨´É¥´¸¨¢´µ¸ÉÓ ¢µ§· ¸É ²  ¢ ¤¢  · § . ‚µÉ ¶µ¸²¥ ÔÉµ£µ ‘.ˆ. ‚ ¢¨²µ¢Ò³ ¨ ¡Ò² ¶·¥¤²µ¦¥´ ·¥Ï Õ-
Ð¨° Ô±¸¶¥·¨³¥´É ¸ ¸¨²Ó´Ò³¨ £ ¸¨É¥²Ö³¨ ²Õ³¨´¥¸Í¥´Í¨¨, ¶µ§¢µ²¨¢Ï¨° µ±µ´Î É¥²Ó´µ ¤µ± § ÉÓ,
ÎÉµ µ¡´ ·Ê¦¥´´µ¥ ¸¢¥Î¥´¨¥ ¨³¥¥É ¸µ¢¥·Ï¥´´µ ´µ¢ÊÕ Ë¨§¨Î¥¸±ÊÕ ¶·¨·µ¤Ê, ±µÉµ·ÊÕ ¶·¥¤¸ÉµÖ²µ
¥Ð¥ Ê¸É ´µ¢¨ÉÓ ´  µ¸´µ¢¥ ¤ ²Ó´¥°Ï¨Ì Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ ¨ É¥µ·¥É¨Î¥¸±¨Ì ¨¸¸²¥¤µ¢ ´¨°.
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� ¤ ²Ó´¥°Ï¨Ì ¨¸¸²¥¤µ¢ ´¨ÖÌ µ¡´ ·Ê¦¥´´µ£µ ¸¢¥Î¥´¨Ö —¥·¥´±µ¢ ¸µµ¡-
Ð¨² ¢ 1936 £. [6]. �³¶Ê²  ¸ ¦¨¤±µ¸ÉÓÕ ¶µ³¥Ð ² ¸Ó ¢ ³ £´¨É´µ¥ ¶µ²¥ ´ -
¶·Ö¦¥´´µ¸ÉÓÕ 9,5 ±ƒ¸,   ¨§³¥·¥´¨Ö Ö·±µ¸É¨ ¸¢¥Î¥´¨Ö ¶·µ¨§¢µ¤¨²¨¸Ó ¶·¨
É·¥Ì ¶µ²µ¦¥´¨ÖÌ ¨¸ÉµÎ´¨±  £ ³³ -²ÊÎ¥°. � ¡²Õ¤ ²µ¸Ó ¨§³¥´¥´¨¥ Ö·±µ¸É¨
¸¢¥Î¥´¨Ö ¢ Î¥ÉÒ·¥ · § , ÎÉµ ¶µ§¢µ²¨²µ ¸¤¥² ÉÓ ¢Ò¢µ¤ µ Éµ³, ÎÉµ ´ ¶· ¢²¥-
´¨¥ ¨§²ÊÎ¥´¨Ö ¢ µ¸´µ¢´µ³ ¸µ¢¶ ¤ ¥É ¸ ´ ¶· ¢²¥´¨¥³ ¢Ò²¥É  ±µ³¶Éµ´µ¢¸±¨Ì
Ô²¥±É·µ´µ¢. �¢Éµ· § ±²ÕÎ ¥É ¸¢µ¥ ¨¸¸²¥¤µ¢ ´¨¥ ¸²¥¤ÊÕÐ¨³ ÊÉ¢¥·¦¤¥´¨¥³:
®‚¸¥ ¢ÒÏ¥¨§²µ¦¥´´Ò¥ Ë ±ÉÒ ¶µ§¢µ²ÖÕÉ ¸ ´¥¸µ³´¥´´µ¸ÉÓÕ § ±²ÕÎ¨ÉÓ, ÎÉµ
¢ µ¸´µ¢¥ ³¥Ì ´¨§³  γ-¨§²ÊÎ¥´¨Ö ²¥¦¨É Ô²¥±É·µ³ £´¨É´µ¥ Éµ·³µ¦¥´¨¥ Ô²¥±-
É·µ´µ¢, ¤¢¨¦ÊÐ¨Ì¸Ö ¢ ¦¨¤±µ¸É¨¯ [6, c.416]. �µ, ´¥¸³µÉ·Ö ´  µÏ¨¡µÎ´µ¸ÉÓ
§ ±²ÕÎ¨É¥²Ó´µ£µ ¢Ò¢µ¤ , ¸ ³¨ Ê¸É ´µ¢²¥´´Ò¥ Ë ±ÉÒ µ ´ ¶· ¢²¥´´µ¸É¨ ¸¢¥-
Î¥´¨Ö, ¡¥§Ê¸²µ¢´µ, ¸Ò£· ²¨ ¢ ¦´ÊÕ ·µ²Ó ¢ Ê¸É ´µ¢²¥´¨¨ µ¸´µ¢´µ£µ ¸¢µ°¸É¢ 
µ¡´ ·Ê¦¥´´µ£µ ¸¢¥Î¥´¨Ö.

‚ ¸²¥¤ÊÕÐ¥³ 1937 £. ¶µÖ¢¨² ¸Ó · ¡µÉ  ˆ.….’ ³³  ¨ ˆ.Œ.”· ´±  [7], ¢
±µÉµ·µ° ¨¸¶µ²Ó§µ¢ ²¨¸Ó ·¥§Ê²ÓÉ ÉÒ ¤µ¶µ²´¨É¥²Ó´ÒÌ ¨¸¸²¥¤µ¢ ´¨° �.�.—¥-
·¥´±µ¢  ¨ ¤ ¢ ²µ¸Ó µ¡ÑÖ¸´¥´¨¥ ÔËË¥±É  ‚ ¢¨²µ¢ Ä—¥·¥´±µ¢ . �¢Éµ·Ò ¶·¥-
¦¤¥ ¢¸¥£µ µÉ³¥É¨²¨, ÎÉµ £¨¶µÉ¥§  µ Éµ·³µ§´µ³ ¨§²ÊÎ¥´¨¨ ±µ³¶Éµ´µ¢¸±¨Ì
Ô²¥±É·µ´µ¢ ´¥ ³µ¦¥É ¡ÒÉÓ ¶·¨´ÖÉ , ¶µ¸±µ²Ó±Ê ¢ ¢¨¤¨³µ° µ¡² ¸É¨ ¸¶¥±É· 
µ´  ¤ ¥É ´  Î¥ÉÒ·¥ ¶µ·Ö¤±  ³¥´ÓÏ¥ ´ ¡²Õ¤ ¥³µ° ¨´É¥´¸¨¢´µ¸É¨ ¸¢¥É . ‡ -
É¥³  ¢Éµ·Ò ¸Ëµ·³Ê²¨·µ¢ ²¨ ¸²¥¤ÊÕÐ¥¥ µ¸´µ¢´µ¥ ¶µ²µ¦¥´¨¥ ¸¢µ¥£µ µ¡ÑÖ¸-
´¥´¨Ö, ¢Ò¤¥²¨¢ ¢ ´¥³ ±Ê·¸¨¢µ³ £² ¢´ÊÕ Î ¸ÉÓ: ®�Éµ Ö¢²¥´¨¥ ³µ¦¥É ¡ÒÉÓ,
µ¤´ ±µ, µ¡ÑÖ¸´¥´µ ± ± ± Î¥¸É¢¥´´µ, É ± ¨ ±µ²¨Î¥¸É¢¥´´µ, ¥¸²¨ ¶·¨´ÖÉÓ ¢µ
¢´¨³ ´¨¥, ÎÉµ Ô²¥±É·µ´, ¤¢¨¦ÊÐ¨°¸Ö ¢ ¸·¥¤¥, ¨§²ÊÎ ¥É ¸¢¥É ¤ ¦¥ ¶·¨ · ¢-
´µ³¥·´µ³ ¤¢¨¦¥´¨¨, ¥¸²¨ Éµ²Ó±µ ¥£µ ¸±µ·µ¸ÉÓ ¶·¥¢ÒÏ ¥É ¸±µ·µ¸ÉÓ ¸¢¥É 
¢ ÔÉµ° ¸·¥¤¥¯ [7, c.107]. ‚ ÔÉµ³ ¶¥·¢µ³ É¥µ·¥É¨Î¥¸±µ³ ¨¸¸²¥¤µ¢ ´¨¨ ´µ-
¢µ£µ Ë¨§¨Î¥¸±µ£µ Ö¢²¥´¨Ö ¡Ò²¨ É ±¦¥ Î¥É±µ Ê¸É ´µ¢²¥´Ò ¨ ¤·Ê£¨¥ µ¡Ð¨¥
µ¸µ¡¥´´µ¸É¨ ¨§²ÊÎ¥´¨Ö, É ±¨¥ ± ± ¥£µ ¸É·µ£ Ö ´ ¶· ¢²¥´´µ¸ÉÓ ¨ µ¶·¥¤¥²¥´-
´Ò° ¶µ·µ£ ¢µ§´¨±´µ¢¥´¨Ö. ˆ, ´ ¤µ ¸± § ÉÓ, ¢ÒÖ¢²¥´¨Õ ÔÉ¨Ì ¢ ¦´ÒÌ µ¡Ð¨Ì
µ¸µ¡¥´´µ¸É¥° ¶·µÍ¥¸¸  ¸µ¤¥°¸É¢µ¢ ² , ¢ ¶¥·¢ÊÕ µÎ¥·¥¤Ó, ¨¤¥ ²¨§ Í¨Ö ¶·µ¢¥-
¤¥´´µ£µ  ¢Éµ· ³¨ · ¸¸³µÉ·¥´¨Ö. ’ ±,  ¢Éµ·Ò · ¸¸³µÉ·¥²¨ ¶·µÍ¥¸¸ ¨§²ÊÎ¥´¨Ö
¶·¨ ¶µ¸ÉµÖ´´µ° ¸±µ·µ¸É¨ ¤¢¨¦¥´¨Ö ¶¥·¢¨Î´µ£µ Ô²¥±É·µ´  ¢ ¡¥¸±µ´¥Î´µ° µ¤-
´µ·µ¤´µ° µ¶É¨Î¥¸±µ° ¸·¥¤¥. ˆ³¥´´µ ÔÉµ ´¥·¥ ²Ó´µ¥ ¤µ¶ÊÐ¥´¨¥ ¶µ§¢µ²¨²µ
 ¢Éµ· ³ ´ ¨¡µ²¥¥ ¶·µ¸Éµ ¨ Ê¡¥¤¨É¥²Ó´µ ¶·µ¤¥³µ´¸É·¨·µ¢ ÉÓ, ÎÉµ ¤²Ö · ¸-
¸³ É·¨¢ ¥³µ£µ ¨§²ÊÎ¥´¨Ö ¢ ¸·¥¤¥ ¢µ¢¸¥ ´¥ É·¥¡Ê¥É¸Ö Ê¸±µ·¥´¨Ö ¶¥·¢¨Î´µ°
§ ·Ö¦¥´´µ° Î ¸É¨ÍÒ.

“¸¢µ¨¢ ÔÉµÉ ´¥µ¡ÒÎ´Ò° Ë ±É, ´ Ìµ¤¨¢Ï¨°¸Ö (¤²Ö ¸²ÊÎ Ö ¤¢¨¦¥´¨Ö ¢
¸·¥¤¥) ²¨ÏÓ ¢ ± ¦ÊÐ¥³¸Ö ¶·µÉ¨¢µ·¥Î¨¨ ¸ · ´¥¥ Ê¸É ´µ¢²¥´´Ò³¨ § ±µ´ ³¨,
³µ¦´µ ¡Ò²µ § É¥³ ÊÎ¥¸ÉÓ ¨ ·¥ ²Ó´Ò¥ Ê¸²µ¢¨Ö ¤¢¨¦¥´¨Ö ¢ Éµ·³µ§ÖÐ¥° ¸·¥¤¥.
�Éµ ¶·¨¢¥¤¥É ± ¶µ¸É¥¶¥´´µ³Ê Ê³¥´ÓÏ¥´¨Õ ¨´É¥´¸¨¢´µ¸É¨ ¨§²ÊÎ¥´¨Ö,   É ±¦¥
± ¶µ¸É¥¶¥´´µ³Ê Ê³¥´ÓÏ¥´¨Õ Ê£²  ¨§²ÊÎ¥´¨Ö,   § É¥³ ± ¡µ²¥¥ ·¥§±µ³Ê ¨§³¥´¥-
´¨Õ ¨ ¸ ³µ£µ ´ ¶· ¢²¥´¨Ö ¨§²ÊÎ¥´¨Ö ¨§-§  ¢µ§· ¸É ´¨Ö · ¸¸¥Ö´¨Ö ¶¥·¢¨Î´µ°
Î ¸É¨ÍÒ, ¨, ´ ±µ´¥Í, ¸ ³µ ¸¢¥Î¥´¨¥ ¤µ²¦´µ ¸µ¢¸¥³ ¶·¥±· É¨ÉÓ¸Ö, ±µ£¤  Ô´¥·-
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£¨Ö ¶¥·¢¨Î´µ£µ Ô²¥±É·µ´  ¸É ´¥É ´¨¦¥ ¶µ·µ£  ¨§²ÊÎ¥´¨Ö. ’ ±¨¥ µÉ±²µ´¥´¨Ö
µÉ ¨¤¥ ²Ó´µ° ± ·É¨´Ò ¶·µÍ¥¸¸  µ¸µ¡¥´´µ ·¥§±µ ¶·µÖ¢²ÖÕÉ¸Ö ± ± · § ¤²Ö ¸¢¥-
Î¥´¨Ö, ¢µ§¡Ê¦¤ ¥³µ£µ ±µ³¶Éµ´µ¢¸±¨³¨ Ô²¥±É·µ´ ³¨. ˆ ¨§ ÔÉµ£µ ¥¤¨´¸É¢¥´-
´µ£µ ¶·¨³¥· , ±µÉµ·Ò³ · ¸¶µ² £ ²¨ Éµ£¤  ÊÎ¥´Ò¥, ¶·¨Ï²µ¸Ó ¨¸Ìµ¤¨ÉÓ ¨³ ¢
¸¢µ¥³ ¶µ¸É·µ¥´¨¨ ¨¤¥ ²Ó´µ° É¥µ·¥É¨Î¥¸±µ° ± ·É¨´Ò ¸µ¢¥·Ï¥´´µ ´µ¢µ£µ Ë¨-
§¨Î¥¸±µ£µ Ö¢²¥´¨Ö. ’ ± Ö ¨¤¥ ²¨§ Í¨Ö µ¶· ¢¤ ´´ , ¶µ¸±µ²Ó±Ê µ´  µ¡´ ¦ ¥É
¨¸É¨´´Ò¥ £²Ê¡µ±¨¥  ¸¶¥±ÉÒ ´µ¢µ£µ Ö¢²¥´¨Ö. …¥ ´¥ ¸²¥¤Ê¥É ¶ÊÉ ÉÓ ¸ Ê¶·µÐ¥-
´¨Ö³¨, ±µÉµ·Ò¥ Ê¢µ¤ÖÉ µÉ ¶·µ´¨±´µ¢¥´¨Ö ¢ ¸ÊÉÓ Ö¢²¥´¨Ö. ˆ É ±µ° ¶·¨³¥·
Ê±²µ´¥´¨Ö µÉ ¡µ²¥¥ £²Ê¡µ±µ£µ ¶µ´¨³ ´¨Ö ¸ÊÉ¨ Ö¢²¥´¨Ö ³Ò ´ Ìµ¤¨³ ¢ Éµ° ¦¥
¸É ÉÓ¥ [7].

‘É·¥³Ö¸Ó ¸±µ·¥°Ï¨³ ¶ÊÉ¥³ ¶µ²ÊÎ¨ÉÓ µ¡ÑÖ¸´¥´¨¥ ³ ±·µ¸±µ¶¨Î¥¸±µ° ± ·-
É¨´Ò Ö¢²¥´¨Ö, ’ ³³ ¨ ”· ´± ¸µ§´ É¥²Ó´µ Ê±²µ´¨²¨¸Ó µÉ ¢ÒÖ¸´¥´¨Ö ³¨±·µ-
¸±µ¶¨Î¥¸±µ£µ ³¥Ì ´¨§³  ¶¥·¢¨Î´µ£µ ¨§²ÊÎ¥´¨Ö, ²¥¦ Ð¥£µ ¢ µ¸´µ¢¥ ÔËË¥±É 
‚ ¢¨²µ¢ Ä—¥·¥´±µ¢ . ‘Ê¤Ö ¶µ ¢µ¸¶µ³¨´ ´¨Ö³ ˆ.Œ.”· ´±  [8, 30], ¨³¥´´µ µÉ
´¥£µ ¢ ¡	µ²ÓÏ¥° ¸É¥¶¥´¨ ¨¸Ìµ¤¨²  ¨´¨Í¨ É¨¢  ´¥ Ê£²Ê¡²ÖÉÓ¸Ö ¢ ³¨±·µ¸±µ¶¨Î¥-
¸±ÊÕ ± ·É¨´Ê Ö¢²¥´¨Ö. ˆ ¤¥°¸É¢¨É¥²Ó´µ, ¢§ÖÉÒ°  ¢Éµ· ³¨ ±Ê·¸ ´  ¶µ¸É·µ¥´¨¥
É¥µ·¨¨ ²¨ÏÓ ³ ±·µ¸±µ¶¨Î¥¸±µ° ¸Éµ·µ´Ò Ö¢²¥´¨Ö ¶µ§¢µ²¨² ¨³ ³¨´µ¢ ÉÓ É·Ê¤-
´µ¸É¨ ¢ÒÖ¢²¥´¨Ö ³¨±·µ¸±µ¶¨Î¥¸±µ£µ µ¡µ¸´µ¢ ´¨Ö ¤²Ö ¶¥·¢¨Î´µ£µ ¨§²ÊÎ¥´¨Ö,
²¥¦ Ð¥£µ ¢ ¸ ³µ° µ¸´µ¢¥ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö. ’ ±µ° ¶ÊÉÓ ¢¶µ²´¥ µ¶· ¢-
¤ ´ ¤²Ö ¶µ¸É·µ¥´¨Ö ¶¥·¢µ£µ É¥µ·¥É¨Î¥¸±µ£µ µ¶¨¸ ´¨Ö ÔÉµ£µ ´µ¢µ£µ Ö¢²¥´¨Ö.
‘µ§¤ É¥²Ö³ ³ ±·µ¸±µ¶¨Î¥¸±µ° É¥µ·¨¨ Ê¤ ²µ¸Ó Ê¸¶¥Ï´µ µ¡ÑÖ¸´¨ÉÓ ¢¸¥ ¨§¢¥¸É-
´Ò¥ Éµ£¤  Ô±¸¶¥·¨³¥´É ²Ó´Ò¥ Ë ±ÉÒ µ § £ ¤µÎ´µ³ ¸¢¥Î¥´¨¨ ¦¨¤±µ¸É¥° ¶µ¤
¤¥°¸É¢¨¥³ £ ³³ -²ÊÎ¥° ¨ ¶·¥¤¸± § ÉÓ ´µ¢Ò° ÔËË¥±É Å ¨§²ÊÎ¥´¨e ¸¢¥É  ¶µ¤
¸É·µ£µ µ¶·¥¤¥²¥´´Ò³ Ê£²µ³ ± ´ ¶· ¢²¥´¨Õ ¤¢¨¦¥´¨Ö ¶¥·¢¨Î´µ£µ Ô²¥±É·µ´ ,
¢µ§¡Ê¦¤ ÕÐ¥£µ ÔÉµ ¸¢¥Î¥´¨¥.

�µ, ± ¸µ¦ ²¥´¨Õ, ÔÉ¨ Ê¸¶¥Ì¨ ¶¥·¢µ£µ É¥µ·¥É¨Î¥¸±µ£µ µ¶¨¸ ´¨Ö Î¥·¥´±µ¢-
¸±µ£µ ¨§²ÊÎ¥´¨Ö ¨ ¢ ¶µ¸²¥¤ÊÕÐ¨Ì É¥µ·¥É¨Î¥¸±¨Ì ¨¸¸²¥¤µ¢ ´¨ÖÌ ¸¶µ¸µ¡¸É¢µ-
¢ ²¨ Ê±²µ´¥´¨Õ µÉ ¢ÒÖ¸´¥´¨Ö ¶·¨Î¨´ ¢µ§´¨±´µ¢¥´¨Ö ¶¥·¢¨Î´µ£µ ¨§²ÊÎ¥´¨Ö.
’ ±, ´ ¶·¨³¥·, ¢ 1939 £. ˆ.….’ ³³ µ¶Ê¡²¨±µ¢ ² ´µ¢µ¥ É¥µ·¥É¨Î¥¸±µ¥ ¨¸-
¸²¥¤µ¢ ´¨¥ [9], ¢ ±µÉµ·µ³ ¨³ ¡Ò² ¸µ§¤ ´ ¢ ¦´Ò° Ëµ·³ ²¨§³ ¤²Ö µ¶¨¸ ´¨Ö
Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö, ¢Ò§¢ ´´µ£µ ·¥²ÖÉ¨¢¨¸É¸±µ° Î ¸É¨Í¥° ´  µÉ·¥§±¥
±µ´¥Î´µ° ¤²¨´Ò. �µ ¨´É¥·¥¸ÊÕÐ¥³Ê ´ ¸ ¢µ¶·µ¸Ê ¢ ±µ´Í¥ ¢¢¥¤¥´¨Ö ’ ³³
¸¤¥² ² ¸²¥¤ÊÕÐ¥¥ ¢ ¦´¥°Ï¥¥ ÊÉ¢¥·¦¤¥´¨¥: ®‘ ÉµÎ±¨ §·¥´¨Ö ³¨±·µ¸±µ¶¨-
Î¥¸±µ° É¥µ·¨¨ · ¸¸³ É·¨¢ ¥³µ¥ ¨§²ÊÎ¥´¨¥ ´¥ ¨¸¶Ê¸± ¥É¸Ö ´¥¶µ¸·¥¤¸É¢¥´´µ
Ô²¥±É·µ´µ³,   ¨³¥¥É ¸¢µ¥° ¶·¨Î¨´µ° ±µ£¥·¥´É´Ò¥ ±µ²¥¡ ´¨Ö ³µ²¥±Ê² ¸·¥¤Ò,
¢µ§¡Ê¦¤ ¥³ÒÌ Ô²¥±É·µ´µ³. ŒÒ, µ¤´ ±µ, ´¥ ¢Ìµ¤¨³ §¤¥¸Ó ¢ ³¨±·µ¸±µ¶¨Î¥¸±µ¥
· ¸¸³µÉ·¥´¨¥ ¶·µ¡²¥³Ò¯ [10, c.79]. Š § ²µ¸Ó ¡Ò, ¶µ¸²¥ É ±µ£µ ±µ´±·¥É´µ£µ ¨
£²Ê¡µ±µ ¸µ¤¥·¦ É¥²Ó´µ£µ Ê± § ´¨Ö Ï¥Ë  ¸µÉ·Ê¤´¨± ³ É¥µ·¥É¨Î¥¸±µ£µ µÉ¤¥² 
”ˆ�� ¸²¥¤µ¢ ²µ ¡Ò ´¥¶µ¸·¥¤¸É¢¥´´µ § ´ÖÉÓ¸Ö ¢ÒÖ¸´¥´¨¥³ ³¥Ì ´¨§³  ¢µ§-
¡Ê¦¤¥´¨Ö ±µ²¥¡ ´¨° ¢ ³µ²¥±Ê²¥ ¨²¨ ÌµÉÖ ¡Ò Ê¸¢µ¨ÉÓ ± É¥£µ·¨Î¥¸±µ¥ ÊÉ¢¥·-
¦¤¥´¨¥ Ï¥Ë , ÎÉµ ®· ¸¸³ É·¨¢ ¥³µ¥ ¨§²ÊÎ¥´¨¥ ´¥ ¨¸¶Ê¸± ¥É¸Ö ´¥¶µ¸·¥¤-
¸É¢¥´´µ Ô²¥±É·µ´µ³¯. �µ ´¨±Éµ ¨§ ¶µ¸²¥¤µ¢ É¥²¥° ’ ³³  ¤ ¦¥ ´¥ µ¡· É¨²
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¢´¨³ ´¨Ö ´  ¸Éµ²Ó ¢ ¦´µ¥ Ê± § ´¨¥, § Éµ µ´¨ ¶·¨´Ö²¨ ± ¡¥§Ê¸²µ¢´µ³Ê ¨¸¶µ²-
´¥´¨Õ ¢ ¸¢µ¨Ì ¨¸¸²¥¤µ¢ ´¨ÖÌ ¥£µ, ±¸É É¨, ´¥ ¸µ¢¸¥³ ¢¥·´µ¥ ¢Ò¸± §Ò¢ ´¨¥:
®...´¥ ¢Ìµ¤¨³ §¤¥¸Ó ¢ ³¨±·µ¸±µ¶¨Î¥¸±µ¥ · ¸¸³µÉ·¥´¨¥ ¶·µ¡²¥³Ò¯.

�  ¸ ³µ³ ¦¥ ¤¥²¥ Ê¦¥ ¢ ¶¥·¢µ° ¨Ì ¸É ÉÓ¥ ¶·¨¢µ¤¨É¸Ö ÊÉ¢¥·¦¤¥´¨¥ µ Éµ³,
ÎÉµ ¶µ²¥ ¤¢¨¦ÊÐ¥£µ¸Ö ¢ ¸·¥¤¥ Ô²¥±É·µ´  ®³µ¦´µ · ¸¸³ É·¨¢ ÉÓ ± ± ·¥§Ê²Ó-
É É ¸Ê¶¥·¶µ§¨Í¨¨ ¢µ²´ § ¶ §¤Ò¢ ÕÐ¥£µ ¶µÉ¥´Í¨ ² , ´¥¶·¥·Ò¢´µ ¨§²ÊÎ ¥³ÒÌ
Ô²¥±É·µ´µ³ ¨ · ¸¶·µ¸É· ´ÖÕÐ¨Ì¸Ö ¸µ ¸±µ·µ¸ÉÓÕ c/n¯ [7, c.68]. ŒÒ ¶·µÍ¨-
É¨·µ¢ ²¨ ÔÉÊ Ë· §Ê, ¶µ¸±µ²Ó±Ê µ´  ¸µ¤¥·¦¨É ¥¤¨´¸É¢¥´´µ¥ ¢ ¤ ´´µ° ¸É ÉÓ¥
ÊÉ¢¥·¦¤¥´¨¥, Ö¢´µ µÉ´µ¸ÖÐ¥¥¸Ö ± ¨´É¥·¥¸ÊÕÐ¥³Ê ´ ¸ ¶¥·¢¨Î´µ³Ê ¨§²ÊÎ¥´¨Õ.
ˆ¸Éµ·¨Ö ¢µ§´¨±´µ¢¥´¨Ö É ±µ£µ ¶µ¤Ìµ¤  Ö¢´µ ¸¢Ö§ ´  ¸ · ¡µÉµ° ‚¨²ÓÖ³¸ 
(1935 £.). Š ± ¢¸¶µ³¨´ ¥É ¸ ³ ˆ.Œ.”· ´± ¢ ¸¢µ¥° ±´¨£¥ [8, c.29], ¥£µ ¢´¨³ -
´¨¥ ´  ¸É ÉÓÕ ‚¨²ÓÖ³¸  µ¡· É¨² „.‚.‘±µ¡¥²ÓÍÒ´. ‚ ÔÉµ° ¸É ÉÓ¥ µ¡µ¸´µ¢Ò-
¢ ²¸Ö ³¥Éµ¤, ±µÉµ·Ò° ¶µ§¤´¥¥ ¸É ²¨ ´ §Ò¢ ÉÓ ³¥Éµ¤µ³ ¶¸¥¢¤µËµÉµ´µ¢. �ÉµÉ
³¥Éµ¤ ¸µ¸ÉµÖ² ¢ · §²µ¦¥´¨¨ ¶µ²Ö ¤¢¨¦ÊÐ¥°¸Ö ¢ ¸·¥¤¥ Î ¸É¨ÍÒ ¢ ´¥¶·¥·Ò¢-
´Ò° ¸¶¥±É· Î ¸ÉµÉ, ¨ § É¥³ ÊÎ¨ÉÒ¢ ²µ¸Ó ¢§ ¨³µ¤¥°¸É¢¨¥ ± ¦¤µ° ¸µ¸É ¢²ÖÕ-
Ð¥° ¶µ²Ö ¸  Éµ³ ³¨ ¸·¥¤Ò, ±µ²¥¡ ´¨Ö ¢ ±µÉµ·ÒÌ ¨ ¸É ´µ¢¨²¨¸Ó, Ë ±É¨Î¥¸±¨,
¨¸ÉµÎ´¨±µ³ · ¸Ìµ¤ÖÐ¨Ì¸Ö ¢µ²´. ®‘²¥¤ÊÖ ‚¨²ÓÖ³¸Ê, Å ¶¨Ï¥É ˆ.Œ.”· ´±, Å
¤²Ö ÔÉµ£µ É·¥¡µ¢ ²µ¸Ó ´ °É¨ ³ ²µ¥ ¢§ ¨³µ¤¥°¸É¢¨¥ ¶µ²Ö Î ¸É¨ÍÒ ¸  Éµ³ ³¨
¨ Ö¤· ³¨, · ¸¶µ²µ¦¥´´Ò³¨ ¢¤µ²Ó ¥¥ ¶ÊÉ¨, ±µ²¥¡ ´¨Ö ±µÉµ·ÒÌ ¨ Ö¢²ÖÕÉ¸Ö
¨¸ÉµÎ´¨± ³¨ ¢µ²´¯ [8, c.29]. �µ ¶µ¢µ¤Ê ¦¥ ¶µ¶ÒÉµ± ¶µ¨¸±  ®³¥Ì ´¨§³  É -
±µ° É· ´¸Ëµ·³ Í¨¨ ¶µ²Ö Î ¸É¨ÍÒ ¢ · ¸Ìµ¤ÖÐ¨¥¸Ö ¢µ²´Ò¯ ”· ´± ¤ ²¥¥ ¶µÎÉ¨
¶· ¢¨²Ó´µ § ³¥Î ¥É: ®ƒµ¢µ·Ö ¸µ¢·¥³¥´´Ò³ Ö§Ò±µ³, ÔÉµ ¡Ò²  ¶µ¶ÒÉ±  ¶µ-
¸É·µ¨ÉÓ ³¨±·µ¸±µ¶¨Î¥¸±ÊÕ É¥µ·¨Õ ÔËË¥±É  ‚ ¢¨²µ¢ Ä—¥·¥´±µ¢ , ¢ Î¥³ ´¥
¡Ò²µ ´ ¤µ¡´µ¸É¨¯ [8, c.30].

ŒÒ, ¥¸É¥¸É¢¥´´µ, ´¥ ¸µ£² ¸´Ò ²¨ÏÓ ¸ ¶µ¸²¥¤´¨³¨ ¸²µ¢ ³¨  ¢Éµ·  Å
®¢ Î¥³ ´¥ ¡Ò²µ ´ ¤µ¡´µ¸É¨¯. „¥°¸É¢¨É¥²Ó´µ, Ëµ·³ ²Ó´Ò° ÊÎ¥É É ±µ° É· ´¸-
Ëµ·³ Í¨¨ ¶µ²Ö ¤¢¨¦ÊÐ¥°¸Ö ¢ ¸·¥¤¥ Î ¸É¨ÍÒ ¢ · ¸Ìµ¤ÖÐ¨¥¸Ö ¢µ²´Ò Å ¥¸ÉÓ
´¥µ¡Ìµ¤¨³Ò° ´ Î ²Ó´Ò° ÔÉ ¶ ´  ¶ÊÉ¨ ± ¶µ¸É·µ¥´¨Õ ³¨±·µ¸±µ¶¨Î¥¸±µ° É¥µ-
·¨¨ ÔÉµ£µ ÔËË¥±É , ¢ ±µÉµ·µ³ ²¨ÏÓ ¶µ¸ÉÊ²¨·Ê¥É¸Ö Ë ±É ¨¸¶Ê¸± ´¨Ö  Éµ³ ³¨
· ¸Ìµ¤ÖÐ¨Ì¸Ö ¢µ²´. ’¥µ·¨Ö ¦¥ ³¨±·µ¶·µÍ¥¸¸  ¤µ²¦´  ÊÎ¥¸ÉÓ ¢§ ¨³µ¤¥°¸É¢¨¥
¢µ²´Ò ¸ Ô²¥±É·µ´ ³¨  Éµ³  ¨ ¶µ²ÊÎ¨ÉÓ ¸¶¥±É· ²Ó´µ¥ · ¸¶·¥¤¥²¥´¨¥ £¥´¥·¨-
·Ê¥³ÒÌ ¢µ²´, ±µÉµ·µ¥, ± ± Ê¦¥ ¢ÒÏ¥ ¡Ò²µ µ¸µ¡µ µÉ³¥Î¥´µ, ´¥ § ¢¨¸¨É ´¨ µÉ
¸±µ·µ¸É¨ Î ¸É¨ÍÒ, ´¨ µÉ ¢¥Ð¥¸É¢  · ¤¨ Éµ· . ˆ ÔÉµ ¶·¨¤ ¥É ËÊ´¤ ³¥´É ²Ó-
´µ¥ §´ Î¥´¨¥ ± ± Ô±¸¶¥·¨³¥´É ²Ó´µ³Ê ¨¸¸²¥¤µ¢ ´¨Õ, É ± ¨ É¥µ·¥É¨Î¥¸±µ³Ê
µ¡µ¸´µ¢ ´¨Õ ¸¶¥±É·  ¨§²ÊÎ¥´¨Ö, µÉ±·ÒÉµ£µ ‚ ¢¨²µ¢Ò³ ¨ —¥·¥´±µ¢Ò³.

�¤´ ±µ ¢µ¶·¥±¨ ÊÉ¢¥·¦¤¥´¨Õ  ¢Éµ·µ¢ [7] µ Éµ³, ÎÉµ µ´¨ ¢ ÔÉµ° · ¡µÉ¥
¸µ§´ É¥²Ó´µ Ê±²µ´¨²¨¸Ó µÉ ¢ÒÖ¸´¥´¨Ö ³¨±·µ³¥Ì ´¨§³ , ²¥¦ Ð¥£µ ¢ µ¸´µ¢¥
Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö, µ´¨ ´  ¸ ³µ³ ¤¥²¥ ¢ Éµ° ¦¥ · ¡µÉ¥ ¨¸¶µ²Ó§µ¢ ²¨
¶· ¢¨²Ó´Ò° ¸¶¥±É· ¨§²ÊÎ¥´¨Ö ¶·¨ ¢ÒÎ¨¸²¥´¨¨ ¶µ²´µ° Ô´¥·£¨¨ ¨§²ÊÎ¥´¨Ö.
‘²¥¤µ¢ É¥²Ó´µ, ’ ³³ ¨ ”· ´± ¨¸¶µ²Ó§µ¢ ²¨ ¢ ¸¢µ¨Ì · ¸Î¥É Ì ¢¥²¨Î¨´Ò, ´¥-
¶µ¸·¥¤¸É¢¥´´µ ¸¢Ö§ ´´Ò¥ ¸ ³¨±·µ³¥Ì ´¨§³µ³ Ö¢²¥´¨Ö, ´¥ µÉ¤ ¢ Ö ¸¥¡¥ ¢ ÔÉµ³
µÉÎ¥É . ‚ÒÖ¸´¥´¨¥ ÔÉµ£µ ´¥¤µ· §Ê³¥´¨Ö ¨ ¶µ¸²Ê¦¨²µ µ¸´µ¢´Ò³ ¶µ¢µ¤µ³ ¤²Ö
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´ ¶¨¸ ´¨Ö ¤ ´´µ£µ µ¡§µ· . ‘µµÉ¢¥É¸É¢¥´´µ, ³Ò ¤ ²¥¥ ¡Ê¤¥³ · §ÑÖ¸´ÖÉÓ Éµ²Ó±µ
ÔÉÊ ¸±·ÒÉÊÕ ¸¢Ö§Ó ¸ ³¨±·µ³¥Ì ´¨§³µ³ Ö¢²¥´¨Ö, µ¸É ¢²ÖÖ ¢ ¸Éµ·µ´¥ Ê¦¥ µÉ³¥-
Î¥´´Ò¥ §¤¥¸Ó ¢ ¦´Ò¥ ¤µ¸É¨¦¥´¨Ö ¢ Ê¸É ´µ¢²¥´¨¨ ³ ±·µ¸±µ¶¨Î¥¸±¨Ì ¸¢µ°¸É¢
Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö. „·Ê£¨³ ³µÉ¨¢µ³ ´ ¶¨¸ ´¨Ö µ¡§µ·  ¸É ²µ ±· É-
±µ¥ µ¸¢¥Ð¥´¨¥ ·¥§Ê²ÓÉ Éµ¢ ¨¸¸²¥¤µ¢ ´¨° ´µ¢ÒÌ ¸¢µ°¸É¢ Î¥·¥´±µ¢¸±µ£µ ¨§-
²ÊÎ¥´¨Ö, ¶·µ¢¥¤¥´´ÒÌ ´  Ê´¨± ²Ó´µ³ ¶ÊÎ±¥ ·¥²ÖÉ¨¢¨¸É¸±¨Ì ¨µ´µ¢ ¸¢¨´Í  ¢
–…��.

1. ŒˆŠ��‘Š��ˆ—…‘Š�Ÿ ��ˆ��„� ˆ‡Œ…�…�ˆŸ
�‹…Š’��Œ�ƒ�ˆ’�›• ‘‚�‰‘’‚ Œ�’…�ˆ�‹œ�›• ‘�…„

„²Ö ´¥¶·µ¢µ¤ÖÐ¥° ¸·¥¤Ò ¢¥±Éµ·Ò Ô²¥±É·¨Î¥¸±µ£µ D ¨ ³ £´¨É´µ£µ B ¶µ-
²¥° Í¥²¥¸µµ¡· §´µ ¢Ò· §¨ÉÓ ¸ ¶µ³µÐÓÕ ¸²¥¤ÊÕÐ¨Ì ® ¤¤¨É¨¢´ÒÌ ¸µµÉ´µÏ¥-
´¨°¯:

D = E + 4πP,

B = H + 4πM,

£¤¥ P Å Ô²¥±É·¨Î¥¸± Ö,   M Å ³ £´¨É´ Ö ¶µ²Ö·¨§ Í¨Ö.
Š ± µÉ³¥Î ÕÉ ¢ ¸¢µ¥° ±´¨£¥ [11] Œ.�µ·´ ¨ �.‚µ²ÓË, Ô²¥±É·¨Î¥¸± Ö ¶µ²Ö-

·¨§ Í¨Ö ¨ ³ £´¨É´ Ö ¶µ²Ö·¨§ Í¨Ö (´ ³ £´¨Î¨¢ ´¨¥) ®... ¨³¥ÕÉ ËÊ´¤ ³¥´É ²Ó-
´µ¥ §´ Î¥´¨¥ ¢ É¥µ·¨¨  Éµ³´µ£µ ¸É·µ¥´¨Ö ¢¥Ð¥¸É¢ ... ‚ ÔÉµ° É¥µ·¨¨ ¢¥Ð¥-
¸É¢µ · ¸¸³ É·¨¢ ¥É¸Ö ± ± ¸µ¢µ±Ê¶´µ¸ÉÓ ¢§ ¨³µ¤¥°¸É¢ÊÕÐ¨Ì Î ¸É¨Í ( Éµ³µ¢
¨ ³µ²¥±Ê²), ´ Ìµ¤ÖÐ¨Ì¸Ö ¢ ¢ ±ÊÊ³¥. ’ ±¨¥ Î ¸É¨ÍÒ µ¡· §ÊÕÉ ¶µ²¥, ±µÉµ·µ¥
¨¸¶ÒÉÒ¢ ¥É ¡µ²ÓÏ¨¥ ²µ± ²Ó´Ò¥ ±µ²¥¡ ´¨Ö ¢´ÊÉ·¨ ¢¥Ð¥¸É¢ . �Éµ ¢´ÊÉ·¥´´¥¥
¶µ²¥ ¢¨¤µ¨§³¥´Ö¥É¸Ö ²Õ¡Ò³ ¶µ²¥³, ±µÉµ·µ¥ ¶·¨±² ¤Ò¢ ¥É¸Ö ¨§¢´¥, ¨ ¸¢µ°-
¸É¢  ¢¥Ð¥¸É¢  ´ Ìµ¤ÖÉ¸Ö ¶ÊÉ¥³ Ê¸·¥¤´¥´¨Ö ¶µ ¶µ²´µ³Ê ¶µ²Õ ¢´ÊÉ·¨ ´¥£µ...
‚ ÔÉµ³ ¶·¨¡²¨¦¥´¨¨ ¤²Ö ¤µ¸É ÉµÎ´µ ¸² ¡ÒÌ ¶µ²¥° ³Ò ³µ¦¥³ ¶·¥¤¶µ²µ¦¨ÉÓ,
ÎÉµ P ¨ M ¶·µ¶µ·Í¨µ´ ²Ó´Ò, ¸µµÉ¢¥É¸É¢¥´´µ, E ¨ H, É. ¥. P = ηE, M = χH.
Œ´µ¦¨É¥²Ó η ´ §Ò¢ ¥É¸Ö ¤¨Ô²¥±É·¨Î¥¸±µ° ¢µ¸¶·¨¨³Î¨¢µ¸ÉÓÕ,   χ Å ³ £-
´¨É´µ° ¢µ¸¶·¨¨³Î¨¢µ¸ÉÓÕ, ...¤¨Ô²¥±É·¨Î¥¸± Ö ¶·µ´¨Í ¥³µ¸ÉÓ ε ¨ ³ £´¨É´ Ö
¶·µ´¨Í ¥³µ¸ÉÓ µ ¸¢Ö§ ´Ò ¸ ¤¨Ô²¥±É·¨Î¥¸±µ° ¨ ³ £´¨É´µ° ¢µ¸¶·¨¨³Î¨¢µ¸ÉÖ³¨
¸µµÉ´µÏ¥´¨Ö³¨ ε = 1 + 4πη , µ = 1 + 4πχ. ...�·µ¸É¥°Ï¥¥ ¶·¥¤¶µ²µ¦¥´¨¥,
¸²Ê¦ Ð¥¥ ¶¥·¢Ò³ Ï £µ³ ÊÎ¥É   Éµ³´µ° ¸É·Ê±ÉÊ·Ò ¢¥Ð¥¸É¢ , § ±²ÕÎ ¥É¸Ö ¢
· ¸¸³µÉ·¥´¨¨ ¢¥Ð¥¸É¢  ± ± ¸µ¢µ±Ê¶´µ¸É¨ µ¶·¥¤¥²¥´´ÒÌ Ë¨§¨Î¥¸±¨Ì µ¡Ñ¥±-
Éµ¢ Å ³µ²¥±Ê², ±µÉµ·Ò¥ ³µ£ÊÉ ¶µ²Ö·¨§µ¢ ÉÓ¸Ö ¨, ¸²¥¤µ¢ É¥²Ó´µ, ¶·¨µ¡·¥-
É ÉÓ ¶µ¤ ¤¥°¸É¢¨¥³ ¢´¥Ï´¥£µ ¶µ²Ö Ô²¥±É·¨Î¥¸±¨° ¨ ³ £´¨É´Ò° ³µ³¥´ÉÒ¯
[11, c.110, 111].

„ ²¥¥  ¢Éµ·Ò ¢¢µ¤ÖÉ ÔËË¥±É¨¢´µ¥ ¶µ²¥ E′, H′, ¤¥°¸É¢ÊÕÐ¥¥ ´  ³µ²¥±Ê²Ê
¨ µÉ²¨Î ÕÐ¥¥¸Ö µÉ ´ ¡²Õ¤ ¥³µ£µ ¶µ²Ö E, H, ±µÉµ·µ¥ ¶µ²ÊÎ ¥É¸Ö ¢ ·¥§Ê²ÓÉ É¥
Ê¸·¥¤´¥´¨Ö ¶µ µ¡² ¸É¨, ¸µ¤¥·¦ Ð¥° ¡µ²ÓÏµ¥ Î¨¸²µ ³µ²¥±Ê². „²Ö Ô²¥±É·¨Î¥-
¸±¨Ì ¶µ²¥°  ¢Éµ·Ò ¶µ²ÊÎ ÕÉ ¸µµÉ´µÏ¥´¨¥ E′ = E + 4π/3 P. �´ ²µ£¨Î´µ¥
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¸µµÉ´µÏ¥´¨¥ ¤µ²¦´µ ¡ÒÉÓ ¨ ¤²Ö ³ £´¨É´ÒÌ ¶µ²¥° H′ = H + 4π/3M. „²Ö
± ¦¤µ° ³µ²¥±Ê²Ò ¢µ§´¨± ¥É Ô²¥±É·¨Î¥¸±¨° ¤¨¶µ²Ó´Ò° ³µ³¥´É p ¶µ¤ ¤¥°-
¸É¢¨¥³ ÔËË¥±É¨¢´µ£µ ¶µ²Ö: p = α E′. ‡¤¥¸Ó α Å ¸·¥¤´ÖÖ ¶µ²Ö·¨§Ê¥³µ¸ÉÓ
³µ²¥±Ê², ±µÉµ· Ö ¨³¥¥É · §³¥·´µ¸ÉÓ µ¡Ñ¥³ . ˆ ¥¸²¨ N Å Î¨¸²µ ³µ²¥±Ê²
¢ ¥¤¨´¨Í¥ µ¡Ñ¥³ , Éµ ¶µ²´Ò° Ô²¥±É·¨Î¥¸±¨° ³µ³¥´É ¥¤¨´¨ÍÒ µ¡Ñ¥³  ¡Ê¤¥É
· ¢¥´ P = Np = NαE′.

‡ É¥³  ¢Éµ·Ò ¶·¨¢µ¤ÖÉ ¢Ò· ¦¥´¨Ö, ¸¢Ö§Ò¢ ÕÐ¨¥ ¤¨Ô²¥±É·¨Î¥¸±ÊÕ ¢µ¸-
¶·¨¨³Î¨¢µ¸ÉÓ η ¨ ¤¨Ô²¥±É·¨Î¥¸±ÊÕ ¶·µ´¨Í ¥³µ¸ÉÓ ε ¸µ ¸·¥¤´¥° ¶µ²Ö·¨§Ê¥-
³µ¸ÉÓÕ α. „ ²¥¥, ¨¸¶µ²Ó§ÊÖ ¸µµÉ´µÏ¥´¨¥ Œ ±¸¢¥²²  ε = n2, ¶µ²ÊÎ ÕÉ Ëµ·-
³Ê²Ê ‹µ·¥´ÉÍ Ä‹µ·¥´Í , ¢Ò· ¦ ÕÐÊÕ ¸·¥¤´ÕÕ ¶µ²Ö·¨§Ê¥³µ¸ÉÓ Î¥·¥§ ±¢ -
¤· É ¶µ± § É¥²Ö ¶·¥²µ³²¥´¨Ö ¸·¥¤Ò. „²Ö £ §  ÔÉ  Ëµ·³Ê²  ¨³¥¥É ¶·µ¸Éµ°
¢¨¤: 4πNα ∼= n2 − 1. �É³¥Î ¥É¸Ö, ÎÉµ ¶µ¸²¥¤´ÖÖ ¢¥²¨Î¨´  ¨§³¥´Ö¥É¸Ö ¶µÎÉ¨
¶·µ¶µ·Í¨µ´ ²Ó´µ ¶²µÉ´µ¸É¨ £ §  [11, c.115].

�É¤¥²Ó´Ò° ¶ · £· Ë  ¢Éµ·Ò ±´¨£¨ ¶µ¸¢ÖÉ¨²¨ µ¶¨¸ ´¨Õ ¶µ²Ö ²¨´¥°-
´µ£µ ¤¨¶µ²Ö. ’ ±µ° ¤¨¶µ²Ó Ì · ±É¥·¨§Ê¥É¸Ö Ô²¥±É·¨Î¥¸±µ° ¶µ²Ö·¨§ Í¨¥°
p(r, t) = p(t)δ(r − r0)n, £¤¥ n Å ¥¤¨´¨Î´Ò° ¢¥±Éµ·, § ¤ ÕÐ¨° ´ ¶· ¢²¥´¨¥
±µ²¥¡ ´¨° Ô²¥±É·µ´   Éµ³  ¤ ´´µ£µ ¤¨¶µ²Ö,   r0 Å ±µµ·¤¨´ É  · ¸¶µ²µ¦¥´¨Ö
¤¨¶µ²Ö. �µ²¥ ¤¨¶µ²Ö · ¸¸³ É·¨¢ ¥É¸Ö ¢ ¢µ²´µ¢µ° §µ´¥, ±µ£¤  ³µ¦´µ µ£· ´¨-
Î¨ÉÓ¸Ö · ¸¸³µÉ·¥´¨¥³ ¢¥²¨Î¨´ ¶¥·¢µ£µ ¶µ·Ö¤±  µÉ´µ¸¨É¥²Ó´µ 1/R, £¤¥ R Å
· ¸¸ÉµÖ´¨¥ µÉ ÉµÎ±¨ r ¤µ ÉµÎ±¨ r0,   ËÊ´±Í¨Ö p(t) Ö¢²Ö¥É¸Ö ¶¥·¨µ¤¨Î¥¸±µ°
¸ Ê£²µ¢µ° Î ¸ÉµÉµ° ω. „²Ö ÔÉµ£µ ¸²ÊÎ Ö  ¢Éµ·Ò ¶µ²ÊÎ ÕÉ ¶µ²¥ ¨§²ÊÎ¥´¨Ö ¨
Ô´¥·£¨Õ ¨§²ÊÎ¥´¨Ö ¢ ¥¤¨´¨ÍÊ ¢·¥³¥´¨ ´  ¤ ´´µ° Î ¸ÉµÉ¥ [11, c.107Ä110].

’ ±¨³ µ¡· §µ³, ¶·µ¢¥¤¥´´µ¥  ¢Éµ· ³¨ · ¸¸³µÉ·¥´¨¥ ´ £²Ö¤´µ ¶µ± §Ò¢ ¥É
¶·Ö³ÊÕ ¸¢Ö§Ó ¢¥²¨Î¨´, µÉ´µ¸ÖÐ¨Ì¸Ö ± ³ ±·µ¸±µ¶¨Î¥¸±¨³ Ê· ¢´¥´¨Ö³ Ô²¥±-
É·µ³ £´¨É´µ£µ ¶µ²Ö ¢ ³ É¥·¨ ²Ó´µ° ¸·¥¤¥, ¸  ´ ²µ£¨Î´Ò³¨ ¢¥²¨Î¨´ ³¨ ¤²Ö
³¨±·µ¸±µ¶¨Î¥¸±µ° Ô²¥±É·µ¤¨´ ³¨±¨ ¢ ¢ ±ÊÊ³¥. ’ ±¨¥ ¢¥²¨Î¨´Ò, ± ± ¢¥±Éµ·Ò
Ô²¥±É·¨Î¥¸±µ° D ¨ ³ £´¨É´µ° B ¨´¤Ê±Í¨¨,   É ±¦¥ ¶µ± § É¥²Ó ¶·¥²µ³²¥´¨Ö
µ¶É¨Î¥¸±µ° ¸·¥¤Ò n µ± § ²¨¸Ó § ¢¨¸¨³Ò³¨ µÉ Ô²¥±É·¨Î¥¸±µ° ¨ ³ £´¨É´µ°
¶µ²Ö·¨§ Í¨¨ µÉ¤¥²Ó´ÒÌ  Éµ³µ¢ ¨ ³µ²¥±Ê² Î¥·¥§ ¢¥±Éµ·´ÊÕ ¸Ê³³Ê ÔÉ¨Ì ³¨-
±·µ¸±µ¶¨Î¥¸±¨Ì ¢¥²¨Î¨´. ŒÒ ¶µ± ¦¥³ ¤ ²¥¥, ÎÉµ, ´¥ µÉ¤ ¢ Ö ¸¥¡¥ ¢ ÔÉµ³
µÉÎ¥É , ¸µ§¤ É¥²¨ ¶¥·¢µ£µ É¥µ·¥É¨Î¥¸±µ£µ µ¡ÑÖ¸´¥´¨Ö µÉ±·ÒÉµ£µ —¥·¥´±µ¢Ò³
¨§²ÊÎ¥´¨Ö, ¨¸¶µ²Ó§ÊÖ ¸Ê³³ ·´ÊÕ ¶µ²Ö·¨§ Í¨Õ, ¶µ²ÊÎ¨²¨ ¨ É ±ÊÕ µ¸´µ¢´ÊÕ
Ì · ±É¥·¨¸É¨±Ê ¸±·ÒÉµ£µ ³¨±·µ¶·µÍ¥¸¸ , ± ± ¸¶¥±É· ²Ó´µ¥ · ¸¶·¥¤¥²¥´¨¥
ÔÉµ£µ ¨§²ÊÎ¥´¨Ö.

� ¸¸³µÉ·¥´´Ò°  ¢Éµ· ³¨ ±´¨£¨ [11] ¸²ÊÎ ° ¶µ²Ö·¨§ Í¨¨  Éµ³µ¢ ¶µ¤ ¤¥°-
¸É¢¨¥³ Ô²¥±É·µ³ £´¨É´µ£µ ¶µ²Ö ¢µ²´Ò ¶µ²¥§¥´ ¤²Ö ·¥Ï¥´¨Ö ¨´É¥·¥¸ÊÕÐ¥°
´ ¸ § ¤ Î¨ µ ¢µ§´¨±´µ¢¥´¨¨ ¨§²ÊÎ¥´¨Ö ¸¢¥É , ¨¸¶Ê¸± ¥³µ£µ  Éµ³ ³¨ ¸·¥¤Ò
¶µ¤ ¤¥°¸É¢¨¥³ Ô²¥±É·¨Î¥¸±µ£µ ¶µ²Ö ¶·µÌµ¤ÖÐ¥° § ·Ö¦¥´´µ° Î ¸É¨ÍÒ. Ÿ¸´µ,
ÎÉµ ÔÉµ ¢µ§¤¥°¸É¢¨¥ ¡Ê¤¥É µÉ²¨Î ÉÓ¸Ö ³ ²Ò³ ¢·¥³¥´´Ò³ ¨´É¥·¢ ²µ³, ´µ ³¨-
±·µ¸±µ¶¨Î¥¸± Ö ¶·¨·µ¤  ¢µ§´¨±´µ¢¥´¨Ö ÔÉµ£µ ¸¢¥É  ¤µ²¦´  ¡ÒÉÓ µ¸´µ¢ ´ 
¶µ-¶·¥¦´¥³Ê ´  Ô²¥±É·¨Î¥¸±µ° ¶µ²Ö·¨§ Í¨¨  Éµ³µ¢ ¨ ³µ²¥±Ê². „¥°¸É¢¨-
É¥²Ó´µ, ¥¸²¨ ¤¨¶µ²Ó, ¶µ²Ö·¨§µ¢ ´´Ò° Ô²¥±É·µ³ £´¨É´µ° ¢µ²´µ°, ¨§²ÊÎ ¥É
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¸¢¥É, Éµ ¨ ¤¨¶µ²¨, ¸µ§¤ ¢ ¥³Ò¥ § ·Ö¦¥´´µ° Î ¸É¨Í¥° ¢ ³µ³¥´É ¥¥ ¶·µÌµ-
¦¤¥´¨Ö, ³µ£ÊÉ ¡ÒÉÓ ¨¸ÉµÎ´¨± ³¨ ±µ£¥·¥´É´ÒÌ ¨§²ÊÎ¥´¨°, ±µÉµ·Ò¥ ¶·¨ µ¶·¥-
¤¥²¥´´ÒÌ Ê¸²µ¢¨ÖÌ ¡Ê¤ÊÉ µ¡Ñ¥¤¨´ÖÉÓ¸Ö ¢ ´ ¶· ¢²¥´´µ¥ Î¥·¥´±µ¢¸±µ¥ ¨§²ÊÎ¥-
´¨¥. „²Ö ÔÉµ£µ ³ ±·µ¸±µ¶¨Î¥¸±µ£µ Ö¢²¥´¨Ö Ì · ±É¥·¥´ µ¶·¥¤¥²¥´´Ò° ¶µ·µ£
¨§²ÊÎ¥´¨Ö, ´ Î¨´ Ö ¸ ±µÉµ·µ£µ ¢Ò¶µ²´ÖÕÉ¸Ö Ê¸²µ¢¨Ö ´ ¡²Õ¤¥´¨Ö ÔÉµ£µ ¨§²Ê-
Î¥´¨Ö. �¤´ ±µ ± ¸ ³µ³Ê ¶¥·¢¨Î´µ³Ê ¨§²ÊÎ¥´¨Õ, ¶µÖ¢²ÖÕÐ¥³Ê¸Ö ¢ ·¥§Ê²ÓÉ É¥
¶µ²Ö·¨§ Í¨¨  Éµ³µ¢ ¸·¥¤Ò ¶µ¤ ¤¥°¸É¢¨¥³ Ô²¥±É·¨Î¥¸±µ£µ ¶µ²Ö ¶·µ²¥É ÕÐ¥°
§ ·Ö¦¥´´µ° Î ¸É¨ÍÒ, ÔÉ¨ Ê¸²µ¢¨Ö ¶µ·µ£  ¨§²ÊÎ¥´¨Ö ´¥ µÉ´µ¸ÖÉ¸Ö. �µÔÉµ³Ê
É·¥¡µ¢ ´¨¥ ¶µ·µ£  ¤²Ö ¶¥·¢¨Î´µ£µ ¨§²ÊÎ¥´¨Ö, ²¥¦ Ð¥£µ ¢ µ¸´µ¢¥ Î¥·¥´-
±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö, Ö¢²Ö¥É¸Ö £·Ê¡¥°Ï¥° µÏ¨¡±µ°∗. ‘²¥¤Ê¥É É ±¦¥ µ¡· -
É¨ÉÓ ¢´¨³ ´¨¥ ´  Éµ, ÎÉµ ¢¥±Éµ· ¶µ²Ö·¨§ Í¨¨ ¸·¥¤Ò, Ö¢²ÖÕÐ¨°¸Ö ¢¥±Éµ·´µ°
¸Ê³³µ° ¶µ²Ö·¨§ Í¨¨ µÉ¤¥²Ó´ÒÌ  Éµ³µ¢, ¨¸¶µ²Ó§Ê¥É¸Ö ± ± ¤²Ö ³¨±·µ¸±µ¶¨Î¥-
¸±µ£µ µ¡µ¸´µ¢ ´¨Ö µ¶É¨Î¥¸±¨Ì ¸¢µ°¸É¢ ¸·¥¤Ò, ÎÉµ ¶µ± § ´µ ¢ ¶·¨¢¥¤¥´´µ³
µÉ·Ò¢±¥ ¨§ ±´¨£¨ [11], É ± ¨ ¢ ¸²ÊÎ ¥ ¶µ²ÊÎ¥´¨Ö ¶¥·¢¨Î´µ£µ ¨§²ÊÎ¥´¨Ö ¤¨¶µ-
²¥°, ¢µ§´¨± ÕÐ¨Ì ¢ ·¥§Ê²ÓÉ É¥ Éµ£µ ¦¥ ¶·µÍ¥¸¸  ¶µ²Ö·¨§ Í¨¨  Éµ³µ¢ ¸·¥¤Ò.
„ ²¥¥ ³Ò ¶·µ ´ ²¨§¨·Ê¥³ ±µ´±·¥É´Ò¥ · ¡µÉÒ, ¢ ±µÉµ·ÒÌ ´¥¤µµÍ¥´±  ÔÉµ°
¤¢µ°¸É¢¥´´µ° ·µ²¨ ¨¸¶µ²Ó§µ¢ ´¨Ö ¢¥±Éµ·  ¶µ²Ö·¨§ Í¨¨ ¶·¨¢µ¤¨²  ± µ¶·¥¤¥-
²¥´´µ³Ê ´¥¤µ¶µ´¨³ ´¨Õ ¶µ²ÊÎ¥´´ÒÌ É¥µ·¥É¨Î¥¸±¨Ì ·¥§Ê²ÓÉ Éµ¢.

2. � �…Ÿ‚��Œ “—…’… �…�‚ˆ—��ƒ� ˆ‡‹“—…�ˆŸ
�’ ��‹Ÿ�ˆ‡�–ˆˆ �’�Œ�‚ ‘�…„›
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� ¡µÉ  [7], ¢ ±µÉµ·µ° ’ ³³µ³ ¨ ”· ´±µ³ ¢¶¥·¢Ò¥ ¡Ò²µ ¤ ´µ É¥µ·¥É¨Î¥-
¸±µ¥ µ¡ÑÖ¸´¥´¨¥ µ¡´ ·Ê¦¥´´µ£µ —¥·¥´±µ¢Ò³ ¨§²ÊÎ¥´¨Ö, Ë ±É¨Î¥¸±¨ ´ Î¨-
´ ² ¸Ó ¸ ¨¸¶µ²Ó§µ¢ ´¨Ö ¨§¢¥¸É´µ£µ ¤¨´ ³¨Î¥¸±µ£µ ¸µµÉ´µÏ¥´¨Ö ®...³¥¦¤Ê
¶µ²Ö·¨§ Í¨¥° P ¨ Ô²¥±É·¨Î¥¸±µ° ¸¨²µ° E¯ [10, ¸.69], ±µÉµ·µ¥ § É¥³ ¶µ-
¸²¥ ¶·¨³¥´¥´¨Ö ËÊ·Ó¥-¶·¥µ¡· §µ¢ ´¨Ö ¡Ò²µ § ³¥´¥´µ ¸µµÉ´µÏ¥´¨¥³ 4πPω =
(n2 − 1)Eω ¤²Ö Î ¸ÉµÉÒ ω. �Éµ³Ê Ê· ¢´¥´¨Õ ¢ ¸É ÉÓ¥ ¡Ò² ¶·¨¸¢µ¥´ ´µ³¥·
(3),   ¨´É¥£· ²Ó´Ò³ ¶·¥µ¡· §µ¢ ´¨Ö³ ”Ê·Ó¥ ¸µµÉ¢¥É¸É¢µ¢ ² ´µ³¥· (2). „ -
²¥¥ ¸µµÉ´µÏ¥´¨Ö (2) ¨ (3), ± ± µÉ³¥Î ²¨  ¢Éµ·Ò, ¡Ò²¨ ¨¸¶µ²Ó§µ¢ ´Ò ¨³¨
¤²Ö ¶µ²ÊÎ¥´¨Ö Ê· ¢´¥´¨° Œ ±¸¢¥²²  ¤²Ö ¢¥²¨Î¨´, µÉ´µ¸ÖÐ¨Ì¸Ö ± § ¤ ´´µ°
Î ¸ÉµÉ¥ ω.

�µ¸²¥ ·Ö¤  ¸²µ¦´ÒÌ ¶·¥µ¡· §µ¢ ´¨°  ¢Éµ·Ò ¸¢¥²¨ § ¤ ÎÊ µ¡ ¨§²ÊÎ¥-
´¨¨ ¶¥·¢¨Î´µ£µ Ô²¥±É·µ´  ¢ ¸·¥¤¥ ± µÉÒ¸± ´¨Õ Í¨²¨´¤·¨Î¥¸±µ° ËÊ´±Í¨¨,
Ê¤µ¢²¥É¢µ·ÖÕÐ¥° Ê· ¢´¥´¨Õ �¥¸¸¥²Ö ¢¸Õ¤Ê, ±·µ³¥ ¶µ²Õ¸  ρ = 0. �¥Ï¥-
´¨¥, Ê¤µ¢²¥É¢µ·ÖÕÐ¥¥ ÔÉµ³Ê Ê¸²µ¢¨Õ, ¢ ¸²ÊÎ ¥ ³ ²ÒÌ ¸±µ·µ¸É¥° ¶¥·¢¨Î´µ°
Î ¸É¨ÍÒ ¡Ò²µ ´ °¤¥´µ ¢ ¢¨¤¥ ËÊ´±Í¨¨ • ´±¥²Ö ¶¥·¢µ£µ ·µ¤ . ‚µ¸¶µ²Ó§µ-
¢ ¢Ï¨¸Ó  ¸¨³¶ÉµÉ¨Î¥¸±¨³ ¢Ò· ¦¥´¨¥³ ÔÉµ° ËÊ´±Í¨¨,  ¢Éµ·Ò ¶µ± § ²¨, ÎÉµ

∗�Éµ ÊÉ¢¥·¦¤¥´¨¥ Î¨¸²¥´´µ ¤µ± §Ò¢ ¥É¸Ö ¢ · ¡µÉ Ì [25Ä27].
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¢ ÔÉµ³ ¸²ÊÎ ¥ ®...³Ò ¨³¥¥³ Ô±¸¶µ´¥´Í¨ ²Ó´µ¥ § ÉÊÌ ´¨¥ ¶µ²Ö ¸ · ¸¸ÉµÖ-
´¨¥³¯ [10, c.71]. �¤´ ±µ ¤²Ö ¡µ²ÓÏµ° ¸±µ·µ¸É¨ ¶¥·¢¨Î´µ£µ Ô²¥±É·µ´  ¨
¤²Ö Î ¸ÉµÉ, Ê¤µ¢²¥É¢µ·ÖÕÐ¨Ì Ê¸²µ¢¨Õ βn(ω) > 1,  ¢Éµ·Ò ¶µ²ÊÎ¨²¨ ´¥§ ÉÊ-
Ì ÕÐÊÕ Í¨²¨´¤·¨Î¥¸±ÊÕ ¢µ²´Ê, ÊÌµ¤ÖÐÊÕ ¢ ´ ¶· ¢²¥´¨¨ θ, ¤²Ö ±µÉµ·µ£µ
cos θ = 1/βn(ω). �µ¸²¥ ÔÉµ£µ  ¢Éµ·Ò ¶·¨¢µ¤ÖÉ ¨´É¥£· ²Ó´Ò¥ ¢Ò· ¦¥´¨Ö
¤²Ö ´¥´Ê²¥¢ÒÌ ±µ³¶µ´¥´É ¶µ²Ö ¨§²ÊÎ¥´¨Ö Hϕ, Eρ ¨ Ez, ¶µ²ÊÎ¥´´Ò¥ ¨§ · -
´¥¥ ´ °¤¥´´ÒÌ Ê· ¢´¥´¨° Œ ±¸¢¥²²  ¤²Ö Î ¸ÉµÉ´ÒÌ ±µ³¶µ´¥´É ¶µ²Ö ¸ ÊÎ¥Éµ³
Ê· ¢´¥´¨Ö ¸¢Ö§¨ ¸ ¶µ²Ö·¨§ Í¨¥°. �µ¤Ò´É¥£· ²Ó´Ò¥ ¢Ò· ¦¥´¨Ö ¤²Ö ±µ³¶µ´¥´É
Ô²¥±É·¨Î¥¸±µ£µ ¶µ²Ö E ¸µ¤¥·¦ É ¶·µ¨§¢¥¤¥´¨¥ ωdω, Ì · ±É¥·¨§ÊÕÐ¥¥ ¸¶¥±-
É· ²Ó´µ¥ · ¸¶·¥¤¥²¥´¨¥ ¶¥·¢¨Î´µ£µ ¨§²ÊÎ¥´¨Ö, ²¥¦ Ð¥£µ ¢ µ¸´µ¢¥ ÔËË¥±É 
‚ ¢¨²µ¢ Ä—¥·¥´±µ¢ . �µÔÉµ³Ê ´¥Ê¤¨¢¨É¥²Ó´µ, ÎÉµ ’ ³³ ¨ ”· ´± ¤ ²¥¥, ¨¸-
¶µ²Ó§ÊÖ ÔÉ¨ ±µ³¶µ´¥´ÉÒ Ô²¥±É·¨Î¥¸±µ£µ ¶µ²Ö ¤²Ö ¢ÒÎ¨¸²¥´¨Ö Ô´¥·£¨¨ ¨§²Ê-
Î¥´¨Ö, ¶µ²ÊÎ¨²¨ ¨ ¢ ¶µ¤Ò´É¥£· ²Ó´µ³ ¢Ò· ¦¥´¨¨ ¤²Ö Ô´¥·£¨¨ ¨§²ÊÎ¥´¨Ö ÉÊ
¦¥ ¢¥²¨Î¨´Ê ¶·µ¨§¢¥¤¥´¨Ö ωdω, ±µÉµ· Ö ¸µ¢¥·Ï¥´´µ ´¥ § ¢¨¸¨É µÉ ¢¥²¨Î¨´
¨¸¶µ²Ó§Ê¥³ÒÌ ³ ±·µ¸±µ¶¨Î¥¸±¨Ì ¶ · ³¥É·µ¢.

‚ 1939 £. ¢ ¸¢µ¥° ¸²¥¤ÊÕÐ¥° · ¡µÉ¥ [10, c.75], ¶µ¸¢ÖÐ¥´´µ° ¶·µ¡²¥³¥
Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö, ’ ³³ ¢ § 2 ¢µ¸¶·µ¨§¢µ¤¨É µ¸´µ¢´µ¥ ¸µ¤¥·¦ ´¨¥ ¸µ-
¢³¥¸É´µ° ¸ ”· ´±µ³ ¸É ÉÓ¨ [7], ¢´µ¸Ö ¢ ¥¥ É¥±¸É ´¥±µÉµ·Ò¥ ´¥§´ Î¨É¥²Ó´Ò¥
¨¸¶· ¢²¥´¨Ö. � ¢ ¸²¥¤ÊÕÐ¥³ ¶ · £· Ë¥, ± ± ¶¨Ï¥É ’ ³³, ¨³ ¤ ¥É¸Ö ®...¡µ²¥¥
¸É·µ£µ¥ ¤µ± § É¥²Ó¸É¢µ µ¸´µ¢´µ° Ëµ·³Ê²Ò, µ¶·¥¤¥²ÖÕÐ¥° ¨´É¥´¸¨¢´µ¸ÉÓ ¨
¸¶¥±É· ²Ó´µ¥ · ¸¶·¥¤¥²¥´¨¥ ¨§²ÊÎ¥´¨Ö¯ [10, c.79]. �¤´ ±µ Ê¦¥ ¢ ¶·¥µ¡· §µ-
¢ ´¨ÖÌ ”Ê·Ó¥ ¢³¥¸Éµ ¨´É¥£· ²  ¤²Ö ¢¥±Éµ·  ¶µ²Ö·¨§ Í¨¨ P ¢ ¸É ÉÓ¥ ’ ³³ 
¶·¨¢¥¤¥´ ¨´É¥£· ² ”Ê·Ó¥ ¤²Ö ¢¥±Éµ·  ¨´¤Ê±Í¨¨ D. ‡ É¥³ ¶·¨¢µ¤ÖÉ¸Ö Ê· ¢´¥-
´¨Ö Œ ±¸¢¥²²  ¤²Ö ±µ³¶µ´¥´É ¶µ²¥° Hω, Eω, ¶µÉ¥´Í¨ ²µ¢ ϕω , �ω ¨ ¢¥²¨Î¨´
ρω, jω, ´µ, ¢ µÉ²¨Î¨¥ µÉ ¶·¥¦´¥° ¸É ÉÓ¨ 1937 £., Ê¦¥ ´¥ µÉ³¥Î ¥É¸Ö, ÎÉµ ¤²Ö
¶µ²ÊÎ¥´¨Ö ÔÉ¨Ì Ê· ¢´¥´¨° ¡Ò²µ ¨¸¶µ²Ó§µ¢ ´µ ¸µµÉ´µÏ¥´¨¥ ¤²Ö ±µ³¶µ´¥´É
¢¥±Éµ·  ¶µ²Ö·¨§ Í¨¨. �ÉµÉ · §¤¥² ¸É ÉÓ¨ ’ ³³  § ± ´Î¨¢ ¥É¸Ö ¶µ²ÊÎ¥´¨¥³
´¥´Ê²¥¢ÒÌ ±µ³¶µ´¥´É ¶µ²Ö ¨§²ÊÎ¥´¨Ö Hϕ, Eρ ¨ Ez, ¨§ ±µÉµ·ÒÌ Éµ²Ó±µ ¶µ-
¸²¥¤´ÖÖ ¢ ¶µ¤Ò´É¥£· ²Ó´µ³ ¢Ò· ¦¥´¨¨ ¸µÌ· ´¨²  ¢ ¦´µ¥ ¤²Ö ´ Ï¥£µ  ´ ²¨§ 
¶·µ¨§¢¥¤¥´¨¥ ωdω.

�·¨ ¢ÒÎ¨¸²¥´¨¨ Ô´¥·£¨¨, ¨§²ÊÎ¥´´µ° Ô²¥±É·µ´µ³ ´  ¥¤¨´¨Î´µ³ ¶ÊÉ¨,
”· ´± ¨ ’ ³³ ¢ · ¡µÉ¥ [7] ¨¸¶µ²Ó§µ¢ ²¨  ¸¨³¶ÉµÉ¨Î¥¸±µ¥ ¢Ò· ¦¥´¨¥ ËÊ´±-
Í¨¨ • ´±¥²Ö ¤²Ö ¡µ²ÓÏ¨Ì §´ Î¥´¨°  ·£Ê³¥´É . ’¥¶¥·Ó ¦¥ ¢ § 3 ¸¢µ¥° ´µ¢µ°
¸É ÉÓ¨ [10, c.83] ’ ³³ ¶·¥¤¶µÎ¥² ¤ ÉÓ ¤·Ê£µ¥ ¤µ± § É¥²Ó¸É¢µ ÔÉµ° ¢ ¦´¥°-
Ï¥° Ëµ·³Ê²Ò ¨Ì É¥µ·¨¨. �´ · ¸¸³µÉ·¥² · ¤¨ ²Ó´ÊÕ ±µ³¶µ´¥´ÉÊ ¢¥±Éµ· 
�µ°´É¨´£  Sρ = /4πEzHϕ. ‚ ÔÉµ ¢Ò· ¦¥´¨¥ ¢³¥¸É¥ ¸ ±µ³¶µ´¥´Éµ° ¶µ²Ö
Ez ¢µÏ²µ ¨ ¶·µ¨§¢¥¤¥´¨¥ ωdω. ‚¸¥ ÔÉµ ¨ µ¡¥¸¶¥Î¨²µ ¶µ²ÊÎ¥´¨¥ ¶·¥¦-
´¥° Ëµ·³Ê²Ò ¤²Ö ¶µÉ¥·Ó Ô´¥·£¨¨ ´  ¨§²ÊÎ¥´¨¥ ´  ¥¤¨´¨ÍÊ ¶ÊÉ¨ dW/dl, ¢
¶µ¤Ò´É¥£· ²Ó´µ¥ ¢Ò· ¦¥´¨¥ ±µÉµ·µ£µ ¢µÏ²µ ¶·µ¨§¢¥¤¥´¨¥ ωdω, ´¥ § ¢¨¸Ö-
Ð¥¥ ´¨ µÉ ± ±¨Ì ³ ±·µ¸±µ¶¨Î¥¸±¨Ì ¶ · ³¥É·µ¢ · ¸¸³ É·¨¢ ¥³µ° ¸·¥¤Ò. “¦¥
ÔÉµ µ¡¸ÉµÖÉ¥²Ó¸É¢µ ¤ ¢ ²µ ¶µ²´µ¥ µ¸´µ¢ ´¨¥ Ê¸µ³´¨ÉÓ¸Ö ¢ Éµ³, ÎÉµ ¶·µ¢¥-
¤¥´´µ¥ · ¸¸³µÉ·¥´¨¥ Í¥²¨±µ³ µÉ´µ¸¨É¸Ö ± Ê¸É ´µ¢²¥´¨Õ ³ ±·µ¸±µ¶¨Î¥¸±µ°
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± ·É¨´Ò ¢µ§´¨±´µ¢¥´¨Ö Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö. �µ  ¢Éµ·Ò ´¥ ¸¤¥² ²¨ ¶µ-
¤µ¡´µ£µ ¢Ò¢µ¤ . Šµ´¥Î´µ, ¢ ¦´¥¥ ¡Ò²µ ¶µ²ÊÎ¨ÉÓ ¡µ²¥¥ ¶µ²´µ¥ É¥µ·¥É¨Î¥¸±µ¥
µ¶¨¸ ´¨¥ Ö¢²¥´¨Ö, ¢±²ÕÎ ÕÐ¥¥ ¨ ¸¶¥±É· ²Ó´µ¥ · ¸¶·¥¤¥²¥´¨¥ Î¥·¥´±µ¢¸±µ£µ
¨§²ÊÎ¥´¨Ö, ÌµÉÖ ¤²Ö ÔÉµ£µ ¨ ¶·¨Ï²µ¸Ó ´ ·ÊÏ¨ÉÓ ¢§ÖÉÒ° ±Ê·¸ ²¨ÏÓ ´  ³ ±·µ-
¸±µ¶¨Î¥¸±µ¥ ¨¸¸²¥¤µ¢ ´¨¥.

“¦¥ ¢ ¶¥·¢µ° · ¡µÉ¥, ¶µ¸¢ÖÐ¥´´µ° µ¡ÑÖ¸´¥´¨Õ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö,
”· ´± ¨ ’ ³³ £² ¢´µ° Ëµ·³Ê²µ° ¸¢µ¥£µ ¨¸¸²¥¤µ¢ ´¨Ö ¸Î¨É ²¨ ¶µ²ÊÎ¥´´µ¥
¨´É¥£· ²Ó´µ¥ ¢Ò· ¦¥´¨¥ ¤²Ö Ô´¥·£¨¨, ¨§²ÊÎ¥´´µ° ¤¢¨¦ÊÐ¨³¸Ö ®Ô²¥±É·µ´µ³
Î¥·¥§ ¶µ¢¥·Ì´µ¸ÉÓ Í¨²¨´¤·  ¤²¨´Ò l (¸ µ¸ÓÕ, ¸µ¢¶ ¤ ÕÐ¥° ¸ ²¨´¨¥° ¤¢¨¦¥-
´¨Ö Ô²¥±É·µ´ )¯ [10, c.72]. ‚ ¸¡µ·´¨±¥ ¸É É¥° [12] ”· ´± ¶·¨¢µ¤¨É ¸´¨³µ±,
Ê± §Ò¢ Ö, ÎÉµ ´  ´¥³ µ´ ¢µ¸¶·µ¨§¢µ¤¨É ®ËµÉµ±µ¶¨Õ µ¤´µ° ¨§ ¸É· ´¨Î¥± § -
¶¨¸¥° ’ ³³ , ¸µ¤¥·¦ ÐÊÕ µ±µ´Î É¥²Ó´ÊÕ Ëµ·³Ê²Ê¯ (¸.254). ’ ± ÎÉµ ´¥²Ó§Ö
¸Î¨É ÉÓ, ÎÉµ  ¢Éµ·Ò ¶µ²ÊÎ¨²¨ ÔÉÊ ¢ ¦´ÊÕ Ëµ·³Ê²Ê, ´¥ ¶·¨¤ ¢ ¥° ¤µ²¦´µ£µ
§´ Î¥´¨Ö. ‘±µ·¥¥ ¢¸¥£µ §¤¥¸Ó ¢¸¥ ¦¥ ¡Ò²µ ´¥¤µ· §Ê³¥´¨¥, ¸¢Ö§ ´´µ¥ ¸ Ê¢¥-
·¥´´µ¸ÉÓÕ, ÎÉµ µ´¨ ´¥ ¸É ¢¨²¨ ¶¥·¥¤ ¸µ¡µ° § ¤ ÎÊ µÉÌµ¤  µÉ · ¸¸³µÉ·¥´¨Ö
³ ±·µ¸±µ¶¨Î¥¸±µ° ± ·É¨´Ò ÔÉµ£µ Ö¢²¥´¨Ö. “É¢¥·¦¤¥´¨Õ ¦¥ ÔÉµ£µ ´¥¤µ· -
§Ê³¥´¨Ö ¢ ¡µ²ÓÏµ° ¸É¥¶¥´¨ ¸¶µ¸µ¡¸É¢µ¢ ²µ µÉ³¥Î¥´´µ¥ Ê¦¥ ´ ³¨ ¢ ±µ´Í¥
¶·¥¤Ò¤ÊÐ¥£µ · §¤¥²  µ¡¸ÉµÖÉ¥²Ó¸É¢µ, ÎÉµ ¢¥±Éµ· ¶µ²Ö·¨§ Í¨¨  Éµ³µ¢ ¸·¥¤Ò
¨³¥¥É ¤¢  ¸µ¢¥·Ï¥´´µ · §²¨Î´ÒÌ  ¸¶¥±É  ¶·¨³¥´¥´¨Ö: ¤²Ö µ¡µ¸´µ¢ ´¨Ö ³ -
±·µ¸±µ¶¨Î¥¸±¨Ì ¸¢µ°¸É¢ µ¶É¨Î¥¸±¨Ì ¸·¥¤ ¨ ¤²Ö ¶µ²ÊÎ¥´¨Ö ¶¥·¢¨Î´µ£µ ¨§²Ê-
Î¥´¨Ö ¤¨¶µ²¥°, ¢µ§´¨± ÕÐ¨Ì ¢ ¶·µÍ¥¸¸¥ ¶µ²Ö·¨§ Í¨¨  Éµ³µ¢ ¸·¥¤Ò. �Éµ
¨§²ÊÎ¥´¨¥ ¤¨¶µ²¥° ¨ ¸µ¸É ¢²Ö¥É ³¨±·µ¸±µ¶¨Î¥¸±ÊÕ µ¸´µ¢Ê ¤²Ö ¢µ§´¨±´µ¢¥-
´¨Ö ³ ±·µ¸±µ¶¨Î¥¸±µ£µ Ö¢²¥´¨Ö Å ¨§²ÊÎ¥´¨Ö ‚ ¢¨²µ¢ Ä—¥·¥´±µ¢ .

�¸´µ¢´ Ö Ëµ·³Ê²  ’ ³³ Ä”· ´±  ¶µ¤·µ¡´µ µ¡¸Ê¦¤ ¥É¸Ö ¢ Éµ³¥ 1 ¨§¢¥¸É-
´µ° ³µ´µ£· Ë¨¨ ‚.�.‡·¥²µ¢  [13, c.90]∗. ’ ³ ¤ ´Ò · §²¨Î´Ò¥ Ëµ·³Ò ¶·¥¤-
¸É ¢²¥´¨Ö ÔÉµ° Ëµ·³Ê²Ò ¨, ¢ Î ¸É´µ¸É¨, µ¸µ¡µ ¶µ¤Î¥·±´ÊÉµ, ÎÉµ µ¸´µ¢´ Ö
Î ¸ÉÓ Ô´¥·£¨¨ ÔÉµ£µ ¨§²ÊÎ¥´¨Ö ¸µ¸·¥¤µÉµÎ¥´  ¢ Ê²ÓÉ· Ë¨µ²¥Éµ¢µ° µ¡² ¸É¨
¨§²ÊÎ¥´¨Ö∗∗. �µ ¨ ¢ ÔÉµ³ ¶µ¤·µ¡´µ³ ¨¸¸²¥¤µ¢ ´¨¨ ´¥ ¡Ò²µ µ¡· Ð¥´µ ¢´¨³ -
´¨¥ ´  Éµ, ÎÉµ ¢ Ëµ·³Ê²¥ ’ ³³ Ä”· ´±  · ¸ÉÊÐ Ö ¸ Î ¸ÉµÉµ° ¨´É¥´¸¨¢´µ¸ÉÓ
¨§²ÊÎ¥´¨Ö ¢µ§´¨±²  µÉ ´¥Ö¢´µ£µ ÊÎ¥É  ¤¨¶µ²Ó´µ£µ ¢µ§¡Ê¦¤¥´¨Ö  Éµ³µ¢ µ¶É¨-
Î¥¸±µ° ¸·¥¤Ò ¶µ²¥³ ¶·µÌµ¤ÖÐ¥° § ·Ö¦¥´´µ° Î ¸É¨ÍÒ. ˆ ¢µµ¡Ð¥, ‡·¥²µ¢ ¢

∗Œµ´µ£· Ë¨Ö ‚.�.‡·¥²µ¢  ¸Ò£· ²  §´ Î¨É¥²Ó´ÊÕ ·µ²Ó ¢ · §¢¨É¨¨ ¨ · ¸¶·µ¸É· ´¥´¨¨ ³¥Éµ-
¤¨±¨ ¤¥É¥±É¨·µ¢ ´¨Ö ·¥²ÖÉ¨¢¨¸É¸±¨Ì Î ¸É¨Í, µ¸´µ¢ ´´µ° ´  ·¥£¨¸É· Í¨¨ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥-
´¨Ö. ‚ ¶¥·¢µ° Î ¸É¨ ³µ´µ£· Ë¨¨ µ¡¸ÉµÖÉ¥²Ó´µ ¨§²µ¦¥´  É¥µ·¨Ö ¨§²ÊÎ¥´¨Ö ‚ ¢¨²µ¢ Ä—¥·¥´±µ¢ 
¨ ¤ ´µ µ¶¨¸ ´¨¥ · §´µµ¡· §´ÒÌ ¸¢µ°¸É¢ ÔÉµ£µ ¨§²ÊÎ¥´¨Ö.

∗∗„¥°¸É¢¨É¥²Ó´µ, ¶µ§¦¥, ¢ 1977 (T.Upsilantis) ¨ ¢ 1978 ££. (G.Charpak, F.Sauli) ¡Ò²¨ ¸¤¥² ´Ò
¶·¥¤²µ¦¥´¨Ö ·¥£¨¸É·¨·µ¢ ÉÓ Ê²ÓÉ· Ë¨µ²¥Éµ¢Ò¥ ±¢ ´ÉÒ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö µÉ µÉ¤¥²Ó´ÒÌ
·¥²ÖÉ¨¢¨¸É¸±¨Ì Î ¸É¨Í ¨ ¶µ ´¥¸±µ²Ó±¨³ § ·¥£¨¸É·¨·µ¢ ´´Ò³ ±µµ·¤¨´ É ³ ±µ²ÓÍ  Î¥·¥´±µ¢¸±µ£µ
¨§²ÊÎ¥´¨Ö ¶µ²ÊÎ ÉÓ Í¥´´ÊÕ ¨´Ëµ·³ Í¨Õ µ ¸±µ·µ¸É¨ ± ¦¤µ° Î ¸É¨ÍÒ. �Ò´¥ ÔÉ  ³¥Éµ¤¨± , ¶µ-
²ÊÎ¨¢Ï Ö ´ §¢ ´¨¥ RICH-¤¥É¥±Éµ·µ¢ (Ring Imaging Cherenkov), ¸µ¸É ¢²Ö¥É ¢ ¦´¥°ÏÊÕ Î ¸ÉÓ
¸ÊÐ¥¸É¢ÊÕÐ¨Ì ¨ ¶·µ¥±É¨·Ê¥³ÒÌ ¤¥É¥±Éµ·µ¢ ¤²Ö ·¥£¨¸É· Í¨¨ ³´µ£µÎ ¸É¨Î´ÒÌ ¸µ¡ÒÉ¨° ´  ¸µ-
¢·¥³¥´´ÒÌ Ê¸±µ·¨É¥²ÖÌ.
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¸¢µ¥° ³µ´µ£· Ë¨¨ ¢µ§¤¥·¦ ²¸Ö µÉ ± ±¨Ì-²¨¡µ ¢Ò¸± §Ò¢ ´¨° ¶µ ¶µ¢µ¤Ê ¶¥·-
¢¨Î´µ£µ ¨§²ÊÎ¥´¨Ö, ²¥¦ Ð¥£µ ¢ µ¸´µ¢¥ ÔËË¥±É  ‚ ¢¨²µ¢ Ä—¥·¥´±µ¢ .

Œ¥¦¤Ê É¥³ ¶·¥¤¶µ²µ¦¥´¨¥ µ Éµ³, ÎÉµ ¶µ¸ÉÊ²¨·µ¢ ´´µ¥ ¢ É¥µ·¨¨ ’ ³³ 
¨ ”· ´±  ¶¥·¢¨Î´µ¥ ¨§²ÊÎ¥´¨¥  Éµ³µ¢ ¸·¥¤Ò ¢ ³µ³¥´É ¶·µÌµ¦¤¥´¨Ö § ·Ö-
¦¥´´µ° Î ¸É¨ÍÒ ³µ¦¥É ¨³¥ÉÓ ¨³¥´´µ ¶µ²Ö·¨§ Í¨µ´´ÊÕ ¶·¨·µ¤Ê, ¡Ò²µ ¡Ò
¸ ³Ò³ ¥¸É¥¸É¢¥´´Ò³ ¢Ò¢µ¤µ³, µ¸µ¡¥´´µ ¶µ¸²¥ · §ÑÖ¸´¥´¨° ¢ 1940 £. ”¥·³¨:
®‘²¥¤Ê¥É Ê± § ÉÓ, ÎÉµ, ± ± ¢ÒÉ¥± ¥É ¨§ ¶·¨¢¥¤¥´´ÒÌ Ëµ·³Ê², Î¥·¥´±µ¢¸±µ¥
¨§²ÊÎ¥´¨¥ ´¥ ¶·¥¤¸É ¢²Ö¥É Ô´¥·£¥É¨Î¥¸±¨¥ ¶µÉ¥·¨, ±µÉµ·Ò¥ ´ ¤µ ¤µ¡ ¢²ÖÉÓ
± ¶µÉ¥·Ö³, ¢ÒÎ¨¸²¥´´Ò³ ¶µ É¥µ·¨¨ �µ· ,   µ¡· §Ê¥É Î ¸ÉÓ ¶µÉ¥·Ó ¢ É¥µ·¨¨
�µ· ¯ [14, c.30]. ’¥µ·¨Ö �µ·  [15], ± ± ¨§¢¥¸É´µ, ÊÎ¨ÉÒ¢ ²  Ô´¥·£¥É¨Î¥¸±¨¥
¶µÉ¥·¨ ´  ¨µ´¨§ Í¨Õ, ´  ¢µ§¡Ê¦¤¥´¨¥ ¨ ´  ¶µ²Ö·¨§ Í¨Õ  Éµ³µ¢. ˆ Éµ²Ó±µ
Î ¸ÉÓ Ô´¥·£¨¨, ¨¤ÊÐ¥° ´  ¶µ²Ö·¨§ Í¨Õ, ¶·¨ ¢Ò¶µ²´¥´¨¨ Ê¸²µ¢¨Ö βn > 1
·¥ ²¨§Ê¥É¸Ö ¢ Î¥·¥´±µ¢¸±µ³ ¨§²ÊÎ¥´¨¨. � ¡µÉ  ¦¥ ”¥·³¨ [14] ¸¶¥Í¨ ²Ó´µ
¡Ò²  ¶µ¸¢ÖÐ¥´  ÊÎ¥ÉÊ Ê³¥´ÓÏ¥´¨Ö ¨µ´¨§ Í¨µ´´ÒÌ ¶µÉ¥·Ó, µ¡Ê¸²µ¢²¥´´µ£µ
Ô±· ´¨·ÊÕÐ¨³ ¤¥°¸É¢¨¥³ ¶µ²Ö·¨§ Í¨¨  Éµ³µ¢ ¸·¥¤Ò.

ŒÒ § ± ´Î¨¢ ¥³ ´ ¸ÉµÖÐ¨° · §¤¥² · §¡µ·µ³ ¥Ð¥ µ¤´µ° ¸µ¢³¥¸É´µ° ¸É -
ÉÓ¨ ’ ³³  ¨ ”· ´± , µ¶Ê¡²¨±µ¢ ´´µ° ¢ 1944 £. ¢ ®’·Ê¤ Ì ”ˆ��¯ [16]. ‚
ÔÉµ° ¸É ÉÓ¥  ¢Éµ·Ò, Ë ±É¨Î¥¸±¨ ´¥Ö¢´µ, ¢¥·´Ê²¨¸Ó ± ·¥ ²¨§ Í¨¨ ¶µ¤Ìµ¤  ‚¨-
²ÓÖ³¸  [17], µ¸´µ¢ ´´µ£µ ´  ³¥Éµ¤¥ ¶¸¥¢¤µËµÉµ´µ¢. ŒÒ Ê¦¥ Ê¶µ³¨´ ²¨ µ¡
ÔÉµ³ ³¥Éµ¤¥ ¢ ±µ´Í¥ ¢¢¥¤¥´¨Ö ¢ ¸¢Ö§¨ ¸ µ¡¸Ê¦¤¥´¨¥³ µ¤´µ° Ë· §Ò ¨§ · ¡µÉÒ
[7]. � ¡µÉ  [16] ¨´É¥·¥¸´  ¥Ð¥ ¨ É¥³, ÎÉµ ¢ ´¥° ¶µÖ¢¨² ¸Ó ·¥ ±Í¨Ö  ¢Éµ·µ¢
´  · ¡µÉÊ ”¥·³¨ [14], ¢ ±µÉµ·µ°, ¡² £µ¤ ·Ö ÊÎ¥ÉÊ ¶µ²Ö·¨§ Í¨¨  Éµ³µ¢ ¸·¥¤Ò
¶µ²¥³ ¶·µÌµ¤ÖÐ¥° § ·Ö¦¥´´µ° Î ¸É¨ÍÒ ¶·¨ ¸±µ·µ¸É¨, ¶·¥¢ÒÏ ÕÐ¥° c/n,
 ¢Éµ³ É¨Î¥¸±¨ ¶µÖ¢¨²µ¸Ó ¨§²ÊÎ¥´¨¥ —¥·¥´±µ¢ .

‚ µ¡¸Ê¦¤ ¥³µ° · ¡µÉ¥ [16]  ¢Éµ·Ò ¢¢µ¤ÖÉ ´¥¶·¥·Ò¢´ÊÕ ¸µ¢µ±Ê¶´µ¸ÉÓ
´¥¶µ¤¢¨¦´ÒÌ £ ·³µ´¨Î¥¸±¨Ì µ¸Í¨²²ÖÉµ·µ¢, · ¸¶µ²µ¦¥´´ÒÌ ¢¤µ²Ó É· ¥±Éµ-
·¨¨ ¶¥·¢¨Î´µ£µ Ô²¥±É·µ´ . �É¨ µ¸Í¨²²ÖÉµ·Ò ¤µ²¦´Ò ¤ ÉÓ ¶µ²¥ ¨§²ÊÎ¥´¨Ö
É ±µ¥ ¦¥, ± ± ¶µ²¥ ¤¢¨¦ÊÐ¥£µ¸Ö ¢ ¸·¥¤¥ ¡Ò¸É·µ£µ Ô²¥±É·µ´ . ®„²Ö ÔÉµ£µ, Å
ÊÉ¢¥·¦¤ ÕÉ  ¢Éµ·Ò, Å ¤µ¸É ÉµÎ´µ ²¨ÏÓ ¶·¨¶¨¸ ÉÓ µ¸Í¨²²ÖÉµ· ³, ´ Ìµ¤Ö-
Ð¨³¸Ö ´  ²Õ¡µ³ µÉ·¥§±¥ µÉ z ¤µ z + dz, Ô²¥±É·¨Î¥¸±¨° ³µ³¥´É
p = e/πω sin ω(t − z/v)dz, µ·¨¥´É¨·µ¢ ´´Ò° ¶µ ´ ¶· ¢²¥´¨Õ ¤¢¨¦¥´¨Ö
Ô²¥±É·µ´ . �µ  ¢Éµ·Ò ¸Î¨É ²¨ ÔÉµÉ ·Ö¤ ¨§²ÊÎ ÕÐ¨Ì µ¸Í¨²²ÖÉµ·µ¢ ´¥ ¸ÊÐ´µ-
¸ÉÓÕ ¸ ³µ° ³¨±·µ¶·¨·µ¤Ò ¢µ§´¨±´µ¢¥´¨Ö ¶¥·¢¨Î´µ£µ ¨§²ÊÎ¥´¨Ö, ²¥¦ Ð¥£µ
¢ µ¸´µ¢¥ ¨§²ÊÎ¥´¨Ö ‚ ¢¨²µ¢ Ä—¥·¥´±µ¢ ,   ²¨ÏÓ Ê¤ Î´µ° ¨³¨É Í¨¥° É ±µ£µ
¶µ²Ö ¨§²ÊÎ¥´¨Ö. ’ ± ÎÉµ ¢ ÔÉµ° · ¡µÉ¥ (1944 £.)  ¢Éµ·Ò ³ ±¸¨³ ²Ó´µ ¶·¨¡²¨-
§¨²¨¸Ó ± Ê¸É ´µ¢²¥´¨Õ ³¨±·µ¸±µ¶¨Î¥¸±µ£µ ³¥Ì ´¨§³  ¢µ§´¨±´µ¢¥´¨Ö ¶¥·¢¨Î-
´µ£µ ¨§²ÊÎ¥´¨Ö, ²¥¦ Ð¥£µ ¢ µ¸´µ¢¥ ³ ±·µ¸±µ¶¨Î¥¸±µ£µ Ö¢²¥´¨Ö Å ¨§²ÊÎ¥´¨Ö
‚ ¢¨²µ¢ Ä—¥·¥´±µ¢ , ´µ É ± ¨ ´¥ ¸¤¥² ²¨ ¥¸É¥¸É¢¥´´µ£µ ¢Ò¢µ¤  µ ³¨±·µ¶·¨-
·µ¤¥ ÔÉµ£µ ¨§²ÊÎ¥´¨Ö.
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‘·¥¤¨ § ¶ ¤´ÒÌ Ë¨§¨±µ¢ ¶¥·¢Ò³ ¸É ² µ¡¸Ê¦¤ ÉÓ ´¥¶µ¸·¥¤¸É¢¥´´µ ³¨±·µ-
³¥Ì ´¨§³ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö �.�µ· ¢ · ¡µÉ¥ [18], µ¶Ê¡²¨±µ¢ ´´µ° ´ 
·Ê¸¸±µ³ Ö§Ò±¥ ¢ ± Î¥¸É¢¥ ¶·¨²µ¦¥´¨¨ ± ±´¨£¥ �.�µ·  [18, a]. �.�µ· ´ Î ²
¸¢µÕ ¸É ÉÓÕ ¸ Ê¶µ³¨´ ´¨Ö · ¡µÉÒ ‘¢ ´´ , ¢ ±µÉµ·µ° ¡Ò²  ¢Ò¸± § ´  ³Ò¸²Ó
µ¡ Ô±· ´¨§¨·ÊÕÐ¥³ ¤¥°¸É¢¨¨ ¶µ²Ö·¨§ Í¨¨  Éµ³µ¢ ¸·¥¤Ò, ¸µ§¤ ¢ ¥³µ° ¶µ²¥³
¶·µÌµ¤ÖÐ¥° § ·Ö¦¥´´µ° Î ¸É¨ÍÒ, ¨ µÉ³¥É¨², ÎÉµ ”¥·³¨ ¢ 1940 £. ¤¥É ²Ó´µ
¨¸¸²¥¤µ¢ ² ÔÉÊ ¨¤¥Õ ¨ ¶·¨Ï¥² ± ¢Ò¢µ¤Ê, ÎÉµ ®ÔÉµ Ö¢²¥´¨¥ ³µ¦¥É ¨³¥ÉÓ ¡µ²Ó-
Ïµ¥ §´ Î¥´¨¥ ¤²Ö µÎ¥´Ó ¡Ò¸É·ÒÌ Î ¸É¨Í¯ [18, a, ¸.105]. „ ²¥¥ �.�µ· µÉ³¥Î ¥É
¸¢µ¥ ´ ³¥·¥´¨¥ ®¨¸¸²¥¤µ¢ ÉÓ ¸¢Ö§Ó ³¥¦¤Ê  Éµ³ ³¨ ¢¥Ð¥¸É¢  ¸ ³¨±·µ¸±µ¶¨Î¥-
¸±µ° ÉµÎ±¨ §·¥´¨Ö¯ ¨ µ¡¥Ð ¥É, ÎÉµ ®É ±µ° ¶µ¤Ìµ¤ ¶µ§¢µ²¨É ¶µ²ÊÎ¨ÉÓ ¶·µ¸ÉÒ¥
µ¡µ¡Ð¥´¨Ö Ëµ·³Ê² ”¥·³¨¯ (c.106). ‚ ±µ´Í¥ Éµ° ¦¥ ¸É· ´¨ÍÒ  ¢Éµ· ¶µ ¶µ-
¢µ¤Ê Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö ¶¨Ï¥É: ®‘ ³¨±·µ¸±µ¶¨Î¥¸±µ° ÉµÎ±¨ §·¥´¨Ö
Ö¢²¥´¨¥ ¸µ¸Éµ¨É ¢ Éµ³, ÎÉµ Î ¸ÉÓ Ô´¥·£¨¨, ¶¥·¥¤ ¢ ¥³µ° Î ¸É¨Í¥°  Éµ³´Ò³
Ô²¥±É·µ´ ³, § É¥³ ¨§²ÊÎ ¥É¸Ö ¢ ¢¨¤¥ ±µ£¥·¥´É´ÒÌ Ô²¥±É·µ³ £´¨É´ÒÌ ¢µ²´¯.
� ³¥Î¥´´µ¥ ¢ ÔÉµ° · ¡µÉ¥ ´¥ ¡Ò²µ ¢Ò¶µ²´¥´µ ¶µ²´µ¸ÉÓÕ, ´µ ¢µ¶·µ¸ µ ³¨-
±·µ¸±µ¶¨Î¥¸±µ° ¶·¨·µ¤¥ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö ´  µ¸´µ¢¥ ¶µ²Ö·¨§ Í¨¨
 Éµ³µ¢ ¸·¥¤Ò ¶µ²ÊÎ¨² ¶µ¸²¥¤ÊÕÐ¥¥ · §¢¨É¨¥ ¢ Í¥²µ³ ·Ö¤¥ · ¡µÉ § ¶ ¤´ÒÌ
ÊÎ¥´ÒÌ.

„¥°¸É¢¨É¥²Ó´µ, ¢¥¤Ó ¶µ²ÊÎ¥´´Ò¥ ”¥·³¨ Ëµ·³Ê²Ò ¶·¨¢¥²¨  ¢Éµ·  ± ¢Ò-
¢µ¤Ê, ÎÉµ ¶·¨ v > c/n ¢ ´¨Ì ¤µ¶µ²´¨É¥²Ó´µ ¶µÖ¢²Ö¥É¸Ö Î ¸ÉÓ, ¸µµÉ¢¥É¸É¢Ê-
ÕÐ Ö ¨§²ÊÎ¥´¨Õ, µ¡´ ·Ê¦¥´´µ³Ê · ´¥¥ —¥·¥´±µ¢Ò³. „ ²¥¥  ¢Éµ· µÉ³¥Î ¥É,
ÎÉµ ®É¥µ·¨Ö É ±µ£µ ¨§²ÊÎ¥´¨Ö ¡Ò²  · §¢¨É  ’ ³³µ³ ¨ ”· ´±µ³; µ´¨ ¶µ²Ó-
§µ¢ ²¨¸Ó ³¥Éµ¤ ³¨, ¡²¨§±¨³¨ ± ¨¸¶µ²Ó§µ¢ ´´Ò³ ´ ³¨, ¨ ¶µ²ÊÎ¨²¨ ¡²¨§±¨¥
·¥§Ê²ÓÉ ÉÒ¯ [14, c.30]. �µ, ´¥¸³µÉ·Ö ´  ¡²¨§µ¸ÉÓ ¨¸¶µ²Ó§µ¢ ´´ÒÌ É¥µ·¥É¨Î¥-
¸±¨Ì ³¥Éµ¤µ¢ ¨ ¸µµÉ¢¥É¸É¢¨¥ ±µ´¥Î´ÒÌ ·¥§Ê²ÓÉ Éµ¢, · ¡µÉ  ”¥·³¨, ´  ¸ ³µ³
¤¥²¥, ¶·¨µÉ±·Ò²  ¶¥·¢¨Î´ÊÕ ¶·¨·µ¤Ê Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö. ˆ ÊÖ¸´¥´¨Õ
ÔÉµ£µ µ¡¸ÉµÖÉ¥²Ó¸É¢  ³Ò µ¡Ö§ ´Ò  ´ ²¨§Ê, ¶·µ¢¥¤¥´´µ³Ê ¢ · ¡µÉ¥ �.�µ· 
[18]. ‚ ¶µ¸²¥¤ÊÕÐ¨Ì É¥µ·¥É¨Î¥¸±¨Ì · ¡µÉ Ì, · §¢¨¢ ÕÐ¨Ì ³¨±·µ³¥Ì ´¨§³
Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö,  ¢Éµ·Ò ´¥¶µ¸·¥¤¸É¢¥´´µ ¨¸Ìµ¤¨²¨ ¨§ ¶¥·¢¨Î´µ£µ
¨§²ÊÎ¥´¨Ö, ¨¸¶Ê¸± ¥³µ£µ  Éµ³´Ò³¨ Ô²¥±É·µ´ ³¨ ¢ ³µ³¥´É ¶µ²Ö·¨§ Í¨¨ ¨Ì
¶µ¤ ¤¥°¸É¢¨¥³ ¶µ²Ö ¤¢¨¦ÊÐ¥°¸Ö ¢ ¸·¥¤¥ § ·Ö¦¥´´µ° Î ¸É¨ÍÒ. ’ ±, É¥µ·¥É¨±
¨§ Ê´¨¢¥·¸¨É¥É  ‘¨¤´¥Ö ’¨¤³ ´ ±· É±µ¥ ¸µµ¡Ð¥´¨¥ µ ¸¢µ¥° · ¡µÉ¥ ´ Î¨´ ¥É
¸ ÔËË¥±É  ¶µ²Ö·¨§ Í¨¨, · ¸¸Î¨É ´´µ£µ ¢¶¥·¢Ò¥ ”¥·³¨, ¨ ¶µ²ÊÎ¥´´µ£µ ¨³
¨§²ÊÎ¥´¨Ö, ¨¤¥´É¨Î´µ£µ ¨§²ÊÎ¥´¨Õ —¥·¥´±µ¢  [19]. ‚ ¥£µ ¶µ¤·µ¡´µ° ¸É ÉÓ¥
[20] ¨³¥¥É¸Ö ¸¸Ò²±  ¨ ´  µ¡¸Ê¦¤ ¥³ÊÕ ¸É ÉÓÕ �.�µ· . …£µ ¨¤¥Ö ¸µ¸Éµ¨É ¢
Éµ³, ÎÉµ ¢ ³µ³¥´É ¶µ²Ö·¨§ Í¨¨  Éµ³  ¸·¥¤Ò ¢µ§´¨± ¥É ¶¥·¢¨Î´µ¥ ¨§²ÊÎ¥´¨¥,
±µÉµ·µ¥ § É¥³, ¢ ¸¨²Ê ¥£µ ±µ£¥·¥´É´µ¸É¨, ¸±² ¤Ò¢ ¥É¸Ö ¢ ³ ±·µ¸±µ¶¨Î¥¸±¨ ´ -
¡²Õ¤ ¥³µ¥ Ö¢²¥´¨¥, ¥¸²¨ Éµ²Ó±µ µ´µ ¨§²ÊÎ ¥É¸Ö ¶µ¤ Ê£²µ³, ±µ¸¨´Ê¸ ±µÉµ·µ£µ
· ¢¥´ c/vn. �Éµ ¨§²ÊÎ¥´¨¥ ¨ ¡Ò²µ µÉ±·ÒÉµ ¢ 1934 £. —¥·¥´±µ¢Ò³.
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’¨¤³ ´ ¢µ¢¸¥ ´¥ ¡Ò² ¶¥·¢Ò³, ±Éµ ¢µ¸¶·¨´Ö² ÔÉÊ ¨¤¥Õ µ¡ ¨§²ÊÎ¥´¨¨,
¢µ§´¨± ÕÐ¥³ ¶·¨ ¶µ²Ö·¨§ Í¨¨  Éµ³µ¢ ¸·¥¤Ò. –¥²Ò° ·Ö¤ ÊÎ¥´ÒÌ µÉ±²¨±´Ê-
²¨¸Ó ´  ¨¤¥Õ �.�µ·  ¢ ¸ ³µ³ ´ Î ²¥ 50-Ì £µ¤µ¢. �·¨¢¥¤Ê ¢ ± Î¥¸É¢¥ ¶·¨-
³¥·  ´¥¸±µ²Ó±µ ¸É É¥° Éµ£µ ¢·¥³¥´¨. ’ ±, ¡µ²¥¥ · ´´¨³¨ ¡Ò²¨, ´ ¶·¨³¥·,
¸É ÉÓ¨ •ÓÕ¡·¥ÌÉ¸  ¨ ˜ß´¡¥·£  [21] ¨ �¨³É ´  [22], ¢ ±µÉµ·ÒÌ ¸¸Ò²±¨ ´ 
· ¡µÉÊ �.�µ·  1948 £. Ê± §Ò¢ ÕÉ, ÎÉµ ¨³¨ ¨¸¶µ²Ó§µ¢ ´  ¥£µ · ¸Ï¨Ë·µ¢± 
· ¡µÉÒ ”¥·³¨ µ ¶µ²Ö·¨§ Í¨¨  Éµ³µ¢ ¸·¥¤Ò. � ¡µÉ  ’¨¤³ ´  ®Š¢ ´Éµ¢ Ö
É¥µ·¨Ö ±µÔËË¨Í¨¥´É  ¶·¥²µ³²¥´¨Ö, Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö ¨ Ô´¥·£¥É¨Î¥-
¸±¨Ì ¶µÉ¥·Ó ¡Ò¸É·µ° § ·Ö¦¥´´µ° Î ¸É¨ÍÒ¯ µÉ²¨Î ² ¸Ó ËÊ´¤ ³¥´É ²Ó´µ¸ÉÓÕ
¶µ¸É ¢²¥´´µ£µ ¢µ¶·µ¸ . �µ¤²¨´´ÊÕ ±¢ ´Éµ¢ÊÕ É¥µ·¨Õ Î¥·¥´±µ¢¸±µ£µ ¨§²Ê-
Î¥´¨Ö ³µ¦´µ ¡Ò²µ ¶µ¸É·µ¨ÉÓ Éµ²Ó±µ ´  µ¸´µ¢¥ Ê¸É ´µ¢²¥´¨Ö ±µ´±·¥É´µ£µ
³¨±·µ³¥Ì ´¨§³  ÔÉµ£µ ¨§²ÊÎ¥´¨Ö. �µ¸É·µ¥´¨¥ ¦¥ ±¢ ´Éµ¢µ° É¥µ·¨¨ É ±µ£µ
¶·µÍ¥¸¸  ¤µ ¢ÒÖ¸´¥´¨Ö ¨§²ÊÎ ÕÐ¥£µ Ô²¥³¥´É  ¡Ò²µ Ö¢´µ ´¥µ¡µ¸´µ¢ ´´Ò³.
’ ±ÊÕ ¢µ²Ó´µ¸ÉÓ ¶µ§¢µ²¨² ¸¥¡¥ ƒ¨´§¡Ê·£, ¢Ò¤¢¨´Ê¢Ï¨° ¢ 1940 £. ¶¥·¢ÊÕ
±¢ ´Éµ¢ÊÕ É¥µ·¨Õ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö [23]. ‚ ¸¢µ¥° · ¡µÉ¥ µ´ ¶·¥´¥-
¡·¥£ Ê± § ´¨¥³ ’ ³³  µ Éµ³, ÎÉµ Î¥·¥´±µ¢¸±µ¥ ®¨§²ÊÎ¥´¨¥ ´¥ ¨¸¶Ê¸± ¥É¸Ö
´¥¶µ¸·¥¤¸É¢¥´´µ Ô²¥±É·µ´µ³,   ¨³¥¥É ¸¢µ¥° ¶·¨Î¨´µ° ±µ£¥·¥´É´Ò¥ ±µ²¥¡ -
´¨Ö ³µ²¥±Ê² ¸·¥¤Ò, ¢µ§¡Ê¦¤ ¥³Ò¥ Ô²¥±É·µ´µ³¯ [10, ¸.79], µ´ ¶·µ¸Éµ ¶·¨´Ö²,
ÎÉµ Î¥·¥´±µ¢¸±¨° ËµÉµ´ ¨§²ÊÎ ¥É¸Ö ´¥¶µ¸·¥¤¸É¢¥´´µ ¶¥·¢¨Î´Ò³ Ô²¥±É·µ´µ³,
¨ ¶µ²ÊÎ¨², ¥¸É¥¸É¢¥´´µ, § ¢¥¤µ³µ ²µ¦´Ò¥ ±¢ ´Éµ¢Ò¥ ¶µ¶· ¢±¨, ´  ´¥¸Ê· §-
´µ¸ÉÓ ±µÉµ·ÒÌ ¤µ ¸¨Ì ¶µ· ´¨±Éµ ´¥ µ¡· É¨² ¢´¨³ ´¨¥. ‘ ³µ¥ Ê¤¨¢¨É¥²Ó´µ¥,
ÎÉµ ¨ ’ ³³ ¢ ¸¢µ¨Ì ¶µ¸²¥¤ÊÕÐ¨Ì · ¡µÉ Ì ¶·µ¤µ²¦ ² ¸¸Ò² ÉÓ¸Ö ´  ÔÉÊ ¸É -
ÉÓÕ [23], ´¥ § ³¥É¨¢, ÎÉµ µ´  ¡Ò²  ¶µ¸É·µ¥´  ¢ ¶µ²´µ³ ¶·µÉ¨¢µ·¥Î¨¨ ¸ ¥£µ
¸¶· ¢¥¤²¨¢Ò³ ÊÉ¢¥·¦¤¥´¨¥³ µ ¢Éµ·¨Î´µ° ¶·¨·µ¤¥ ¢µ§´¨±´µ¢¥´¨Ö ËµÉµ´µ¢
Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö. ‹Õ¡µ¶ÒÉ´µ ¢ ¸¢Ö§¨ ¸ ÔÉ¨³ · ¸¸³µÉ·¥ÉÓ ¶·¨¢¥-
¤¥´´µ¥ ¢ ±´¨£¥ ‡·¥²µ¢  ¸µ¶µ¸É ¢²¥´¨¥ Ëµ·³Ê² ¶µ ±¢ ´Éµ¢µ° É¥µ·¨¨ Î¥·¥´-
±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö, ¶µ²ÊÎ¥´´ÒÌ ¢ · ¡µÉ Ì ƒ¨´§¡Ê·£  ¨ ’¨¤³ ´ . ‚ ¸¢µ¥°
±´¨£¥  ¢Éµ· ¶µ¸²¥¤µ¢ É¥²Ó´µ ¨§²µ¦¨² ±¢ ´Éµ¢ÊÕ É¥µ·¨Õ ¨§²ÊÎ¥´¨Ö —¥·¥´-
±µ¢ , · §¢¨ÉÊÕ ’¨¤³ ´µ³, ´µ ¢ ±µ´Í¥ µÉ³¥É¨² · ¸Ìµ¦¤¥´¨¥ ¸ · ´¥¥ ¸µ§¤ ´´µ°
Ëµ·³Ê²µ° ƒ¨´§¡Ê·£  ¨ ¢ ¸¢Ö§¨ ¸ ÔÉ¨³ ¢Ò´¥¸ ¸²¥¤ÊÕÐÊÕ µÏ¨¡µÎ´ÊÕ ·¥§µ²Õ-
Í¨Õ: ®‚.‹.ƒ¨´§¡Ê·£ ÉµÎ´µ ÊÎ¥² § ±µ´ ¸µÌ· ´¥´¨Ö Ô´¥·£¨¨... „µ¡ ¢µÎ´Ò¥
Î²¥´Ò ¶µ·Ö¤±  hν/mc ¢ Ëµ·³Ê²¥ ¤ ¦¥ ¤²Ö Ô²¥±É·µ´µ¢ ¶·¥´¥¡·¥¦¨³µ ³ ²Ò¯
[13, É.1, ¸.32]. ’ ±¨³ µ¡· §µ³, Ê ‡·¥²µ¢  ¶µ²ÊÎ¨²µ¸Ó, ÎÉµ Ëµ·³Ê²  ƒ¨´§-
¡Ê·£ , ±µ´¥Î´µ, ¡µ²¥¥ ÉµÎ´ Ö, ¶µ¸±µ²Ó±Ê ¨³ ÊÎÉ¥´ § ±µ´ ¸µÌ· ´¥´¨Ö Ô´¥·£¨¨,
´µ · ¸Ìµ¦¤¥´¨Ö ¸ Ëµ·³Ê²µ° ’¨¤³ ´  ´¨ÎÉµ¦´Ò. �  ¸ ³µ³ ¦¥ ¤¥²¥ ¢¸¥ ÔÉµ
· ¸Ìµ¦¤¥´¨¥ µ¡Ê¸²µ¢²¥´µ ¶·µ¨§¢µ²Ó´Ò³ ¤µ¶ÊÐ¥´¨¥³, ÎÉµ Î¥·¥´±µ¢¸±¨° Ëµ-
Éµ´ ¨¸¶ÊÐ¥´ ´¥¶µ¸·¥¤¸É¢¥´´µ ¶¥·¢¨Î´µ° Î ¸É¨Í¥°,   ´¥ ¢µ§¡Ê¦¤¥´´Ò³  Éµ-
³µ³ ¸·¥¤Ò ¢ ·¥§Ê²ÓÉ É¥ ¥£µ ¶µ²Ö·¨§ Í¨¨ ¢ ³µ³¥´É ¶·µÌµ¦¤¥´¨Ö ¶¥·¢¨Î´µ°
Î ¸É¨ÍÒ.

Œ¨±·µ¸É·Ê±ÉÊ·  ¶¥·¢¨Î´µ£µ ¨§²ÊÎ¥´¨Ö ¡Ò²  ¶· ¢¨²Ó´µ µÉ· ¦¥´  ¢ ¶¥·-
¢µ° ¦¥ ³µ´µ£· Ë¨¨ ¶µ Î¥·¥´±µ¢¸±µ³Ê ¨§²ÊÎ¥´¨Õ, ¢ÒÏ¥¤Ï¥° ¢ 1958 £. [28].
…¥  ¢Éµ·, ¨§¢¥¸É´Ò° ¸¶¥Í¨ ²¨¸É ¶µ ¶·¨³¥´¥´¨Õ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö
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„¦¥²²¨, ´ £²Ö¤´µ ¶µÖ¸´¨² ¶µÖ¢²¥´¨¥ ¨´¤ÊÍ¨·µ¢ ´´µ£µ ¨§²ÊÎ¥´¨Ö ¢ ³µ³¥´É
¶·µÌµ¦¤¥´¨Ö § ·Ö¦¥´´µ° ·¥²ÖÉ¨¢¨¸É¸±µ° Î ¸É¨ÍÒ ¨§-§  ¶µ²Ö·¨§ Í¨¨  Éµ³µ¢
¸·¥¤Ò. �´ ¶µ± § ² É ±¦¥, ÎÉµ ¸¶¥±É· ¢µ§´¨± ÕÐ¥£µ ¶¥·¢¨Î´µ£µ ¨§²ÊÎ¥´¨Ö
ωdω ¸µ¢¥·Ï¥´´µ ´¥ § ¢¨¸¨É µÉ · ¸¸ÉµÖ´¨Ö  Éµ³  ¸·¥¤Ò µÉ É·¥±  § ·Ö¦¥´´µ°
Î ¸É¨ÍÒ. �É ÔÉµ£µ · ¸¸ÉµÖ´¨Ö, ´ ¤µ ¶µ² £ ÉÓ, ¸¨²Ó´µ § ¢¨¸¨É ²¨ÏÓ ¨´É¥´-
¸¨¢´µ¸ÉÓ ¶µ²Ö·¨§ Í¨µ´´µ£µ ¨§²ÊÎ¥´¨Ö. �µ²ÊÎ¨¢ ¸¶¥±É· ¨§²ÊÎ¥´¨Ö,  ¢Éµ· µÉ-
³¥É¨² ¥£µ ¸µ£² ¸¨¥ ¸µ ¸¶¥±É· ²Ó´Ò³ · ¸¶·¥¤¥²¥´¨¥³, ´ °¤¥´´Ò³ ”· ´±µ³ ¨
’ ³³µ³ ¢ · ¡µÉ¥ 1937 £µ¤ . ’ ±¨³ µ¡· §µ³, ¸·¥¤¨ § ¶ ¤´ÒÌ ÊÎ¥´ÒÌ Ï¨·µ±µ
ÊÉ¢¥·¤¨²µ¸Ó ³´¥´¨¥, ÎÉµ ¢ µ¸´µ¢¥ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö ²¥¦¨É ³¨±·µ¸±µ-
¶¨Î¥¸±¨° ¶·µÍ¥¸¸ ¨¸¶Ê¸± ´¨Ö ±µ£¥·¥´É´µ£µ ¸¢¥É , ¸µ¶·µ¢µ¦¤ ÕÐ¨° Ö¢²¥´¨¥
¶µ²Ö·¨§ Í¨¨  Éµ³µ¢ ¸·¥¤Ò Ô²¥±É·¨Î¥¸±¨³ ¶µ²¥³ ¶·µÌµ¤ÖÐ¥° Î ¸É¨ÍÒ. ˆ´-
É¥·¥¸´  ·¥ ±Í¨Ö ´  ÔÉµ ³´¥´¨¥ ¸µ¢¥É¸±¨Ì ¸¶¥Í¨ ²¨¸Éµ¢ ¶µ Î¥·¥´±µ¢¸±µ³Ê
¨§²ÊÎ¥´¨Õ. ‚ ¦Ê·´ ²¥ ®“¸¶¥Ì¨ Ë¨§¨Î¥¸±¨Ì ´ Ê±¯ ¡Ò²  µ¶Ê¡²¨±µ¢ ´  ·¥Í¥´-
§¨Ö ´  ±´¨£Ê „¦¥²²¨ ¶¥·¥¤ ¥¥ ¶¥·¥¢µ¤µ³ ´  ·Ê¸¸±¨° Ö§Ò±. �´  ¡Ò²  ´ ¶¨¸ ´ 
¨§¢¥¸É´Ò³ ¸¶¥Í¨ ²¨¸Éµ³ ¶µ É¥µ·¨¨ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö �µ²µÉµ¢¸±¨³ ¨
Ô±¸¶¥·¨³¥´É Éµ·µ³, ¡Ê¤ÊÐ¨³ ¶¥·¥¢µ¤Î¨±µ³ ÔÉµ° ±´¨£¨ ‹¥°±¨´Ò³. �¢Éµ·Ò
ÔÉµ° ·¥Í¥´§¨¨ ¢Ò¸± § ²¨¸Ó Ö¢´µ ´¥µ¤µ¡·¨É¥²Ó´µ ¶µ ¶µ¢µ¤Ê ¶µ¶ÒÉ±¨ „¦¥²²¨
®¶·¨¢¥¸É¨ É ±¦¥ ³¨±·µ± ·É¨´Ê Ö¢²¥´¨Ö¯ [24, ¸.694].

‚ § ±²ÕÎ¥´¨¥ ¸Î¨É Õ ´¥µ¡Ìµ¤¨³Ò³ µÉ³¥É¨ÉÓ ¥Ð¥ µ¤´Ê ¢ ¦´ÊÕ ¸Éµ-
·µ´Ê ¸µ§¤ ´´µ° ’¨¤³ ´µ³ ±¢ ´Éµ¢µ° É¥µ·¨¨ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö. ‚
¥£µ µ¸´µ¢´µ° · ¡µÉ¥ [20] µÉ¤¥²Ó´Ò° · §¤¥² ¡Ò² ¶µ¸¢ÖÐ¥´ ¶µ¸²¥¤µ¢ É¥²Ó´µ³Ê
¶·¨³¥´¥´¨Õ ±¢ ´Éµ¢µ° ³¥Ì ´¨±¨, ¸µ£² ¸´µ ±µÉµ·µ°, ¥¸²¨ ¨³¥¥É¸Ö µ¶·¥¤¥-
²¥´´Ò° ³¥Ì ´¨§³ ¨§²ÊÎ¥´¨Ö µÉ¤¥²Ó´ÒÌ ËµÉµ´µ¢, Éµ ¸ ¢¥·µÖÉ´µ¸ÉÓÕ 1/137
¤µ²¦´µ ¶·µ¨¸Ìµ¤¨ÉÓ ¨ µ¤´µ¢·¥³¥´´µ¥ ¨§²ÊÎ¥´¨¥ ¤¢ÊÌ ËµÉµ´µ¢. Š¢ ´Éµ¢ Ö
É¥µ·¨Ö ’¨¤³ ´  ¶µ¤·µ¡´µ ¨§² £ ² ¸Ó ¢ ±´¨£¥ ‡·¥²µ¢  [13, É.1, ¸.28Ä32]. ‚
ÔÉµ° ±´¨£¥ ¶·¨¢¥¤¥´  ¨ Ëµ·³Ê²  ’¨¤³ ´  ¤²Ö ¤¢ÊÌËµÉµ´´µ£µ ¨§²ÊÎ¥´¨Ö. …Ð¥
· ´ÓÏ¥, ¢ 1968 £., ¤¢ÊÌËµÉµ´´µ¥ ¨§²ÊÎ¥´¨¥ · ¸¸³ É·¨¢ ²µ¸Ó ”· ´±µ³ [29].
�·µ¡²¥³  ¤¢ÊÌËµÉµ´´µ£µ ¨§²ÊÎ¥´¨Ö µ¡¸Ê¦¤ ² ¸Ó ”· ´±µ³ ¨ ¢ ¥£µ ¶µ¸²¥¤´¥°
³µ´µ£· Ë¨¨ [8, c.99]. �µ ¢µ ¢¸¥Ì ÔÉ¨Ì · ¡µÉ Ì · ¸¸³ É·¨¢ ² ¸Ó ¢¥·µÖÉ´µ¸ÉÓ
¨§²ÊÎ¥´¨Ö ¶ · ËµÉµ´µ¢ ¡¥§ ÊÎ¥É  ¢µ§³µ¦´µ¸É¨ ¨Ì ´ ¡²Õ¤¥´¨Ö. � ¢¥¤Ó ¢
µ¡Ð¥³ ¸²ÊÎ ¥ ÔÉ¨ ¶ ·Ò ËµÉµ´µ¢ ¸Éµ²Ó ¦¥ ´¥´ ¡²Õ¤ ¥³Ò, ± ± ¨ µ¤¨´µÎ´Ò¥
ËµÉµ´Ò, ±µÉµ·Ò¥ ³Ò Ê¸²µ¢´µ ´ §¢ ²¨ ¶¥·¢¨Î´Ò³¨ ¶µ µÉ´µÏ¥´¨Õ ± É ±¨³ ¦¥
ËµÉµ´ ³, ´µ ¢µÏ¥¤Ï¨³ ¢ ³ ±·µ¸±µ¶¨Î¥¸±¨° ¶·µÍ¥¸¸ µ¡· §µ¢ ´¨Ö Î¥·¥´±µ¢-
¸±µ£µ ¨§²ÊÎ¥´¨Ö. ’ ±, µÉ³¥Î Ö ± ± ´¥¤µ· §Ê³¥´¨¥ ÉµÉ Ë ±É, ÎÉµ ¢µ ¢¸¥Ì ¶·¥¤-
Ï¥¸É¢ÊÕÐ¨Ì · ¸¸³µÉ·¥´¨ÖÌ ¤¢ÊÌËµÉµ´´µ¥ ¨§²ÊÎ¥´¨¥ ¶·µ¢µ¤¨²µ¸Ó ¡¥§ ÊÎ¥É 
´ ¡²Õ¤¥´¨Ö É ±¨Ì ¶ ·, ³Ò ¶µ¤Î¥·±¨¢ ¥³, ÎÉµ ¸ ´¥¸µ³´¥´´µ¸ÉÓÕ ¸²¥¤Ê¥É · ¸-
¸³ É·¨¢ ÉÓ Éµ²Ó±µ É ±¨¥ ¶ ·Ò ËµÉµ´µ¢, ¢ ±µÉµ·ÒÌ µ¤¨´ ¨§ ËµÉµ´µ¢ µ± § ²¸Ö
¨§²ÊÎ¥´´Ò³ ¶µ¤ Ê£²µ³, ¸É·µ£µ µÉ¢¥Î ÕÐ¨³ µ¡· §µ¢ ´¨Õ Î¥·¥´±µ¢¸±µ£µ ¨§²Ê-
Î¥´¨Ö. ’µ£¤  ¨ ¢Éµ·µ° ËµÉµ´ µ± ¦¥É¸Ö ´ ¡²Õ¤ ¥³Ò³ ± ± ¸µ¶·µ¢µ¦¤ ÕÐ¨°
³ ±·µ¸±µ¶¨Î¥¸±¨ µ·£ ´¨§µ¢ ´´Ò° ¶·µÍ¥¸¸ µ¡· §µ¢ ´¨Ö Î¥·¥´±µ¢¸±µ£µ ¨§²Ê-
Î¥´¨Ö. ‘²¥¤Ê¥É µÉ³¥É¨ÉÓ, ÎÉµ ¶·¨ ÔÉµ³ ¶¥·¢Ò° ËµÉµ´, µ¡¥¸¶¥Î¨¢Ï¨° ¶·¨-
´ ¤²¥¦´µ¸ÉÓ ¤ ´´µ° ¶ ·Ò ËµÉµ´µ¢ ± ·¥£¨¸É·¨·Ê¥³µ³Ê ³ ±·µ¸±µ¶¨Î¥¸±µ³Ê
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¶·µÍ¥¸¸Ê, ¸ ³ ³µ¦¥É ¨ ´¥ ¤µ°É¨ ¤µ ·¥£¨¸É· Éµ·  ¨§-§  ¶µ£²µÐ¥´¨Ö ¢ £ §¥
· ¤¨ Éµ·  ¨²¨ ¢ ¸É¥±²¥ µ¶É¨Î¥¸±µ° ¸¨¸É¥³Ò.

‚ ¨¸¸²¥¤µ¢ ´¨ÖÌ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö, ¶·µ¢¥¤¥´´ÒÌ ´  Ê´¨± ²Ó´µ³
¶ÊÎ±¥ ·¥²ÖÉ¨¢¨¸É¸±¨Ì ¨µ´µ¢ ¸¢¨´Í  Ê¸±µ·¨É¥²Ö SPS (CERN) ¶·¨  É³µ¸Ë¥·-
´µ³ ¤ ¢²¥´¨¨ ¢µ§¤ÊÌ  ¢ £ §µ¢µ³ Î¥·¥´±µ¢¸±µ³ ¸Î¥ÉÎ¨±¥, ¡Ò²  ¶µ²ÊÎ¥´  Ëµ-
Éµ£· Ë¨Ö, ´  ±µÉµ·µ° ¢¨¤´µ Ê§±µ¥ ±µ²ÓÍµ Ö·±µ£µ Î¥·¥´±µ¢¸±µ£µ ¸¢¥É , · ¸¶µ-
²µ¦¥´´µ¥ ¢ ¸¥·¥¤¨´¥ ¡µ²¥¥ Ï¨·µ±µ£µ ¨ ³¥´¥¥ ¨´É¥´¸¨¢´µ£µ ¸¢¥Éµ¢µ£µ ±µ²ÓÍ 
¸ Î¥É±µ µ¡µ§´ Î¥´´Ò³¨ ±· Ö³¨. ‚¶µ²´¥ ¢µ§³µ¦´µ, ÎÉµ ÔÉµ Ï¨·µ±µ¥ ±µ²ÓÍµ
µ¡· §µ¢ ²µ¸Ó §  ¸Î¥É ·¥£¨¸É· Í¨¨ ¢Éµ·µ£µ ËµÉµ´  ¶·¨ ¨§²ÊÎ¥´¨¨ ¶ · ËµÉµ-
´µ¢. ‘Ê³³ ·´ Ö ¨´É¥´¸¨¢´µ¸ÉÓ ¸¢¥É  ¢ ÔÉµ³ Ï¨·µ±µ³ ±µ²ÓÍ¥, ±µ´¥Î´µ, ¢¥¸Ó³ 
§´ Î¨É¥²Ó´ , ´µ ¸²¥¤Ê¥É ÊÎ¨ÉÒ¢ ÉÓ, ÎÉµ ±¢ ¤· É § ·Ö¤  ¤²Ö ¸¢¨´Í  ¢ 6724 · § 
¶·¥¢ÒÏ ¥É ±¢ ¤· É ¢¥²¨Î¨´Ò § ·Ö¤  ¶·µÉµ´ . �ÉµÉ Ë ±Éµ· §´ Î¨É¥²Ó´µ ±µ³-
¶¥´¸¨·Ê¥É ¢Éµ·µ° ¶µ·Ö¤µ± ¶·µÍ¥¸¸  ¢ ±¢ ´Éµ¢µ° Ô²¥±É·µ¤¨´ ³¨±¥. Š ¸µ¦ ²¥-
´¨Õ, ¶µ ÔÉ¨³ ¨¸¸²¥¤µ¢ ´¨Ö³ Î¥·¥´±µ¢¸±µ£µ ¨§²ÊÎ¥´¨Ö ´  Ê´¨± ²Ó´µ³ ¶ÊÎ±¥
·¥²ÖÉ¨¢¨¸É¸±¨Ì ¨µ´µ¢ ¸¢¨´Í  ¶µ±  µ¶Ê¡²¨±µ¢ ´Ò ²¨ÏÓ ¤¢  ±· É±¨Ì ¸µµ¡Ð¥-
´¨Ö µ ¶µ²ÊÎ¥´¨¨ Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ Ê± § ´¨° ´  ¢µ§³µ¦´µ¥ ¸ÊÐ¥¸É¢µ¢ ´¨¥
¢¥¸Ó³  Ô±§µÉ¨Î¥¸±¨Ì Ö¢²¥´¨° [30,31].
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�¤¥¸¸± Ö £µ¸Ê¤ ·¸É¢¥´´ Ö  ± ¤¥³¨Ö ¸É·µ¨É¥²Ó¸É¢  ¨  ·Ì¨É¥±ÉÊ·Ò, �¤¥¸¸ , “±· ¨´ 

‚ µ¡§µ·¥ ¶µ¸²¥¤µ¢ É¥²Ó´µ ¨§²µ¦¥´  ²£¥¡· ¨Î¥¸±¨° ³¥Éµ¤ ·¥Ï¥´¨Ö µ¡· É´µ° § ¤ Î¨ ¢ ´¥É· -
¤¨Í¨µ´´ÒÌ ¶µ¸É ´µ¢± Ì, ¢ · ³± Ì ±µÉµ·µ£µ § É¥³ ¨¸¸²¥¤µ¢ ´Ò ´¥±µÉµ·Ò¥ ¶·µ¡²¥³Ò ±¢ ´Éµ¢µ°
É¥µ·¨¨ · ¸¸¥Ö´¨Ö § ·Ö¦¥´´ÒÌ Î ¸É¨Í.

The algebraic method of the scattering inverse problem solution under untraditional statements
is proposed consistently in this review, in the framework of which some quantum theory of scattering
charged particles problems were researched afterwards.

‚‚…„…�ˆ…

�¥Ï¥´¨¥ µ¡· É´µ° § ¤ Î¨ ±¢ ´Éµ¢µ° É¥µ·¨¨ · ¸¸¥Ö´¨Ö § ±²ÕÎ ¥É¸Ö ¢
¢µ¸¸É ´µ¢²¥´¨¨ ¶µÉ¥´Í¨ ²  ¢§ ¨³µ¤¥°¸É¢¨Ö ¶µ Ô±¸¶¥·¨³¥´É ²Ó´Ò³ ¤ ´´Ò³,
¢±²ÕÎ ÕÐ¨³ ¢ · §²¨Î´ÒÌ ¢ ·¨ ´É Ì Ë §µ¢Ò¥ ¸¤¢¨£¨, S-³ É·¨ÍÊ, Ô´¥·£¨¨ ¨
´µ·³¨·µ¢µÎ´Ò¥ ±µ´¸É ´ÉÒ ¸¢Ö§ ´´ÒÌ ¸µ¸ÉµÖ´¨°,  ³¶²¨ÉÊ¤Ê · ¸¸¥Ö´¨Ö. �¡-
· É´Ò¥ § ¤ Î¨ ¨§ÊÎ ÕÉ¸Ö Ê¦¥ ´  ¶·µÉÖ¦¥´¨¨ ¡µ²¥¥ ¸¥³¨¤¥¸ÖÉ¨ ²¥É, ¢ É¥Î¥´¨¥
±µÉµ·ÒÌ µ¶Ê¡²¨±µ¢ ´µ µÎ¥´Ó ¡µ²ÓÏµ¥ ±µ²¨Î¥¸É¢µ · ¡µÉ. �·¨ ÔÉµ³ ´ ¨¡µ-
²¥¥ ¢ ¦´Ò¥ ¨ ËÊ´¤ ³¥´É ²Ó´Ò¥ ·¥§Ê²ÓÉ ÉÒ ¶µ µ¡· É´Ò³ § ¤ Î ³ ¢ µ¸´µ¢´µ³
¨§²µ¦¥´Ò ¢ ³µ´µ£· Ë¨ÖÌ [1Ä10].

„µ ¶µ¸²¥¤´¥£µ ¢·¥³¥´¨ ¡Ò²¨ ¨§¢¥¸É´Ò ¤¢¥ É· ¤¨Í¨µ´´Ò¥ ¶µ¸É ´µ¢±¨,
¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ ±µÉµ·Ò³¨ µ¡· É´ Ö § ¤ Î  ¨³¥¥É ·¥Ï¥´¨¥, ¥¸²¨ ¨§¢¥¸É´Ò
¸¤¢¨£¨ Ë §: 1) ¤²Ö µ¤´µ£µ §´ Î¥´¨Ö Ê£²µ¢µ£µ ³µ³¥´É  ¶·¨ ¢¸¥Ì §´ Î¥´¨ÖÌ
Ô´¥·£¨¨, Ô´¥·£¨¨ ¸¢Ö§ ´´ÒÌ ¸µ¸ÉµÖ´¨° ¨ ´µ·³¨·µ¢µÎ´Ò¥ ±µ´¸É ´ÉÒ; 2) ¤²Ö
¢¸¥Ì §´ Î¥´¨° Ê£²µ¢ÒÌ ³µ³¥´Éµ¢ ¶·¨ µ¤´µ° Ë¨±¸¨·µ¢ ´´µ° Ô´¥·£¨¨, Éµ ¥¸ÉÓ
¨§¢¥¸É´   ³¶²¨ÉÊ¤  · ¸¸¥Ö´¨Ö.

�·¨ ·¥Ï¥´¨¨ µ¡· É´µ° § ¤ Î¨ ¤²Ö · §²¨Î´ÒÌ É¨¶µ¢ Ê· ¢´¥´¨°, ± ± ¶· -
¢¨²µ, ¨¸¶µ²Ó§ÊÕÉ ³µ¤¨Ë¨± Í¨¨ ¨²¨  ´ ²µ£¨ ³¥Éµ¤µ¢ ƒ¥²ÓË ´¤ Ä‹¥¢¨É ´ 
¨²¨ Œ ·Î¥´±µ. �·¨ ÔÉµ³ ¸²µ¦¨² ¸Ó É ± Ö ¸¨ÉÊ Í¨Ö, ÎÉµ É¥Ì´¨±  ³¥Éµ¤ 
Š·¥°´  ´¥ ´ Ï²  ¤µ¸É ÉµÎ´µ£µ ¶·¨³¥´¥´¨Ö ¢ ¨¸¸²¥¤µ¢ ´¨ÖÌ ¶µ µ¡· É´Ò³
§ ¤ Î ³ ¤²Ö ¡µ²¥¥ ¸²µ¦´ÒÌ É¨¶µ¢ Ê· ¢´¥´¨°.
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‚¸¥ ÔÉ¨ ³¥Éµ¤Ò Ö¢²ÖÕÉ¸Ö ¨´É¥£· ²Ó´Ò³¨ ¢ Éµ³ ¸³Ò¸²¥, ÎÉµ ±²ÕÎ¥¢Ò³ ¢
´¨Ì Ö¢²Ö¥É¸Ö ¨¸¶µ²Ó§µ¢ ´¨¥ ¨´É¥£· ²Ó´ÒÌ Ê· ¢´¥´¨° É¨¶  ƒ¥²ÓË ´¤ Ä‹¥¢¨-
É ´ , Œ ·Î¥´±µ ¨²¨ Š·¥°´ . �¤´ ±µ ¸ÊÐ¥¸É¢Ê¥É É ±¦¥ ¤·Ê£µ° ( ²£¥¡· ¨Î¥-
¸±¨°) ¶µ¤Ìµ¤ ± ·¥Ï¥´¨Õ µ¡· É´µ° § ¤ Î¨, ¢ ±µÉµ·µ³ ´¥ ¨¸¶µ²Ó§µ¢ ´Ò Ê± § ´-
´Ò¥ ¢ÒÏ¥ ¨´É¥£· ²Ó´Ò¥ Ê· ¢´¥´¨Ö. Š ÔÉµ³Ê ¶µ¤Ìµ¤Ê ¶·¨¢µ¤¨É § ¤ ´¨¥ ËÊ´±-
Í¨¨ ‰µ¸É  ¨²¨ ³ É·¨ÍÒ · ¸¸¥Ö´¨Ö ¢ ¢¨¤¥ · Í¨µ´ ²Ó´µ° ËÊ´±Í¨¨ ¶ · ³¥É·µ¢
Ê· ¢´¥´¨Ö ˜·¥¤¨´£¥·  (“˜). ‚¶¥·¢Ò¥  ²£¥¡· ¨Î¥¸±¨° ³¥Éµ¤ ·¥Ï¥´¨Ö µ¡· É-
´µ° § ¤ Î¨ ¶·¨ Ë¨±¸¨·µ¢ ´´µ³ µ·¡¨É ²Ó´µ³ ³µ³¥´É¥ ¡Ò² Ê¸É ´µ¢²¥´ ’¥°¸µ³
¢ 1956 £. [11]. ‡ É¥³ ¢ · ¡µÉ¥ [12] ÔÉ¨³ ¦¥ ³¥Éµ¤µ³ ¡Ò²  ·¥Ï¥´  µ¡· É´ Ö
§ ¤ Î  ¶·¨ Ë¨±¸¨·µ¢ ´´µ³ §´ Î¥´¨¨ Ô´¥·£¨¨. ‡ ³¥É¨³, ÎÉµ  ²£¥¡· ¨Î¥¸±¨°
³¥Éµ¤ ·¥Ï¥´¨Ö µ¡· É´µ° § ¤ Î¨ µ± § ²¸Ö £µ· §¤µ ³¥´¥¥ ¨§¢¥¸É´Ò³, Î¥³ Ê¶µ-
³Ö´ÊÉÒ¥ ¢ÒÏ¥ ¨´É¥£· ²Ó´Ò¥ ³¥Éµ¤Ò,   É ±¦¥ ³¥Éµ¤ �ÓÕÉµ´ Ä‘ ¡ ÉÓ¥ [2, 6].
�µÔÉµ³Ê ¤ ´´Ò° µ¡§µ· ¢µ¸¶µ²´Ö¥É µ¡· §µ¢ ¢Ï¨°¸Ö ¶·µ¡¥² ¢ ¨´Ëµ·³ Í¨¨ µ
·¥§Ê²ÓÉ É Ì, ¶µ²ÊÎ¥´´ÒÌ ¶µ µ¡· É´µ° § ¤ Î¥ ±¢ ´Éµ¢µ° É¥µ·¨¨ · ¸¸¥Ö´¨Ö ¢
ÔÉµ³ ´ ¶· ¢²¥´¨¨.

‚ ¶µ¸²¥¤´¨¥ £µ¤Ò ¡Ò²¨ ¶·µ¤µ²¦¥´Ò ¨´É¥´¸¨¢´Ò¥ ¨¸¸²¥¤µ¢ ´¨Ö ¶µ µ¡· É-
´Ò³ § ¤ Î ³ ¢ · §²¨Î´ÒÌ ´ ¶· ¢²¥´¨ÖÌ. …¸²¨ · ´¥¥ µ¸´µ¢´Ò¥ ·¥§Ê²ÓÉ ÉÒ
¡Ò²¨ ¶µ²ÊÎ¥´Ò ¤²Ö µ¤´µ³¥·´ÒÌ ¨ µ¤´µ± ´ ²Ó´ÒÌ § ¤ Î, Éµ ¤²Ö ¶µ¸²¥¤´¨Ì
²¥É Ì · ±É¥·¥´ ¶¥·¥Ìµ¤ ± ¨§ÊÎ¥´¨Õ ¡µ²¥¥ ¸²µ¦´ÒÌ ¸¨¸É¥³ Å ³´µ£µ± ´ ²Ó-
´ÒÌ, ³´µ£µ³¥·´ÒÌ, ³´µ£µÎ ¸É¨Î´ÒÌ ¨ ¸ ´¥²µ± ²Ó´Ò³ ¢§ ¨³µ¤¥°¸É¢¨¥³ [9].

Š ± µÉ³¥Î¥´µ ¢ÒÏ¥, ¢ É· ¤¨Í¨µ´´ÒÌ ¶µ¤Ìµ¤ Ì ¶µÉ¥´Í¨ ² ¢µ¸¸É ´ ¢²¨-
¢ ÕÉ ¶µ Ô±¸¶¥·¨³¥´É ²Ó´Ò³ ¤ ´´Ò³ ¶·¨ Ë¨±¸¨·µ¢ ´´ÒÌ §´ Î¥´¨ÖÌ ²¨¡µ
Ô´¥·£¨¨, ²¨¡µ µ·¡¨É ²Ó´µ£µ ³µ³¥´É . ‚ [13] · ¸¸³µÉ·¥´ ¡µ²¥¥ µ¡Ð¨° ¶µ¤Ìµ¤
± ·¥Ï¥´¨Õ µ¡· É´µ° § ¤ Î¨, ±µ£¤  Ô´¥·£¨Ö ¨ ±¢ ¤· É µ·¡¨É ²Ó´µ£µ ³µ³¥´É 
¢ ¨¸Ìµ¤´ÒÌ ¤ ´´ÒÌ · ¸¸¥Ö´¨Ö ¸¢Ö§ ´Ò ²¨´¥°´µ° § ¢¨¸¨³µ¸ÉÓÕ.

‚ É· ¤¨Í¨µ´´ÒÌ ¶µ¸É ´µ¢± Ì µ¡· É´µ° § ¤ Î¨ ¶·¥¤¶µ² £ ¥É¸Ö, ÎÉµ §´ -
Î¥´¨¥ ±Ê²µ´µ¢¸±µ° ±µ´¸É ´ÉÒ ¸¢Ö§¨ Ë¨±¸¨·µ¢ ´µ, Éµ ¥¸ÉÓ ·¥ÎÓ ¨¤¥É µ ¢µ¸-
¸É ´µ¢²¥´¨¨ ¶µÉ¥´Í¨ ²  ¢§ ¨³µ¤¥°¸É¢¨Ö ³¥¦¤Ê ¤¢Ê³Ö Ë¨±¸¨·µ¢ ´´Ò³¨ Î -
¸É¨Í ³¨ x ¨ y. �¤´ ±µ, ¥¸²¨ µÉ± § ÉÓ¸Ö µÉ ÔÉµ£µ ¶·¥¤¶µ²µ¦¥´¨Ö ¨ ¸Î¨É ÉÓ
§´ Î¥´¨Ö ±Ê²µ´µ¢¸±µ° ±µ´¸É ´ÉÒ ¸¢Ö§¨ ¶¥·¥³¥´´Ò³¨, Éµ ³µ¦´µ ¸Ëµ·³Ê²¨·µ-
¢ ÉÓ µ¡· É´ÊÕ § ¤ ÎÊ ±¢ ´Éµ¢µ° É¥µ·¨¨ · ¸¸¥Ö´¨Ö ¢ ´µ¢µ° (´¥É· ¤¨Í¨µ´´µ°)
¶µ¸É ´µ¢±¥, ¸ÊÉÓ ±µÉµ·µ° § ±²ÕÎ ¥É¸Ö ¢ µ¶·¥¤¥²¥´¨¨ ¶µÉ¥´Í¨ ²  ¢§ ¨³µ¤¥°-
¸É¢¨Ö ¶µ Ë §µ¢Ò³ ¸¤¢¨£ ³, ¢§ÖÉÒ³ ¶·¨ Ë¨±¸¨·µ¢ ´´ÒÌ §´ Î¥´¨ÖÌ Ô´¥·£¨¨
(¨³¶Ê²Ó¸ ) ¨ µ·¡¨É ²Ó´µ£µ ³µ³¥´É , ´µ ¶·¨ · §²¨Î´ÒÌ §´ Î¥´¨ÖÌ ±Ê²µ´µ¢-
¸±µ° ±µ´¸É ´ÉÒ ¸¢Ö§¨. ‚ ÔÉµ³ ¸²ÊÎ ¥ µ¤¨´ ¨ ÉµÉ ¦¥ ¶µÉ¥´Í¨ ² ¤µ²¦¥´ µ¶¨-
¸Ò¢ ÉÓ ¢§ ¨³µ¤¥°¸É¢¨¥ Ê¦¥ ³¥¦¤Ê ¤¢Ê³Ö £·Ê¶¶ ³¨ § ·Ö¦¥´´ÒÌ Î ¸É¨Í X ¨ Y ,
¨³¥ÕÐ¨Ì ¶·¨³¥·´µ µ¤¨´ ±µ¢ÊÕ ¶·¨¢¥¤¥´´ÊÕ ³ ¸¸Ê. ‚ ¸µµÉ¢¥É¸É¢¨¨ ¸ ¶·¨´-
Í¨¶µ³ ¨§µÉµ¶¨Î¥¸±µ° ¨´¢ ·¨ ´É´µ¸É¨ Ö¤¥·´ÒÌ ¸¨² É ±¨¥ £·Ê¶¶Ò Î ¸É¨Í X ¨
Y ¶·¥¤¸É ¢²ÖÕÉ ¸µ¡µ° ¨§µ¡ ·¨Î¥¸±¨¥ ³Ê²ÓÉ¨¶²¥ÉÒ (¨²¨ Ö¤· -¨§µ¡ ·Ò) [14].
’ ±¨³ µ¡· §µ³, ¢ ¶·¥¤²µ¦¥´´µ³ §¤¥¸Ó ´µ¢µ³ (´¥É· ¤¨Í¨µ´´µ³) ¶µ¤Ìµ¤¥ ±
µ¡· É´µ° § ¤ Î¥ ¢ ¶·¨´Í¨¶¥ ³µ¦´µ ¶µ Ô±¸¶¥·¨³¥´É ²Ó´Ò³ ¤ ´´Ò³ ¢µ¸¸É -
´µ¢¨ÉÓ ¶µÉ¥´Í¨ ² ¢§ ¨³µ¤¥°¸É¢¨Ö ³¥¦¤Ê ¤¢Ê³Ö ¨§µ¡ ·¨Î¥¸±¨³¨ ³Ê²ÓÉ¨¶²¥-
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É ³¨ (¨²¨ ³¥¦¤Ê § ·Ö¦¥´´Ò³ ±² ¸É¥·µ³ ¨ ¨§µ¡ ·¨Î¥¸±¨³ ³Ê²ÓÉ¨¶²¥Éµ³).
„²Ö ·¥Ï¥´¨Ö µ¡· É´µ° § ¤ Î¨ ¢ É ±µ° ´¥É· ¤¨Í¨µ´´µ° ¶µ¸É ´µ¢±¥ ´¥µ¡Ìµ-
¤¨³Ò ·¥§Ê²ÓÉ ÉÒ Ë §µ¢µ£µ  ´ ²¨§ , ÊÎ¨ÉÒ¢ ÕÐ¥£µ ±Ê²µ´µ¢¸±µ¥ ¨²¨ § ·Ö¤µ¢µ¥
· ¸Ð¥¶²¥´¨¥ Ë §µ¢ÒÌ ¸¤¢¨£µ¢. �·¨³¥·Ò É ±µ£µ ·µ¤  Ë §µ¢µ£µ  ´ ²¨§  ¤²Ö
pN -¢§ ¨³µ¤¥°¸É¢¨Ö ¢ ¸µ¸ÉµÖ´¨¨ 1S0 ¨ ¤²Ö π±p-¢§ ¨³µ¤¥°¸É¢¨Ö ¢ ¸µ¸ÉµÖ´¨ÖÌ
S31, P33 ¶·¨¢¥¤¥´Ò ¢ [15, 16].

–¥²Ó ¤ ´´µ£µ µ¡§µ·  § ±²ÕÎ ¥É¸Ö ¢ ¨§²µ¦¥´¨¨  ²£¥¡· ¨Î¥¸±µ£µ ³¥Éµ¤ 
·¥Ï¥´¨Ö µ¡· É´µ° § ¤ Î¨ ¢ ´¥É· ¤¨Í¨µ´´ÒÌ ¶µ¸É ´µ¢± Ì ¨ ¢ ¨¸¶µ²Ó§µ¢ ´¨¨
¥£µ ¤²Ö ¨¸¸²¥¤µ¢ ´¨Ö ´¥±µÉµ·ÒÌ ¶·µ¡²¥³ ±¢ ´Éµ¢µ° É¥µ·¨¨ · ¸¸¥Ö´¨Ö § ·Ö-
¦¥´´ÒÌ Î ¸É¨Í.

‚ · §¤. 1 · ¸¸³µÉ·¥´  µ¡· É´ Ö § ¤ Î  É¥µ·¨¨ · ¸¸¥Ö´¨Ö § ·Ö¦¥´´ÒÌ Î -
¸É¨Í ¢ ±µ³¶²¥±¸´µ° ¶²µ¸±µ¸É¨ ±Ê²µ´µ¢¸±µ° ±µ´¸É ´ÉÒ ¸¢Ö§¨. ‚ · §¤. 2 Ê¸É -
´µ¢²¥´  ¶·µÍ¥¤Ê·  ¢µ¸¸É ´µ¢²¥´¨Ö ¶µÉ¥´Í¨ ²  ¢§ ¨³µ¤¥°¸É¢¨Ö ¤²Ö ¸²ÊÎ Ö,
±µ£¤  ¢ ¨¸Ìµ¤´ÒÌ ¤ ´´ÒÌ · ¸¸¥Ö´¨Ö Ô´¥·£¨Ö, ±¢ ¤· É µ·¡¨É ²Ó´µ£µ ³µ³¥´É 
¨ ±Ê²µ´µ¢¸± Ö ±µ´¸É ´É  ¸¢Ö§¨ ²¨´¥°´µ § ¢¨¸¨³Ò. ‡¤¥¸Ó ¦¥ ¨§ÊÎ¥´µ ¢²¨Ö´¨¥
§´ ±  ¶µÉ¥´Í¨ ²  ´  · ¸¶µ²µ¦¥´¨¥ ¶µ²Õ¸µ¢ ³ É·¨ÍÒ · ¸¸¥Ö´¨Ö ¨ ¶µ¢¥¤¥´¨¥
Ë §µ¢ÒÌ ¸¤¢¨£µ¢. ‚ · §¤. 3 ¨¸¸²¥¤µ¢ ´  ¸¢Ö§Ó ³¥¦¤Ê µ¤´µ¶ · ³¥É·¨Î¥¸±¨³¨
§ ¤ Î ³¨ ¶µÉ¥´Í¨ ²Ó´µ£µ · ¸¸¥Ö´¨Ö § ·Ö¦¥´´ÒÌ Î ¸É¨Í.

1. ����’��Ÿ ‡�„�—� ’…��ˆˆ ��‘‘…Ÿ�ˆŸ ‡��Ÿ†…��›•
—�‘’ˆ– ‚ Š�Œ�‹…Š‘��‰ �‹�‘Š�‘’ˆ Š“‹���‚‘Š�‰

Š��‘’��’› ‘‚Ÿ‡ˆ

‚ µ¸´µ¢Ê · ¡µÉÒ ¶µ²µ¦¥´µ ¶ ·Í¨ ²Ó´µ¥ “˜

y′′
k,l(r) +

[
k2 − l(l + 1)

r2
− a

r
− V (r)

]
yk,l(r) = 0, (1)

£¤¥ k =

√
2mE

�
Å ¨³¶Ê²Ó¸, l Å µ·¡¨É ²Ó´Ò° ³µ³¥´É, a =

2mzZe2

�2
Å

±Ê²µ´µ¢¸± Ö ±µ´¸É ´É  ¸¢Ö§¨, m Å ¶·¨¢¥¤¥´´ Ö ³ ¸¸  ¸¨¸É¥³Ò, E Å Ô´¥·-

£¨Ö, z ¨ Z Å § ·Ö¤Ò ¢§ ¨³µ¤¥°¸É¢ÊÕÐ¨Ì Î ¸É¨Í, U(r) =
�

2

2m
V (r) Å ±µ-

·µÉ±µ¤¥°¸É¢ÊÕÐ¨° ¶µÉ¥´Í¨ ² (´ ¶·¨³¥·, ÔËË¥±É¨¢´Ò° ¶µÉ¥´Í¨ ² Ö¤¥·´µ£µ
¢§ ¨³µ¤¥°¸É¢¨Ö), Ê¤µ¢²¥É¢µ·ÖÕÐ¨° Ê¸²µ¢¨Õ

∞∫
0

r|V (r)| exp (αr)dr < ∞, α > 0. (2)

”¨§¨Î¥¸±¨³ §´ Î¥´¨Ö³ (”‡) ±Ê²µ´µ¢¸±µ° ±µ´¸É ´ÉÒ ¸¢Ö§¨ aφ ¸µµÉ¢¥É-
¸É¢ÊÕÉ Í¥²Ò¥ §´ Î¥´¨Ö z ¨ Z.
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‚ [14] ¨¸¸²¥¤µ¢ ´Ò  ´ ²¨É¨Î¥¸±¨¥ ¸¢µ°¸É¢  S-³ É·¨ÍÒ ¢ µ¡² ¸É¨ ±µ³-
¶²¥±¸´ÒÌ §´ Î¥´¨° ±Ê²µ´µ¢¸±µ° ±µ´¸É ´ÉÒ ¸¢Ö§¨. ‚ Î ¸É´µ¸É¨, É ³ Ê¸É ´µ-
¢²¥´µ, ÎÉµ ¶·¨ Ê¸²µ¢¨¨ (2) ³ É·¨Í  · ¸¸¥Ö´¨Ö ¤²Ö ”‡ l ³¥·µ³µ·Ë´  ¢ ¶·Ö³µ³
¶·µ¨§¢¥¤¥´¨¨ a-¶²µ¸±µ¸É¨ ¨ ¶µ²µ¸Ò |Im k| < α/2 (¨¸±²ÕÎ Ö ¸ÊÐ¥¸É¢¥´´µ
µ¸µ¡ÊÕ ÉµÎ±Ê ¶·¨ k = 0) ¸ · §·¥§µ³ ¢¤µ²Ó ³´¨³µ° µ¸¨ k µÉ k = −iα/2 ¤µ
k = iα/2.

�µ²Õ¸Ò S-³ É·¨ÍÒ ¢ ±µ³¶²¥±¸´µ° ¶²µ¸±µ¸É¨ ±Ê²µ´µ¢¸±µ° ±µ´¸É ´ÉÒ
¸¢Ö§¨ ¤µ¶Ê¸± ÕÉ Ë¨§¨Î¥¸±ÊÕ ¨´É¥·¶·¥É Í¨Õ. �·¨ ¨§³¥´¥´¨¨ ¢¥Ð¥¸É¢¥´´ÒÌ
§´ Î¥´¨° E ¶µ²Õ¸ ¢ a-¶²µ¸±µ¸É¨ µ¶¨¸Ò¢ ¥É É· ¥±Éµ·¨Õ, ±µÉµ· Ö ¢¥¤¥É ¸¥¡Ö
¸²¥¤ÊÕÐ¨³ µ¡· §µ³. „²Ö ¶·¨ÉÖ£¨¢ ÕÐ¥£µ ¢ Í¥²µ³ ¶µÉ¥´Í¨ ²  ¶µ²Õ¸, ²¥¦ -
Ð¨° ¶·¨ E < 0 ´  ¢¥Ð¥¸É¢¥´´µ° ¶µ²µ¦¨É¥²Ó´µ° a-¶µ²Êµ¸¨, ¸ Ê¢¥²¨Î¥´¨¥³
E ¤¢¨¦¥É¸Ö ¢¶· ¢µ, µ¡· §ÊÖ ¸¢Ö§ ´´Ò¥ ¸µ¸ÉµÖ´¨Ö ¸ µ·¡¨É ²Ó´Ò³ ³µ³¥´Éµ³ l
¢ ¸¨¸É¥³¥ X +Y ¶·¨ ± ¦¤µ³ ¶·µÌµ¦¤¥´¨¨ Î¥·¥§ ”‡ ±Ê²µ´µ¢¸±µ° ±µ´¸É ´ÉÒ
¸¢Ö§¨. …¸²¨ E > 0, Éµ ¶µ²Õ¸ µ¸É ¢²Ö¥É ¢¥Ð¥¸É¢¥´´ÊÕ a-µ¸Ó ¨ ¶¥·¥Ìµ¤¨É ¢
¶¥·¢Ò° ±¢ ¤· ´É a-¶²µ¸±µ¸É¨. �µ²Õ¸, ¢¥Ð¥¸É¢¥´´ Ö Î ¸ÉÓ ±µÉµ·µ£µ · ¢´  ”‡
aφ,   ¢¥²¨Î¨´  ³´¨³µ° Î ¸É¨ ³ ² , ¸µµÉ¢¥É¸É¢Ê¥É ·¥§µ´ ´¸Ê ¸ µ·¡¨É ²Ó´Ò³
³µ³¥´Éµ³ l Î²¥´  ¸¨¸É¥³Ò X + Y ¸ ±Ê²µ´µ¢¸±µ° ±µ´¸É ´Éµ° ¸¢Ö§¨ aφ.

‚ ¤ ´´µ³ · §¤¥²¥ · ¸¸³µÉ·¥´  ²£¥¡· ¨Î¥¸±¨° ¢ ·¨ ´É ¶µ¸É·µ¥´¨Ö ¶µ-
É¥´Í¨ ²  ¢§ ¨³µ¤¥°¸É¢¨Ö § ·Ö¦¥´´ÒÌ Î ¸É¨Í ¢ ´¥É· ¤¨Í¨µ´´µ° ¶µ¸É ´µ¢±¥
µ¡· É´µ° § ¤ Î¨ Å ¶µ ¨§¢¥¸É´Ò³ ¶·¨ Ë¨±¸¨·µ¢ ´´ÒÌ ”‡ Ô´¥·£¨¨ E, ¶·¨-
¢¥¤¥´´µ° ³ ¸¸Ò m ¨ µ·¡¨É ²Ó´µ£µ ³µ³¥´É  l Ë §µ¢Ò³ ¸¤¢¨£µ³ δk,l(a) ¤²Ö
· §²¨Î´ÒÌ ”‡ ±Ê²µ´µ¢¸±µ° ±µ´¸É ´ÉÒ ¸¢Ö§¨ a. ‚ ¸µµÉ¢¥É¸É¢¨¨ ¸ Ê± § ´-
´Ò³ · ´¥¥ ¢ ÔÉµ³ ¸²ÊÎ ¥ ³µ¦´µ µ¶·¥¤¥²¨ÉÓ ¶µÉ¥´Í¨ ² ¢§ ¨³µ¤¥°¸É¢¨Ö ³¥¦¤Ê
¤¢Ê³Ö ¨§µ¡ ·¨Î¥¸±¨³¨ ³Ê²ÓÉ¨¶²¥É ³¨ ¨²¨ ¶µÉ¥´Í¨ ² ¢§ ¨³µ¤¥°¸É¢¨Ö ³¥¦¤Ê
§ ·Ö¦¥´´Ò³ ±² ¸É¥·µ³ ¨ ¨§µ¡ ·¨Î¥¸±¨³ ³Ê²ÓÉ¨¶²¥Éµ³.

1.1. ‘²ÊÎ ° ·¥£Ê²Ö·´µ£µ ¨ µ¤´µ£µ ¨§ °µ¸Éµ¢¸±¨Ì ·¥Ï¥´¨° ¸¢µ¡µ¤´µ£µ
“˜, ¢Ò¡· ´´ÒÌ ¢ ± Î¥¸É¢¥ ¡ §¨¸´ÒÌ ¤²Ö ³µ¤¥²Ó´µ£µ ¶µÉ¥´Í¨ ² . �·¥¤¶µ-
²µ¦¨³, ÎÉµ ³ É·¨ÍÊ · ¸¸¥Ö´¨Ö ³µ¦´µ ¶·¥¤¸É ¢¨ÉÓ ¢ ¢¨¤¥

Sk,l(a) = S0
k,l(a) exp [2iδk,l(a)],

exp [2iδk,l(a)] = Rk,l(a)/R−k,l(a), (3)

Rk,l(a) =
n∏
1

[a − αµ(k, l)] /
n∏
1

[a − βν(k, l)],

£¤¥ S0
k,l (a) Å ³ É·¨Í  · ¸¸¥Ö´¨Ö, ¸µµÉ¢¥É¸É¢ÊÕÐ Ö Í¥´É·µ¡¥¦´µ³Ê ¨ ±Ê²µ-

´µ¢¸±µ³Ê ¶µÉ¥´Í¨ ² ³; δk,l (a) Å Ë §µ¢Ò° ¸¤¢¨£, µ¡Ê¸²µ¢²¥´´Ò° ¤¥°¸É¢¨¥³
¶µÉ¥´Í¨ ²  V (r); αµ (k, l) ¨ βν (k, l) Å ±µ³¶²¥±¸´Ò¥ ¶µ¸ÉµÖ´´Ò¥ (· §²¨Î´Ò¥
¤²Ö ¢¸¥Ì µ, ν), · ¸¶µ²µ¦¥´¨¥ ±µÉµ·ÒÌ ´  ±µ³¶²¥±¸´µ° a-¶²µ¸±µ¸É¨ § ¢¨¸¨É
µÉ ´ ² £ ¥³ÒÌ ´  V (r) µ£· ´¨Î¥´¨° [14].
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„ ²¥¥ ¶·¨¢¥¤¥´ ¢Ò¢µ¤ Ëµ·³Ê² ¤²Ö ¶µÉ¥´Í¨ ²  ¨ ·¥Ï¥´¨Ö “˜ (1), ¸µ-
µÉ¢¥É¸É¢ÊÕÐ¨Ì ³ É·¨Í¥ · ¸¸¥Ö´¨Ö, § ¤ ´´µ° ¸µµÉ´µÏ¥´¨Ö³¨ (3) [17]. �Ê¸ÉÓ
ϕk,l (a, r) ¨ f±k,l (a, r) Å ·¥£Ê²Ö·´µ¥ ¨ °µ¸Éµ¢¸±¨¥ ·¥Ï¥´¨Ö Ê· ¢´¥´¨Ö (1) ¸
V = 0, Ê¤µ¢²¥É¢µ·ÖÕÐ¨¥ £· ´¨Î´Ò³ Ê¸²µ¢¨Ö³

lim
r→0

ϕk,l (a, r) r−l−1 = 1, (4)

lim
r→∞

f±k,l(a, r) exp
[
±i
(
kr − a

2k
ln 2kr

)]
= 1. (5)

ˆ¸¶µ²Ó§ÊÖ µ¡µ§´ Î¥´¨¥ [ϕ (r) ; f (r)] = ϕ (r) f ′ (r)−ϕ′ (r) f (r), ¢¢¥¤¥³ ËÊ´±-
Í¨¨ ‰µ¸É 

f±k,l (a) = [f±k,l (a, r) ; ϕk,l (a, r)] .

…¸²¨ ÊÎ¥¸ÉÓ, ÎÉµ [fk,l(a, r);f−k,l(a, r)] = 2ik, Éµ ´¥É·Ê¤´µ Ê¸É ´µ¢¨ÉÓ ¸µµÉ´µ-
Ï¥´¨¥

ϕk,l (a, r) =
1

2ik
[fk,l (a) f−k,l (a, r) − f−k,l (a) fk,l (a, r)] . (6)

�¥£Ê²Ö·´µ¥ ·¥Ï¥´¨¥ (6) ¨³¥¥É ¶·¨ r → ∞  ¸¨³¶ÉµÉ¨±Ê

ϕk,l (a, r) ≈ exp [iηk,l (a)]
f−k,l (a)

k
sin
[
kr − a

2k
ln 2kr + ηk,l (a)

]
,

£¤¥

S0
k,l (a) ≡ exp [2iηk,l (a)] =

fk,l (a)
f−k,l (a)

¥¸ÉÓ ³ É·¨Í  · ¸¸¥Ö´¨Ö ¤²Ö Í¥´É·µ¡¥¦´µ£µ ¨ ±Ê²µ´µ¢¸±µ£µ ¶µÉ¥´Í¨ ²µ¢.
‚¢¥¤¥³ µ¡µ§´ Î¥´¨Ö

ϕa = ϕk,l(a, r), βν = βν(k, l), ϕν = ϕk,lβν , r), (7)

fa = f−k,l(a, r), αµ = αµ(k, l), fµ = f−k,l(αµ, r),

xνa =
[ϕν ; fa]
βν − a

, xνµ =
[ϕν ; fµ]
βν − αµ

. (8)

�  µ¸´µ¢ ´¨¨ (8) ¨ ¸µµÉ´µÏ¥´¨Ö

ϕνf ′′
a − ϕ′′

νfa =
a − βν

r
ϕνfa,

¢ÒÉ¥± ÕÐ¥£µ ¨§ (1) ¸ V = 0, ¶µ²ÊÎ¨³

x′
νa = −ϕνfa

r
. (9)
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�µ± ¦¥³, ÎÉµ ³ É·¨ÍÊ · ¸¸¥Ö´¨Ö (3) ³µ¦´µ ¶µ²ÊÎ¨ÉÓ, ¥¸²¨ ¢ (1) ¢Ò¡· ÉÓ
¢ ± Î¥¸É¢¥ ¶µÉ¥´Í¨ ²  ËÊ´±Í¨Õ

V (r) = −
[
2
r

(Kνϕν)′ − Kνϕν

r2

]
, (10)

£¤¥ Kν ¤µ²¦´Ò Ê¤µ¢²¥É¢µ·ÖÉÓ ¸¨¸É¥³¥ Ê· ¢´¥´¨°

Kνxνµ = −fµ (11)

(¶µ ¤¢ ¦¤Ò ¶µ¢Éµ·ÖÕÐ¨³¸Ö ¨´¤¥±¸ ³ ν, µ ¢Ò¶µ²´Ö¥É¸Ö ¸Ê³³¨·µ¢ ´¨¥).
„µ± ¦¥³, ÎÉµ ¢Ò· ¦¥´¨¥

ya = fa + Kνxνa (12)

Ö¢²Ö¥É¸Ö ·¥Ï¥´¨¥³ Ê· ¢´¥´¨Ö (1). „²Ö ÔÉµ£µ ¶µ¤¸É ¢¨³ (12) ¢ (1). ‘ ÊÎ¥Éµ³
Éµ£µ, ÎÉµ fa Ö¢²Ö¥É¸Ö ·¥Ï¥´¨¥³ “˜ (1) ¸ V = 0, ´ °¤¥³{

K ′′
ν +

[
k2 − l (l + 1)

r2
− a

r
− V (r)

]
Kν

}
xνa = V (r) fa − 2K ′

νx′
νa − Kνx′′

νa.

(13)

‚Ò· ¦¥´¨¥ (13) ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ (8) ¨ (9) ³µ¦´µ ¶·¥¤¸É ¢¨ÉÓ ¢ ¢¨¤¥

cνxνa =
[
V (r) +

2
r

(Kνϕν)′ − Kνϕν

r2

]
fa, (14)

£¤¥

cν = K ′′
ν +

[
k2 − l (l + 1)

r2
− βν

r
− V (r)

]
Kν .

…¸²¨ ¢ Ê· ¢´¥´¨¨ (1) ¢Ò¡· ÉÓ ¢ ± Î¥¸É¢¥ ¶µÉ¥´Í¨ ²  ËÊ´±Í¨Õ (10), Éµ ¶· ¢ Ö
Î ¸ÉÓ · ¢¥´¸É¢  (14) µ¡· É¨É¸Ö ¢ ´Ê²Ó, Éµ ¥¸ÉÓ

cνxνa = 0, (15)

£¤¥

cν = K ′′
ν +

[
k2 − l (l + 1)

r2
− βν

r
+

2 (Kνϕν)′

r
− Kνϕν

r2

]
Kν.

�·¨ a = αµ, ¸µ£² ¸´µ (11) ¨ (12), yµ = 0. ‚ ÔÉµ³ ¸²ÊÎ ¥ ¶µ²ÊÎ¥´´ Ö ¢ (15)
¸¨¸É¥³  µ¤´µ·µ¤´ÒÌ Ê· ¢´¥´¨° cνxνµ = 0 µÉ´µ¸¨É¥²Ó´µ cν ¸µ¤¥·¦¨É Éµ²Ó±µ
É·¨¢¨ ²Ó´µ¥ ·¥Ï¥´¨¥ cν = 0, ¶µ¸±µ²Ó±Ê |xνµ| �= 0, ¥¸²¨ αµ, βν · §²¨Î´Ò¥.
‘²¥¤µ¢ É¥²Ó´µ, Kν Å ·¥Ï¥´¨¥ Ê· ¢´¥´¨Ö (1), ¶µÔÉµ³Ê ya Å É ±¦¥ ·¥Ï¥´¨¥
ÔÉµ£µ Ê· ¢´¥´¨Ö.
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—Éµ¡Ò ¶µ¸É·µ¨ÉÓ ·¥Ï¥´¨Ö ‰µ¸É  “˜ (1) ¸ ¶µÉ¥´Í¨ ²µ³ (10), ¨¸¸²¥¤Ê¥³
 ¸¨³¶ÉµÉ¨±Ê ·¥Ï¥´¨Ö (12) ¶·¨ r → ∞. „²Ö ÔÉµ£µ ´ °¤¥³ Kν ¨§ (11):

Kν = −fµx̃νµ

|xνµ|
, (16)

£¤¥ x̃νµ Å  ²£¥¡· ¨Î¥¸±µ¥ ¤µ¶µ²´¥´¨¥ xνµ. �µ¸²¥ ¶µ¤¸É ´µ¢±¨ (16) ¢ (12)
¶µ²ÊÎ¨³

ya =
fa

|xνµ|

∣∣∣∣xνµ − fµxνa

fa

∣∣∣∣ .
� ¸¸³µÉ·¨³ Ô²¥³¥´É

xνµ − fµxνa

fa
= xνµ

{
1 − fµ[ϕν ; fa](βν − αµ)

fa[ϕν ; fµ](βν − a)

}
.

ˆ¸¶µ²Ó§ÊÖ Í¨±²¨Î¥¸±ÊÕ ¶¥·¥¸É ´µ¢±Ê

fµ [ϕν ;fa] + ϕν [fa;fµ] + fa [fµ;ϕν ] = 0,

¶µ²ÊÎ¨³
fµ[ϕν ; fa]
fa[ϕν ; fµ]

= 1 − ϕν [fa; fµ]
fa[ϕν ; fµ]

= 1 − [ln (fµ/fa)]′

[ln (fµ/ϕν)]′
.

�  µ¸´µ¢ ´¨¨ (5) ¨ (6)

lim
r→∞

(
ln

fµ

fa

)′
= 0, lim

r→∞

(
ln

fµ

ϕν

)′
�= 0.

�µÔÉµ³Ê

lim
r→∞

fµ[ϕν ; fa]
fa[ϕν ; fµ]

= 1.

’µ£¤ 

lim
r→∞

(
xνµ − fµxνa

fa

)
=

a − αµ

a − βν
lim

r→∞
xνµ,

lim
r→∞

ya =

n∏
1

(a − αµ)

n∏
1

(a − βν)
lim

r→∞
fa,

  ËÊ´±Í¨Ö

Fa = ya

n∏
1

(a − βν)

n∏
1

(a − αµ)
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Ö¢²Ö¥É¸Ö É ±¨³ ·¥Ï¥´¨¥³ Ê· ¢´¥´¨Ö (1), ±µÉµ·µ¥ ¨³¥¥É ¶·¨ r → ∞  ¸¨³¶-
ÉµÉ¨±Ê (5), Éµ ¥¸ÉÓ Fa Å ·¥Ï¥´¨¥ ‰µ¸É . ‘µ£² ¸´µ (3) ¨ (7) Fa ³µ¦´µ
¶·¥¤¸É ¢¨ÉÓ ¢ ¢¨¤¥

F−k,l (a, r) =
y−k,l (a, r)
Rk,l (a)

. (17)

�µ± ¦¥³, ÎÉµ ·¥Ï¥´¨¥ Φa Ê· ¢´¥´¨Ö (1), ¶µ¸É·µ¥´´µ¥ ¶µ  ´ ²µ£¨¨ ¸ (6) ¢
¢¨¤¥

Φa =
1

2ik
[fk,l (a) y−k,l (a, r) − f−k,l (a) yk,l (a, r)] , (18)

Ö¢²Ö¥É¸Ö ·¥£Ê²Ö·´Ò³ ·¥Ï¥´¨¥³. „²Ö ÔÉµ£µ µ¶·¥¤¥²¨³  ¸¨³¶ÉµÉ¨±Ê (18) ¶·¨
r → 0. ‚ ·¥§Ê²ÓÉ É¥ ¶µ¤¸É ´µ¢±¨ (12) ¢ (18) ´ °¤¥³

Φa = ϕa + KνBνa =
ϕa

|xνµ|

∣∣∣∣xνµ − fµBνa

ϕa

∣∣∣∣ ,
£¤¥

Bνa =
[ϕν ;ϕa]
βν − a

.

� ¸¸³µÉ·¨³ Ô²¥³¥´É

xνµ − fµBνa

ϕa
= xνµ

{
1 − fµ[ϕν ; ϕa](βν − αµ)

ϕa[ϕν ; fµ](βν − a)

}
.

�  µ¸´µ¢ ´¨¨ (4) ¢Ò· ¦¥´¨¥

fµ[ϕν ; ϕa]
ϕa[ϕν ; fµ]

=
[ln (ϕa/ϕν)]′

[ln (fµ/ϕν)]′
→ 0

¶·¨ r → 0, ¥¸²¨ f−k,l(αµ) �= 0. „²Ö µÉÉ ²±¨¢ ÕÐ¥£µ ±Ê²µ´µ¢¸±µ£µ ¶µÉ¥´Í¨-
 ²  ¸¢Ö§ ´´Ò¥ ¸µ¸ÉµÖ´¨Ö µÉ¸ÊÉ¸É¢ÊÕÉ, ¶µÔÉµ³Ê f−k,l(αµ) �= 0. ‘²¥¤µ¢ É¥²Ó´µ,

lim
r→0

(
xνµ − fµBνa

ϕa

)
= lim

r→0
xνµ, lim

r→0
Φa = lim

r→0
ϕa,

Éµ ¥¸ÉÓ Φa Å ·¥£Ê²Ö·´µ¥ ·¥Ï¥´¨¥ “˜ (1).
�µ¸²¥ ¶µ¤¸É ´µ¢±¨ (17) ¢ (18) ¸ ¶µ¸²¥¤ÊÕÐ¨³ Ê¸É·¥³²¥´¨¥³ r → ∞

¶µ²ÊÎ¨³

Φk,l(a, r) ≈ exp {i[ηk,l(a) + δk,l(a)]} f−k,l(a)R−k,l(a)
k

×

× sin
[
kr − a

2k
ln 2kr + ηk,l (a) + δk,l (a)

]
,
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£¤¥
fk,l (a)Rk,l (a)

f−k,l (a)R−k,l (a)
= S0

k,l (a) exp [2iδk,l (a)]

¥¸ÉÓ ³ É·¨Í  · ¸¸¥Ö´¨Ö (3). ‚ ¸µµÉ¢¥É¸É¢¨¨ ¸ (9), (10) ¨ (16) ¶µÉ¥´Í¨ ²

V (r) = −
[

2
r

(
−fµx̃νµϕν

|xνµ|

)′
− fµx̃νµϕν

r2 |xνµ|

]
= −

[
2
r

(
rx′

νµx̃νµ

|xνµ|

)′

−
x′

νµx̃νµ

r |xνµ|

]
=

= −
[

2
r

(
|xνµ|′

|xνµ|

)′

− |xνµ|′

r |xνµ|

]
= − 2√

r

d

dr

(√
r

d

dr
ln |xνµ|

)
. (19)

…¸²¨ ¶µÉ¥´Í¨ ² V (r) ¢¥Ð¥¸É¢¥´ ¶·¨ r > 0, Éµ ¨§ (1) ¨ (5) ¸²¥¤ÊÕÉ Ê¸²µ-
¢¨Ö ¸µ¶·Ö¦¥´¨Ö f−k,l(a) = f∗

k,l(a
∗), R−k,l(a) = R∗

k,l(a
∗),   É ±¦¥ Ê¸²µ¢¨¥

Ê´¨É ·´µ¸É¨ S-³ É·¨ÍÒ S−1
k,l (a) = S∗

k,l(a
∗).

ˆÉ ±, ¢ÒÏ¥ Ê¸É ´µ¢²¥´  ¸²¥¤ÊÕÐ Ö ¶·µÍ¥¤Ê·  ·¥Ï¥´¨Ö µ¡· É´µ° § ¤ Î¨.
…¸²¨ ³ É·¨Í  · ¸¸¥Ö´¨Ö ´  µ¸´µ¢¥ Ô±¸¶¥·¨³¥´É ²Ó´ÒÌ ¤ ´´ÒÌ ¤µ¶Ê¸± ¥É
¶·¥¤¸É ¢²¥´¨¥ ¢ ¢¨¤¥ ¢Ò· ¦¥´¨° (3), Éµ ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ ¥° ·¥Ï¥´¨¥ ¨ ¶µ-
É¥´Í¨ ² “˜ (1) ³µ¦´µ ¢ÒÎ¨¸²¨ÉÓ ¶µ Ëµ·³Ê² ³ (12) ¨ (19).

1.2. ‘²ÊÎ ° °µ¸Éµ¢¸±¨Ì ·¥Ï¥´¨° ¸¢µ¡µ¤´µ£µ “˜, ¢Ò¡· ´´ÒÌ ¢ ± Î¥-
¸É¢¥ ¡ §¨¸´ÒÌ ¤²Ö ³µ¤¥²Ó´µ£µ ¶µÉ¥´Í¨ ² . „·Ê£µ°  ²£¥¡· ¨Î¥¸±¨° ¢ ·¨ ´É
¶µ¸É·µ¥´¨Ö ¢§ ¨³µ¤¥°¸É¢¨Ö ¶µ Ë §µ¢Ò³ ¸¤¢¨£ ³ ¶·¨ · §²¨Î´ÒÌ ”‡ ±Ê²µ´µ¢-
¸±µ° ±µ´¸É ´ÉÒ ¸¢Ö§¨ · ¸¸³µÉ·¥´ ¢ [18], £¤¥ ¢ ± Î¥¸É¢¥ ¸¢µ¡µ¤´ÒÌ ·¥Ï¥´¨°
“˜, ¸ ¶µ³µÐÓÕ ±µÉµ·ÒÌ ¢µ¸¸É ´ ¢²¨¢ ¥É¸Ö V (r), ¢Ò¡· ´Ò °µ¸Éµ¢¸±¨¥ ·¥-
Ï¥´¨Ö f±k,l(a, r). ‚ ÔÉµ³ ¸²ÊÎ ¥ ¶µÉ¥´Í¨ ² ¸É·µ¨É¸Ö ´¥ ¶µ ËÊ´±Í¨¨ Rk,l(a),
  ´¥¶µ¸·¥¤¸É¢¥´´µ ¶µ ³ É·¨Í¥ · ¸¸¥Ö´¨Ö Sk,l(a). �·¨¢¥¤¥³ ¶µ²ÊÎ¥´´Ò¥ ¢
[18] ·¥§Ê²ÓÉ ÉÒ ¢ £µÉµ¢µ³ ¢¨¤¥.

�Ê¸ÉÓ ³ É·¨Í  · ¸¸¥Ö´¨Ö ¶·¥¤¸É ¢¨³  ¢ ¢¨¤¥

Sk,l(a) = S0
k,l(a)




n∏
1

[a − αµ(k, l)]

n∏
1

[a − βν(k, l)]




2

,

£¤¥ αµ ¨ βν Å ´Ê²¨ ¨ ¶µ²Õ¸Ò S-³ É·¨ÍÒ, · ¸¶µ²µ¦¥´¨¥ ±µÉµ·ÒÌ § ¢¨¸¨É µÉ
´ ² £ ¥³ÒÌ ´  ¶µÉ¥´Í¨ ² Ê¸²µ¢¨°. ’µ£¤  ¶µÉ¥´Í¨ ² “˜ (1) · ¢¥´

V (r) = − 2√
r

d

dr

(√
r

d

dr
ln |yνµ(r)|

)
,

£¤¥ |yνµ(r)| Å µ¶·¥¤¥²¨É¥²Ó ¸ Ô²¥³¥´É ³¨

yνµ(r) =
[fk,l(βν , r); f−k,l(αµ, r)]

βν − αµ
.
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Š ± µÉ³¥Î¥´µ ¢ [9], ·¥Ï¥´¨¥ µ¡· É´µ° § ¤ Î¨ ¸ ¶µ³µÐÓÕ ÉµÎ´µ ·¥Ï -
¥³ÒÌ ³µ¤¥²¥° ¡ ·£³ ´µ¢¸±µ£µ É¨¶  µ¶· ¢¤ ´´µ, ± ± ¶· ¢¨²µ, ²¨ÏÓ ¶·¨ ¨¸-
¶µ²Ó§µ¢ ´¨¨ ¶·¨¡²¨¦¥´¨° ¢Ò¸µ±µ£µ ¶µ·Ö¤±  (¡µ²ÓÏµ£µ Î¨¸²  ¶µ²Õ¸µ¢ ³ -
É·¨ÍÒ · ¸¸¥Ö´¨Ö). „²Ö ·¥Ï¥´¨Ö µ¡· É´µ° § ¤ Î¨ ¢ ´¥É· ¤¨Í¨µ´´µ° ¶µ¸É -
´µ¢±¥ ´¥µ¡Ìµ¤¨³ Ë §µ¢Ò°  ´ ²¨§, ÊÎ¨ÉÒ¢ ÕÐ¨° § ·Ö¤µ¢µ¥ · ¸Ð¥¶²¥´¨¥ Ë -
§µ¢ÒÌ ¸¤¢¨£µ¢. Š ¸µ¦ ²¥´¨Õ, Ë §µ¢Ò°  ´ ²¨§ µ¡ÒÎ´µ ¶·µ¢µ¤ÖÉ ¡¥§ ÊÎ¥É 
±Ê²µ´µ¢¸±µ£µ · ¸Ð¥¶²¥´¨Ö Ë §µ¢ÒÌ ¸¤¢¨£µ¢ ¨, ¸²¥¤µ¢ É¥²Ó´µ, ¢ ´ ¸ÉµÖÐ¥¥
¢·¥³Ö ¢µ§³µ¦´µ¸É¨ ±µ´±·¥É´ÒÌ Î¨¸²¥´´ÒÌ · ¸Î¥Éµ¢ ¸ ¶µ³µÐÓÕ ¶·¥¤²µ¦¥´-
´µ£µ ³¥Éµ¤  ¢¥¸Ó³  µ£· ´¨Î¥´´Ò. �±¸¶¥·¨³¥´É ²Ó´Ò¥ ¤ ´´Ò¥ ¶µ Ë §µ¢µ³Ê
 ´ ²¨§Ê ¶µ§¢µ²ÖÕÉ ¢µ¸¸É ´ ¢²¨¢ ÉÓ ¶µÉ¥´Í¨ ² Éµ²Ó±µ ¢ µ¤´µ¶µ²Õ¸´µ³ ¶·¨-
¡²¨¦¥´¨¨. ’ ±µ£µ ·µ¤  · ¸Î¥ÉÒ ¡Ò²¨ c¤¥² ´Ò ¢ [19] ¶µ ¢µ¸¸É ´µ¢²¥´¨Õ
±¢ §¨¶µÉ¥´Í¨ ²  π±p-¢§ ¨³µ¤¥°¸É¢¨Ö ¢ ¸µ¸ÉµÖ´¨¨ S31 ¶·¨ Ô´¥·£¨ÖÌ 263,7
¨ 310 ŒÔ‚ ¢ ².¸. ¨´É¥£· ²Ó´Ò³ ³¥Éµ¤µ³ ƒ¥²ÓË ´¤ Ä‹¥¢¨É ´  ¨ ¢ [20] ¶µ
µ¶·¥¤¥²¥´¨Õ pN -¶µÉ¥´Í¨ ²  ¢ ¸µ¸ÉµÖ´¨¨ 1S0 ¶·¨ Ë¨±¸¨·µ¢ ´´ÒÌ §´ Î¥´¨ÖÌ
Ô´¥·£¨¨ µÉ 10 ¤µ 100 ŒÔ‚ ¢ ¸.Í.³. ¸ ¶µ³µÐÓÕ  ²£¥¡· ¨Î¥¸±µ£µ ³¥Éµ¤ . ’ ±
± ± ¨¸Ìµ¤´Ò¥ ¤ ´´Ò¥ · ¸Î¥Éµ¢ ´¥¶µ²´Ò, Éµ ¶µ²ÊÎ¥´´Ò¥ ¢ · ¡µÉ Ì [19, 20] ·¥-
§Ê²ÓÉ ÉÒ ³µ¦´µ · ¸¸³ É·¨¢ ÉÓ Éµ²Ó±µ ± ± ¨²²Õ¸É· Í¨Õ ¶·¨³¥´¥´¨Ö ³¥Éµ¤µ¢
·¥Ï¥´¨Ö µ¡· É´µ° § ¤ Î¨ ¢ ´¥É· ¤¨Í¨µ´´µ° ¶µ¸É ´µ¢±¥.

2. ����’��Ÿ ‡�„�—� ‘ ‹ˆ�…‰��‰ ‡�‚ˆ‘ˆŒ�‘’œ	 ��…�ƒˆˆ,
Š‚�„��’� ���ˆ’�‹œ��ƒ� Œ�Œ…�’� ˆ Š“‹���‚‘Š�‰
Š��‘’��’› ‘‚Ÿ‡ˆ ‚ ˆ‘•�„�›• „���›• ��‘‘…Ÿ�ˆŸ

„µ ¶µ¸²¥¤´¥£µ ¢·¥³¥´¨ µ¡· É´ Ö § ¤ Î  ±¢ ´Éµ¢µ° É¥µ·¨¨ · ¸¸¥Ö´¨Ö ¡Ò² 
· ¸¸³µÉ·¥´  ¢ Î ¸É´ÒÌ ¶µ¸É ´µ¢± Ì, ±µ£¤  ¶µÉ¥´Í¨ ² ¢µ¸¸É ´ ¢²¨¢ ¥É¸Ö ¶µ
¸¶¥±É· ²Ó´Ò³ Ì · ±É¥·¨¸É¨± ³: 1) ¶·¨ l = const ¨ a = const, 2) ¶·¨
E = const ¨ a = const, 3) ¶·¨ E = const ¨ l = const. ‚µ ¢¸¥Ì ¸²ÊÎ ÖÌ Î ¸É-
´µ° ¶µ¸É ´µ¢±¨ µ¡· É´µ° § ¤ Î¨ ¢µ¸¸É ´ ¢²¨¢ ¥³Ò° ¶µÉ¥´Í¨ ² µ± §Ò¢ ¥É¸Ö
§ ¢¨¸ÖÐ¨³ µÉ ”‡ Ë¨±¸¨·µ¢ ´´ÒÌ ¶ · ³¥É·µ¢. �É  § ¢¨¸¨³µ¸ÉÓ ¥¸É¥¸É¢¥´´ ,
¶µ¸±µ²Ó±Ê ¢ ± Î¥¸É¢¥ ¶·µ³¥¦ÊÉµÎ´µ£µ ¨¸ÉµÎ´¨±  ¨´Ëµ·³ Í¨¨ ¶·¨ ·¥Ï¥´¨¨
µ¡· É´µ° § ¤ Î¨ ¸²Ê¦ É ¶µ²Õ¸Ò S-³ É·¨ÍÒ ¢ ±µ³¶²¥±¸´µ° ¶²µ¸±µ¸É¨ ¶¥·¥-
³¥´´µ£µ ¶ · ³¥É· , É· ¥±Éµ·¨¨ ±µÉµ·ÒÌ Ö¢²ÖÕÉ¸Ö ËÊ´±Í¨Ö³¨ ”‡ µ¸É ²Ó´ÒÌ
¸¶¥±É· ²Ó´ÒÌ ¶ · ³¥É·µ¢. Š ± µÉ³¥Î¥´µ ¢ [6], Ê¸²µ¢¨Ö ¸µ¢³¥¸É¨³µ¸É¨, ±µÉµ-
·Ò¥ ¸²¥¤Ê¥É ´ ²µ¦¨ÉÓ ´  · §²¨Î´Ò¥ ¤ ´´Ò¥ · ¸¸¥Ö´¨Ö, ÎÉµ¡Ò ¶µ²ÊÎ¨ÉÓ µ¤¨´
¨ ÉµÉ ¦¥ ¶µÉ¥´Í¨ ², µ± §Ò¢ ÕÉ¸Ö ´¥¨§¢¥¸É´Ò³¨ ¢ · ³± Ì Î ¸É´ÒÌ ¶µ¸É ´µ¢µ±
µ¡· É´µ° § ¤ Î¨.

‚¶¥·¢Ò¥ ¢ ·¨ ´É µ¡· É´µ° § ¤ Î¨, ¢ ±µÉµ·µ³ Ô´¥·£¨Ö ¨ ±¢ ¤· É µ·¡¨-
É ²Ó´µ£µ ³µ³¥´É  ¢ ¨¸Ìµ¤´ÒÌ ¤ ´´ÒÌ ²¨´¥°´µ § ¢¨¸¨³Ò, ¡Ò² ¶·¥¤²µ¦¥´ ¤²Ö
±² ¸¸¨Î¥¸±µ° [21] ¨ ±¢ §¨±² ¸¸¨Î¥¸±µ° [22] É¥µ·¨¨ · ¸¸¥Ö´¨Ö. ‡ É¥³ ¢ [13]
¡Ò²¨ ¶µ²ÊÎ¥´Ò µ¡µ¡Ð¥´´Ò¥ ¨´É¥£· ²Ó´Ò¥ Ê· ¢´¥´¨Ö ƒ¥²ÓË ´¤ Ä‹¥¢¨É ´ 
¤²Ö ±¢ ´Éµ¢µ° µ¡· É´µ° § ¤ Î¨ ¶·¨ AE + Bl(l + 1) = const ¨ a = 0. ‚ ÔÉµ³
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¸²ÊÎ ¥ Ê¤ ¥É¸Ö ¶µ¸É·µ¨ÉÓ E- ¨ l-´¥§ ¢¨¸¨³Òe ¶µÉ¥´Í¨ ²Ò, ±µÉµ·Ò¥, µ¤´ ±µ,
§ ¢¨¸ÖÉ µÉ Ë¨§¨Î¥¸±¨Ì §´ Î¥´¨° ±Ê²µ´µ¢¸±µ° ±µ´¸É ´ÉÒ ¸¢Ö§¨ · ¸¸³ É·¨¢ -
¥³µ° ¸¨¸É¥³Ò.

‘ÊÐ¥¸É¢¥´´ÊÕ ·µ²Ó ¢ ³ É¥³ É¨Î¥¸±µ³  ¶¶ · É¥ µ¡· É´µ° § ¤ Î¨ ¨£· ÕÉ
¶·¥µ¡· §µ¢ ´¨Ö „ ·¡ÊÄŠ· ³ ÄŠ·¥°´  [9], ¶µ§¢µ²ÖÕÐ¨¥ ´¥¶µ¸·¥¤¸É¢¥´´µ
¶·¥µ¡· §µ¢ ÉÓ ¨§¢¥¸É´µ¥ ·¥Ï¥´¨¥ “˜ ¸ ³µ¤¥²Ó´Ò³ ¶µÉ¥´Í¨ ²µ³ É ±, ÎÉµ¡Ò
¶µ²ÊÎ¨ÉÓ ·¥Ï¥´¨Ö, ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ ¤·Ê£¨³ ¶µÉ¥´Í¨ ² ³. �É¨ ¶·¥µ¡· §µ¢ -
´¨Ö ´¥ § ¢¨¸ÖÉ µÉ ¸ÊÐ¥¸É¢µ¢ ´¨Ö Ê· ¢´¥´¨° ƒ¥²ÓË ´¤ Ä‹¥¢¨É ´  ¨²¨ Œ ·-
Î¥´±µ. �µÔÉµ³Ê µ´¨ ¨¸¶µ²Ó§ÊÕÉ¸Ö ± ± ¢¸¶µ³µ£ É¥²Ó´µ¥ ¸·¥¤¸É¢µ ¶·¨ ¤µ± § -
É¥²Ó¸É¢ Ì ¢ É¥µ·¨¨ µ¡· É´µ° § ¤ Î¨. ‚ ·¨ ´É ¶·¥µ¡· §µ¢ ´¨° „ ·¡ÊÄŠ· ³ Ä
Š·¥°´ , ±µ£¤  “˜ ¸µ¤¥·¦¨É ¸Ê¶¥·¶µ§¨Í¨Õ Í¥´É·µ¡¥¦´µ-±Ê²µ´µ¢¸±µ£µ ¨
Ö¤¥·´µ£µ ¶µÉ¥´Í¨ ²µ¢, · ¸¸³µÉ·¥´ ¢ [23].

�¡µ¡Ð¥´´Ò° ¢ ·¨ ´É µ¡· É´µ° § ¤ Î¨ ¨³¥¥É É¥¸´ÊÕ ¸¢Ö§Ó ¸ ¸Ê¶¥·¸¨³-
³¥É·¨Î´µ° ±¢ ´Éµ¢µ° ³¥Ì ´¨±µ°, ±µÉµ· Ö ¢Ò· ¦ ¥É¸Ö ¢ ¸Ìµ¦¥¸É¨ Ëµ·³Ê²,
¸¢Ö§Ò¢ ÕÐ¨Ì ³¥¦¤Ê ¸µ¡µ° ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ £ ³¨²ÓÉµ´¨ ´Ò ¨ ¢µ²´µ¢Ò¥
ËÊ´±Í¨¨ [24, 25]. �·¨ ÔÉµ³ ¢ ¶µ¤Ìµ¤¥ ¸Ê¶¥·¸¨³³¥É·¨Î´µ° ±¢ ´Éµ¢µ° ³¥Ì -
´¨±¨ ¢µ§³µ¦´µ Ê¸É ´µ¢²¥´¨¥ £·Ê¶¶Ò ¶·¥µ¡· §µ¢ ´¨° ¸Ê¶¥·¶µÉ¥´Í¨ ² , ¶·¨
±µÉµ·ÒÌ £ ³¨²ÓÉµ´¨ ´Ò ¸ ¶·¥µ¡· §µ¢ ´´Ò³ ¨ ¨¸Ìµ¤´Ò³ (³µ¤¥²Ó´Ò³) ¶µÉ¥´-
Í¨ ² ³¨ ¸¢Ö§ ´Ò ¤·Ê£ ¸ ¤·Ê£µ³ ¶·¨ ¶µ³µÐ¨ ¶·¥µ¡· §µ¢ ´¨Ö „ ·¡ÊÄŠ· ³ Ä
Š·¥°´ .

‚ ¤ ´´µ³ · §¤¥²¥ ¨§²µ¦¥´ µ¡µ¡Ð¥´´Ò°  ²£¥¡· ¨Î¥¸±¨° ³¥Éµ¤ µ¡· É´µ°
§ ¤ Î¨ É¥µ·¨¨ ¶µÉ¥´Í¨ ²Ó´µ£µ · ¸¸¥Ö´¨Ö § ·Ö¦¥´´ÒÌ Î ¸É¨Í ¤²Ö ¸²ÊÎ Ö, ±µ-
£¤  ¢ “˜ Ô´¥·£¨Ö, ±¢ ¤· É µ·¡¨É ²Ó´µ£µ ³µ³¥´É  ¨ ±Ê²µ´µ¢¸± Ö ±µ´¸É ´É 
¸¢Ö§¨, ¶·¨ ±µÉµ·ÒÌ ¨§¢¥¸É´Ò ¨¸Ìµ¤´Ò¥ ¤ ´´Ò¥ · ¸¸¥Ö´¨Ö, ²¨´¥°´µ § ¢¨¸¨³Ò.
‚ ·¥§Ê²ÓÉ É¥ ¶µ²ÊÎ¥´Ò Ëµ·³Ê²Ò ¤²Ö ¢µ¸¸É ´µ¢²¥´¨Ö k-, l- ¨ a-´¥§ ¢¨¸¨³µ£µ
¶µÉ¥´Í¨ ²  ± ± ¶µ ËÊ´±Í¨¨ ‰µ¸É , É ± ¨ ´¥¶µ¸·¥¤¸É¢¥´´µ ¶µ ³ É·¨Í¥ · ¸¸¥-
Ö´¨Ö. ‚ ± Î¥¸É¢¥ ¶·¨³¥·  ¨¸¶µ²Ó§µ¢ ´¨Ö ·¥§Ê²ÓÉ Éµ¢ µ¡µ¡Ð¥´´µ£µ ¢ ·¨ ´É 
µ¡· É´µ° § ¤ Î¨ · ¸¸³µÉ·¥´Ò É ±¦¥ ¢µ¶·µ¸Ò µ ¸¢Ö§¨ §´ ±µ¢ Í¥´É· ²Ó´µ£µ
¶µÉ¥´Í¨ ²  ¨ µ¡Ê¸²µ¢²¥´´µ° ¥£µ ¤¥°¸É¢¨¥³ Ë §Ò · ¸¸¥Ö´¨Ö ¶µ ¶¥·¥³¥´´Ò³
k, l ¨ a. ˆ§²µ¦¥´´Ò¥ §¤¥¸Ó ·¥§Ê²ÓÉ ÉÒ ¶·¨¢¥¤¥´Ò ¢ · ¡µÉ Ì [26Ä29].

2.1. ‘²ÊÎ ° ·¥£Ê²Ö·´µ£µ ¨ µ¤´µ£µ ¨§ °µ¸Éµ¢¸±¨Ì ·¥Ï¥´¨° ¸¢µ¡µ¤´µ£µ
“˜, ¢Ò¡· ´´ÒÌ ¢ ± Î¥¸É¢¥ ¡ §¨¸´ÒÌ ¤²Ö ³µ¤¥²Ó´µ£µ ¶µÉ¥´Í¨ ² . � ¸-
¸³µÉ·¨³ “˜ (1), £¤¥ l = λ− 1/2. ‡¤¥¸Ó ¨ ¤ ²¥¥ ¢³¥¸Éµ ϕk,l(a, r), f±k,l(a, r),
f±k,l(a), δk,l(a), Sk,l(a) ¨¸¶µ²Ó§µ¢ ´Ò ¸²¥¤ÊÕÐ¨¥ µ¡µ§´ Î¥´¨Ö: ϕ(λ, k, a, r),
f(λ,±k, a, r), f(λ,±k, a), δ(λ, k, a), S(λ, k, a). ‚ ¤ ²Ó´¥°Ï¥³ É ±¦¥ ¸Î¨É ¥³,
ÎÉµ ¶ · ³¥É·Ò “˜ ¶·¨´¨³ ÕÉ Ë¨§¨Î¥¸±¨¥ §´ Î¥´¨Ö, Éµ ¥¸ÉÓ λ = 1/2, 3/2, ...;

0 ≤ k < ∞ ¨ a =
2mzZe2

�2
, z, Z = 0, 1, ... �Ê¸ÉÓ ±¢ ´Éµ¢µ³Ê ¸µ¸ÉµÖ´¨Õ

¸¨¸É¥³Ò ¸µµÉ¢¥É¸É¢Ê¥É ¢ ²¨´¥°´µ³ ¢¥±Éµ·´µ³ ¶·µ¸É· ´¸É¢¥ L(λ2, k2, a) ´¥-
±µÉµ· Ö ÉµÎ±  M(λ2, k2, a), ±µµ·¤¨´ ÉÒ ±µÉµ·µ° Ì · ±É¥·¨§ÊÕÉ ”‡ ¶ · -
³¥É·µ¢ ¸¨¸É¥³Ò. ’µ£¤  ¨§³¥´¥´¨¥ ¸µ¸ÉµÖ´¨Ö ¸¨¸É¥³Ò ¸¢Ö§ ´µ ¸ ®¤¢¨¦¥´¨-
¥³¯ ÉµÎ±¨ M ¢ ¶·µ¸É· ´¸É¢¥ L. �£· ´¨Î¨³¸Ö · ¸¸³µÉ·¥´¨¥³ ¶·µ¸É¥°Ï¥£µ
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®¤¢¨¦¥´¨Ö¯ Å ¶·Ö³µ²¨´¥°´µ£µ. ‚ ÔÉµ³ ¸²ÊÎ ¥ ±µµ·¤¨´ ÉÒ ÉµÎ±¨ M ¸¢Ö§ ´Ò
²¨´¥°´µ° § ¢¨¸¨³µ¸ÉÓÕ:

λ2 − λ2
0

−A
=

k2 − k2
0

B
=

a − a0

−C
= t, (20)

£¤¥ −A, B, −C Å ¶·µ¥±Í¨¨ ´ ¶· ¢²ÖÕÐ¥£µ ¢¥±Éµ·  ¶·Ö³µ°, t Å ¶ · ³¥É·
®¤¢¨¦¥´¨Ö¯. Šµµ·¤¨´ ÉÒ ÉµÎ±¨ M0(λ2

0, k
2
0 , a0) Ì · ±É¥·¨§ÊÕÉ ”‡ ¶ · ³¥É·µ¢

¨¸Ìµ¤´µ£µ ¸µ¸ÉµÖ´¨Ö ¸¨¸É¥³Ò (t = 0).
‚µ¸¶µ²Ó§Ê¥³¸Ö ¶·¨´Í¨¶µ³ ¸Ê¶¥·¶µ§¨Í¨¨ ¶·¨ · ¸¸³µÉ·¥´¨¨ ®¤¢¨¦¥´¨Ö¯

ÉµÎ±¨ M
(
λ2, k2, a

)
¢¤µ²Ó ¶·Ö³µ° (20), ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ ±µÉµ·Ò³ ·¥§Ê²ÓÉ¨·Ê-

ÕÐ¥¥ ®¶¥·¥³¥Ð¥´¨¥¯ ÔÉµ° ÉµÎ±¨ ¶·¥¤¸É ¢²Ö¥É ¸µ¡µ° ¸Ê³³Ê ®¶¥·¥³¥Ð¥´¨°¯
¥¥ ¢¤µ²Ó ´ ¶· ¢²¥´¨°, ¶ · ²²¥²Ó´ÒÌ ±µµ·¤¨´ É´Ò³ µ¸Ö³. ‚ ÔÉµ³ ¸²ÊÎ ¥ ÉµÎ± 
M Ö¢²Ö¥É¸Ö ÉµÎ±µ° ¶¥·¥¸¥Î¥´¨Ö ¶·Ö³ÒÌ:


λ2 = λ2
0 − At,

k2 = k2
0 (B = 0),

a = a0 (C = 0),




k2 = k2
0 + Bt,

λ2 = λ2
0 (A = 0),

a = a0 (C = 0),




a = a0 − Ct,

λ2 = λ2
0 (A = 0),

k2 = k2
0 (B = 0),

(21)

¤ ´´Ò¥ · ¸¸¥Ö´¨Ö ¢¤µ²Ó ±µÉµ·ÒÌ ¸µµÉ¢¥É¸É¢ÊÕÉ µ¡· É´Ò³ § ¤ Î ³ ¶µ ¶¥-
·¥³¥´´Ò³ λ, k ¨ a. ’ ±¨³ µ¡· §µ³, ±µµ·¤¨´ ÉÒ ÉµÎ±¨ M Ì · ±É¥·¨§ÊÕÉ
¸µ¸ÉµÖ´¨¥ ¸¨¸É¥³Ò, µ¤¨´ ±µ¢µ¥ ¤²Ö Ê± § ´´ÒÌ Î ¸É´ÒÌ ¶µ¸É ´µ¢µ± µ¡· É´µ°
§ ¤ Î¨ ¶·¨ t �= 0.

‚¢¥¤¥³ ¸É ´¤ ·É´Ò³ µ¡· §µ³ ³ É·¨ÍÊ · ¸¸¥Ö´¨Ö

S(λ, k, a) = exp {2i[η(λ, k, a) + δ(λ, k, a)]},

η(λ, k, a) =
1
2i

ln
f(λ, k, a)

f(λ,−k, a)
, δ(λ, k, a) =

1
2i

ln
R(λ, k, a)

R(λ,−k, a)
,

(22)

£¤¥ η(λ, k, a) Å Ë §  · ¸¸¥Ö´¨Ö ¤²Ö Í¥´É·µ¡¥¦´µ£µ ¨ ±Ê²µ´µ¢¸±µ£µ ¶µÉ¥´Í¨-
 ²µ¢; δ(λ, k, a) Å ¤µ¡ ¢µÎ´Ò° Ë §µ¢Ò° ¸¤¢¨£, µ¡Ê¸²µ¢²¥´´Ò° ¤¥°¸É¢¨¥³ ¶µ-
É¥´Í¨ ²  V (r); f(λ,±k, a) Å ËÊ´±Í¨¨ ‰µ¸É  ¸¢µ¡µ¤´µ£µ “˜ (1); R(λ,±k, a)
Å ®Ö¤¥·´Ò¥¯ ËÊ´±Í¨¨ ‰µ¸É .

ˆ§¢¥¸É´µ, ÎÉµ ¶µ²Õ¸ S-³ É·¨ÍÒ ¢ ±µ³¶²¥±¸´µ° ¶²µ¸±µ¸É¨ ¶ · ³¥É· 
“˜ ¸µµÉ¢¥É¸É¢Ê¥É ·¥§µ´ ´¸Ê ¸¨¸É¥³Ò, ¥¸²¨ ¥£µ ³´¨³ Ö Î ¸ÉÓ ³ ² ,   ¢¥-
Ð¥¸É¢¥´´ Ö Î ¸ÉÓ · ¢´  ”‡ ÔÉµ£µ ¶ · ³¥É· . �·¨ ¨¸¸²¥¤µ¢ ´¨¨  ´ ²¨É¨Î¥-
¸±¨Ì ¸¢µ°¸É¢ ³ É·¨ÍÒ · ¸¸¥Ö´¨Ö ¶µ ±µ³¶²¥±¸´Ò³ ¶¥·¥³¥´´Ò³ λ ¨ k Ê¸É -
´µ¢²¥´µ, ¢ Î ¸É´µ¸É¨, ÎÉµ ¶µ²Õ¸Ê S-³ É·¨ÍÒ ´  ±µ³¶²¥±¸´µ° λ-¶²µ¸±µ¸É¨
¶·¨ Ë¨§¨Î¥¸±µ³ k > 0 (a = 0) ³µ¦´µ ¸µ¶µ¸É ¢¨ÉÓ ¶µ²Õ¸ ´  ±µ³¶²¥±¸´µ°
k-¶²µ¸±µ¸É¨ ¶·¨ ”‡ λ [4]. �´ ²µ£¨Î´µ ¢ [14] ¶µ± § ´µ, ÎÉµ ¶µ²Õ¸Ê S-
³ É·¨ÍÒ ´  ±µ³¶²¥±¸´µ° a-¶²µ¸±µ¸É¨ ¶·¨ ”‡ k ¨ λ ³µ¦´µ ¸µ¶µ¸É ¢¨ÉÓ
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¶µ²Õ¸ ´  ±µ³¶²¥±¸´µ° k-¶²µ¸±µ¸É¨ ¶·¨ ”‡ a ¨ λ. �µÔÉµ³Ê ¢ µ¡Ð¥³ ¸²ÊÎ ¥
³ É·¨ÍÒ · ¸¸¥Ö´¨Ö S(λ, k, a) ¶µ²ÊÎ ¥³, ÎÉµ ¶µ²Õ¸Ê S-³ É·¨ÍÒ ´  ±µ³¶²¥±¸-
´µ° ¶²µ¸±µ¸É¨ ± ±µ£µ-²¨¡µ ¶ · ³¥É·  ¶·¨ Ë¨§¨Î¥¸±¨Ì §´ Î¥´¨ÖÌ µ¸É ²Ó´ÒÌ
¤¢ÊÌ ¶ · ³¥É·µ¢ ³µ¦´µ ¸µ¶µ¸É ¢¨ÉÓ ¶µ²Õ¸ ´  ±µ³¶²¥±¸´µ° ¶²µ¸±µ¸É¨ ²Õ-
¡µ£µ ¤·Ê£µ£µ ¶ · ³¥É·  ¶·¨ ”‡ µ¸É ¢Ï¨Ì¸Ö ¶ · ³¥É·µ¢. ’ ±¨³ µ¡· §µ³, ¥¸²¨
λν (k, a) (ν = 1, 2, ..., n) Å ®Ö¤¥·´Ò¥¯ ¶µ²Õ¸Ò S-³ É·¨ÍÒ ´  ±µ³¶²¥±¸´µ°
λ-¶²µ¸±µ¸É¨ ¶·¨ Ë¨§¨Î¥¸±¨Ì §´ Î¥´¨ÖÌ k ¨ a, Éµ ¨³ ³µ¦´µ ¸µ¶µ¸É ¢¨ÉÓ ¶µ-
²Õ¸Ò kν (λ, a) ´  ±µ³¶²¥±¸´µ° k-¶²µ¸±µ¸É¨ ¶·¨ ”‡ λ ¨ a,   É¥³ Å ¶µ²Õ¸Ò
aν (λ, k) ´  a-¶²µ¸±µ¸É¨ ¶·¨ ”‡ λ ¨ k. ‘²¥¤µ¢ É¥²Ó´µ, ±µ³¶²¥±¸´Ò¥ ¶µ¸ÉµÖ´-
´Ò¥ λν (k, a), kν (λ, a) ¨ aν (λ, k) ¸µµÉ¢¥É¸É¢ÊÕÉ µ¤´¨³ ¨ É¥³ ¦¥ ¸µ¸ÉµÖ´¨Ö³
¸¨¸É¥³Ò ¨ µ¶·¥¤¥²ÖÕÉ µ¤´¨ ¨ É¥ ¦¥ ¶µ²Õ¸Ò S-³ É·¨ÍÒ ´  ±µ³¶²¥±¸´ÒÌ λ-,
k- ¨ a-¶²µ¸±µ¸ÉÖÌ.

�¨¦¥ ¶µ± § ´µ, ± ± ´  µ¸´µ¢¥ ¨¸Ìµ¤´ÒÌ ¤ ´´ÒÌ · ¸¸¥Ö´¨Ö ¶·¨ ²¨´¥°´µ°
¢§ ¨³µ§ ¢¨¸¨³µ¸É¨ ³¥¦¤Ê λ2, k2 ¨ a ³µ¦´µ ¢µ¸¸É ´µ¢¨ÉÓ ¶µÉ¥´Í¨ ² V (r) ¶µ
¨§¢¥¸É´Ò³ §´ Î¥´¨Ö³ ¶µ²Õ¸µ¢ λν(k, a), kν(λ, a), aν(λ, k) ¨ ´Ê²¥° λµ(k, a),
kµ(λ, a), aµ(λ, k), µ = n+1, n+2, ..., 2n, ®Ö¤¥·´µ°¯ ËÊ´±Í¨¨ ‰µ¸É  R(λ, k, a).
‘ ¶µ³µÐÓÕ µ¡µ§´ Î¥´¨°

ϕ(r) = ϕ(λ, k, a, r), λν = λν(k, a), kν = kν(λ, a), aν = aν(λ, k),
ϕν(r) = ϕ(λν , kν , aν , r),
f(r) = f(λ,−k, a, r), λµ = λµ(k, a), kµ = kµ(λ, a), aµ = aµ(λ, k),
fµ(r) = f(λµ,−kµ, aµ, r)

(23)

¢¢¥¤¥³ ¸²¥¤ÊÕÐ¨¥ ËÊ´±Í¨¨:

Xν(r) =
[ϕν(r); f(r)]

tν
; Xνµ(r) =

[ϕν(r); fµ(r)]
tνµ

, (24)

£¤¥ ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ (20)

tν =
λ2 − λ2

ν

−A
=

k2 − k2
ν

B
=

a − aν

−C
,

tνµ =
λ2

µ − λ2
ν

−A
=

k2
µ − k2

ν

B
=

aµ − aν

−C
,

(25)

Éµ ¥¸ÉÓ ¶µ²Õ¸Ò ®Ö¤¥·´µ°¯ S-³ É·¨ÍÒ ¸ÊÉÓ ±µµ·¤¨´ ÉÒ ÉµÎ¥± ´  ¶·Ö³µ° ¢
L-¶·µ¸É· ´¸É¢¥.

�  µ¸´µ¢ ´¨¨ (23)Ä(25) ¨ ¸µµÉ´µÏ¥´¨°

ϕν(r)f ′′(r) − f (r)ϕ′′
ν (r) =

(
k2

ν − k2 − λ2
ν − λ2

r2
− aν − a

r

)
ϕν(r)f (r) ,

¸²¥¤ÊÕÐ¨Ì ¨§ (1) ¶·¨ V (r) = 0, ¶µ²ÊÎ¨³

dXν(r)
dr

= −h(r)ϕν (r)f(r), h(r) = (A/r2) + B + (C/r). (26)
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� °¤¥³ ¶µÉ¥´Í¨ ² V (r), ¶·¨ ±µÉµ·µ³ ·¥Ï¥´¨¥ y(r) “˜ (1) ³µ¦´µ ¶·¥¤-
¸É ¢¨ÉÓ ¢ ¢¨¤¥

y(r) = f(r) +
∑

ν

Kν(r)Xν(r), (27)

£¤¥ Kν(r) Å ´¥±µÉµ·Ò¥, ¶µ±  ´¥¨§¢¥¸É´Ò¥ ËÊ´±Í¨¨. „²Ö ÔÉµ£µ ¶µ¤¸É ¢¨³
(27) ¢ (1). …¸²¨ ÊÎ¥¸ÉÓ, ÎÉµ f(r) Å ·¥Ï¥´¨¥ Ê· ¢´¥´¨Ö (1) ¶·¨ V (r) = 0, Éµ
´  µ¸´µ¢ ´¨¨ (24)Ä(26) ¶µ²ÊÎ ¥³

∑
ν

Cν(r)Xν (r) =

[
V (r) + 2

√
h(r)

d

dr

(√
h(r)

∑
ν

Kν(r)ϕν(r)

)
f(r)

]
,

(28)

£¤¥

Cν(r) =
(

d2

dr2
+ k2

ν − λ2
ν − 1/4

r2
− aν

r
− V (r)

)
Kν(r). (29)

�· ¢ Ö Î ¸ÉÓ · ¢¥´¸É¢  (28) µ¡· Ð ¥É¸Ö ¢ ´Ê²Ó, ¥¸²¨ ¢ “˜ (1) ¢Ò¡· ÉÓ ¶µ-
É¥´Í¨ ² V (r) ¢ ¢¨¤¥

V (r) = −2
√

h(r)
d

dr

(√
h(r)

∑
ν

Kν(r)ϕν (r)

)
. (30)

”Ê´±Í¨¨ Kν(r) ³µ£ÊÉ ¡ÒÉÓ µ¶·¥¤¥²¥´Ò ¨§ Éµ£µ, ÎÉµ ¶·¨ k = kµ, λ = λµ ¨
a = aµ ·¥Ï¥´¨¥ (27) µ¡· Ð ¥É¸Ö ¢ ´Ê²Ó, Éµ ¥¸ÉÓ yµ(r) = 0. ’µ£¤  Kν(r) Å
·¥Ï¥´¨¥ ¸¨¸É¥³Ò Ê· ¢´¥´¨°∑

ν

Kν(r)Xνµ(r) = −fµ(r). (31)

„¥°¸É¢¨É¥²Ó´µ, ¶µ²ÊÎ¥´´ Ö ¢ ÔÉµ³ ¸²ÊÎ ¥ ¨§ ²¥¢µ° Î ¸É¨ · ¢¥´¸É¢  (28) ¸¨-
¸É¥³  µ¤´µ·µ¤´ÒÌ Ê· ¢´¥´¨°∑

ν

Xνµ(r)Cν (r) = 0

µÉ´µ¸¨É¥²Ó´µ Cν(r) ¨³¥¥É Éµ²Ó±µ É·¨¢¨ ²Ó´µ¥ ·¥Ï¥´¨¥ Cν(r) = 0, É ± ± ±
|Xνµ(r)| �= 0, ¥¸²¨ ®Ö¤¥·´ Ö¯ ËÊ´±Í¨Ö ‰µ¸É  R(λ, k, a) ´¥ ¸µ¤¥·¦¨É ±· É´ÒÌ
´Ê²¥° ¨ ¶µ²Õ¸µ¢. �µÔÉµ³Ê, ¸µ£² ¸´µ (29), Kν(r) Å ·¥Ï¥´¨¥ Ê· ¢´¥´¨Ö (1) ¸
¶µÉ¥´Í¨ ²µ³ (30). ‘²¥¤µ¢ É¥²Ó´µ, y(r) Å É ±¦¥ ·¥Ï¥´¨¥ ÔÉµ£µ Ê· ¢´¥´¨Ö ¸
Ê± § ´´Ò³ ¶µÉ¥´Í¨ ²µ³. …¸²¨ ¨§ (31) ´ °É¨ Kν(r) ¨ ¶µ¤¸É ¢¨ÉÓ ¢ (30), Éµ ´ 
µ¸´µ¢ ´¨¨ (26) ¶µÉ¥´Í¨ ²

V (r) = −2
√

h(r)
d

dr

(
1√
h(r)

d

dr
ln |Xνµ(r)|

)
. (32)
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—Éµ¡Ò ¶µ¸É·µ¨ÉÓ ·¥Ï¥´¨¥ ‰µ¸É  “˜ (1) ¸ ¶µÉ¥´Í¨ ²µ³ (32), ´ °¤¥³  ¸¨³¶-
ÉµÉ¨±Ê ·¥Ï¥´¨Ö (27) ¶·¨ r → ∞. „²Ö ÔÉµ£µ ¶·¥¤¸É ¢¨³ (27) ¸ ¶µ³µÐÓÕ (31)
¢ ¢¨¤¥

y(r) =
f(r)

|Xνµ(r)|

∣∣∣∣Xνµ (r) − fµ(r)Xν (r)
f(r)

∣∣∣∣ . (33)

�  µ¸´µ¢ ´¨¨ (21) ¨ (25) ¨§ Ô²¥³¥´Éµ¢ t−1
νµ ³µ¦´µ ¸µ¸É ¢¨ÉÓ ¤¨ £µ´ ²Ó´ÊÕ

¡²µÎ´ÊÕ ³ É·¨ÍÊ

T−1 =
1
3




[
−A

λ2
µ − λ2

ν

]
[ 0 ] [ 0 ]

[ 0 ]
[

B

k2
µ − k2

ν

]
[ 0 ]

[ 0 ] [ 0 ]
[

−C

aµ − aν

]




. (34)

‚Ò· ¦¥´¨¥ (34) µÉ· ¦ ¥É Éµ µ¡¸ÉµÖÉ¥²Ó¸É¢µ, ÎÉµ ¶µ²Õ¸Ò ®Ö¤¥·´µ°¯ S-³ É·¨-
ÍÒ ´  ±µ³¶²¥±¸´ÒÌ λ-, k- ¨ a-¶²µ¸±µ¸ÉÖÌ Ì · ±É¥·¨§ÊÕÉ ¸µ¸ÉµÖ´¨Ö ¸¨¸É¥³Ò,
µ¤¨´ ±µ¢Ò¥ ¤²Ö Î ¸É´ÒÌ ¶µ¸É ´µ¢µ± µ¡· É´µ° § ¤ Î¨ ¶·¨ tνµ �= 0. ’µ£¤  ¢
¸µµÉ¢¥É¸É¢¨¨ ¸ (24) ¨ (34) Xνµ(r) Å Ô²¥³¥´É ¡²µÎ´µ° ³ É·¨ÍÒ X(r), · ¢´µ°
¶·Ö³µ° ¸Ê³³¥

X(r) =
1
3

(X (k, a, r) ⊕ X (λ, a, r) ⊕ X (λ, k, r))

±¢ ¤· É´ÒÌ ¶µ¤³ É·¨Í, ¨¤ÊÐ¨Ì ¢¤µ²Ó ¥¥ ¤¨ £µ´ ²¨ ¨ ¸µ¸É ¢²¥´´ÒÌ ¨§ Ô²¥-
³¥´Éµ¢

Xνµ (k, a, r) =
A [ϕ (λν , k, a, r) ;f (λµ,−k, a, r)]

λ2
ν − λ2

µ

,

Xνµ (λ, a, r) =
B [ϕ (λ, kν , a, r) ;f (λ,−kµ, a, r)]

k2
µ − k2

ν

,

Xνµ (λ, k, r) =
C [ϕ (λ, k, aν , r) ;f (λ,−k, aµ, r)]

aν − aµ
.

(35)

‘²¥¤µ¢ É¥²Ó´µ,

|Xνµ(r)| = (1/3)3n |Xνµ (k, a, r)| |Xνµ (λ, a, r)| |Xνµ (λ, k, r)| . (36)
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�´ ²µ£¨Î´µ∣∣∣∣Xνµ(r) − fµ (r) Xν(r)
f(r)

∣∣∣∣ = (1/3)3n ×

×
∣∣∣∣Xνµ (k, a, r) − Af (λµ,−k, a, r) [ϕ (λν , k, a, r) ; f(r)]

f(r) (λ2
ν − λ2)

∣∣∣∣×
×
∣∣∣∣Xνµ (λ, a, r) − Bf (λ,−kµ, a, r) [ϕ (λ, kν , a, r) ; f(r)]

f(r) (k2 − k2
ν)

∣∣∣∣×
×
∣∣∣∣Xνµ (λ, k, r) − Cf (λ,−k, aµ, r) [ϕ (λ, k, aν , r) ; f(r)]

f(r) (aν − a)

∣∣∣∣ .

(37)

…¸²¨ ÊÎ¥¸ÉÓ ¸µµÉ´µÏ¥´¨¥ (6), Éµ ´  µ¸´µ¢ ´¨¨ (35)Ä(37) ¨ £· ´¨Î´ÒÌ Ê¸²µ¢¨°
(5) ¢Ò· ¦¥´¨¥ (33) ¶·¨³¥É ¢¨¤

lim
r→∞

y(r) = Rk,a (λ) Rk,a (−λ) Rλ,a (k)Rλ,k (a) lim
r→∞

f (r) ,

Rk,a(λ) =

∏
µ

[λ − λµ(k, a)]∏
ν

[λ − λν(k, a)]
,

Rλ,a(k) =

∏
µ

[k − kµ(λ, a)]∏
ν

[k − kν(λ, a)]
,

Rλ,k(a) =

∏
µ

[a − aµ(λ, k)]∏
ν

[a − aν(λ, k)]
.

(38)

’µ£¤  ËÊ´±Í¨Ö

F (r) =
y(r)

Rk,a (λ)Rk,a (−λ)Rλ,a (k)Rλ,k(a)
(39)

Ö¢²Ö¥É¸Ö ·¥Ï¥´¨¥³ Ê· ¢´¥´¨Ö (1), ±µÉµ·µ¥ ¨³¥¥É ¶·¨ r → ∞  ¸¨³¶ÉµÉ¨±Ê
(5). ’ ±¨³ µ¡· §µ³, ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ (23), (28) ¨ (39) ËÊ´±Í¨¨

F (λ,∓k, a, r) =
y (λ,∓k, a, r)

R±k,a (λ) R±k,a (−λ) Rλ,a (±k)Rλ,±k(a)
(40)

¶·¥¤¸É ¢²ÖÕÉ ¸µ¡µ° ·¥Ï¥´¨Ö ‰µ¸É  “˜ (1) ¸ ¶µÉ¥´Í¨ ²µ³ (32).
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�µ¸É·µ¨³ ·¥Ï¥´¨¥ Φ̃(r) Ê· ¢´¥´¨Ö (1) ¶µ  ´ ²µ£¨¨ ¸ (6) ¢ ¢¨¤¥

Φ̃(r) =
1

2ik
[f (λ, k, a) y (λ,−k, a, r) − f (λ,−k, a) y (λ, k, a, r)] (41)

¨ µ¶·¥¤¥²¨³  ¸¨³¶ÉµÉ¨±Ê ¶·¨ r → 0. „²Ö ÔÉµ£µ ¶µ¤¸É ¢¨³ (27) ¢ (41). ‘
ÊÎ¥Éµ³ (24), (31) ¨ (6) ¶µ²ÊÎ¨³

Φ̃(r) =
ϕ(r)

|Xνµ(r)|

∣∣∣∣Xνµ(r) − fµ (r) bν(r)
ϕ (r)

∣∣∣∣ , bν(r) =
[ϕν (r) ; ϕ(r)]

tν
. (42)

…¸²¨ ÊÎ¥¸ÉÓ, ÎÉµ

lim
r→0

f (λ,−k, a, r) · rλ−1/2 =
f (λ,−k, a)

2λ
,

Éµ ´  µ¸´µ¢ ´¨¨ (36), (42) ¨ £· ´¨Î´µ£µ Ê¸²µ¢¨Ö (4) ´ °¤¥³

lim
r→0

Φ̃(r) = Rk,a (−λ) lim
r→0

ϕ(r), (43)

£¤¥ Rk,a (−λ) µ¶·¥¤¥²¥´µ ¢Ò· ¦¥´¨¥³ (38) ¤²Ö Rk,a (λ) ¶·¨ λ → −λ. ‚
¸µµÉ¢¥É¸É¢¨¨ ¸ (43) ¨ µ¡µ§´ Î¥´¨Ö³¨ (23) ËÊ´±Í¨Ö

Φ (λ, k, a, r) =
Φ̃ (λ, k, a, r)
Rk,a (−λ)

(44)

Ö¢²Ö¥É¸Ö ·¥£Ê²Ö·´Ò³ ·¥Ï¥´¨¥³ “˜ (1) ¸ ¶µÉ¥´Í¨ ²µ³ (32).
�µ¤¸É ¢¨³ (40) ¨ (44) ¢ (41). ’µ£¤ , ¸µ£² ¸´µ (5), ¶·¨ r → ∞ ¶µ²ÊÎ¨³

Φ (λ, k, a, r) ≈ exp {i [η (λ, k, a) + δ (λ, k, a)]} f (λ,−k, a)R (λ,−k, a)
k

×

× sin
[
kr − a

2k
ln 2kr + η (λ, k, a) + δ (λ, k, a)

]
;

(45)

£¤¥
f (λ, k, a)R (λ, k, a)

f (λ,−k, a)R (λ,−k, a)
= exp {2i [η (λ, k, a) + δ (λ, k, a)]}

¥¸ÉÓ ³ É·¨Í  · ¸¸¥Ö´¨Ö (22),   ®Ö¤¥·´ Ö¯ ËÊ´±Í¨Ö ‰µ¸É 

R (λ, k, a) = Rk,a (λ)Rλ,a (k)Rλ,k (a) (46)

´  µ¸´µ¢ ´¨¨ (38) Ö¢²Ö¥É¸Ö · Í¨µ´ ²Ó´µ° ËÊ´±Í¨¥° ¶ · ³¥É·µ¢ λ, k ¨ a.
‚ § ¢¨¸¨³µ¸É¨ µÉ µ·¨¥´É Í¨¨ ´ ¶· ¢²ÖÕÐ¥£µ ¢¥±Éµ·  ¶·Ö³µ° (20) ¢µ§-

³µ¦´Ò Î ¸É´Ò¥ ¸²ÊÎ ¨ § ¤ ´¨Ö ¨¸Ìµ¤´ÒÌ ¤ ´´ÒÌ · ¸¸¥Ö´¨Ö ¶·¨ Ë¨±¸¨·µ-
¢ ´´ÒÌ §´ Î¥´¨ÖÌ µ¤´µ£µ ²¨¡µ ¤¢ÊÌ ¸¶¥±É· ²Ó´ÒÌ ¶ · ³¥É·µ¢. …¸²¨ ¤ ´´Ò¥
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· ¸¸¥Ö´¨Ö § ¤ ´Ò ¢¤µ²Ó ¶·Ö³ÒÌ (21), Éµ Ëµ·³Ê²Ò (32), (45) ¨ (46) ¶¥·¥Ìµ¤ÖÉ
¢ ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ Ëµ·³Ê²Ò ¤²Ö ¶µÉ¥´Í¨ ²  ¨ ËÊ´±Í¨¨ ‰µ¸É  µ¡· É´µ° § -
¤ Î¨ ¶µ ¶¥·¥³¥´´Ò³ k [11], λ [12] ¨ a [17]. ‚ ·¨ ´É µ¡· É´µ° § ¤ Î¨ ¤²Ö
¸²ÊÎ Ö C = 0 (Ak2 + Bλ2 = const, a = const) ¶·¨ a = 0 ¸ ¶µ³µÐÓÕ ³¥Éµ¤ 
ƒ¥²ÓË ´¤ Ä‹¥¢¨É ´  ·¥Ï¥´ ¢ · ¡µÉ¥ [13].

2.2. ‘²ÊÎ ° °µ¸Éµ¢¸±¨Ì ·¥Ï¥´¨° ¸¢µ¡µ¤´µ£µ “˜, ¢Ò¡· ´´ÒÌ ¢ ± Î¥-
¸É¢¥ ¡ §¨¸´ÒÌ ¤²Ö ³µ¤¥²Ó´µ£µ ¶µÉ¥´Í¨ ² . „·Ê£µ° Ô±¢¨¢ ²¥´É´Ò° µ¡µ¡-
Ð¥´´Ò°  ²£¥¡· ¨Î¥¸±¨° ¢ ·¨ ´É ¢µ¸¸É ´µ¢²¥´¨Ö ¶µÉ¥´Í¨ ²  ¡ ·£³ ´µ¢¸±µ£µ
±² ¸¸  ¶µ Ë §µ¢Ò³ ¸¤¢¨£ ³ ¶·¨ · §²¨Î´ÒÌ §´ Î¥´¨ÖÌ ¶ · ³¥É·µ¢ λ, k ¨
a, Ê¤µ¢²¥É¢µ·ÖÕÐ¨Ì Ê· ¢´¥´¨Õ (20), ¶·¥¤²µ¦¥´ ¢ · ¡µÉ¥ [27]. ‚ ÔÉµ³ ¢ -
·¨ ´É¥ ¢ ± Î¥¸É¢¥ ¸¢µ¡µ¤´ÒÌ ·¥Ï¥´¨° “˜, ¸ ¶µ³µÐÓÕ ±µÉµ·ÒÌ ¶µ¸É·µ¥´
¶µÉ¥´Í¨ ² ¢§ ¨³µ¤¥°¸É¢¨Ö, ¨¸¶µ²Ó§µ¢ ´Ò °µ¸Éµ¢¸±¨¥ ·¥Ï¥´¨Ö f (λ,±k, a, r).
‚ ÔÉµ³ ¸²ÊÎ ¥ ¶µÉ¥´Í¨ ² ¸É·µ¨É¸Ö ´¥¶µ¸·¥¤¸É¢¥´´µ ¶µ ³ É·¨Í¥ · ¸¸¥Ö´¨Ö.
�µ²ÊÎ¥´´Ò¥ ¢ [27] ·¥§Ê²ÓÉ ÉÒ § ±²ÕÎ ÕÉ¸Ö ¢ ¸²¥¤ÊÕÐ¥³.

�Ê¸ÉÓ ³ É·¨Í  · ¸¸¥Ö´¨Ö ¶·¥¤¸É ¢¨³  ¢ ¢¨¤¥

S (λ, k, a) = S0 (λ, k, a) exp [2iδ (λ, k, a)] ,

£¤¥

δ (λ, k, a) = −i ln





∏
µ

(
λ2 − λ2

µ

)
∏
ν

(λ2 − λ2
ν)




1/2 ∏
µ

(k − kµ)∏
ν

(k − kν)

∏
µ

(a − aµ)∏
ν

(a − aν)


 (47)

¥¸ÉÓ ¤µ¡ ¢µÎ´Ò° Ë §µ¢Ò° ¸¤¢¨£, µ¡Ê¸²µ¢²¥´´Ò° ¤¥°¸É¢¨¥³ ¶µÉ¥´Í¨ ²  V (r);
λν , kν , aν (ν = 1, 2, ..., n),   É ±¦¥ λµ, kµ, aµ (µ = n + 1, n + 2, ..., 2n) Å
±µ³¶²¥±¸´Ò¥ ¶µ¸ÉµÖ´´Ò¥, · ¸¶µ²µ¦¥´¨¥ ±µÉµ·ÒÌ ´  λ-, k-, a-¶²µ¸±µ¸ÉÖÌ
§ ¢¨¸¨É µÉ ´ ² £ ¥³ÒÌ ´  ¶µÉ¥´Í¨ ² V (r) µ£· ´¨Î¥´¨°.

’µ£¤  ¨¸±µ³Ò° ¶µÉ¥´Í¨ ² ³µ¦´µ ¢ÒÎ¨¸²¨ÉÓ ¶µ Ëµ·³Ê²¥

V (r) = −2
√

h(r)
d

dr

(
1√
h(r)

d

dr
ln |Yνµ(r)|

)
, (48)

£¤¥ µ¶·¥¤¥²¨É¥²Ó |Yνµ| · ¢¥´

|Yνµ(r)| = (1/3)3n |Yνµ (k, a, r)| |Yνµ (λ, a, r)| |Yνµ (λ, k, r)| ,

Yνµ (k, a, r) =
A [f (λν , k, a, r) ; f (λµ,−k, a, r)]

λ2
ν − λ2

µ

,

Yνµ (λ, a, r) =
B [f (λ, kν , a, r) ; f (λ,−kµ, a, r)]

k2
µ − k2

ν

,

Yνµ (λ, k, r) =
C [f (λ, k, aν , r) ; f (λ,−k, aµ, r)]

aν − aµ
;

(49)
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ËÊ´±Í¨Ö h(r) µ¶·¥¤¥²¥´  ¸µµÉ´µÏ¥´¨¥³ (26); A, B, C Å ¶ · ³¥É·Ò Ê· ¢´¥´¨Ö
¶·Ö³µ° (20).

�¥§Õ³¨·ÊÖ ¨§²µ¦¥´´µ¥, ³µ¦´µ ¸¤¥² ÉÓ ¸²¥¤ÊÕÐ¨° ¢Ò¢µ¤: ¥¸²¨ Ë §  · ¸-
¸¥Ö´¨Ö δ (λ, k, a), µ¡Ê¸²µ¢²¥´´ Ö ¤¥°¸É¢¨¥³ ¶µÉ¥´Í¨ ²  V (r) “˜ (1), ¶·¥¤-
¸É ¢²¥´  · Í¨µ´ ²Ó´µ° ËÊ´±Í¨¥° (47), ´Ê²¨ ¨ ¶µ²Õ¸Ò ±µÉµ·µ° · ¸¶µ²µ¦¥´Ò
´  ¶·Ö³µ° (20), Éµ ¸ ¶µ³µÐÓÕ (48) ³µ¦´µ ¶µ¸É·µ¨ÉÓ λ-, k- ¨ a-´¥§ ¢¨¸¨³Ò°
¶µÉ¥´Í¨ ² V (r). ”Ê´±Í¨¨ Yνµ(r) ³µ£ÊÉ ¡ÒÉÓ µ¶·¥¤¥²¥´Ò ¶µ °µ¸Éµ¢¸±¨³ ·¥-
Ï¥´¨Ö³ f (λ,±k, a, r) = W± ia

2k ,λ (±2ikr), £¤¥ W± ia
2k ,λ Å ËÊ´±Í¨¨ “¨ÉÉ¥±¥· ,

Ö¢²ÖÕÐ¨¥¸Ö ·¥Ï¥´¨Ö³¨ Ê· ¢´¥´¨Ö (1) ¶·¨ V (r) = 0.
2.3. ‚²¨Ö´¨¥ §´ ±  ¶µÉ¥´Í¨ ²  ´  · ¸¶µ²µ¦¥´¨¥ ¶µ²Õ¸µ¢ S-³ É·¨ÍÒ

¨ ¶µ¢¥¤¥´¨¥ Ë §Ò · ¸¸¥Ö´¨Ö. “¸É ´µ¢¨³ ¸¢Ö§Ó ³¥¦¤Ê §´ ± ³¨ ¶µÉ¥´Í¨ ² 
V (r) ¨ Ë §Ò · ¸¸¥Ö´¨Ö δ (λ, k, a) ´  µ¸´µ¢¥ Î ¸É´ÒÌ ¸²ÊÎ ¥¢ µ¡µ¡Ð¥´´µ£µ
¢ ·¨ ´É  µ¡· É´µ° § ¤ Î¨ [27Ä29]. � ´¥¥ ¡Ò²µ ¶µ± § ´µ, ÎÉµ ¢ § ¢¨¸¨³µ¸É¨ µÉ
µ·¨¥´É Í¨¨ ´ ¶· ¢²ÖÕÐ¥£µ ¢¥±Éµ·  ¶·Ö³µ° (20) ¢ ¶·µ¸É· ´¸É¢¥ L(λ2, k2, a)
¸·¥¤¨ ¶·µÎ¨Ì ¢µ§³µ¦´Ò ¸²¥¤ÊÕÐ¨¥ Î ¸É´Ò¥ ¸²ÊÎ ¨ § ¤ ´¨Ö ¨¸Ìµ¤´ÒÌ ¤ ´´ÒÌ
· ¸¸¥Ö´¨Ö: 1) A �= 0, B = C = 0; 2) B �= 0, A = C = 0; 3) C �= 0,
A = B = 0. „ ²¥¥ · ¸¸³µÉ·¥´Ò ¢µ¶·µ¸Ò µ ¸¢Ö§¨ §´ ±µ¢ ¶µÉ¥´Í¨ ²  ¨
Ë § · ¸¸¥Ö´¨Ö δk,a (λ), δλ,a (k) ¨ δλ,k(a), µ¡Ê¸²µ¢²¥´´ÒÌ ¥£µ ¤¥°¸É¢¨¥³ ¤²Ö
¸²ÊÎ ¥¢ 1Ä3.

1) „²Ö ¢¥Ð¥¸É¢¥´´µ£µ ¶µÉ¥´Í¨ ²  ¨§ (47) ¸²¥¤Ê¥É, ÎÉµ ®Ö¤¥·´ Ö¯ ³ É·¨Í 
· ¸¸¥Ö´¨Ö, Ê¤µ¢²¥É¢µ·ÖÕÐ Ö Ê¸²µ¢¨Õ Ê´¨É ·´µ¸É¨, ¨³¥¥É ¢¨¤

exp [2iδk,a (λ)] =
∏
ν

λ2 − λ∗2
ν

λ2 − λ2
ν

. (50)

„²Ö ¢ÒÖ¸´¥´¨Ö Ì · ±É¥·  ¢²¨Ö´¨Ö ¶µ²µ¦¥´¨Ö ¶µ²Õ¸µ¢ λν = Re λν + i Imλν

S-³ É·¨ÍÒ (50) ´  ¶µ¢¥¤¥´¨¥ δk,a (λ) ´ °¤¥³ Ë §Ê ¨ ¥¥ ¶·µ¨§¢µ¤´ÊÕ ¶µ λ:

δk,a (λ) =
∑

ν

arctg
2Re λν Im λν

λ2 − Re2λν + Im2λν

,

dδk,a(λ)
dλ

= −4λ
∑

ν

Re λν Im λν

(λ2 − Re2λν + Im2λν)2 + (2 Re λν Im λν)2
.

(51)

‚¨¤´µ, ÎÉµ δk,a (λ) ³µ´µÉµ´´µ Ê¡Ò¢ ¥É ¸ ·µ¸Éµ³ λ, ¥¸²¨ Re λν Im λν > 0 ¤²Ö
¢¸¥Ì ν. �µ¸±µ²Ó±Ê Re λν > 0 (¤²Ö ·¥§µ´ ´¸´ÒÌ ¶µ²Õ¸µ¢ Re λν ¡²¨§±¨ ± ”‡
λ), Éµ ³µ´µÉµ´´µ Ê¡Ò¢ ÕÐ¥° Ë §¥ δk,a(λ) ¸µµÉ¢¥É¸É¢ÊÕÉ ¶µ²Õ¸Ò ®Ö¤¥·´µ°¯
S-³ É·¨ÍÒ (50), · ¸¶µ²µ¦¥´´Ò¥ ¢ ¢¥·Ì´¥° λ-¶µ²Ê¶²µ¸±µ¸É¨.

�  µ¸´µ¢ ´¨¨ (48)Ä(50)

V (r) =
∑

ν

Vν(r), Vν(r) = −2
r

d

dr

(
r

d

dr
ln Yνν∗ (k, a, r)

)
. (52)
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”Ê´±Í¨¨ Yνν∗ (k, a, r) Ê¤µ¢²¥É¢µ·ÖÕÉ, ¸µ£² ¸´µ (5), Ê¸²µ¢¨Ö³

lim
r→∞

Yνν∗ (k, a, r) =
kA

2 Reλν Im λν
. (53)

�´ ²µ£¨Î´µ ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ (5) ¨ (26) ´ °¤¥³

lim
r→∞

r2 dYνν∗ (k, a, r)
dr

= −A. (54)

’µ£¤  ¨§ (52)Ä(54) ¸²¥¤Ê¥É

lim
r→∞

V (r)r3 = −4
k

∑
ν

Re λν Im λν . (55)

‚Ò· ¦¥´¨¥ (55) Ê± §Ò¢ ¥É ´  Éµ, ÎÉµ ¶·¨ÉÖ£¨¢ ÕÐ¥³Ê ¶·¨ ¡µ²ÓÏ¨Ì r ¶µÉ¥´-
Í¨ ²Ê ¸µµÉ¢¥É¸É¢ÊÕÉ ¶µ²Õ¸Ò S-³ É·¨ÍÒ, · ¸¶µ²µ¦¥´´Ò¥ ¢ ¢¥·Ì´¥° λ-¶µ²Ê-
¶²µ¸±µ¸É¨, ±µÉµ·Ò¥, ¸µ£² ¸´µ (51), ¸¶µ¸µ¡¸É¢ÊÕÉ ¢µ§· ¸É ´¨Õ Ë §Ò δk,a (λ)
¶·¨ λ → 1/2(l → 0). �·¨ ÔÉµ³ Ëµ·³Ê²Ò (51) ¨ (52) ¶µ§¢µ²ÖÕÉ ¶·µ¨§¢µ¤¨ÉÓ
µÍ¥´±Ê ¶ ·Í¨ ²Ó´µ£µ ¢±² ¤  ¶µ²Õ¸µ¢ S-³ É·¨ÍÒ ¢ ¶µ¢¥¤¥´¨¥ δk,a(λ) ¨ V (r).

2) “¸É ´µ¢¨³ ¸¢Ö§Ó §´ ±µ¢ ¶µÉ¥´Í¨ ²  V (r) ¨ Ë §Ò δλ,a(k). ‚ ÔÉµ³ ¸²ÊÎ ¥
¤²Ö ¢¥Ð¥¸É¢¥´´µ£µ ¶µÉ¥´Í¨ ²  ³ É·¨Í  · ¸¸¥Ö´¨Ö, Ê¤µ¢²¥É¢µ·ÖÕÐ Ö Ê¸²µ¢¨Õ
Ê´¨É ·´µ¸É¨, ¨³¥¥É ¢¨¤ [30]:

exp [2iδλ,a (k)] =
∏
ν

(k − k∗
ν) (k + kν)

(k − kν) (k + k∗
ν)

. (56)

�µÔÉµ³Ê

δλ,a (k) =
∑

ν

arctg
2k Im kν

k2 − |kν |2
,

dδλ,a (k)
dk

= −2
∑

ν

(
k2 − |kν |2

)
Im kν(

k2 − |kν |2
)2

+ (2k Im kν)2
.

(57)

‚ ¸µµÉ¢¥É¸É¢¨¨ ¸ (49) ¨ (56) ¶µÉ¥´Í¨ ² (48) · ¢¥´

V (r) =
∑

ν

Vν(r), Vν(r) = −2
d2

dr2
ln Yνν∗ (λ, a, r) . (58)

”Ê´±Í¨¨ Yνν∗ (λ, a, r), ¸µ£² ¸´µ (5) ¨ (49), Ê¤µ¢²¥É¢µ·ÖÕÉ Ê¸²µ¢¨Ö³

lim
r→∞

Yνν∗ (λ, a, r) exp
[
−2(Imkν)r − a

|kν |2

(
Im kν · ln 2|kν |r +

+ Re kν · arctg
Im kν

Re kν

)]
= − B

2 Imkν
.

(59)
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’µ£¤  ¨§ (58) ¨ (59) ¸²¥¤Ê¥É

lim
r→∞

V (r)r2 = 2a
∑

ν

Im kν

|kν |2
. (60)

‚¨¤´µ, ÎÉµ ¶·¨ÉÖ£¨¢ ÕÐ¥³Ê ¶·¨ ¡µ²ÓÏ¨Ì §´ Î¥´¨ÖÌ r ¶µÉ¥´Í¨ ²Ê V (r)
¸µµÉ¢¥É¸É¢ÊÕÉ · ¸¶µ²µ¦¥´´Ò¥ ¢ ´¨¦´¥° Î ¸É¨ k-¶µ²Ê¶²µ¸±µ¸É¨ ¶µ²Õ¸Ò
S-³ É·¨ÍÒ, ±µÉµ·Ò¥ µ¶¨¸Ò¢ ÕÉ ´  µ¸´µ¢¥ (57) Ê¡Ò¢ ´¨¥ Ë §Ò δλ,a (k) ¶·¨
k → 0. ‘²¥¤µ¢ É¥²Ó´µ, §´ ±¨ δλ,a (k) (k → 0) ¨ V (r) (r → ∞) ¶·µÉ¨¢µ¶µ-
²µ¦´Ò. �·µÉ¨¢µ¶µ²µ¦´µ¸ÉÓ §´ ±µ¢ Ë §Ò ¨ ¶µÉ¥´Í¨ ²  ¶·¨ a = 0 ¡Ò² 
µÉ³¥Î¥´  ¥Ð¥ ¢ [31]. ’ ±¨³ µ¡· §µ³, ´ ²¨Î¨¥ µÉÉ ²±¨¢ ÕÐ¥£µ ±Ê²µ´µ¢¸±µ£µ
¶µÉ¥´Í¨ ²  ´¥ ¢²¨Ö¥É ´  ¸¢Ö§Ó §´ ±µ¢ δλ,a (k) ¨ V (r) ¢ ¸²ÊÎ ¥, ±µ£¤  ¶µÉ¥´-
Í¨ ² V (r) µ± §Ò¢ ¥É ¸² ¡µ¥ ¤¥°¸É¢¨¥ ´  · ¸¸¥¨¢ ¥³ÊÕ ¢µ²´Ê. ‘µµÉ´µÏ¥´¨Ö
(57) ¨ (58) ¶µ§¢µ²ÖÕÉ É ±¦¥ µÍ¥´¨ÉÓ ¶ ·Í¨ ²Ó´Ò° ¢±² ¤ ¶µ²Õ¸µ¢ S-³ É·¨ÍÒ
¢ ¶µ¢¥¤¥´¨¥ δλ,a (k) ¨ V (r).

3) “¸É ´µ¢¨³ É¥¶¥·Ó ¸¢Ö§Ó ³¥¦¤Ê §´ ± ³¨ ¢¥Ð¥¸É¢¥´´µ£µ ¶µÉ¥´Í¨ ² 
V (r) ¨ Ë §Ò δλ,k(a). ‚ ÔÉµ³ ¸²ÊÎ ¥ ´  µ¸´µ¢ ´¨¨ (47)

δλ,k(a) = −i ln
∏
ν

a − a∗
ν

a − aν
.

’µ£¤ 

δλ,k(a) = 2
∑

ν

arctg
Im aν

a − Re aν
,

dδλ,k(a)
da

= −2
∑

ν

Im aν

(a − Reaν)2 + Im 2aν

.

(61)

ˆ§ (48), (49) ¨ (56) ¸²¥¤Ê¥É

V (r) =
∑

ν

Vν(r), Vν(r) = − 2√
r

d

dr

(√
r

d

dr
ln Yνν∗ (λ, k, r)

)
. (62)

”Ê´±Í¨¨ Yνν∗ (λ, k, r), ¸µ£² ¸´µ (5) ¨ (49), Ê¤µ¢²¥É¢µ·ÖÕÉ Ê¸²µ¢¨Ö³

lim
r→∞

Yνν∗(λ, k, r) exp
(

Im aν

k
ln 2kr

)
=

kC

Im aν
. (63)

�µÔÉµ³Ê, ¢ ¸µµÉ¢¥É¸É¢¨¨ ¸ (62) ¨ (63),

lim
r→∞

V (r)r2 = −

∑
ν

Im aν

k
. (64)
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�µ²ÊÎ¥´´µ¥ ¢Ò· ¦¥´¨¥ Ê± §Ò¢ ¥É ´  Éµ, ÎÉµ ¶·¨ÉÖ£¨¢ ÕÐ¥³Ê ¶·¨ ¡µ²ÓÏ¨Ì
§´ Î¥´¨ÖÌ r ¶µÉ¥´Í¨ ²Ê ¸µµÉ¢¥É¸É¢ÊÕÉ ¶µ²Õ¸Ò S-³ É·¨ÍÒ, · ¸¶µ²µ¦¥´´Ò¥
¢ ¢¥·Ì´¥° a-¶µ²Ê¶²µ¸±µ¸É¨, ±µÉµ·Ò¥ ´  µ¸´µ¢ ´¨¨ (61) µ¶¨¸Ò¢ ÕÉ ¢µ§· ¸É -
´¨¥ Ë §Ò ¶·¨ a → 0. �·¨ ÔÉµ³ Ëµ·³Ê²Ò (61) ¨ (62) ¶µ§¢µ²ÖÕÉ µÍ¥´¨ÉÓ
¶ ·Í¨ ²Ó´Ò° ¢±² ¤ ¶µ²Õ¸µ¢ S-³ É·¨ÍÒ ¢ ¶µ¢¥¤¥´¨¥ δλ,k(a) ¨ V (r).

ˆÉ ±, ´  µ¸´µ¢ ´¨¨ ¶µ²ÊÎ¥´´ÒÌ ·¥§Ê²ÓÉ Éµ¢ ³µ¦´µ ¸¤¥² ÉÓ ¸²¥¤ÊÕÐ¨¥
¢Ò¢µ¤Ò. ‚µ-¶¥·¢ÒÌ, §´ ± ¶µÉ¥´Í¨ ²  ¶·¨ r → ∞ (±µ£¤  V (r) µ± §Ò¢ ¥É

¸² ¡µ¥ ¤¥°¸É¢¨¥ ´  · ¸¸¥¨¢ ¥³ÊÕ Î ¸É¨ÍÊ) ¸µ¢¶ ¤ ¥É ¸µ §´ ± ³¨
dδk,a (λ)

dλ
,

dδλ,k(a)
da

¨ ¶·µÉ¨¢µ¶µ²µ¦¥´ §´ ±Ê
dδλ,a (k)

dk
. ‚µ-¢Éµ·ÒÌ, ¥¸²¨ S-³ É·¨Í 

¸µ¤¥·¦¨É ·¥§µ´ ´¸´Ò° ¶µ²Õ¸ ´  ±µ³¶²¥±¸´µ° ¶²µ¸±µ¸É¨ ¶¥·¥³¥´´µ£µ ¶ -
· ³¥É·  (¢¥Ð¥¸É¢¥´´ Ö Î ¸ÉÓ ¶µ²Õ¸  ¡²¨§±  ± ·¥§µ´ ´¸´µ³Ê Ë¨§¨Î¥¸±µ³Ê
§´ Î¥´¨Õ ¶ · ³¥É· ,   ¥£µ ³´¨³ Ö Î ¸ÉÓ ³ ² ), Éµ ¶µ¸²¥¤´¨° µ± §Ò¢ ¥É ¸ÊÐ¥-
¸É¢¥´´µ¥ ¢²¨Ö´¨¥ ´  ¶µ¢¥¤¥´¨¥ Ë §Ò · ¸¸¥Ö´¨Ö ¨ ¶µÉ¥´Í¨ ² . „¥°¸É¢¨É¥²Ó´µ,
¢ ¸²ÊÎ ¥ ·¥§µ´ ´¸´µ£µ ¶µ²Õ¸  ¶·¨ ν = r ¨§ (51), (57) ¨ (61) ¸²¥¤Ê¥É

dδk,a(λ)
dλ

∣∣∣∣∣
λ≈Re λr

≈ − 1
Im λr

, Im λr ≥ 0,

dδλ,a(k)
dk

∣∣∣∣∣
k≈Re kr

≈ − 1
Im kr

, Im kr ≤ 0,

dδλ,k(a)
da

∣∣∣∣∣
a≈Re ar

≈ − 2
Im ar

, Im ar ≥ 0,

Éµ ¥¸ÉÓ ¶µ²Õ¸ µ¡Ê¸²µ¢²¨¢ ¥É ¡µ²¥¥ ·¥§±µ¥ ¨§³¥´¥´¨¥ Ë §Ò ¢¡²¨§¨ ·¥§µ´ ´¸-
´µ£µ Ë¨§¨Î¥¸±µ£µ §´ Î¥´¨Ö ¶¥·¥³¥´´µ£µ ¶ · ³¥É· . ”µ·³Ê²Ò (55), (60) ¨ (64)
Ê± §Ò¢ ÕÉ ´  Éµ, ÎÉµ ·¥§µ´ ´¸´Ò° ¶µ²Õ¸ ¶·¨¢µ¤¨É É ±¦¥ ± ¡µ²¥¥ ¡Ò¸É·µ³Ê
®§ ÉÊÌ ´¨Õ¯ ¶µÉ¥´Í¨ ²  V (r) ¶·¨ r → ∞.

ˆ§²µ¦¥´´Ò¥ ¢Ò¢µ¤Ò ´ Ìµ¤ÖÉ ¸¢µ¥ ¶µ¤É¢¥·¦¤¥´¨¥ ¢ · ¸Î¥É Ì, ¶·µ¢¥¤¥´-
´ÒÌ ´  ±µ´±·¥É´ÒÌ Ö¤¥·´ÒÌ ³µ¤¥²ÖÌ ¶·¨ ·¥Ï¥´¨¨ µ¡· É´µ° § ¤ Î¨ ¢ ±µ³-
¶²¥±¸´ÒÌ λ-, k- ¨ a-¶²µ¸±µ¸ÉÖÌ [32Ä35]. ’ ±¨³ µ¡· §µ³, ¶µ ¶µ¢¥¤¥´¨Õ ¨§-
¢¥¸É´ÒÌ ¨§ Ë §µ¢µ£µ  ´ ²¨§  ®Ö¤¥·´ÒÌ¯ Ë §µ¢ÒÌ ¸¤¢¨£µ¢ ¶·¨ ³ ²ÒÌ §´ -
Î¥´¨ÖÌ ¶¥·¥³¥´´µ£µ ¸¶¥±É· ²Ó´µ£µ ¶ · ³¥É·  λ, k ¨²¨ a ³µ¦´µ, ´¥ ·¥Ï Ö
´¥¶µ¸·¥¤¸É¢¥´´µ µ¤´µ¶ · ³¥É·¨Î¥¸±ÊÕ µ¡· É´ÊÕ § ¤ ÎÊ, ¸¤¥² ÉÓ µ¶·¥¤¥²¥´-
´Ò¥ ¢Ò¢µ¤Ò µ §´ ±¥ ¶µÉ¥´Í¨ ²  V (r) ¨ Ì · ±É¥·¥ ¥£µ Ê¡Ò¢ ´¨Ö ¶·¨ ¡µ²ÓÏ¨Ì
§´ Î¥´¨ÖÌ r.
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3. ‘‚Ÿ‡œ Œ…†„“ �„������Œ…’�ˆ—…‘ŠˆŒˆ ‡�„�—�Œˆ
’…��ˆˆ ��’…�–ˆ�‹œ��ƒ� ��‘‘…Ÿ�ˆŸ

‡��Ÿ†…��›• —�‘’ˆ–

‚ ¸²ÊÎ ¥ ¢§ ¨³µ¤¥°¸É¢¨Ö ´¥§ ·Ö¦¥´´ÒÌ Î ¸É¨Í ¸¢Ö§Ó ³¥¦¤Ê § ¤ Î¥° ¶·¨
k = const ¨ § ¤ Î¥° ¶·¨ λ = 1/2 (s-· ¸¸¥Ö´¨¥) · ¸¸³µÉ·¥´  ¢ [4] ¸ Í¥-
²ÓÕ ¨¸¸²¥¤µ¢ ´¨Ö  ´ ²¨É¨Î¥¸±¨Ì ¸¢µ°¸É¢ ³ É·¨ÍÒ · ¸¸¥Ö´¨Ö ¢ ±µ³¶²¥±¸´µ°
λ-¶²µ¸±µ¸É¨. ‚ ¤ ²Ó´¥°Ï¥³ ¶µ¤ µ¤´µ¶ · ³¥É·¨Î¥¸±µ° µ¡· É´µ° § ¤ Î¥° ±¢ ´-
Éµ¢µ° É¥µ·¨¨ · ¸¸¥Ö´¨Ö ¡Ê¤¥³ ¶µ´¨³ ÉÓ § ¤ ÎÊ, ¢ ±µÉµ·µ° ¨¸Ìµ¤´Ò¥ ¤ ´´Ò¥
· ¸¸¥Ö´¨Ö µ¶·¥¤¥²¥´Ò ¤²Ö ¢¸¥Ì Ë¨§¨Î¥¸±¨Ì §´ Î¥´¨° µ¤´µ£µ ¨§ ¸¶¥±É· ²Ó´ÒÌ
¶ · ³¥É·µ¢ “˜ ¶·¨ Ë¨±¸¨·µ¢ ´´ÒÌ §´ Î¥´¨ÖÌ µ¸É ²Ó´ÒÌ ¶ · ³¥É·µ¢. Š ±
µÉ³¥Î¥´µ · ´¥¥, ¶µ²Õ¸Ê S-³ É·¨ÍÒ ´  ±µ³¶²¥±¸´µ° ¶²µ¸±µ¸É¨ ± ±µ£µ-²¨¡µ
¶ · ³¥É·  (λ, k ¨²¨ a) ¶·¨ Ë¨§¨Î¥¸±¨Ì §´ Î¥´¨ÖÌ µ¸É ²Ó´ÒÌ ¤¢ÊÌ ¶ · ³¥-
É·µ¢ ³µ¦´µ ¸µ¶µ¸É ¢¨ÉÓ ¶µ²Õ¸ ´  ±µ³¶²¥±¸´µ° ¶²µ¸±µ¸É¨ ²Õ¡µ£µ ¤·Ê£µ£µ ¶ -
· ³¥É·  ¶·¨ Ë¨§¨Î¥¸±¨Ì §´ Î¥´¨ÖÌ µ¸É ¢Ï¨Ì¸Ö ¶ · ³¥É·µ¢. ‘²¥¤µ¢ É¥²Ó´µ,
±¢ ´Éµ¢µ¥ ¸µ¸ÉµÖ´¨¥ ¸¨¸É¥³Ò (´ ¶·¨³¥·, ·¥§µ´ ´¸) µ± §Ò¢ ¥É¸Ö ¨´¢ ·¨ ´É-
´Ò³ ¶µ µÉ´µÏ¥´¨Õ ± ¸¶µ¸µ¡Ê ¥£µ µ¶¨¸ ´¨Ö ¸ ¶µ³µÐÓÕ ¶µ²Õ¸  S-³ É·¨ÍÒ
´  ±µ³¶²¥±¸´µ° λ-, k- ¨²¨ a-¶²µ¸±µ¸É¨. �µÔÉµ³Ê ¢ ·¥§Ê²ÓÉ É¥ ¶·¥µ¡· §µ-
¢ ´¨Ö ¸¶¥±É· ²Ó´ÒÌ ¶ · ³¥É·µ¢,  ·£Ê³¥´É  ¨ £· ´¨Î´ÒÌ Ê¸²µ¢¨° ·¥Ï¥´¨°
“˜ ³µ¦´µ Ê¸É ´µ¢¨ÉÓ ¸¢Ö§Ó ³¥¦¤Ê µ¤´µ¶ · ³¥É·¨Î¥¸±¨³¨ § ¤ Î ³¨ É¥µ·¨¨
¶µÉ¥´Í¨ ²Ó´µ£µ · ¸¸¥Ö´¨Ö § ·Ö¦¥´´ÒÌ Î ¸É¨Í.

‚ ¤ ´´µ³ · §¤¥²e ¸É ¢¨É¸Ö Í¥²Ó ´ °É¨ ¸ ¶µ³µÐÓÕ ¶·¥µ¡· §µ¢ ´¨°  ´ -
²µ£¨¨ ³¥¦¤Ê µ¤´µ¶ · ³¥É·¨Î¥¸±¨³¨ § ¤ Î ³¨, ±µÉµ· Ö ³µ¦¥É ¡ÒÉÓ ¨¸¶µ²Ó-
§µ¢ ´ , ´ ¶·¨³¥·, ¶·¨ Ê¸É ´µ¢²¥´¨¨  ´ ²¨É¨Î¥¸±¨Ì ¸¢µ°¸É¢ S-³ É·¨ÍÒ ¶µ
²Õ¡µ³Ê ¸¶¥±É· ²Ó´µ³Ê ¶ · ³¥É·Ê λ, k ¨²¨ a ¶·¨ ¨§¢¥¸É´ÒÌ ¥¥ ¸¢µ°¸É¢ Ì
¤²Ö µ¤´µ£µ ¨§ ÔÉ¨Ì ¶ · ³¥É·µ¢,   É ±¦¥ ¶·¨ ·¥Ï¥´¨¨ µ¤´µ¶ · ³¥É·¨Î¥¸±µ°
µ¡· É´µ° § ¤ Î¨ · ¸¸¥Ö´¨Ö. ˆ§²µ¦¥´´Ò¥ ¢ ÔÉµ³ · §¤¥²¥ ·¥§Ê²ÓÉ ÉÒ µ¶Ê¡²¨-
±µ¢ ´Ò ¢ · ¡µÉ Ì [36Ä38].

�¡µ§´ Î¨³ ¢ “˜  ·£Ê³¥´É ¶µ ¶¥·¥³¥´´Ò³ k, λ ¨ a, ¸µµÉ¢¥É¸É¢¥´´µ,
Î¥·¥§ x, r ¨ ρ. ’µ£¤  µ¤´µ¶ · ³¥É·¨Î¥¸±µ¥ “˜ ³µ¦´µ ¶·¥¤¸É ¢¨ÉÓ ¢ ¢¨¤¥

(
d2

dx2
− λ2 − 1/4

x2
− a

x
− Vλ,a(x)

)
y(λ, k, a, x) = −k2y(λ, k, a, x), (65)

(
d2

dr2
+ k2 − a

r
− Vk,a(r)

)
u(λ, k, a, r) =

λ2 − 1/4
r2

u(λ, k, a, r), (66)

(
d2

dρ2
+ k2 − λ2 − 1/4

ρ2
− Vk,λ(ρ)

)
ψ(λ, k, a, ρ) =

a

ρ
ψ(λ, k, a, ρ), (67)
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£¤¥ ËÊ´±Í¨¨ y (λ, k, a, x), u (λ, k, a, r) ¨ ψ (λ, k, a, ρ) Ê¤µ¢²¥É¢µ·ÖÕÉ £· ´¨Î-
´Ò³ Ê¸²µ¢¨Ö³

lim
z→0

ϕ(λ, k, a, z)z−λ−1/z = 1 (ϕ = y, u, ψ µÉ z = x, r, ρ). (68)

�¨¦´¨¥ ¨´¤¥±¸Ò ¶µÉ¥´Í¨ ²  V (z), Ê¤µ¢²¥É¢µ·ÖÕÐ¥£µ Ê¸²µ¢¨Õ

∞∫
0

z|V (z)| exp (αz)dz < ∞, α > 0,

Ê± §Ò¢ ÕÉ ´  ¥£µ § ¢¨¸¨³µ¸ÉÓ µÉ Ë¨§¨Î¥¸±¨Ì §´ Î¥´¨° Ë¨±¸¨·µ¢ ´´ÒÌ ¶ · -
³¥É·µ¢.

3.1. ‘¢Ö§Ó ³¥¦¤Ê § ¤ Î ³¨ ¤²Ö ¶¥·¥³¥´´ÒÌ k ¨ λ. � °¤¥³ ¸¢Ö§Ó ³¥¦¤Ê
Ê· ¢´¥´¨Ö³¨ (65) ¨ (66). „²Ö ÔÉµ£µ ¶·µ¨§¢¥¤¥³ ¢ (66) § ³¥´Ê ¶¥·¥³¥´´ÒÌ

r = exp x, u(λ, k, a, r) = exp (x/2)U(λ, k, a, x). (69)

�  µ¸´µ¢ ´¨¨ (66), (68) ¨ (69) ¶µ²ÊÎ¨³{
d2

dx2
+ exp (2x)[k2 − a exp (−x) − Vk,a(exp x)]

}
U(λ, k, a, x) =

= λ2U(λ, k, a, x), lim
x→−∞

U(λ, k, a, x) exp (−λx) = 1. (70)

…¸²¨ ¢ Ê· ¢´¥´¨¨ (70) ¶µ²µ¦¨ÉÓ k = 0 ¨ µ¸ÊÐ¥¸É¢¨ÉÓ § ³¥´Ê ¶¥·¥³¥´´µ£µ
¸¶¥±É· ²Ó´µ£µ ¶ · ³¥É·  λ2 ´  −k2, Éµ (70) ¸É ´¥É  ´ ²µ£µ³ Ê· ¢´¥´¨Ö (65)
¤²Ö ¸²ÊÎ Ö s-· ¸¸¥Ö´¨Ö (λ = 1/2). ‘²¥¤µ¢ É¥²Ó´µ, § ¤ Î  ¶·¨ k = 0 ¨ a =
const  ´ ²µ£¨Î´  § ¤ Î¥ ¶·¨ λ = 1/2 ¨ a = const ¸ ¶¥·¥³¥´´µ° iλ ¢³¥¸Éµ
k ¨  ·£Ê³¥´Éµ³ ln r. ‘µµÉ¢¥É¸É¢¥´´µ £· ´¨Î´µ¥ Ê¸²µ¢¨¥ (68) ¶·¨ r → 0
¶¥·¥Ìµ¤¨É ¢ £· ´¨Î´µ¥ Ê¸²µ¢¨¥ (70) ¶·¨ x → −∞. “± § ´´ Ö  ´ ²µ£¨Ö § ¤ Î
¤²Ö ¶¥·¥³¥´´ÒÌ k ¨ λ ¶·¨ a = 0 · ¸¸³µÉ·¥´  ¢ [4, 6].

‘¢Ö§Ó ³¥¦¤Ê µ¤´µ¶ · ³¥É·¨Î¥¸±¨³¨ Ê· ¢´¥´¨Ö³¨ (65) ¨ (66) ³µ¦´µ Ê¸É -
´µ¢¨ÉÓ É ±¦¥ ¸ ¶µ³µÐÓÕ ³¥Éµ¤  µ¡· É´µ° § ¤ Î¨. „²Ö ÔÉµ£µ ¢µ¸¶µ²Ó§Ê¥³¸Ö,
´ ¶·¨³¥·, µ¡µ¡Ð¥´´Ò³  ²£¥¡· ¨Î¥¸±¨³ ¢ ·¨ ´Éµ³ µ¡· É´µ° § ¤ Î¨ ¸ ²¨´¥°-
´µ° ¢§ ¨³µ§ ¢¨¸¨³µ¸ÉÓÕ ¸¶¥±É· ²Ó´ÒÌ ¶ · ³¥É·µ¢ k2, λ2 ¨ a ¢ ¨¸Ìµ¤´ÒÌ
¤ ´´ÒÌ · ¸¸¥Ö´¨Ö [26]. �  µ¸´µ¢ ´¨¨ (32) ¨ (35) ¸µµÉ¢¥É¸É¢ÊÕÐ¨¥ ¶µÉ¥´Í¨-
 ²Ò ¤²Ö Ê· ¢´¥´¨° (65)Ä(67) ¨³¥ÕÉ ¢¨¤

Vλ,a (x) = −2
d2

dx2
ln |Xνµ (λ, a, x)| , (71)

Vk,a(r) = −2
r

d

dr

(
r

d

dr
ln |Xνµ (k, a, r)|

)
, (72)
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Vk,λ (ρ) = − 2
√

ρ

d

dρ

(
√

ρ
d

dρ
ln |Xνµ (λ, k, ρ)|

)
, (73)

£¤¥ ËÊ´±Í¨¨ Xνµ (λ, a, x), Xνµ (k, a, r) ¨ Xνµ (λ, k, ρ) ¢Ò· ¦ ÕÉ¸Ö Î¥·¥§ ¸¢µ-
¡µ¤´Ò¥ ·¥£Ê²Ö·´µ¥ ¨ °µ¸Éµ¢¸±µ¥ ·¥Ï¥´¨Ö Ê· ¢´¥´¨° (65)Ä(67).

…¸²¨ ¢ (72) ¶·µ¨§¢¥¸É¨ § ³¥´Ò  ·£Ê³¥´É  r = exp x ¨ ¸¶¥±É· ²Ó´µ£µ
¶ · ³¥É·  k ´  iλ, Éµ ¶µ²ÊÎ¨³

exp (2x)Viλ,a (exp x) = −2
d2

dx2
ln |Xνµ (iλ, a, exp x)| . (74)

‚¨¤´µ, ÎÉµ ¶µÉ¥´Í¨ ² (74)  ´ ²µ£¨Î¥´ ¶µÉ¥´Í¨ ²Ê (71). �Éµ ¥¸É¥¸É¢¥´´µ,
É ± ± ± ¶µÉ¥´Í¨ ² (74) ¸µµÉ¢¥É¸É¢Ê¥É ·¥Ï¥´¨Õ µ¡· É´µ° § ¤ Î¨ ¤²Ö Ê· ¢´¥-
´¨Ö (70),  ´ ²µ£¨Î´µ£µ Ê· ¢´¥´¨Õ (65) ¤²Ö ¸²ÊÎ Ö λ = 1/2. ’ ±¨³ µ¡· §µ³,
µ¡· É´ Ö § ¤ Î  ¢ ±µ³¶²¥±¸´µ° k-¶²µ¸±µ¸É¨ ¤²Ö ¸²ÊÎ Ö s-· ¸¸¥Ö´¨Ö § ·Ö-
¦¥´´ÒÌ Î ¸É¨Í  ´ ²µ£¨Î´  µ¡· É´µ° § ¤ Î¥ ¢ ±µ³¶²¥±¸´µ° λ-¶²µ¸±µ¸É¨ ¸
 ·£Ê³¥´Éµ³ exp x ¨ ¶¥·¥³¥´´µ° −k2.

…¸²¨ ¢ (65) µ¸ÊÐ¥¸É¢¨ÉÓ ¶·¥µ¡· §µ¢ ´¨¥

x = ln r, y(1/2, k, a, x) = exp (− ln r/2)Y (1/2, k, a, r) (75)

¨ § ³¥´Ê ¶ · ³¥É·  k2 ´  −λ2, Éµ ¶µ²ÊÎ¨³ Ê· ¢´¥´¨¥{
d2

dr2
− 1

r2

[ a

ln r
+ Va(ln r)

]}
Y (1/2, iλ, a, r) =

λ2 − 1/4
r2

Y (1/2, iλ, a, r)

¸ £· ´¨Î´Ò³ Ê¸²µ¢¨¥³

lim
r→1

Y (1/2, iλ, a, r)(ln r)−1 exp (− ln r/2) = 1,

±µÉµ·µ¥  ´ ²µ£¨Î´µ Ê· ¢´¥´¨Õ (66) ¶·¨ k = 0. �É   ´ ²µ£¨Ö µ¡Ê¸²µ¢²¥´ 
É¥³, ÎÉµ ¶·¥µ¡· §µ¢ ´¨¥ (75) Ö¢²Ö¥É¸Ö µ¡· É´Ò³ ¶µ µÉ´µÏ¥´¨Õ ± ¶·¥µ¡· §µ-
¢ ´¨Õ (69).

3.2. ‘¢Ö§Ó ³¥¦¤Ê § ¤ Î ³¨ ¤²Ö ¶¥·¥³¥´´ÒÌ k ¨ a . “¸É ´µ¢¨³ ¸¢Ö§Ó
³¥¦¤Ê Ê· ¢´¥´¨Ö³¨ (65) ¨ (67). „²Ö ÔÉµ£µ ¶·µ¨§¢¥¤¥³ ¢ (67) § ³¥´Ê ¶¥·¥³¥´-
´ÒÌ:

ρ = x2, ψ (λ, k, a, ρ) =
√

xΨ (λ, k, a, x) . (76)

‘µ£² ¸´µ (67), (68) ¨ (76) ´ °¤¥³{
d2

dx2
+ 4x2

[
k2 − λ2 − 1/4

x4
− Vk,λ(x2)

]}
Ψ(λ, k, a, x) = 4aΨ(λ, k, a, x),

lim
x→0

Ψ(λ, k, a, x)x−2(λ+1/4) = 1. (77)
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…¸²¨ ¢ (77) ¶µ²µ¦¨ÉÓ k = 0 ¨ § ³¥´¨ÉÓ ¶ · ³¥É· a ´  −k2/4, Éµ Ê· ¢´¥´¨¥
(77) ¡Ê¤¥É  ´ ²µ£¨Î´µ Ê· ¢´¥´¨Õ (65) ¤²Ö ¸²ÊÎ Ö · ¸¸¥Ö´¨Ö ´¥§ ·Ö¦¥´´ÒÌ
Î ¸É¨Í (a = 0). ‘²¥¤µ¢ É¥²Ó´µ, § ¤ Î  ¶·¨ λ = const ¨ a = 0  ´ ²µ£¨Î´ 
§ ¤ Î¥ ¶·¨ k = 0 ¨ λ = const ¸ ¶¥·¥³¥´´µ° −k2/4 ¢³¥¸Éµ a ¨  ·£Ê³¥´Éµ³ x2

¢³¥¸Éµ ρ. �·¨ ÔÉµ³ £· ´¨Î´µ¥ Ê¸²µ¢¨¥ (68) ¶·¨ ρ → 0 ¶¥·¥Ìµ¤¨É ¢ £· ´¨Î´µ¥
Ê¸²µ¢¨¥ (77) ¶·¨ x → 0.

‘¢Ö§Ó ³¥¦¤Ê Ê· ¢´¥´¨Ö³¨ (65) ¨ (67) ³µ¦´µ Ê¸É ´µ¢¨ÉÓ É ±¦¥ ´  µ¸´µ¢¥
³¥Éµ¤  µ¡· É´µ° § ¤ Î¨. „¥°¸É¢¨É¥²Ó´µ, ¥¸²¨ ¢ (73) µ¸ÊÐ¥¸É¢¨ÉÓ § ³¥´Ê (76)
¤²Ö  ·£Ê³¥´É  ρ,   É ±¦¥ § ³¥´Ê ¸¶¥±É· ²Ó´µ£µ ¶ · ³¥É·  k ´  2i

√
a, Éµ

¶µ²ÊÎ¨³

4x2V2i
√

a,λ

(
x2
)

= −2
d2

dx2
ln
∣∣Xνµ

(
λ, 2i

√
a, x2

)∣∣ . (78)

‚¨¤´µ, ÎÉµ ¶µÉ¥´Í¨ ² (78), Ö¢²ÖÕÐ¨°¸Ö ·¥Ï¥´¨¥³ µ¡· É´µ° § ¤ Î¨ ¤²Ö Ê· ¢-
´¥´¨Ö (77),  ´ ²µ£¨Î¥´ ¶µÉ¥´Í¨ ²Ê (71). ’ ±¨³ µ¡· §µ³, µ¡· É´ Ö § ¤ Î 
¢ ±µ³¶²¥±¸´µ° k-¶²µ¸±µ¸É¨ ¤²Ö ¸²ÊÎ Ö · ¸¸¥Ö´¨Ö ¶ ·Í¨ ²Ó´µ° ¢µ²´Ò ¡¥§
ÊÎ¥É  ±Ê²µ´µ¢¸±µ£µ ¶µ²Ö (a = 0)  ´ ²µ£¨Î´  µ¡· É´µ° § ¤ Î¥ ¢ ±µ³¶²¥±¸´µ°
a-¶²µ¸±µ¸É¨ ¸  ·£Ê³¥´Éµ³ x2 ¨ ¶¥·¥³¥´´µ° −k2.

…¸²¨ ¢ Ê· ¢´¥´¨¨ (65) µ¸ÊÐ¥¸É¢¨ÉÓ § ³¥´Ê ¶¥·¥³¥´´ÒÌ

x = ±√
ρ, y (λ, k, 0, x) = ρ−1/4Y (λ, k, 0, ρ) (79)

¨ ¶ · ³¥É·  k2 ´  −4a, Éµ ¶µ²ÊÎ¨³ Ê· ¢´¥´¨¥

{
d2

dρ2
+

1
4ρ

[
1 − λ2

ρ
− Vλ (±√

ρ)
]}

Y
(
λ, 2i

√
a, 0, ρ

)
=

a

ρ
Y
(
λ, 2i

√
a, 0, ρ

)
¸ £· ´¨Î´Ò³ Ê¸²µ¢¨¥³

lim
ρ→0

Y
(
λ, 2i

√
a, 0, ρ

)
ρ−(λ+1)/2 = 1,

±µÉµ·µ¥  ´ ²µ£¨Î´µ Ê· ¢´¥´¨Õ (67) ¶·¨ k = 0. ’ ± Ö  ´ ²µ£¨Ö ¸¢Ö§ ´  ¸
É¥³, ÎÉµ ¶·¥µ¡· §µ¢ ´¨¥ (79) Ö¢²Ö¥É¸Ö µ¡· É´Ò³ ¶µ µÉ´µÏ¥´¨Õ ± ¶·¥µ¡· §µ-
¢ ´¨Õ (76).

3.3. ‘¢Ö§Ó ³¥¦¤Ê § ¤ Î ³¨ ¤²Ö ¶¥·¥³¥´´ÒÌ λ ¨ a. “¸É ´µ¢¨³ ¸¢Ö§Ó
³¥¦¤Ê Ê· ¢´¥´¨Ö³¨ (66) ¨ (67). „²Ö ÔÉµ£µ ¶·µ¨§¢¥¤¥³ ¢ (66) § ³¥´Ê ¶¥·¥³¥´-
´ÒÌ

r = exp (
√
−ρ), u(λ, k, a, r) = ρ−1/4 exp (

√
ρ/2)U(λ, k, a, ρ). (80)
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�  µ¸´µ¢ ´¨¨ (66), (68) ¨ (80) ´ °¤¥³{
d2

dρ2
+

3
16ρ2

+
exp (−2

√
ρ)

4ρ

[
k2 − a exp (

√
ρ) −

−Vk,a(exp (−√
ρ))
]}

U(λ, k, a, ρ) =
λ2

4ρ
U(λ, k, a, ρ), (81)

lim
ρ→∞

U(λ, k, a, ρ)ρ1/4 exp (λ
√

ρ) = 1.

…¸²¨ ¢ Ê· ¢´¥´¨¨ (81) ¶µ²µ¦¨ÉÓ a = 0 ¨ µ¸ÊÐ¥¸É¢¨ÉÓ § ³¥´Ê ¶¥·¥³¥´´µ£µ
¶ · ³¥É·  λ2 ´  4a, Éµ (81) ¸É ´¥É  ´ ²µ£¨Î´Ò³ Ê· ¢´¥´¨Õ (67) ¤²Ö ¸²ÊÎ Ö
s-· ¸¸¥Ö´¨Ö. ‘²¥¤µ¢ É¥²Ó´µ, § ¤ Î  ¶·¨ k = const ¨ λ = 1/2  ´ ²µ£¨Î´ 
§ ¤ Î¥ ¶·¨ k = const ¨ a = 0 ¸ ¶¥·¥³¥´´µ° 4a ¢³¥¸Éµ λ2 ¨  ·£Ê³¥´Éµ³
exp (−√

ρ) ¢³¥¸Éµ r. �·¨ ÔÉµ³ £· ´¨Î´µ¥ Ê¸²µ¢¨¥ (68) ¶·¨ r → 0 ¶¥·¥Ìµ¤¨É
¢ £· ´¨Î´µ¥ Ê¸²µ¢¨¥ (81) ¶·¨ ρ → ∞.

�·¥µ¡· §µ¢ ´¨¥ Ê· ¢´¥´¨Ö (67) ¸ ¶µ³µÐÓÕ Ëµ·³Ê²

ρ = ln2 r, ψ(1/2, k, a, ρ) =
√

ln r exp (− ln r/2)Ψ(1/2, k, a, r) (82)

(µ¡· É´µ¥ ¶·¥µ¡· §µ¢ ´¨Õ (80)) ¸ ¶µ¸²¥¤ÊÕÐ¥° § ³¥´µ° ¶ · ³¥É·  a ´  λ2/4
¶·¨¢µ¤¨É ± Ê· ¢´¥´¨Õ{

d2

dr2
+

4 ln2 r

r2

[
k2 − 3

16 ln4 r
− Vk(ln2 r)

]}
×

×Ψ(1/2, k, λ2/4, r) =
λ2 − 1/4

r2
Ψ(1/2, k, λ2/4, r),

lim
r→1

Ψ(1/2, k, λ2/4)(ln r)−3/2 exp (− ln r/2) = 1,

 ´ ²µ£¨Î´µ³Ê Ê· ¢´¥´¨Õ (66) ¶·¨ a = 0.
‘ ¶µ³µÐÓÕ ¶·¥µ¡· §µ¢ ´¨Ö (80) ¨ § ³¥´Ò ¶¥·¥³¥´´µ£µ ¶ · ³¥É·  λ2 ´ 

4a ¶µÉ¥´Í¨ ² (72) ³µ¦´µ ¶·¥¤¸É ¢¨ÉÓ ¢ ¢¨¤¥

exp (−2
√

ρ)
4ρ

Vk,λ2/4(exp (−√
ρ)) =

= − 2
√

ρ

d

dρ

(
√

ρ
d

dρ
ln
∣∣Xνµ(k, λ2/4, exp (−√

ρ))
∣∣) .

(83)

‚Ò· ¦¥´¨¥ (83) ¤²Ö ¶µÉ¥´Í¨ ² , Ö¢²ÖÕÐ¥£µ¸Ö ·¥Ï¥´¨¥³ Ê· ¢´¥´¨Ö (81),
 ´ ²µ£¨Î´µ ¢Ò· ¦¥´¨Õ (73) ¤²Ö ¶µÉ¥´Í¨ ² , Ö¢²ÖÕÐ¥£µ¸Ö ·¥Ï¥´¨¥³ Ê· ¢´¥-
´¨Ö (67) ¤²Ö ¸²ÊÎ Ö s-· ¸¸¥Ö´¨Ö (λ = 1/2).
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�¨¸. 1. �·Ö³Ò¥ ( ) ¨ µ¡· É´Ò¥ (¡) ¶·¥µ¡· §µ¢ ´¨Ö, Ê¸É ´ ¢²¨¢ ÕÐ¨¥ ¸¢Ö§Ó ³¥¦¤Ê
µ¤´µ¶ · ³¥É·¨Î¥¸±¨³¨ § ¤ Î ³¨

�  ·¨¸Ê´±¥ ¶·¥¤¸É ¢²¥´  ¸Ì¥³  ¶·Ö³ÒÌ ( ) ¨ µ¡· É´ÒÌ (¡) ¶·¥µ¡· §µ-
¢ ´¨° µ¤´µ¶ · ³¥É·¨Î¥¸±¨Ì § ¤ Î. ‚ ¢¥·Ï¨´ Ì µÉ³¥Î¥´Ò ¶¥·¥³¥´´Ò¥ ¸¶¥±-
É· ²Ó´Ò¥ ¶ · ³¥É·Ò ¨  ·£Ê³¥´ÉÒ “˜ (65)Ä(67). ‘É·¥²±¨ Ê± §Ò¢ ÕÉ ´ ¶· ¢-
²¥´¨¥ ¶·¥µ¡· §µ¢ ´¨° ¸¶¥±É· ²Ó´ÒÌ ¶ · ³¥É·µ¢ ¨ ¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì ·¥Ï¥´¨°
¶·¨ ¶¥·¥Ìµ¤¥ µÉ µ¤´µ° § ¤ Î¨ ± ¤·Ê£µ°. �É³¥É¨³, ÎÉµ §´ Î¥´¨¥ ¶ · ³¥É·  λ,
k ¨²¨ a, ¢ ¸Éµ·µ´Ê ±µÉµ·µ£µ µ¸ÊÐ¥¸É¢²Ö¥É¸Ö ¶·¥µ¡· §µ¢ ´¨¥ µ¤´µ¶ · ³¥É·¨-
Î¥¸±µ£µ “˜, ´¥ µ¡Ö§ É¥²Ó´µ ¸²¥¤Ê¥É ¶µ² £ ÉÓ · ¢´Ò³ ´Ê²Õ (¸³. ·¨¸Ê´µ±),
¥¸²¨ ¶µ¤ ¶µÉ¥´Í¨ ²µ³ ¶·¥µ¡· §µ¢ ´´µ£µ “˜ ¶µ´¨³ ÉÓ ¸µµÉ¢¥É¸É¢ÊÕÐ¨° ¶µ-
É¥´Í¨ ² ¶²Õ¸ ¸² £ ¥³µ¥, ¸µ¤¥·¦ Ð¥¥ ¤ ´´Ò° ¸¶¥±É· ²Ó´Ò° ¶ · ³¥É·.

� °¤¥´´ Ö ¸¢Ö§Ó ³¥¦¤Ê µ¤´µ¶ · ³¥É·¨Î¥¸±¨³¨ § ¤ Î ³¨ ³µ¦¥É ¡ÒÉÓ ¨¸-
¶µ²Ó§µ¢ ´ :  ) ¶·¨ Ê¸É ´µ¢²¥´¨¨  ´ ²¨É¨Î¥¸±¨Ì ¸¢µ°¸É¢ ³ É·¨ÍÒ · ¸¸¥Ö´¨Ö
¶µ ²Õ¡µ³Ê ¸¶¥±É· ²Ó´µ³Ê ¶ · ³¥É·Ê λ, k ¨²¨ a, ¥¸²¨ ¨§¢¥¸É´Ò ¥¥ ¸¢µ°¸É¢ 
¤²Ö µ¤´µ£µ ¨§ ÔÉ¨Ì ¶ · ³¥É·µ¢; ¡) ¶·¨ ·¥Ï¥´¨¨ µ¤´µ¶ · ³¥É·¨Î¥¸±µ° µ¡· É-
´µ° § ¤ Î¨. ‚ É ±µ° § ¤ Î¥ ¶·¨ µÉ¸ÊÉ¸É¢¨¨ ¸µ¸ÉµÖ´¨° µ¶¨¸Ò¢ ¥³µ° ±¢ ´Éµ¢µ°
¸¨¸É¥³Ò ¨¸ÉµÎ´¨±µ³ ¨´Ëµ·³ Í¨¨ ¸²Ê¦¨É µ¶·¥¤¥²Ö¥³Ò° ¸ ¶µ³µÐÓÕ Ë §µ¢µ£µ
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 ´ ²¨§  ®Ö¤¥·´Ò°¯ Ë §µ¢Ò° ¸¤¢¨£ ¶·¨ · §²¨Î´ÒÌ §´ Î¥´¨ÖÌ ¶¥·¥³¥´´µ£µ ¶ -
· ³¥É· . �Ê¸ÉÓ, ´ ¶·¨³¥·, ¨§¢¥¸É´Ò Ë §Ò δλ,k (aj) · ¸¸¥Ö´¨Ö § ·Ö¦¥´´µ°
Î ¸É¨ÍÒ ´  ¨§µ¡ ·¨Î¥¸±µ³ ³Ê²ÓÉ¨¶²¥É¥. ‚ ÔÉµ³ ¸²ÊÎ ¥ ¶·¨¢¥¤¥´´ Ö ³ ¸¸ 
¸¨¸É¥³Ò ¶·¨³¥·´µ ¶µ¸ÉµÖ´´ , ¶µÉ¥´Í¨ ² Vλ,k (ρ) Ê· ¢´¥´¨Ö (67) ¢ ¸µµÉ¢¥É-
¸É¢¨¨ ¸ ¶·¨´Í¨¶µ³ ¨§µÉµ¶¨Î¥¸±µ° ¨´¢ ·¨ ´É´µ¸É¨ Ö¤¥·´ÒÌ ¸¨² µ¤¨´ ±µ¢.
…¸²¨ ·¥Ï¨ÉÓ É ±ÊÕ µ¡· É´ÊÕ § ¤ ÎÊ, Éµ ¶ÊÉ¥³ ¶·¥µ¡· §µ¢ ´¨° ¶ · ³¥É·  a,
 ·£Ê³¥´É  ρ ¨ ¸µµÉ¢¥É¸É¢ÊÕÐ¨Ì ·¥Ï¥´¨° (76) ¨ (82) ³µ¦´µ Ê¸É ´µ¢¨ÉÓ ¶µ-
É¥´Í¨ ² ¨ ¤ ´´Ò¥ · ¸¸¥Ö´¨Ö (Ë §µ¢Ò¥ ¸¤¢¨£¨) ¤²Ö µ¸É ²Ó´ÒÌ ¤¢ÊÌ ¸¶µ¸µ¡µ¢
·¥ ²¨§ Í¨¨ ±¢ ´Éµ¢ÒÌ ¸µ¸ÉµÖ´¨° ¸¨¸É¥³Ò ¸ É¥³ ¦¥ §´ Î¥´¨¥³ ¶·¨¢¥¤¥´´µ°
³ ¸¸Ò.

‡�Š‹	—…�ˆ…

‚ É· ¤¨Í¨µ´´ÒÌ ¶µ¸É ´µ¢± Ì µ¡· É´µ° § ¤ Î¨ ±¢ ´Éµ¢µ° É¥µ·¨¨ · ¸-
¸¥Ö´¨Ö µ¡ÒÎ´µ ¶µ Ô±¸¶¥·¨³¥´É ²Ó´Ò³ ¤ ´´Ò³ ¶·¨ Ë¨±¸¨·µ¢ ´´ÒÌ Ë¨§¨-
Î¥¸±¨Ì §´ Î¥´¨ÖÌ µ·¡¨É ²Ó´µ£µ ³µ³¥´É  ¨²¨ Ô´¥·£¨¨ ¢µ¸¸É ´ ¢²¨¢ ÕÉ ¶µ-
É¥´Í¨ ² ¢§ ¨³µ¤¥°¸É¢¨Ö ³¥¦¤Ê ¤¢Ê³Ö Ë¨±¸¨·µ¢ ´´Ò³¨ ´¥°É· ²Ó´Ò³¨ ¨²¨
§ ·Ö¦¥´´Ò³¨ Î ¸É¨Í ³¨. ‚ µ¡§µ·¥ ¸Ëµ·³Ê²¨·µ¢ ´Ò ´¥É· ¤¨Í¨µ´´Ò¥ ¶µ¸É -
´µ¢±¨ µ¡· É´µ° § ¤ Î¨, ¢ ·¥§Ê²ÓÉ É¥ ·¥Ï¥´¨Ö ±µÉµ·ÒÌ ¶µ²ÊÎ¥´ ¶µÉ¥´Í¨ ²
¢§ ¨³µ¤¥°¸É¢¨Ö ³¥¦¤Ê § ·Ö¦¥´´µ° Î ¸É¨Í¥° ¨ £·Ê¶¶µ° § ·Ö¦¥´´ÒÌ Î ¸É¨Í
¨²¨ ³¥¦¤Ê ¤¢Ê³Ö £·Ê¶¶ ³¨ § ·Ö¦¥´´ÒÌ Î ¸É¨Í ¸ ¶·¨³¥·´µ µ¤¨´ ±µ¢µ° ¶·¨-
¢¥¤¥´´µ° ³ ¸¸µ°. ˆ³¥´´µ ¢ ÔÉµ³ § ±²ÕÎ ¥É¸Ö ´µ¢¨§´  ¶·¥¤¸É ¢²¥´´ÒÌ ¢ · -
¡µÉ¥ ·¥§Ê²ÓÉ Éµ¢. Š ± ¶µ± § ´µ ¢ÒÏ¥, µ¡· É´Ò¥ § ¤ Î¨ ¢ ´¥É· ¤¨Í¨µ´´ÒÌ
¶µ¸É ´µ¢± Ì ¨³¥ÕÉ Ö¸´Ò° Ë¨§¨Î¥¸±¨° ¸³Ò¸². ‚ ÔÉµ³ ¸²ÊÎ ¥ ·¥ÎÓ ¨¤¥É µ
¶µ¸É·µ¥´¨¨ ¶µÉ¥´Í¨ ²  ¢§ ¨³µ¤¥°¸É¢¨Ö ³¥¦¤Ê ·¥ ²Ó´Ò³¨ Ë¨§¨Î¥¸±¨³¨ µ¡Ñ-
¥±É ³¨: ³¥¦¤Ê § ·Ö¦¥´´Ò³ ±² ¸É¥·µ³ ¨ ¨§µ¡ ·¨Î¥¸±¨³ ³Ê²ÓÉ¨¶²¥Éµ³ ¨²¨
³¥¦¤Ê ¤¢Ê³Ö ¨§µ¡ ·¨Î¥¸±¨³¨ ³Ê²ÓÉ¨¶²¥É ³¨. �µÔÉµ³Ê ¸¤¥² ´´Ò¥ ¢ · ¡µÉ¥
¢Ò¢µ¤Ò §´ Î¨É¥²Ó´µ · ¸Ï¨·ÖÕÉ ¸µ¢µ±Ê¶´µ¸ÉÓ µ¡Ñ¥±Éµ¢, ¶µÉ¥´Í¨ ² ¢§ ¨³µ-
¤¥°¸É¢¨Ö ³¥¦¤Ê ±µÉµ·Ò³¨ ³µ¦¥É ¡ÒÉÓ µ¶·¥¤¥²¥´ ³¥Éµ¤µ³ µ¡· É´µ° § ¤ Î¨.

‚ µ¡§µ·¥ ·¥ ²¨§µ¢ ´  µ·¨£¨´ ²Ó´ Ö ¨¤¥Ö µ¡µ¡Ð¥´´µ£µ ¶µ¤Ìµ¤  ± ·¥Ï¥-
´¨Õ µ¡· É´µ° § ¤ Î¨ ¸ ²¨´¥°´µ° ¢§ ¨³µ§ ¢¨¸¨³µ¸ÉÓÕ ¶¥·¥³¥´´ÒÌ ¶ · ³¥-
É·µ¢ “˜ ¢ ¨¸Ìµ¤´ÒÌ ¤ ´´ÒÌ · ¸¸¥Ö´¨Ö. �  µ¸´µ¢¥ ¢Ò· ¦¥´¨° ¤²Ö ³ É·¨ÍÒ
· ¸¸¥Ö´¨Ö ¨ ¢µ¸¸É ´µ¢²¥´´µ£µ ¶µÉ¥´Í¨ ²  ¨¸¸²¥¤µ¢ ´µ ¢²¨Ö´¨¥ §´ ±  ¶µÉ¥´-
Í¨ ²  ´  · ¸¶µ²µ¦¥´¨¥ ¶µ²Õ¸µ¢ S-³ É·¨ÍÒ ¢ ±µ³¶²¥±¸´µ° ¶²µ¸±µ¸É¨ ¶¥·¥-
³¥´´µ£µ ¶ · ³¥É·  ¨ ¶µ¢¥¤¥´¨¥ Ë §Ò · ¸¸¥Ö´¨Ö,   É ±¦¥ Ê¸É ´µ¢²¥´  ¸¢Ö§Ó
³¥¦¤Ê µ¤´µ¶ · ³¥É·¨Î¥¸±¨³¨ ¶·Ö³Ò³¨ ¨ µ¡· É´Ò³¨ § ¤ Î ³¨. ‚¸¥ ÔÉµ ¶·¨-
¢µ¤¨É ± ¢Ò¢µ¤Ê µ Éµ³, ÎÉµ ¶µ²ÊÎ¥´´Ò¥ §¤¥¸Ó ·¥§Ê²ÓÉ ÉÒ ¶·¥¤¸É ¢²ÖÕÉ ¸µ-
¡µ° ¸ÊÐ¥¸É¢¥´´Ò° ¢±² ¤ ¢ · §¢¨É¨¥ ±¢ ´Éµ¢µ° É¥µ·¨¨ · ¸¸¥Ö´¨Ö § ·Ö¦¥´´ÒÌ
Î ¸É¨Í.
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ÓÄÊ 539.14

Ïðîñòðàíñòâî Ôîêà–Áàðãìàííà è êëàññè÷åñêèå òðàåêòîðèè. Ôèëèïïîâ Ã.Ô., Êî-

ðåííîâ Ñ.Â., Êàòî Ê., Ñû÷åâà À.Ì. Ôèçèêà ýëåìåíòàðíûõ ÷àñòèö è àòîìíîãî ÿäðà.

2001. Ò. 32, âûï. 4 . Ñ. 761.

Â ïîñëåäíèå ãîäû ðàçâèâàåòñÿ íîâûé ïîäõîä ê òåîðèè ÿäåðíûõ ðåàêöèé, ñîïðîâî-

æäàþùèõñÿ ðàçâàëîì âçàèìîäåéñòâóþùèõ ïîäñèñòåì ïî ðàçëè÷íûì êàíàëàì. Ýòîò

ïîäõîä ïîëó÷èë íàçâàíèå àíòèñèììåòðèçîâàííîé ìîëåêóëÿðíîé äèíàìèêè (ÀÌÄ), à

åãî ãëàâíàÿ èäåÿ ñîñòîèò â ñîïîñòàâëåíèè íóêëîíàì âîëíîâûõ ïàêåòîâ (îðáèòàëåé

Áðèíêà) è â ñâåäéíèè äèíàìè÷åñêîé çàäà÷è ê òàêèì êëàññè÷åñêèì óðàâíåíèÿì äëÿ

öåíòðîâ âîëíîâûõ ïàêåòîâ, êîòîðûå ïðèíèìàþò âî âíèìàíèå ýôôåêòû àíòèñèììåòðè-

çàöèè, íî íå ó÷èòûâàþò äðóãèõ êâàíòîâûõ ýôôåêòîâ. Â îáçîðå èëëþñòðèðóþòñÿ

îñíîâíûå ïîëîæåíèÿ ÀÌÄ íà ïðèìåðå ïðîñòûõ ÿäåðíûõ ñèñòåì, ðåçóëüòàòû ÀÌÄ

ñðàâíèâàþòñÿ ñ òåìè, êîòîðûå äàåò òî÷íîå êâàíòîâî-ìåõàíè÷åñêîå îïèñàíèå â ïðî-

ñòðàíñòâå Ôîêà–Áàðãìàííà, îáñóæäàåòñÿ îáëàñòü ïðèìåíèìîñòè ÀÌÄ, â òîì ÷èñëå è

äëÿ ñîñòîÿíèé äèñêðåòíîãî ñïåêòðà, è óñòàíàâëèâàåòñÿ ñâÿçü êëàññè÷åñêèõ òðàåêòî-

ðèé ÀÌÄ è êâàíòîâûõ ðàñïðåäåëåíèé ñ ïðåäñòàâëåíèÿìè ñòàòèñòè÷åñêîé ôèçèêè. Îä-

íîâðåìåííî ïðåäëàãàåòñÿ íîâàÿ èíòåðïðåòàöèÿ îðáèòàëåé Áðèíêà è ïîñòðîåííûõ íà

ýòèõ îðáèòàëÿõ äåòåðìèíàíòîâ Ñëåéòåðà êàê ñîáñòâåííûõ ôóíêöèé îïåðàòîðà êîîðäè-

íàòû, îïðåäåëåííîãî â ïðîñòðàíñòâå Ôîêà–Áàðãìàííà.

Èë. 12. Áèáëèîãð.: 22.

ÓÄÊ 539.172.2/.3

Àëüôà-÷àñòè÷íîå ôîòîðàñùåïëåíèå ëåãêèõ ÿäåð 12Ñ è 16Î. Êèðè÷åíêî Â.Â. Ôèçèêà

ýëåìåíòàðíûõ ÷àñòèö è àòîìíîãî ÿäðà. 2001. Ò. 32, âûï. 4. Ñ. 803.

Îáçîð ïîñâÿùåí ýêñïåðèìåíòàì ïî èçó÷åíèþ ðåàêöèé 12Ñ(γ α,3 ) è 16Î (γ α,4 ), âû-

ïîëíåííûì â ÍÍÖ ÕÔÒÈ íà ïó÷êå ëèíåéíî-ïîëÿðèçîâàííûõ γ-êâàíòîâ îò ëèíåéíîãî

óñêîðèòåëÿ ýëåêòðîíîâ ËÓÝ-2000 ñ ïîìîùüþ ôîòîýìóëüñèé. Îñíîâíîå âíèìàíèå óäå-

ëåíî àíàëèçó ðàñïðåäåëåíèé ïî îòíîñèòåëüíîé ýíåðãèè ïàð α-÷àñòèö â êîíå÷íîì ñî-

ñòîÿíèè ðåàêöèé, ðàñïðåäåëåíèé ïî óãëó èõ ðàçëåòà è ðàñïðåäåëåíèé ïî ýíåðãèè âîç-

áóæäåíèÿ ïðîìåæóòî÷íûõ ÿäåð. Êðîìå òîãî, àíàëèçèðóþòñÿ óãëîâûå ðàñïðåäåëåíèÿ

α-÷àñòèö è ýíåðãåòè÷åñêàÿ çàâèñèìîñòü Σ-àñèììåòðèè âûõîäà α-÷àñòèö â ñëó÷àå äâóõ-

÷àñòè÷íûõ êàíàëîâ ðåàêöèé.

Òàáë. 1. Èë. 17. Áèáëèîãð.: 46.

ÓÄÊ 533.951

Ðàçäåëåíèå èçîòîïîâ â ïëàçìå ìåòîäîì èîííî-öèêëîòðîííîãî ðåçîíàíñà. Äóáè-

íîâ À.Å., Êîðíèëîâà È.Þ., Ñåëåìèð Â.Ä. Ôèçèêà ýëåìåíòàðíûõ ÷àñòèö è àòîìíîãî

ÿäðà. 2001. Ò. 32, âûï. 4. Ñ. 828.

Ðàññìàòðèâàåòñÿ ñîâðåìåííîå ñîñòîÿíèå èññëåäîâàíèé ïî ðàçäåëåíèþ èçîòîïîâ â

ïëàçìå ñ ïîìîùüþ ñåëåêòèâíîãî íàãðåâà â ðåæèìå èîííî-öèêëîòðîííîãî ðåçîíàíñà

(ÈÖÐ). Îñîáîå âíèìàíèå óäåëÿåòñÿ íåîáõîäèìûì óñëîâèÿì ñåëåêòèâíîñòè íàãðåâà,

ìåòîäàì ñîçäàíèÿ ïëàçìû â óñòàíîâêàõ ÈÖÐ-ðàçäåëåíèÿ èçîòîïîâ, âûáîðó àíòåííûõ

ñèñòåì äëÿ íàãðåâà è ïðèíöèïàì îòáîðà áîëåå íàãðåòîé êîìïîíåíòû. Ïðèâåäåíû ýêñïå-

ðèìåíòàëüíûå ðåçóëüòàòû, ïîëó÷åííûå ïðè ðàçäåëåíèè ðàçëè÷íûõ ñìåñåé èçîòîïîâ.

Èë. 8. Áèáëèîãð.: 41.

ÐÅÔÅÐÀÒÛ ÑÒÀÒÅÉ, ÏÎÌÅÙÅÍÍÛÕ Â ÂÛÏÓÑÊÅ



ÓÄÊ 539.27

Íåéòðîííûå èññëåäîâàíèÿ ìàãíèòíûõ ñâîéñòâ êðèñòàëëè÷åñêèõ âåùåñòâ ñ èñ-
ïîëüçîâàíèåì èìïóëüñíîãî ìàãíèòíîãî ïîëÿ. Íèòö Â.Â. Ôèçèêà ýëåìåíòàðíûõ ÷à-

ñòèö è àòîìíîãî ÿäðà. 2001. Ò. 32, âûï. 4. Ñ. 846.

Ïðåäñòàâëåíû ìåòîäè÷åñêèå îñíîâû íåéòðîííûõ èññëåäîâàíèé ìàãíèòíûõ

ñâîéñòâ êðèñòàëëè÷åñêèõ âåùåñòâ ñ èñïîëüçîâàíèåì èìïóëüñíîãî ìàãíèòíîãî ïîëÿ è

ïðîâåäåí àíàëèç âîçìîæíîñòåé ïðèìåíåíèÿ â ýòîé îáëàñòè ðàçëè÷íûõ íåéòðîííûõ èñ-

òî÷íèêîâ. Îñíîâíûå èññëåäîâàíèÿ íà èìïóëüñíûõ ðåàêòîðax ÎÈßÈ (ÈÁÐ, ÈÁÐ-30,

ÈÁÐ-2) ñâÿçàíû ñ êèíåòèêîé îðèåíòàöèîííûõ ôàçîâûõ ïåðåõîäîâ ïåðâîãî ðîäà, èíäó-

öèðîâàííûõ â ìîíîêðèñòàëëàõ (íàáëþäåíèå ïðîöåññoâ òðàíñôîðìàöèè çàðîäûøåé

íîâîé ôàçû, îáíàðóæåíèå è èçó÷åíèå äèíàìè÷åñêîãî ãèñòåðåçèñà), à òàêæå ñ èçìåðå-

íèåì àíòèôåððîìàãíèòíîãî óïîðÿäî÷åíèÿ, èíäóöèðîâàííîãî âíåøíèì ìàãíèòíûì ïî-

ëåì. Íà íåéòðîííîì èñòî÷íèêå â ÊÅÊ (ßïîíèÿ), ðàáîòàþùåì íà îñíîâå ïðîòîííîãî

óñêîðèòåëÿ, èçó÷àëèñü ìàãíèòíûå ôàçîâûå ïåðåõîäû, èíäóöèðîâàííûå ïîëåì äî

160 êÝ â íåñêîëüêèõ ìàãíèòîóïîðÿäî÷åííûõ âåùåñòâàõ. Íà ðåàêòîðå TRIGA (Âåíà) â

ðåæèìå îäèíî÷íûõ âñïûøåê ìîùíîñòè âûïîëíåí ýêñïåðèìåíò ïî íàáëþäåíèþ

ñïèí-ôëîï-ïåðåõîäà â MnF2.

Òàáë. 2. Èë. 47. Áèáëèîãð.: 86.

ÓÄÊ 539.12.01

Î ôèçè÷åñêîì ñìûñëå ïåðåíîðìèðóåìîñòè. Êîñÿêîâ Á.Ï. Ôèçèêà ýëåìåíòàðíûõ

÷àñòèö è àòîìíîãî ÿäðà. 2001. Ò. 32, âûï. 4. Ñ. 909.

Äàíî ôèçè÷åñêîå èñòîëêîâàíèå óñëîâèÿ ïåðåíîðìèðóåìîñòè. Ïîêàçàíî, ÷òî ïåðå-

íîðìèðóåìûå êâàíòîâûå òåîðèè ïîëÿ îïèñûâàþò òàêèå ñèñòåìû, äëÿ êîòîðûõ òåíäåí-

öèÿ ê êîëëàïñó, ñâÿçàííàÿ ñ âàêóóìíûìè ôëóêòóàöèÿìè âçàèìîäåéñòâèÿ, ïîäàâëÿåòñÿ

âàêóóìíûìè ôëóêòóàöèÿìè êèíåòè÷åñêîé ýíåðãèè. Èç êëàññèôèêàöèè òîïîëîãè÷å-

ñêèõ òèïîâ ýâîëþöèè ÷àñòèö è àíàëèçà çàäà÷è î ïàäåíèè íà öåíòð ïîëó÷åí îáùèé êðè-

òåðèé ïðåäîòâðàòèìîñòè êîëëàïñà, ñîãëàñíî êîòîðîìó ãàìèëüòîíèàí äîëæåí áûòü

îãðàíè÷åí ñíèçó. Ãîëîãðàôè÷åñêèé ïðèíöèï èñïîëüçóåòñÿ äëÿ îáúÿñíåíèÿ ïðèðîäû

àíîìàëèé è óòî÷íåíèÿ ñâÿçè ìåæäó ïåðåíîðìèðóåìîñòüþ è îáðàòèìîñòüþ âî âðåìåíè.

Òàáë. 1. Èë. 4. Áèáëèîãð.: 67.

ÓÄÊ 539.1.074.4

Ìèêðîñêîïè÷åñêàÿ ïðèðîäà èçëó÷åíèÿ, ëåæàùåãî â îñíîâå ýôôåêòà Âàâè-
ëîâà–×åðåíêîâà. Òÿïêèí À.À. Ôèçèêà ýëåìåíòàðíûõ ÷àñòèö è àòîìíîãî ÿäðà. 2001.

Ò. 32, âûï. 4. Ñ. 947.

Îáñóæäàåòñÿ ïðîáëåìà óñòàíîâëåíèÿ ìèêðîñêîïè÷åñêîé ïðèðîäû èíäóöèðîâàí-

íîãî êîãåðåíòíîãî èçëó÷åíèÿ àòîìîâ ñðåäû, âîçíèêàþùåãî ïîä äåéñòâèåì ïðîõîäÿùåé

çàðÿæåííîé ÷àñòèöû. Ýòî êîãåðåíòíîå èçëó÷åíèå â îïòè÷åñêè ïðîçðà÷íîé ñðåäå ñòà-

íîâèòñÿ íàáëþäàåìûì ïðè óñëîâèè, êîãäà ôàçîâàÿ ñêîðîñòü åãî ðàñïðîñòðàíåíèÿ îêà-

çûâàåòñÿ ìåíüøå ñêîðîñòè äâèæåíèÿ çàðÿæåííîé ÷àñòèöû. Îíî ïðèâîäèò ê õîðîøî èç-

âåñòíîìó ìàêðîñêîïè÷åñêîìó ïðîöåññó âîçíèêíîâåíèÿ íàïðàâëåííîãî èçëó÷åíèÿ

Âàâèëîâà–×åðåíêîâà. Èçëàãàåòñÿ èñòîðèÿ âûÿñíåíèÿ ôèçè÷åñêîé ïðèðîäû ýòîãî èçëó-

÷åíèÿ àòîìîâ, ëåæàùåãî â îñíîâå ýôôåêòà Âàâèëîâà–×åðåíêîâà.

Áèáëèîãð.: 31.

ÐÅÔÅÐÀÒÛ 995



ÓÄÊ 539.17

Àëãåáðàè÷åñêèé ìåòîä ðåøåíèÿ îáðàòíîé çàäà÷è ðàññåÿíèÿ â íåòðàäèöèîí-
íûõ ïîñòàíîâêàõ. Ïîïóøîé Ì.Í., Ïîïëàâñêèé È.Â. Ôèçèêà ýëåìåíòàðíûõ ÷àñòèö è

àòîìíîãî ÿäðà. 2001. Ò. 32, âûï. 4. Ñ. 964.

Ïîñëåäîâàòåëüíî èçëîæåí àëãåáðàè÷åñêèé ìåòîä ðåøåíèÿ îáðàòíîé çàäà÷è â íå-

òðàäèöèîííûõ ïîñòàíîâêàõ, â ðàìêàõ êîòîðîãî èññëåäîâàíû íåêîòîðûå ïðîáëåìû

êâàíòîâîé òåîðèè ðàññåÿíèÿ çàðÿæåííûõ ÷àñòèö.

Èë. 1. Áèáëèîãð.: 38.

996 ÐÅÔÅÐÀÒÛ
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